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Foreword 


Professor Bruce H. Mahan’s classic “University Chemistry” has already established 
itself as a highly useful book for Freshman chemistry students. Since its publication 
two decades ago, it has undergone considerable revision with the result that the 
present Third edition has incorporated an ideal balance between theoretical principles 
and descriptive chémistry. There is no dearth of general chemistry books. Several 
internationally acclaimed scientists have written such books which have served their 
purpose no doubt. There has, however, been the dilemma as to what to include and 
what to exclude from the textual material. Considering the fact that general chemistry 
is taught to a heterogeneous body of students ranging from horticulture, biology, 
biochemistry, physics, biophysics, engineering, and even Humanities, care has to be 
taken that unnecessary plethora of details is eliminated and the emphasis put over the 
fundamental principles. In the final analysis the book has to be readable. 

Mahan’s “University Chemistry” meets all these criteria, For the beginner it is an 
ideal text to learn from. The basic topics in physical, organic, inorganic and biochemis- 
try have been covered in adequate details. The treatment of the subject is almost 
chronological. The gaseous state being the simplest state of matter and the first to be 
studied historically, has been treated first. This sets the stage for solids, liquids,- 
solutions, chemical and ionic equilibria, chemical thermodynamics, chemical kinetics, 
and atomic and molecular structure and chemical bonding. After a systematic treat- 
ment of the periodic properties and non-metallic and transition elements, the discus- 
sion is focussed on organic chemistry. 

In recent years biochemistry has been invaded by researchers from other disciplines. 
It is no longer the exclusive territory of Life scientists. Mathematicians, Chemical 
physicists and Quantum theorists have tackled central themes in biochemistry. Hence 
the need for an introductory treatment of the subject. The chapter on biochemistry, 
though brief, manages to convey in about forty pages the flavour of the subject. 

Equally well-written is the last chapter entitled, “The Nucleus”. We seem to know so 
much about what the electrons are doing outside the nucleus and how they take part in 
chemical bonding. Elaborate theories of bonding have been given by Pauling; Mul- 
liken, Van Vlack and others. The nucleus, however, remains somewhat of a riddle. 
How are those nucleons packed within the nucleus? What is the nature of the nuclear 
force? The master theorists and experimenters have delved deep into the nucleus, 
designing and building those huge machines called accelerators to probe into the 
nuclear mysteries. A sister discipline of elementary particle physics has gained promi- 
nance. Nuclear and elementary particle physics and chemistry have emergéd as. the 
most exciting fields in contemporary scientific research. It is imperative, therefore, 
that beginner should have a brief introduction tothe nucleus. This we find satisfactor- 
ily done in the book. Also, the problems at the end of the chapters are well chosen and. ` 
. supplement the material in the text. They are designed to test the student's grasp of the 
subject. z 


For the benefit of the Indian teaching and student community Narosa Publishing 
House, New Delhi, has decided to bring out an Indian Edition of the original 
Addison-Wesley edition. We congratulate the Narosa Publishing House for undertak- 
ing this highly commendable venture. They have earned the gratitude of Indian 
students in this regard. This edition will doubtless fill a long-felt need. 


Dr. Madan S. Pathania 
Department of Chemistry PhD 
Punjab University 
Chandigarh 160014 
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Preface 
to the Third Edition 


In preparing this third edition of University Chemistry Y have continued to be 
guided by the idea that there is a body of skills and information that chemists 
and those who use chemistry will almost; certainly need to master, and which 
matches the preparation of first-year college students. Accordingly, the emphasis 
in a freshman chemistry course should be on leading the student to a thorough 
understanding of the basic ideas and mathematical operations of stoichiometry 
and equilibrium, and on providing a useful introduction to the electronic structure 
of atoms and molecules, chemical kinetics, thermodynamies, states of matter, 
and the descriptive chemistry of the elements. As substantial progress has been 
made in systematizing and clarifying the conceptual aspects of chemistry there 
has been a tendency to introduce increasing amounts of this material at the 
freshman level, often at the expense of eliminating significant portions of 
descriptive chemistry from the course. I believe that it would be a mistake to 
carry this to the point where students and instructors lose sight of the fact that 
chemistry is basically motivated by the desire to expose and understand the 
properties of matter in bulk. Conceptual material should illuminate factual 
material, not eliminate it. . 

Accordingly, in this third edition I have incorporated new material on 
descriptive inorganic and organic chemistry. In addition, discussions of the 
practical aspects of electrochemistry and the application of thermodynamics to 
heat engines are included. The chapter on the nucleus has been enlarged con- 
siderably by the addition of material on radiometric geochronology, the chemical 
effects of radiation, the synthesis of elements in stars, and the use of nuclear 
fission and fusion as energy sources. 


Ihave chosen to retain the conventional mixture of CGS and thermochemical 
units employed in previous editions, since these are employed in most reference 
books encountered by the beginning student. However, an appendix on SI 
units has been added, and at appropriate places throughout the book results 
are given in two or more sets of units. Consequently, students should become 
familiar with SI units and their relation to those of other systems. 

As in the past, I have been encouraged and assisted in preparing this revision 
by the comments and suggestions of many students and instructors. To all 
those who have been kind enough to offer this help I would like to extend my 
sincere thanks. 


Berkeley, California B.H.M. 


Preface 
to the First Edition 


This is a textbook of general chemistry, intended for students who have had an 
introductory high-school chemistry course. Its design is based on my experience 
with such a group, which included students who had had a “standard” high- 
school course, one of the two newer courses generated by Chem Study and CBA, 
and a few who had had a second high-school course designed for advanced 
placement in college. Writing a book which emphasizes fundamental principles 
and builds on previous experience presents some difficult problems. It has been 
my, experience, one shared by other university teachers, that at this time there 
is no one block of the traditional elementary material so well understood by the 
majority of freshman students that it can be entirely omitted from the beginning 
college course. On the other hand, it is still possible to take advantage of a 
student’s previous training by assuming a general familiarity with the most 
fundamental chemical concepts. The ability to assume such a background allows 
the instructor to treat the elementary material in a critical manner—an approach 
which is generally appreciated by students who might otherwise consider review 
material to be boring. This is the course I have followed in writing this book. 
All the important elementary concepts are discussed, but from what I hope is 
a more penetrating point of view than the one already familiar to the student. 

A further advantage afforded by the student's previous training is that 
time and space become available for new material, usually treated only in the 
upper division and graduate physical, inorganic, and organic chemistry courses. 
The concepts of elementary thermodynamics, reaction rates, and chemical-bond 
theory are most appropriate in the general chemistry course, for they can be 
immediately applied to systematize the descriptive material of inorganic and 


. 
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organic chemistry. There is a danger here to be avoided: there is more material 
which might be presented than can be assimilated by the average beginning 
student. Just “covering” a great deal of advanced material can leave the 
student with no real command of the subject, but instead with a blasé attitude 
that he has “had all that,” which can inhibit his success in more advanced 
courses. Consequently, I have made an effort to discuss only those advanced 
concepts which are either useful in the general chemistry course or which help 
to give a picture of what presently concerns the professional chemist. 

The organization of this book departs somewhat from the recent standard of 
first presenting a detailed description of the electronic structure of atoms. 
Instead, the first four chapters are principally concerned with the macroscopic 
properties of matter, the origins of the atomic theory, and chemical arithmetic. 
Then follow five chapters which emphasize the characterization of chemical 
reactions and systems. Of these, Chapters 5, 6, and 7 treat, in increasing depth, 
the problem of chemical equilibrium. Thus the first seven chapters contain 
virtually all of the fundamental material of quantitative chemistry, and their 
position is particularly appropriate if the laboratory work in the course is to be 
quantitative in nature. Chapter 8 is an introduction to chemical thermo- 
dynamics which unifies the earlier phenomenological treatments of colligative 
properties and chemical equilibria. The thermodynamic concepts introduced 
here are used repeatedly throughout the chapters on descriptive chemistry. 
Chapter 9 treats the problem of chemical reaction rates and emphasizes the idea 
of reaction mechanisms. 

The next two chapters, 10 and 11, are concerned with the electronic structure 
of atoms and the nature of chemical bonding. A part of Chapter 10 is devoted 
to the historical development of the quantum theory in an attempt to show that 
our knowledge of atomic structure and the quantum theory was gained by deduc- 
tion from experiments, and not ez cathedra, as some elementary texts seem to 
imply. Deciding what can be said about chemical bonding that is simple, useful, 
and essentially correct is very difficult. I have tried to present a simplified 
point of view, while emphasizing its approximate nature and occasional in- 
adequacies. 

The final chapters contain the descriptive material of inorganic and organic 
chemistry. Their general thesis is that chemistry makes sense; that there are 
relationships, trends, and similarities in chemical behavior which can be under- 
stood in terms of chemical bonding, thermodynamics, and the periodic table. 
These chapters also contain certain extensions of the conceptual material covered 
earlier; for instance, the bonding in the boron hydrides, and the magnetic prop- 
erties of matter. 

The organization of this book is governed principally by my feeling that 
students should be supplied with the background that allows them to do quan- 
titative laboratory work as early in the course as possible. I have, however, tried 
to write in a manner which will accommodate the preferences of others. Chapters 
10 and 11 on atomic structure and bonding may be treated immediately after 
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Chapter 1, if the instructor prefers this organization. The material on thermo- 
dynamics can be delayed and presented just previous to the descriptive material 
of Chapter 13 et seg. Much of the discussion in Chapter 3 on the structures of 
solids can be combined with descriptive chemistry or with the material on chem- 
ical bonding. 

This book is primarily intended for serious students of science, including 
those majoring in biology, engineering subjects, and premedicine, as well as 
physics and chemistry. Calculus is used in and after Chapter 6; concurrent 
enrollment in the introductory calculus course will provide an entirely adequate 
mathematical background. 

Sincere thanks go to Professors Jerry A. Bell, Francis T. Bonner, and Paul 
B. Dorain for reading the manuscript and making many kind and helpful 
suggestions concerning the material. The entire manuscript was typed by 
Mrs. Nancy Monroe, whose cheerful help and cooperation are greatly appre- 
ciated. A considerable portion of this book was, written while I was a visitor at 
Oxford University, and I would like to acknowledge the hospitality extended to 
me by the fellows of the Queen’s College, and particularly the many kindnesses 
of Dr. and Mrs. J. W. Linnett. It has been my privilege to associate with two 
outstanding chemistry faculties. I would like to thank my teachers at Harvard 
University and my colleagues at the Berkeley campus of the University of 
California for the stimulation and instruction I have received from them. 


Berkeley, California B.H.M. 
January 1965 
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CHAPTER 1 


STOICHIOMETRY AND 
THE BASIS OF THE 
ATOMIC THEORY 


Our whole understanding of chemical phenomena is based on the atomic theory 
of matter. It is a theory remarkable for the detailed accuracy with which it 
describes a seemingly unknowable part of our physical world, and it stands 
as the most important collection of ideas in science. Throughout this book we 
will be continually drawing on the theory to help us organize and understand 
chemical behavior. Faced with a repeated demonstration of the usefulness, 
detail, and subtlety of the atomic concept, it is natural to wonder how such 
ideas were generated. In this chapter we will briefly outline the origins of the 
atomic theory and show how its development was connected with the growth 
of chemical science. : 


1.1 THE ORIGINS OF THE ATOMIC THEORY 


The “atomism” of the Greek philosophers of 400 B.c. provides an interesting 
and enlightening contrast to our present-day atomic theory. The Grecian atom 
was designed to resolve a logical conflict: on one hand there was the observation 
that natural objects are in a constant state of change; on the other there was 
the unshakable faith that there must be a permanence associated with things 
which are real. The Greeks felt that this philosophical impasse could be avoided 
if invisible atoms were accepted as the permanent constituents of the universe, 
and if observable changes were interpreted in terms of their motions. 


Now it is clear that the phenomena of mixing, evaporation, erosion, and 
precipitation can be readily “explained” in terms of an atomic picture which is 
not at all detailed. With but little elaboration the atomic idea encompasses 
many properties of matter. The existence of solids requires only that certain 
atoms have extensions with which they can interlock themselves to form an 
unyielding mass. The atoms of liquids need only be smooth to flow over one 
another, while the taste of some chemicals arises from sharp edges of their atoms 
slashing at the tongue. While some of these ideas are of remarkable accuracy 
(the enzyme molecules in raw pineapple do indeed “slash” at the tongue by 
destroying the protein structure), they are nothing but conjecture. The Greek 
atomism lacked the essential feature of a scientific theory: it was not supported 
or tested by critical experiments. Since it was a construct of conjecture, it could 
be demolished by more conjecture. The objections which arose concerned the 
simplicity of atoms and the complexity of nature. How could something so 
small and inanimate be responsible for things which live? How could the 
variety of nature arise from particles which, the Greeks felt, differed only 
slightly from one another? How could any body, being a collection of particles 
moving in chaos, have predictable behavior? These are questions which still 
concern us and which stimulate the constant refinement of the modern atomic 
theory. They are also questions which, by 40 B.c., led to the abandonment of 
atomism as an active philosophy. One conjecture had been toppled or seriously 
shaken by others, and so the situation remained for nearly 2000 years. 

Surely it is correct to say that the logical basis for belief in the existence of 
atoms was supplied by Dalton, Gay-Lussac, and Avogadro, in work published 
in the early 1800’s. What is it, though, that distinguishes the contributions of 
these men from the ineffectual speculations of the preceding 2000 years? Why 
is it that Dalton is called the father of the atomic theory, when for a century 
and a half previous to his work such distinguished men as Boyle and Newton 
had used the particulate description of matter? The quality which Dalton 
held in common with Gay-Lussac and, Avogadro was a concern for the testing 
of an idea by performance of a quantitative experiment, and the success he 
shared with them was the demonstration that divers experimental data can be 
summarized by a limited set of generalizations on the behavior of matter. 
Dalton’s contribution was not that he proposed an idea of astounding origi- 
nality, but that he clearly formulated a set of postulates concerning the nature 
of atoms; a set of postulates which emphasized weight as a most fundamental 
atomic property. 

On the basis of the crude experimental data available to him, Dalton sug- 
gested that there are indivisible atoms; the atoms of different elements have 
different weights; and atoms combine in a variety of simple whole number 
ratios to form compounds. We recognize today that these postulates are not 
all exactly correct, but they were the first rationalization of the quantitative 
laws of chemical combination. Inasmuch as the combining laws comprised the 
first convineing experimental demonstration that Dalton’s ideas were essentially 
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correct, they form the experimental basis for the atomic theory. Let us examine 
each of these laws, with respect to both its role in the development of the 
atomie theory, and the extent to which it is held valid today. 


Questions. Do you feel that any of the following phenomena constitute qualitative 
evidence for the existence of atoms: sharp edges on crystals; dissolution of solids in 
liquids; high compressibility of gases but not of liquids and solids; the suspension of 
small particles in liquids and gases; the occurrence of chemical change? Can you think 
of other models that will explain any or all of them? 


The Law of Definite Proportions 


In a given compound, the constituent elements are always combined in the same 
proportions by weight, regardless of the origin or mode of preparation of the com- 
pound. To those familiar with the atomic theory this law is in obvious agreement 
with the principle that each molecule of a given compound contains the same 
number of atoms of each constituent element. Since the atoms of each element 
can be assigned a definite average weight, the composition by weight of a given 
compound is some definite value fixed by the atomic weights and the molecular 
formula. The law of definite proportions had been established experimentally 
before Dalton published his atomic theory in 1807, and the consistency of the 
theory with existing experiments was clearly in its favor and hastened its 
acceptance. However, the law of definite proportions is by no means a proof of 
the validity of the atomic theory, Our argument demonstrating the consistency 
of the atomic theory and the law of definite proportions might be more critically, 
stated by saying that if there are atoms, and 7f compound formation involves 
interaction of these atoms in some specific way, then we might expect that all 
molecules of a given compound contain the same numbers of atoms. Then, 
if all atoms of a given element have the same weight, a compound must have 
a definite composition by weight. It was Dalton’s position’ that each of these 
conditional statements was true; but proof of this requires more than just the 
fact that the consequence of all of them together is consistent with experiment. 
We can say, however, that it is difficult to imagine any theory not based on the 
atomic concept which could explain the law of definite proportions without 
even more serious conjecture. : 

Considering the importance of the law of definite proportions to the develop- 
ment of the atomie theory, it is surprising to find that this "law" is in many 
cases only a rough approximation to observed behavior. In the first place, the 
composition by weight of any compound depends on the atomic weights of its 
constituent elements. For elements having more than one isotope, the atomic 
weight is an average number whose value depends on the isotopic composition, 
and this may vary noticeably, depending on the source of the element. There- 
fore the atomic weight of an element and the weight composition of its com- 
pounds are necessarily subject to variations, and consequently the law of 
definite proportions is not.strictly followed. One of the most serious offenders 
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is boron, whose atomic weight may range from 10.82 to 10.84 as a result of 
natural variation in the ratio of abundance of the B!! and B!° isotopes. Fortu- 
nately, the variations of natural isotopic composition associated with most 
elements are smaller than this, and become troublesome only in the most 
precise work. 7 

There is, however, another source of more serious violations of the law of 
definite proportions. While it is true that compounds composed of simple dis- 
crete molecules display a definite atomic and weight composition, it is also an 
experimental fact that there is an obvious variation in the relative numbers of 
atoms in ionic solids such as zinc oxide, cuprous sulfide, and ferrous oxide. 
For example, the composition of cuprous sulfide can range from Cu,;.;S to 
CuS. Materials in which the atomic composition is variable are called 
nonstoichiometric compounds, and the most extreme examples of this behavior 
are found among the sulfides and oxides of the transition metals. 

Let us see how the atomic theory accommodates the existence both of stoichio- 
metric and nonstoichiometrie compounds. | First consider a compound which 
consists of simple, discrete molecules, like nitric oxide, NO. Now it is clear that 
in order to make the atomic composition of nitric oxide depart from a 1/1 ratio, 
we must in some way change the atomie composition of each nitric oxide mole- 
cule. But the smallest possible change which we ean make in a nitric oxide 
moleeule is to add to it either one atom of nitrogen or one atom of oxygen. 
This results in the formation of N30 or NOs, both of which we recognize as 
compounds whose chemical properties are quite distinet from those of nitric 

_ oxide. Accordingly, we conclude that no change in the atomic composition of 
nitric oxide is possible without creating a new chemical species. The atomic and 
weight compositions of nitric oxide are therefore constant, and this and other 
molecular compounds obey the law of definite proportions. 

Solid compounds that contain no discrete molecules present an entirely dif- 
ferent situation. It is possible to prepare crystals of TiO with an atomic ratio 
of 1/1, yet if the conditions of preparation are varied, crystals of composition 
ranging from Tig.750 to TiOg.g9 can be obtained. All these crystals have the 
same spatial arrangement of ions, as x-ray studies show. Depending on the 
preparation of the crystal, varying fractions of the titanium (II) and oxide 
ions are absent from sites in the crystal lattice that could be occupied, and 
titanium (II) oxide does not obey the law of definite composition. Such varia- 
tion in atomic composition can occur without affecting the chemical properties, 
because titanium (II) oxide contains no discrete molecules, and the change in 
the ratio of atoms in the crystal as a whole does not cause a change in its crystal 
structure. In contrast, the electrical and optical properties of the crystal are 
sensitive to its atomic composition, for the resistivity and color of nonstoichio- 
metric compounds change markedly as the atomic ratio varies. 

Figure 1.1 indicates schematically how nonstoichiometry can occur through 
lattice vacancies (as in TiO) or through extra interstitial atoms (as in ZnO). 
Note that the ability of an atom to assume more than one oxidation state 
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(a) 


A schematic representation of nonstoichiometry in ionic solids. In (a) one Ti * * is missing, FIG. 1.1 
and electrical neutrality is maintained by the presence of two Ti*? ions. In (b), a neutral 
zinc atom occupies an interstitial position in the crystal structure. 


provides a mechanism for creating charge neutrality in the crystal, even though 
some ions of one charge are missing. This is the reason why nonstoichiometry 
is so common in transition metal compounds. 

We should note that some of the compounds used by the early nineteenth- 
century chemists to “prove” the law of definite proportions were in fact non- 
stoichiometric! .The variations in composition fell within the rather large 
experimental uncertainty of the early chemical analyses. Thus this “law” which 
was so important to the development of the atomic theory, and which is today” 
the basis for virtually every stoichiometric calculation, is only an approximation, 
originally “proved” by data inadequate to disclose its failures. This is a common 
situation in physical science: laws are derived from experiments, and have a 
validity determined by the accuracy of the experiment and the number of 
cases investigated. As more accurate experiments are done in more varied 
situations laws may need refinement, or may have to be discarded in favor of a 
more general concept. It has been useful to retain the idea of definite propor- 
tions, with a realization of its limitations. 

Questions. A compound is frequently defined as a substance which has a definite ele- 
mental composition by weight. Apparently this definition cannot include nonstoichiometric 


"compounds." Can you think of some other properties which can be used to identify and 
define compounds? Is a precise definition really necessary? 


The Law of Multiple Proportions 


If two elements form more than one compound, then the different weights of one 
which combine with the same weight of the other are in the. ratio of small. whole 
numbers. The oxides of nitrogen provide a very satisfactory demonstration of 
this principle: the weights of nitrogen which combine with 16 grams (gm) of 
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oxygen in N20, NO, and NO; are respectively 28, 14, and 7 gm, which stand in 
the ratio 4:2:1. The law was demonstrated experimentally only after Dalton 
had advanced his hypothesis that compound formation involved combination 
of atoms in whole number ratios. This idea, taken together with the postulate 
that the atoms of each element had a characteristic weight, constitutes a 
prediction of the law of multiple proportions. Little time elapsed between the 
prediction and its experimental verification, and this timely success strengthened 
the scientific position of Dalton’s ideas. 


The Law of Equivalent Proportions 


Consider two substances A and B, either elements or compounds, which can 
react with each other and with a third substance C. Now a constant weight of C 
will react with different weights of A and B, and the ratio of the reacting weight 
of A to that of B is some number, generally not an integer; let us call this 
ratio R. When A reacts directly with B, the law of equivalent proportions says | 
the ratio r of the reacting weight of A to that of B either is equal to R, or is a | 
simple multiple or fraction of R. That is, r — nR, where n is an integer or a 
ratio of integers. An illustration of this law will make its meaning considerably 
clearer. Nitrogen (A) and oxygen (B) react with hydrogen (C) to form ammonia 
(NH3) and water (H20) respectively. One gram of hydrogen will react with 
4.66 gm of nitrogen to form amnionia, and with 8.0 gm of oxygen to form water. | 
Therefore E is 4.66/8.00 = 0.583. Now nitrogen and oxygen can form any 
one of five compounds; let us consider the reaction 


N2 + 0, — 2NO, 


in which r, the ratio of the reacting weight of nitrogen to that of oxygen, is | 
$$ = 0.875. According to the law of equivalent proportions, | 


0.875 — 0.583n, 


where n is an integer or integer ratio. Solving for n we find 


For other compounds of nitrogen and oxygen, n has different values, but each 
is the ratio of integers. 

While it is difficult to state the law of equivalent proportions concisely, an 
analysis of it supplies significant support for the atomic theory. If we have a 
fixed weight of substance C, the atomic theory tells us that we have a fixed, 
though unknown, number of particles. If we allow C to react with substance A, 
we have in effect counted out a number of particles of A which is related by 
integers to the number of particles of C, if compound formation involves com- 
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bination of atoms in simple whole number ratios. Again, combination of our 
fixed weight of C with B “counts out” a number of particles of B which is again 
some simple multiple of the number of C-particles. Thus, the number of A- and 
B-particles “selected” in this way must stand in the ratio of integers. 

A little reflection shows that the ratio R is merely the ratio of selected 
A-particles to B-particles, multiplied by the ratio of the weights of these par- 
ticles. The direct reaction of A with B also “selects” A- and B-particles in an 
integer ratio, which when multiplied by the ratio of weights of A- and B-particles 
becomes the ratio r. Since both R and r are related by the same factor to integer 
ratios, they must be related to each other by a multiplier which is the ratio of 
whole numbers. This multiplier is equal to the factor n used in the previous 
paragraph. Once again the assumption of characteristic atomic weights and of 
compounds involving atoms m small whole number ratios allows us to advance 
an argument, tedious but not elaborate, which rationalizes a general observa- 
tion of chemical behavior. 

Compounds have a definite composition by weight; the different weights of 
one element which combine with a fixed weight of another stand in integer 
ratios; the weights of two chemicals which combine with each other and with a 
third are related by integers. Does any one of these laws of chemical com- 
position prove the atomic theory? Not at all. By itself, each stands as a narrow 
observation, only hinting of its probable cause. Taken together they are gen- 
eralizations of three apparently independent aspects of natural behavior which 
find a unified explanation in the atomic theory. Rather than any one piece of 
evidence, it was the ability to relate and explain an accumulation of observa- 
‘tions which led to acceptance of the atomic theory. 


Question. The equivalent weight of an element is that weight which combines with 8 gm 
of oxygen. Is the following an accurate restatement of the law of equivalent proportions: 
Elements combine with each other in proportion to their equivalent weights, or in small 
integer multiples thereof? 


1.2 DETERMINATION OF ATOMIC WEIGHTS AND MOLECULAR FORMULAS 


Given the existence of atoms of characteristic weight, and given their tendency 
to combine in the ratio of small whole numbers, we consider the problem of 
determining both atomic weights and molecular formulas. Now it is clear that 
if one of these were known, the other could be determined, For example, if it 
were known that in cupric oxide there is exactly one oxygen atom for every 
copper atom, then the experimental fact that in CuO there are 63.5 gm of 
copper for every 16 gm of oxygen would mean that the average relative weights 
of a copper atom and an oxygen atom were in the ratio of 63.5 to 16. In other 
words, the atomic weight of copper would be 63.5 on a scale which took the 
atomic weight of oxygen as 16. So it is simple to see how atomic weights can 
be determined if formulas are known, and’ of course the process is easily re- 
versed; if atomie weights are known, formulas ean be determined readily. The 
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problem confronting the chemists of the early nineteenth century was how to 
determine atomic weights and formulas simultaneously, since both were unknown. 

The approach taken by Dalton is one often used in scientific investigation: 
if there is no information to the contrary, make the simplest possible assump- 
tion and pursue its consequences. Thus, Dalton’s “rule of greatest simplicity ": 
if two elements form only one compound with each other, a molecule of this 
compound contains only one atom of each element. In 1805, water was the 
only known compound of hydrogen and oxygen, so its formula was taken as 
HO. This assumption, together with the fact that water contains 8 gm of 
oxygen for each gram of hydrogen, forced the conclusion that the atomie weight 
of oxygen was 8 on a scale which took the atomic weight of hydrogen.as unity. 
A risky supposition had led to a false conclusion, but Dalton could offer no 
better solution to the problem of atomic weights and molecular formulas, 

Work of Gay-Lussae, published in 1808, supplied what became the eventual 
basis for the establishment of molecular formulas. An investigation of gaseous 
reactions showed that the combining volumes, measured under conditions of 
constant temperature and pressure, stood approximately in the ratios of small 
integers, The cases examined by Gay-Lussae included the reaction of ammonia 
with carbonic acid, where he found two different reactions which we would 
write: 

NHis(g) + H2CO3(aq) = NH4HCOs(ag), 
2NHs(g) + H2CO3(aq) = (NH4)2COa(aq). 


The volumes of ammonia consumed in these two reactions are in a 1/2 ratio; 
thus the law of multiple proportions finds its analog in the volume relationships 
of reacting gases. Pursuing the idea that reacting volumes were always related 
by integers, Gay-Lussac interpreted the measurements of others to show that 
ammonia is composed of three volumes of hydrogen to one of nitrogen, and that 
in nitrous oxide, nitric oxide, and nitrogen dioxide (N30, NO, and NO») there 
were respectively 2, 1, and 3 volumes of nitrogen for each volume of oxygen. 
The apparently relentless appearance of integer relationships seemed to Gay- 
Lussae and others to support the atomie theory, but these results found least 
favor with the man who, we might have expected, should have welcomed 
them most. 

Dalton saw that Gay-Lussac’s observations, if correct, implied that the 
numbers of particles contained in equal volumes of gases were either equal or 
integral multiples of one another. Dalton could find two serious objections to 
this conelusion. First, it was known that the density of the water vapor which 
resulted from the reaction of hydrogen with oxygen was less than the original 
density of oxygen. With the correct molecular formulas at hand, this result is 
not difficult to explain. We merely recognize that since the formula of water is 
H30, and that of oxygen is Os, the weight of an oxygen molecule. is. greater 
than the weight of a water molecule. Then, if one liter of each of these gases 
contains equal numbers of molecules, the density or the weight per liter of 
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oxygen should be greater than the density of water vapor. The difference in 
density is entirely explained by the fact that elemental oxygen contains two 
oxygen atoms per molecule, and the water molecule but one. However, to 
someone conditioned-to think of a chemical reaction only as an addition of one 
atom to another, to someone who pictured the formation of water as 


H+0= HO, 


there appeared only one way for water vapor to be less dense than oxygen: 
fewer molecules of water than of oxygen had to be contained in equal volumes. 

Dalton’s second objection was based on the following argument. It was 
observed that from equal volumes of nitrogen and oxygen, two volumes of nitric 
oxide would be produced. If equal volumes of different gases contained equal 
numbers of particles, and if, as Dalton felt, each particle of an elemental gas 
was an indivisible atom, we would be forced to write 


nitrogen + oxygen — nitric oxide, 
1 volume + 1 volume — 2 volumes, 
natoms + n atoms — 2 molecules. 


The first two lines represent experimental facts, the last, Dalton pointed out, 
is an impossibility. The reaction of n indivisible atoms can never produce 
more than n new particles. This reasoning is based on a most arbitrary as- 
sumption: the “particles” of elements are individual atoms. Dalton chose not 
to question the validity of this assumption, but instead rejected the “equal 
volumes-equal numbers” idea and the data on which it was based. 

An argument in favor of the “equal volumes-equal numbers” hypothesis 
was advanced by Amadeo Avogadro in 1811. By combining this idea with his 
novel suggestion that gaseous elements could consist of polyatomic molecules, 
Avogadro successfully reconciled the combining volume data with the concept 
of the indivisible atom. He pointed out that once it is admitted that nitrogen 
and oxygen can be polyatomic, the volume relations accompanying the forma- 
tion of nitric oxide can be explained by saying 
1. nitrogen + oxygen — nitric oxide; 

2. 1 volume + 1 volume — 2 volumes; 

3. n molecules + n molecules — 2n molecules; 

4. N24- 09 > 2NO; 

5. N4 +04 — 2N202. 

Lines I and 2 are experimental facts. Line 3 combines the “equal volumes- 
equal numbers" hypothesis with the idea that elemental gases can be poly- 
atomic; it avoids the necessity of splitting atoms by-offering the opportunity 


to divide polyatomic molecules. Lines 4 and 5 contain two suggestions (there 
are many others) of molecular formulas which are consistent with the com- 
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bining volume data. Avogadro’s work answers Dalton's objections to the 
“equal volumes-equal numbers” principle, but only at the cost of introducing 
another hypothesis: the existence of polyatomic elements. Moreover, as shown 
by line 5 above, the formulas of these polyatomic elements are left undeter- 
mined; consequently we are still without a scheme for the unequivocal deter- 
mination of atomic weights and molecular formulas. 

In the years between 1811 and 1858 the problem of determining the atomic 
weight scale became more and more vexing. Solutions were proposed, only to 
be abandoned when they failed to account for all of a growing body of experi- 
mental facts. Eventually there were those who felt that it was impossible ever 
to determine atomic weights and molecular formulas. The permanent solution 
required only a slight extension of Avogadro’s reasoning, and this Stanislao 
Cannizzaro supplied in 1858. 


Cannizzaro’s Analysis 


10 


Cannizzaro based his method of atomie weight determination on the idea that 
a molecule must contain a whole number of atoms of each of its constituent 
elements. Given this, it is clear that in one gram molecular weight of a com- 
pound there must be at least one gram atomic weight of a given element, or 
otherwise some integral multiple of this weight. Therefore, if a series of the 
compounds of this element are analyzed, and the weights of the element con- 
tained in one gram molecular weight of the various compounds compared, it 
should eventually become obvious that all these weights are integral multiples of 
some number which is very probably the gram atomic weight. To use this method, 
there must be a way to find the molecular weights of the compounds. For this, 
Cannizzaro turned to Avogadro’s principle: since under the same conditions 
equal volumes of gases contain equal numbers of molecules, the weights of these 
equal volumes must stand in the same ratio as the weights of their molecules, 
or as their molecular weights. With such a set of relative molecular weights 
available, Cannizzaro defined the molecular weight of hydrogen gas to be 2, and 
thus fixed the absolute values of all others. 


Table 1.1 Atomic Weight of Oxygen 


; Weight of oxygen 
Compound Moleculan weight in one gram 
relative to H2 = 2 : 
molecular weight 
Water 18 16 
Nitric oxide 30 16 
Nitrous oxide 44 16 
Nitrogen dioxide 46 32 
Sulfur dioxide 64 32 
Carbon dioxide 44 32 
Oxygen 32 32 
Ozone 48 48 


STOICHIOMETRY AND THE. BASIS OF ATOMIC THEORY | i2 


Let us illustrate Cannizzaro’s procedure by outlining the determination of 
the atomic weight of oxygen. First, the molecular weights of a number of 
gaseous compounds of oxygen are determined by measuring their densities rela- 
tive to hydrogen gas at the same temperature and pressure. For example, the 
density of nitric oxide gas is almost exactly fifteen times that of hydrogen; 
therefore the molecular weight of nitric oxide is 30 on a scale in which hydrogen 
gas is defined to be 2. Similar experiments on the other oxygen containing gases 
provide the molecular weight data in Table 1.1. 

The second step is the determination of the weight of oxygen contained in 
one gram molecular weight of each compound, This follows easily from a 
chemical analysis, which gives the composition of the compound in percent or 
fraction by weight. The weight fraction of oxygen multiplied by the molecular 
weight gives the desired quantity. To pursue our example, when one gram of 
nitric oxide is decomposed to the elements, 0.533 gm of oxygen is recovered. 
Consequently in 30gm of nitric oxide there are 30 x 0.533/1 = 16 gm of 
oxygen. Repetition of this procedure gives the weight of oxygen contained in 
one gram molecular weight of each of the gases in Table 1.1. 

The third and final step is to examine these data for integral relationships. 
The smallest weight of oxygen, found in one gram molecular weight of a com- 
pound is 16 gm, and all others are its integral multiples; so we might hastily 
conclude that 16 is the atomic weight of oxygen. However, all numbers in the 
table are also multiples of 8, and we might argue that 8 is the atomic weight of 
oxygen. But to adopt 8 as the atomic weight would force us to the very unlikely 
conclusion that all compounds of oxygen available to us contain even numbers 
of oxygen atoms, since the odd multiples of 8 (8, 24, 40) are absent from the 
table. It seems, then, that the proof that the atomic weight of oxygen is 16 lies 
in the repeated failure to find a compound which contains 8, 24, or 40 gm of 
oxygen in one gram molecular weight. 

It is apparent that analogous procedures will yield the atomic weights of 
other elements each of which forms a series of gaseous compounds. Thus by 
clever combination of the law of multiple proportions and the “equal volumes- 
equal numbers" principle, Cannizzaro removed the dilemma associated with 
the atomic weight-molecular formula and supplied a lasting chemical basis for 
the atomic theory. f 

Let us review the arguments which led to a quantitative atomic theory. We 
have first the proposals of Dalton: there are indivisible atoms; those of a given 
element are alike in weight; the atoms of different elements have different 
weights; atoms combine in a variety of simple whole number ratios to form 
compounds. These proposals find strong support in the laws of chemical com- 
bination. Then come Gay-Lussac’s observations of combining gaseous volumes; 
these suggest only that a fixed volume of different gases contains numbers of 
molecules which are in the ratio of integers. Avogadro’s statement that these 
numbers are equal is an assumption, and this assumption is at the heart of 
Cannizzaro’s procedure for finding atomic weights. Thus the original argu- 
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ments which led to the definition of the chemical atomie weight scale were not 
free from conjecture, but involved hypotheses which have since been justified 
by a wealth of experimental data. 


Other Guides to the Atomic Weights 


Cannizzaro's method was initially limited to determining the atomic weights of 
elements which formed gaseous compounds. We turn now to two other principles 
which helped to establish a complete atomie weight scale: the Dulong and 
Petit law of atomic heat capacity and Mendeleev's law of chemical periodicity. 

In 1819, Dulong and Petit measured the specific heats* of a number of metals, 
and found that the values for the various materials differed considerably. They 
then sought to calculate the heat required to raise not a fixed weight, but a fixed 
number of atoms one degree. One gram atomie weight of the different elements 
contains the same number of atoms; thus multiplication of the specific heat of 
each element by its gram atomic weight gives the heat required to raise a fixed 
number of atoms of all substances one degree celsius. Naturally this procedure 
requires an accurate table of atomic weights, and the best available to Dulong 
and Petit contained several entries which, because of the atomic weight-molec- 
ular formula confusion, differed from the true values by simple numerical 
factors. However, the product of the specific heat and’ some of the atomic 
weights was a constant which on our present scale has the approximate value 6. 
Dulong and Petit assumed that this was a universal relation, and that failure to 
obey this law indicated an incorrect atomic weight. Furthermore, they found 
that it was possible to “correct” the offending atomic weights by multiplying 
them by integer ratios, and once this was done all elements obeyed the relation 


specific heat (cal/gm-deg) X atomic weight (gm/gm atom) 
£ 6 (cal/deg-gm atom). 


The “correction” applied to some of the atomic weights was not so arbitrary 
as might first appear, for at the time it was generally accepted that molecular 
formulas were uncertain, and that atomic weights could be in error by factors 
which involved small integers. Thus Dulong and Petit found a relationship 
which today we still accept as correct, within certain well-understood limits: 
the heat capacity of one mole of atoms in the solid state is approximately 6 
calories per degree celsius. Table 1.2 shows that a variety of solid elements 
obey this law, and that the deviations characteristically fall among solids which 
contain the very light elements. 


* The specific heat is the number of calories (cal) required to raise one gram of material 
one degree celsius. The term heat capacity generally refers to the heat required to raise 
one mole of material one degree celsius. 
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Table 1.2 Heat Capacities of Some Solid Elements 


Atomic Specific heat Heat capacity 
Bement weight (cal/deg-gm) (cal/deg-mole) 
Lithium 6.9 0.92 6.3 
Beryllium 9.0 0.39 3.5 
Magnesium 24.3 0.25 6.1 
Carbon (diamond) 12.0 0.12 1.4 
Aluminum 27.0 0.21 5.7 
Iron 55.8 0.11 6.1 
Silver 107.9 0.056 6.0 
Lead 207.2 0.031 6.4 
Mercury 200.6 0.033 6.6 


The following example illustrates how, despite its approximate nature, the 
law of Dulong and Petit can lead to an accurate atomic weight. A careful chem- 
ical analysis shows that in a compound of copper and chlorine there are 0.3286 gm 
of chlorine and 0.5888 gm of copper. Given that the atomic weight of chlorine 
is 35.46, what is the atomic weight of copper? Our data allow us to calculate 
that one gram atomic weight of chlorine will combine with 0.5888 x 35.46/ 
0.3286 = 63.54 gm of copper. If the empirical formula of the compound is 
CuCl, the atomic weight of copper is 63.54. But if the formula is CuCl or 
CuCl, the atomic weight of copper is either 31.77 or 127.08. Clearly, a rough 
value of the atomic weight will allow us to choose between the more precise 
alternatives. The measured specific heat of copper is 0.093 cal/deg-gm. Apply- 
ing the law of Dulong and Petit we find 


eH Ai 
atomic weight œ 0093 ^ 64, 
which allows us to choose 63.54 as the correct atomic weight, and CuCl as the 
formula of the chloride. 

The periodic table also served as a guide to the rough values of the atomic 
weights., The table published by Mendeleev in 1869 ordered the elements 
according to the atomic weights determined largely by the method of Can- 
nizzaro. The table contained gaps which corresponded to undiscovered elements, 
or to those whose atomic weights were unknown or miscalculated. "These gaps 
(or their absence) aided subsequent atomic weight assignments. The atomic 
weight of uranium had first been taken as 120 on the basis of chemical analysis 
and an assumed formula of its oxide. Mendeleev saw that there was no place 
in this table for an element with atomie weight between that of tin (119) and 
antimony (122), and so suggested that the correct atomic weight of uranium 
was nearer 2 X 120 = 240, as in fact it is. Similarly, he corrected the value 
initially assigned to indium from 76, which would have forced it between 
arsenic and selenium, to 76 x 3/2 = 114, which is quite close to the presently 
accepted value. 
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Precise Atomic Weights 


14 


Our discussion has emphasized the principles involved in the construction of the 
atomie weight scale; there remains the problem of how to establish the best 
values of the atomic weights. There are three important methods: accurate 
determination of reacting or combining weights, accurate determination of gas 
densities, and mass spectrometry. The first two are refinements of the classical 
methods already discussed, while the third is a totally different approach. 


. Table 1.3 Relations between atomic weight scales* 


Old Old New 
physical scale chemical scale unified scale 
916 16 exactly 15.99560 15.99491 
[o] 16 exactly 15.9994 
cH 12.00382 12.00052 . 12 exactly 
[n 12.011 12.0115 


*After E. A. Guggenheim, J. Chem. Ed., 38, 86 (1961). 


Before taking up these methods of atomic weight determination in detail, 
we should discuss the basis of the numerical values in the atomic weight scale. 
The atomic weights are a set of relative numbers whose absolute value depends 
on some defined standard. In the past, physicists have defined the mass of the 
most abundant isotope of oxygen, O!, as 16 exactly, while chemists defined the 
average atomie weight of the naturally occurring mixture of oxygen isotopes 
(05, 017, 0!5) as exactly 16. These two definitions led to two different atomic ` 
weight seales. According to the physicists' seale, the atomic weight of the 
mixture of oxygen isotopes was not 16, but 16.0044. Thus to convert a physicist’s 
atomic weight to a chemist’s atomic weight it was necessary to multiply by 
16.0000/16.0044 = 1/1.000275. In 1961 both scales were abandoned and 
replaced by a unified scale based on a new standard. The atomic weight of the 
most abundant isotope of carbon, C1”, is now defined to be 12 exactly. The very 
small changes caused by this new definition are summarized in Table 1.3. 

The combining weight method has given us most of the accepted atomic 
weights. The principle is simple: some reaction involving the element of un- 
known atomic weight and another element whose atomic weight is known is 
carried out quantitatively. This establishes a combining or reacting weight 
ratio between the two elements. Since atoms combine in the ratio of small 
integers, the combining weight ratio is either exactly equal to, or is an integral 
multiple of, the ratio of atomic weights. For example, it is found that 1.292 gm 
of pure silver react with 0.9570 gm of bromine to form silver bromide. The 
ratio of reacting weights, 1.292/0.9570 = 1.350, is equal to the ratio of atomic 
weights, since the formula of silver bromide is AgBr. Thus, taking Ag = 
107.87, we find Br = 107.87/1.350 = 79.90. A variety of chemical reactions 
are used to establish atomic weights, and in each case greatest care must be 
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taken to see that the reagents are of highest purity, and that the reactions 
proceed quantitatively to give compounds of definite, known composition. 

To obtain accurate atomic and molecular weights from gas density measure- 
ments it is first necessary to realize that Avogadro’s principle is not strictly true 
for gases near atmospheric pressure. Because of forces between molecules, 
which are different in different gases, equal volumes of various gases do not 
contain exactly equal numbers of molecules. Avogadro's principle becomes 
exact only in the limit of very low pressure, and gas densities measured under 
these conditions do stand in the ratio of the molecular weights of the gases. 

How can we find the density a gas would have if no forces acted between the 
molecules? Experiments and the kinetic theory of gases cause us to be confident 
that in the limit of zero pressure, that is, when the molecules are far apart and 
the forces between them are negligible, the gas density à should be exactly 
proportional to the pressure P: ] 


ô= aP (no intermolecular forces). 


Here it is helpful to think of the proportionality constant o/ as the density that 
a gas would have at 1 atm pressure (P = 1) if there were no forces between the 
molecules. Thus, it is just the quantity we want. When gases are at finite 
pressure, and intermolecular forces are important, there must be a. correction 
term added to the equation which shows that the density is no longer strictly 
proportional to the first power of the pressure. The simplest type of correction 
term would be of the form 8P?, where £ is a positive or negative constant that. 
depends on the existence of intermolecular forces. The equation for the density 
now is 
= aP + gP?, 

which we can rewrite as 

8/P = a+ BP. 


Now we see that in order to find o, we need only plot the measured ratio of the 
density to pressure as a function of pressure, and find the intercept of the 
resulting straight line. Such plot is shown in Fig. 1.2. From it we can find that 
the ideal density of CO; gas at 1 atm and 273.1°K is 1.9635 gm/liter. 

Such ideal densities can be used to compute molecular weights. For example, 
the ideal density of neon gas is found to be 0.9004 gm/liter, while that of oxygen 
is 1.428 gm/liter, both at 1 atm and 273.1°K. Since equal volumes of gas con- 
tain equal numbers of molecules, the ratio of gas densities must be the ratio 
of molecular weights. Taking the molecular weight of oxygen to be 31.999, 
we find 


0.9004 
1498 X 31.999 — 20.18 


for the atomic weight of neon. 


s 
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FIG. 1.2 
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Determination of the ideal density of 
carbon dioxide gas at 273.1°K. 


Density/pressure (gm/liter-atm) 


1.962 
0 0.5 1.0 


N Pressure (atm) 


Questions. The ideal density of CO» found from Fig. 1.2 is 1.9635 gm/liter at 1 atm and : 


273.1*K. What is the molecular weight of CO2? What is the atomic weight of carbon? 


The mass spectrographic method is capable of giving the most precise atomic 
weights. Once again the principle of the method is simple; its execution requires 
the greatest care to be successful. As shown in Fig. 1.3, the mass spectrograph 
consists of three major parts: a source of gaseous ions, an evacuated dispersing 
region in which ions of different charge-to-mass ratio are forced to travel dif- 
ferent paths, and a detector which locates the trajectories followed by the 
different ions. The ion source is most often a small chamber in which gaseous 
atoms or molecules are bombarded with a beam of energetic electrons obtained 
from a heated filament. The collision of the electrons with the molecules pro- 
duces positive ions, some of which are only fragments of the original molecule. 
For instance, the bombardment of water vapor gives not only H50*, but OH+, 
O+, and H+. Some of the positive ions are accelerated by an electric field, pass 


Ion | 
srele, Photographic 


Magnetic field 


Filament Collimating slits 


Schematic drawing of a mass spectrograph. 
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through a slit, and enter a highly evacuated flight tube in which they are subject 
to a magnetic field. This field causes the ions to follow circular trajectories 
whose radii are given by 1/r? = (B?/2V )(e/m), where B is the value of the 
magnetic field, V is the voltage difference through which the ions were accel- 
erated, and e/m is the ratio of the ionic charge to the ionie mass. Those ions 
having the same ratio of. charge to mass follow the same path; the paths of 
greatest radius are taken by ions whose charge-to-mass ratio is smallest. 

The detector, which is a photographie plate, intercepts the ion trajectories 
and records the position and intensity of each ion beam. For each image found 
on the plate, the radius of curvature of the corresponding ion path can be 
found, and in turn, the charge-to-mass ratio of the ion computed. The most 
accurate comparisons can be made between the masses of fragments which fall 
close to each other on the photographie plate. For instance, the ions !90*, 
20H}, CDH}, '*CD£Z, !NH£, and }4ND* all have à mass of 16, approxi- 
mately. As Fig. 1.4 shows, the mass spectrograph is capable of resolving the 
small mass differences which exist among these fragments. This mass spectro- 
gram permits accurate calculation of the mass of the deuterium atom in terms 
of the mass of the hydrogen atom, and if the mass of hydrogen is known, the 
masses of O!* and N'!* can be calculated in terms of the mass of C2, 


CDH 
CD, | CH, 


Sy fair Nf 


Mass spectrum of some ions of approxi- 
mate mass 16. 
Increasing mass ————__» 


We see that the mass spectrograph permits the accurate determination of 
the masses of the isotopes of a given element. But as we noted in Section OL; 
for elements having more than one isotope, the atomic weight is an average 
number whose value depends on the relative amounts of each isotope. Thus, 
accurate determination of the relative abundances of the isotopes of an element 
is necessary before its chemical atomic weight can be calculated. This isotopic 
abundance determination is also done with the mass spectrograph, but instead 
of recording the ions photographically, the intensity of each ion beam is mea- 
sured electrically. For example, carbon is found to consist of 98.892% C'?, and 
1.108% C!?. On the unified atomic weight scale, C!? has a mass of 12 exactly, 
and C!? has a mass of 13.00335. Thus, the atomic weight of the isotopic 
mixture is 

12.0000 x 0.98892 = 11.8670 
13.0033 x 0.01108 = 0.1441 
12.0111 
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Considering the great precision which mass spectrometry offers in the deter- 
mination of both isotopic mass and abundance, one might ask why many of 
our atomic weights are listed only to four significant figures. Often the limita- 
tion is set not by the accuracy with which the determination can be done, but 
by natural variations in the isotopic content of the elements themselves. There 
is no point to listing the atomic weight of an element to five significant figures 
when the natural variations in isotopic composition cause variation in the 
fourth significant figure. 


Question. Can you think of any reasons why the isotopic composition of elements should 
differ in different sources? 


1.3 THE MOLE CONCEPT 
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The fundamental unit of chemical thought is the atom or molecule; it is 
therefore no surprise that the ability to measure and express the number of 
molecules present in any chemical system is of foremost importance. The 
number of molecules present in a system occupies a central position in all 
chemical reasoning, and virtually all the equations of theoretical chemistry 
contain the number of molecules as an important factor. While it is possible 
today to detect the presence of single atoms, any direct attempt to count the 
enormous number of atoms in even the smallest chemical system would occupy 
the total population of the world for many centuries. The practical solution 
to counting large numbers of atoms is much less imposing; we need only use 
the most fundamental of laboratory operations, weighing. 

Our discussion of the development of the atomic theory led to the conclusion 
that equal numbers of atoms are contained in one gram atomic weight of each 
element, and that the same number of molecules is found in one gram molecular 
weight of any compound. The terms “gram atomic weight” and “gram molec- 
ular weight” are awkward and tend to conceal the fact that the reason they 
are used is to refer to a fixed number (Avogadro’s number,* 6.022 x 10?9) of 
particles. It is more convenient to use the term mole to stand for the amount 
of material which contains this number of particles. As formal definitions 
we have 


The number of carbon atoms in exactly 12 gm of C!? is called Avogadro's number, N. 
One mole is the amount of material which contains Avogadro's number of particles. 


These definitions emphasize that the mole refers to a fixed number of any type 
of particles. Thus it is correct to refer to a mole of helium, a mole of electrons, or 
a mole of Na*, meaning respectively Avogadro’s number of atoms, electrons, 
or ions. On the other hand, phrases like “one mole of hydrogen" can be am- 
biguous, and should be restated as “one mole of hydrogen atoms" or “one mole 


* Avogadro's number has been determined by a variety of techniques some of which 
are described in Appendix A. 
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of hydrogen molecules.” It is a matter of common practice among chemists, 
however, to let the name of the element stand for its most common form. Thus 
one mole of Og is frequently referred to as one mole of oxygen, whereas one 
mole of O is called one mole of oxygen atoms. 

From the definitions we see that the weight of one mole of material is always 
equal to its atomic (or molecular) weight in grams. Thus, to measure out some 
multiple or fraction of Avogadro's number of particles we have only to weigh 
out the appropriate multiple or fraction of the atomic or molecular weight. 
That is, 

weight (gm) 
weight of one mole (gm/mole) 
igi weight 
= atomic (molecular) weight ' 


number of moles — 


Despite the fact that the number of moles is often measured by weighing, it is 
more profitable to think of one mole as a fixed number of particles rather than 
a fixed weight. One mole is always Avogadro’s number of particles, but the 
weight which contains one mole differs for various substances. 


Question. We make frequent use of "conversion factors” to change from one set of units 
to another. The atomic mass unit (amu) is defined as x the mass of a C!? atom. Do you 
think the statement that Avogadro's number is the conversion factor changing atomic 
mass units to grams is correct? 


Some confusion can arise concerning the "molecular weights" of substances 
in which no discrete molecules exist. For example, in solid sodium chloride 
there are no identifiable NaCl molecules, only ions of sodium and chlorine. 
Nevertheless, it is common to use the term “molecular weight of sodium chloride” 
as if this substance were composed of NaCl molecules. In this context the words 
“molecular weight of NaCl” mean only the weight of material that contains 
6.02 x 10?? ions of each type, and carry no implication about the existence of 
molecules in the crystal. Strictly we should refer to the formula weight of a 
substance like NaCl, and write 
weight 


number of moles = fouled: welabk 


However, the words “molecular weight” are frequently substituted for “formula 
weight.” 


1.4 THE CHEMICAL EQUATION 


A chemical reaction is a mechanical process in the same sense as is raising a 
weight, for in a chemical reaction, a mechanical system of atoms is converted 
from one state to another. For example, the reactants in the transformation 


2Agt(aq) + H2S(aq) = AgsS(s) + 2H*(aq) 
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are atoms of silver, hydrogen, and sulfur in a particular mechanical arrange- 
ment or grouping which we describe as an aqueous solution of silver ions and 
an aqueous solution of hydrogen sulfide molecules. The products are just the 
same atoms in different arrangement—the silver and sulfur atoms are grouped 
together as ions in a solid substance which is precipitated from the solution, 
and the hydrogen atoms are present as ions in the aqueous solution. The role 
of the chemical equation is to describe the chemical process both qualitatively 
and quantitatively in a way which is at once accurate and brief. 

To describe a reaction qualitatively, we want the symbols to describe the 
state or condition of the reactants and products as they occur under the con- 
ditions of the reaction. In the example above, the solution of hydrogen sulfide 
contains H+, HS7, and S^ ions, as well as H38 molecules. However, for most 
purposes it would needlessly complicate our description if we listed each of these 
Species as a reactant. Investigations of aqueous solutions of hydrogen sulfide 
show that most of the sulfur-containing material is present as undissociated 
hydrogen sulfide molecules, and therefore this solution is most conveniently 
represented by the symbol H2S(aq). In contrast, in a solution prepared by 
mixing sodium hydroxide and hydrogen sulfide, the sulfur species in greatest 
concentration might be HS~; if so, this symbol would be the best description 
of the solution. In general, when one of the reacting atoms is present in more 
than one form, the species in highest concentration is used in writing the 
chemical reaction. The point is simply to describe the system as accurately as 
possible without sacrificing brevity. 

Another qualitative principle used in writing chemical equations is that 
chemical species which are not used or produced by the reaction are not in- 
cluded in the equation, even though they may be present in the reacting system. 
In our example, the silver ion may have been obtained as an aqueous solution 
of silver nitrate, but the nitrate ion is left unchanged by the reaction; so includ- 
ing it in the equation would serve no purpose. 

The stoichiometric coefficients which appear in a chemical equation express 
the quantatitive aspect, of a chemical reaction. In many cases these coefficients 
represent only the relative numbers of molecules which participate in a chemical 
reaetion. Thus in this context it is quite correct to write 


3N5 + 3H; = NH;. 


The equation says only that in the synthesis of ammonia, the number of am- 
monia molecules produced is twice the number of nitrogen molecules, and 
two-thirds the number of hydrogen molecules used. 

In other instances, chemical equations are used to describe the behavior of 
individual molecules. For example, the recombination of oxygen atoms to form 
molecules occurs in the presence of Oz by two successive chemical transforma- 
tions. Tn the first step, one oxygen atom reacts with one oxygen molecule to 
give ozone: 


0+ 0; > Os. 
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The second step is the reaction of another oxygen atom with Os to give two 


oxygen molecules: 
0 4- 0, > 205. 


Since in writing these equations we are using chemical symbols to stand for 
individual atoms and molecules, it is not proper to divide the last equation by 
2 to give 

40 + 303 — Oz. 


In the context used, this would imply the existence of “half-molecules,” which 
is nonsense. It is always clear from context whether the chemical symbols 
stand for individual molecules or a collection of molecules. 

The chemical equation is an example of a conservation equation, since it 
expresses the fact that in a chemical reaction the number of atoms of each 
element is constant, or is conserved. This is, of course, the principle used to 
“balance” the equation. Furthermore, the equation represents the fact that 
net electrical charge is heither created nor destroyed by chemical reactions, 
In the equation describing the reaction between silver ion and hydrogen sulfide 
we see that the net charge on the reactants and the products is the same: 4-2. 
We shall find in Chapter 7 that the principle of charge conservation is very 
helpful in balancing oxidation-reduction equations. 


1,5 STOICHIOMETRIC CALCULATIONS 


Now let us draw on the definition of the mole and the principle of atom con- 
servation to attack the problem of weight relations in chemical reactions. To 
illustrate the procedure which we shall find can cope with the most difficult 
problems, let us choose a simple example. The chemical equation 


2CO + Oz = 2C0; 


states that 2n molecules of carbon monoxide and n molecules of oxygen are 
used to form 2n molecules of carbon dioxide, where n is any number, If n is 
taken as 6.022 x 107%, then the equation says that two moles of carbon mon- 
oxide plus one mole of oxygen can be converted to two moles of carbon dioxide, 
This argument illustrates the supremely important fact that since a mole con- 
tains a definite number of particles, anything that can be said about relative 
numbers of molecules or atoms may be said about relative numbers of moles. This 
statement is the basis for all stoichiometric calculations. 

Now let us solve the elementary problem of finding the weight of carbon 
dioxide which can be obtained from the combustion of 12.0 gm of carbon 
monoxide with excess oxygen. The general method of attack on this and similar 
problems involves tse of the most valuable piece of information about the 
reaction, the chemical equation. In this example the chemical equation tells us 
directly that: 


2 moles of carbon monoxide yield 2 moles of carbon dioxide; 


S.C.E K.T., West tenga 5 Ly io) 
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so we can say that, in general, 
moles of carbon monoxide used = moles of carbon dioxide produced. 


Since there is one mole of carbon atoms in both one mole of carbon monoxide f 
and one mole of carbon dioxide, these word equations are simply statements | 
that carbon atoms are conserved in the chemical reaction. To effect the desired - 
calculation, we need only apply the expression for the number of moles in an 7 
arbitrary weight: ] 


moles of CO = Weight of CO __ 12.0 _ 9 499 = moles of COs, 


molecular weight ^ 28.0 
weight of CO. = number of moles of CO; X weight of one mole of CO2 li 
12.0 


= 280 x 44.0 = 18.9 gm of COs. 


“proportion method." Following the latter we would write 
2C0 + 05 = 2C05, 


12.0 |. weight of CO 
2x20 2X40 ` 
12.0 i 


A 
weight of CO? = 280 X 44.0 = 18.9 gm 


for no apparent reason other than that it produces the correct answer. The 
“mole method” is preferable because in its algebraic statements it uses informa- i 
tion derived directly from the principle of atom conservation (i.e., the moles of j 
CO equal the moles of CO? because both contain the same number of carbon 3 
atoms). This advantage becomes more apparent as the problems become more | 
difficult. | 
‘Another advantage of solving stoichiometric problems in terms of moles is E 
found if we ask for the weight of oxygen consumed in the above reaction. | 
Reference to the chemical equation shows that the number of-moles of oxygen | 
consumed jis’ just one-half the number of moles of carbon monoxide used. | 
_ Therefore | 
moles of O5 = À X moles of CO | 

= 4(0.429) = 0.214 moles, | 

| 


weight of oxygen = 32.0 gm/mole X 0.214 moles = 6.85 gm. | 


This procedure is more efficient than setting up a new proportion involving; | 
this time, oxygen and carbon monoxide. Since the stoichiometric coefficients © 
in a chemical equation are generally small integers (in this case 1 and 2), the 
number of moles of one substance can be found from the number of moles of 
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another by a simple multiplication involving the ratio of small integers. The 
number of moles of any substance can, at any time, be converted to the cor- 
responding weight by multiplication by the weight of one mole. 

The utility of the mole concept is further illustrated by the problem of deter- 
mining the empirical formulas of compounds. The empirical formula expresses 
only the relative numbers of atoms of each element, and implies nothing about 
how many atoms are actually in one mole of compound. Empirical formulas 
are found experimentally by measuring the weights of the elements necessary 
to synthesize a certain amount of the compound, or alternatively by analyzing 
a sample of the material for the weights of its constituents. The results of such 
determinations are often expressed as composition in percent by weight. For 
example, a certain sulfide of iron contains 46.5% iron and 53.5% sulfur by 
weight. The problem of converting these data to an empirical formula is easily 
solved if we remember two things: empirical formulas represent relative num- 
bers of atoms of the elements, and anything we can say about relative numbers 
of atoms may be said for relative numbers of moles of atoms. A calculation of 
the relative number of moles of iron and sulfur will therefore lead us to the 
empirical formula. _ 

The relative numbers of moles of atoms can be found if we imagine we have 
one gram of the iron sulfide. Then we have 


1.00 x 0.465 = 0.465, gm of iron, 
1.00 X 0.535 = 0.535 gm of sulfur, 
which is just 
0.465 gm |. — PC 
DER paolo a moles of iron = 0.00833 moles 
and 


0.535 gm 


32:1: gmyniole = moles of sulfur = 0.0166 moles. 


The relative number of moles, and of atoms, is just 


moles Fe 0.00833 _ atoms Fe 1 


moles S ^ 0.0166 ^ atomsS 2 


The empirical formula of the sulfide is FeSo. 

In the foregoing we have emphasized the relationship between the weight of 
a substance and the corresponding number of moles. Weighing is not the only 
method by which we can count molecules. Avogadro's law states that under 
conditions of constant temperature and pressure, equal volumes of gases con- 
tain equal numbers of particles. Experimental investigations show that at one 
atmosphere pressure and a temperature of 273.1?K (conditions known as 
standard temperature and pressure, STP), one mole of any gas occupies a 
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volume which is very close to 22.4 liters. Therefore, the number of moles in any 
gas sample can be found by comparing its volume under standard temperature 
and pressure conditions with 22.4 liters. We have then 


~ volume under STP conditions 
volume of one mole under STP conditions 
_ _V(STP) liters | 
~~ 22.4 liters/mole 


moles of gas = 


To illustrate the use of the standard molar volume in stoichiometric calcula- 
tions let us consider the thermal decomposition of potassium chlorate, KC1Og, 
according to the equation 


KClOs(s) = KCl(s) + $0»(g). 


A certain sample of KClO when decomposed yielded 637 cubic centimeters 
(cc) of oxygen gas, measured at 273°K and one atmosphere pressure. Our 
object is to find the original weight of the KClO; and the weight of the KCl 
produced. Remembering that there are 1000 cc in 1 liter, we can immediately 
calculate that the number of moles of oxygen produced is 


0.637 liter 


22.4 liters/mole = 0.0284 mole. 


moles of O2 = 

From the number of moles of oxygen we can calculate the number of moles 

of potassium chlorate by means of an equation of atom conservation. By 

recognizing that the numbers of oxygen atoms in the KClO; consumed and the 
O5 produced are the same we can write 


oxygen atoms in reactant = oxygen atoms in product, 
3 x moles of KCiO3 = 2 X moles of Os, 
since KClO and O% contain, respectively, 3 and 2 atoms per chemical unit. 
We can reach the same expression by a different path. The chemical equation 
tells us that for each mole of potassium chlorate decomposed, $ moles of oxygen 
are produced. Therefore the number of moles of potassium chlorate multiplied 
by $ must equal the number of moles of oxygen. Thus 


$ x moles of KClO; = moles Oo, 


which is, apart from the transposition of the 2, the same as the equation derived 
from the atom conservation principle. Proceeding, we write 


moles of KClO; = Ẹ X moles of Og 
= $ X 0.0284 = 0.0189. 
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Since the formula weight of KClO; is 122.5, we find 


weight of KClO; = moles of KClO; x formula weight 
= 0.0189 x 122.5 
= 2.32 gm. 


Furthermore, since the numbers of moles of KClO; and KCI are equal, 


weight of KCl = 0.0189 x 74.55 
= 1.41 gm, 


where 74.55 is the formula weight of KCl. : 

The procedure used for solving nearly every stoichiometric problem is to 
set up an equation based on atom conservation (or mole balance) and: apply 
to it the expression which relates the number of moles to the weight and molec- 
ular weight of the substances involved. However, an appreciation of this 
procedure and the ability to use it come only from experience. "Therefore we 
will end our discussion with a series of examples typical of problems encountered 
in chemical practice. 


Example 1.1 A sample of pure caleium metal weighing 1.35 gm was quantitatively 
converted to 1.88 gm of pure CaO. If the atomic weight of oxygen is taken to be 16.0, 
what is the atomic weight of calcium? 

The formula of calcium oxide tells us immediately that 


moles O = moles Ca, 


1.88 — 1.35 
16.0 


0.033 = moles Ca = 


= moles O = 0.033, 


1.35 
atomic weight of Ca ' 


li 
li 
2 
e 
© 


atomic weight of Ca 


Example 1.2 In the gravimetric determination of phosphorus, an aqueous solution of 
dihydrogenphosphate ion, H2PO7, is treated with a mixture of ammonium and mag- 
nesium ions to precipitate magnesium ammonium phosphate, MgNH4POq : 6H20. 
This is heated and decomposed to magnesium pyrophosphate, Mg2P207, which is 
weighed. The reactions are 


H3PO0; + Mg**-- NH} + 6H20 = MgNH4PO4: 6H30 + 2H *, 
2MgNH4PO4- 6H20 = Mg2P207 + 2NH3 + 13H20. 


A solution of H2PO4 yielded 1.054 gm of Mg2P207. What weight of NaH2PO4 was 
present originally? 


` : 
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The answer comes immediately if we apply the principle that the number of phos- 
phorus atoms (or the number of moles of phosphorus) is conserved. Thus 1 


moles of P = moles of NaH2PO4 = 2 X moles of Mg2P207, 
1.054 
moles of Mg2P207 = 2025 ^ 0.004737. 
"Therefore, 
moles of NaH2PO4 = 2 X 0.004737 = 0.009474, 


weight of NaH2PO4 = 0.009474 X 119.9 = 1.136 gm. 


Regardless of the number of reactions which lead from reactant to product, 
the reacting weights of the reagents are related by the principle of atom con- 
servation. It is not even necessary to know the sequence of reactions, as we 
demonstrate in the next example. 


Example 1,3 A sample of K2CO3 weighing 27.6 gm was treated by a series of reagents 
S0 as to convert all of its carbon to KoZns[Fe(CN)o]a. How many grams of this 
product were obtained? 

Since all the carbon in the reactant is found in the product, the number of moles of 
carbon is conserved. Moreover, each mole of K»Zna[Fe(CN)o]2 contains 2 X 6 = 12 
moles of carbon atoms, so we can write 


moles of carbon = 12 X moles of KoZns[Fe(CN)el» 
21.6 
= moles of K2C0; = 1388" 
Thus 
moles of K2CO3 = 12 X moles of K2Zns[Fe(CN)olo, 


27.6 _ 1o x Weight of KoZns[Fe(CN)oa 
138 698 : 


weight of KoZn3[Fe(CN)ele = 11.6 gm. 


The empirical formulas of compounds of hydrogen and carbon are found by 
combustion analysis, as we illustrate next. 


Example 1.4 One gram of a gaseous compound of carbon and hydrogen gives upon 
combustion 3.30 gm of carbon dioxide and 0.899 gm of water. What is the empirical 
formula of the compound? 

The empirical formula is the simplest set of whole numbers which expresses the 
relative numbers of atoms in the compound. The relative numbers of atoms are the 
same as the relative numbers of moles of each element, and hence we can proceed 28 
follows: The formula of carbon dioxide is CO2, so the number of moles of carbon 
dioxide is equal to the number of moles of carbon in the sample of the compound. 
The formula of water is H20; thus two times the number of moles of water is equal 
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to the number of moles of hydrogen atoms in the sample. The algebraic expressions 
of these facts are 


moles of C = moles of CO» = SEU -— 0.0730, 
44.0 
moles of H = 2 X moles of H20 = 2 X m = 0.099, 


atomsof C _ molesofC _ 0.075 3 


atomsofH molesofH 0.099 4 


The empirical formula of the compound is C3H4. One molecule of the compound 
might have the formula C3H4 or CgHs or some higher multiple. The molecular weight 
of the compound must be found before its molecular formula can be determined. 

' In a separate experiment, the density of a gaseous sample of the compound is 
found to be 1.78 gm/liter under conditions of standard temperature and pressure. 
The volume of one mole of any gas is, under these conditions, 22.4 liters, so we find 
that the molecular weight of the unknown is 


1.78 gm/liter X 22.4 liters/mole — 39.9 gm/mole. 


Since the molecular weight is 40, the molecular formula must be C3H4. This gas is 
methyl acetylene, usually written CH3CCH. 


Example 1.5 One volume of a gaseous compound of hydrogen, carbon, and nitrogen 
gave upon combustion 2 volumes of CO», 3.5 volumes of H20, and 0.5 volume of No, 
all measured at the same temperature and pressure. What is the empirical formula of 
the compound? Can the molecular formula be found from these data? 

This problem requires a direct application of Avogadro’s principle: under the same 
conditions of temperature and pressure, equal volumes of gases contain the same 
number of molecules., Noting that each nitrogen molecule contains two nitrogen 
atoms, and each water molecule two hydrogen atoms, we find that the relative num- 
bers of carbon, hydrogen, and nitrogen atoms in the unknown are 


C:H:N = volume of CO2:2 X volume of H20 : 2 X volume of No = 2:7:1 


The empirical formula is CgHzN. This is also the molecular formula, since the data 
tell us that in one volume (or z moles) of compound, there are enough carbon atoms 
to make 2 volumes (or 2z moles) of CO. Thus each mole of unknown contains two 
moles of carbon, and no more. The compound referred to is ethyl amine, more com- 
monly written CH3CH2NH». 


Example 1.6 A carefully purified sample of potassium chlorate, KClOs, weighing 
4.008 gm, was quantitatively decomposed to 2.438 gm of potassium chloride, KCl, 
and oxygen. The potassium chloride was dissolved in water and treated with a silver 
nitrate solution, The result was a precipitate of silver chloride, AgCl, weighing 
4.687 gm. Under further treatment the silver chloride was found to contain 3.531 gm 
of silver. What are the atomic weights of silver, chlorine, and potassium relative to 
O = 15.999? 
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A 


This problem will require several steps, so it is advisable to plan our procedure, 
Examination of the equations E 


KClOs = KCl 4-305, CI- + Ag+ = AgCl 


shows that if we knew how many moles of KCl were produced, we would in turn know 
the number of moles of silver chloride and silver involved. Knowing the number of 
moles of silver and its weight, we can calculate its atomic weight. This is our first 
objective. Then, from the atomic weight of silver, the weight, and the number of 
moles of silver chloride, we can find the atomic weight of chlorine. Finally, the number 
of moles of potassium chloride, its weight, and the atomic weight of chlorine suffice 
to calculate the atomic weight of potassium. This whole plan is based on the expres- 
sion moles = weight/molecular weight, and the realization that two of these quantities 
are required to calculate the third. 

Let us put the plan into effect. Since oxygen is the only element whose atomic 
weight is known, we must use a relation involving it to find the number of moles of 
KCl. From the first chemical equation we see that 


moles of O2 = $ X moles of KCI, 


weight O2 _ 4.008 — 2.438 
molecular weight of O» _ 31.998 


moles of KC] = 0.03271. 


= 0.04907 = 5X moles of KCl, 


By the second equation, 


moles of KCl = moles Ag, 
3.531 
cen atomic weight of Ag ' 
atomie weight of Ag — 107.9. 
Also 
moles of KCl = moles AgCI, 
4.687 
seil m formula weight of AgCI ' 
formula weight of AgCl = 143.3 


The atomic weight of chlorine can now be found from the formula weight of silver 
chloride and the atomic weight of silver: 


atomic weight of Cl = 143.3 — 107.9 = 35.4. 
Finally 


2.438 | 
formula weight of KCI — 009271, | 


formula weight of KCl — 74.53, 
atomic weight of K = 74.53 — 35.4 = 39.1. 


moles KCl — 


This problem, though lengthy, required no new principles. The ability to | 
proceed in an orderly fashion through an involyed problem follows from a 
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thorough understanding of the relation between number of ‘moles, weight, and 
molecular weight. seers i : 

A rather tricky type of problem, easily solved by the atom conservation 
principle, involves the reaction of a mixture of substances to give a single 
product. 


Example 1.7 A 1.000-gm mixture of cuprous oxide, Cu20, and cuprie oxide, CuO, 
was quantitatively reduced to 0.839 gm of metallic copper. What was the weight of 
CuO in the original sample? 

The key to this problem is to make use of the fact that copper atoms are conserved. 
Letting the weight of CuO equal w, and the weight: of Cu20 equal 1.000 — w, we have 


moles of Cu in oxides = moles of metallic Cu, 
moles of CuO + 2 X moles of Cuz0 = moles of Cu, 


w +2X 1.000 — w 
formula weight of CuO formula weight of CusO 
0.839 


7" atomic weight of Cu ' 


A very similar problem involves the reaction of a mixture of metals with 
hydrogen ion, as in the next example. 


Example 1.8 A mixture of aluminum and zinc weighing 1.67 gm was completely dis- 
solved in acid and evolved 1.69 liters of hydrogen, measured at 273°K and 1 atm 
pressure. What was the weight of aluminum in the original mixture? 
From the equations ~~ 
Zn-+ 2H* = Zn++-+ Hs, 
Al-+ 3Ht = AI*3 + 3H», 


we see that from one mole of zine we get one mole of hydrogen gas, while one mole of 
aluminum gives 2 moles of hydrogen. Thus, for the moles of hydrogen formed we 
can write 


moles of Zn È $ moles Al = moles of Hz. 
Then, if w equals the weight of Al, 


167—w, 3 w _ 169 
65.4 2270 22.4’ 


w = 1.24 gm of Al. 


1.6 


In this chapter we have exposed the chemical basis for our belief in the atomic 
theory of matter, and shown how to use the relation between weight and 
number of atoms to do stoichiometric caleulations. We have stressed the con- 
cept of the mole, for this is the fundamental unit used in dealing with all prop- 
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w = 0.55 gm of CuO, 
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erties of collections of molecules. A thorough understanding of the mol 
concept is absolutely essential to the study of chemistry, and the stoichiometri 
calculations we have discussed, together with the problems at the end of this 
chapter, provide an immediate opportunity to test one's understanding of this 
important idea. 

Apart from the factual and mathematical aspects of atomic weights and the 
atomic theory, there are a number of illustrations of important scientific prin- 
ciples in this chapter. The story of how the atomic weight scale was developed 
shows how scientific ideas are generated. Many experiments are done, and com- 
parison of the results allows formulation of empirical laws which have a validity 
limited by the accuracy of the experiments and the variety of situations in- 
vestigated. An attempt to find a unified explanation of a number of experi- 
mental laws leads to a theory. In the development of a theory there may be 
ideas advanced that are incorrect and which must be modified or removed as 
more experiments are done, It is at this stage that a dispassionate evaluation 
of existing experimental data and the execution of decisive experiments is most 
important. It is a rare event when the results of only one experiment are enough 
to bring the acceptance or rejection of a theory as a whole. Therefore, our 
firm acceptance of scientific ideas of great scope, such as the atomic theory, is 
generally based on the existence of an overwhelming collection of experimental 
results that individually do not prove, but are consistent with, the theory. We 
shall find further illustrations of these points in subsequent chapters. 
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1.1 An oxide of antimony is found to contain 24.73% oxygen. What is its empirical 
formula? 

1.2 When 0.210 gm of a compound containing only hydrogen and carbon was burned, 
0.660 gm of CO2 was recovered. What is the empirical formula of the compound? 
A determination of the density of this hydrocarbon gave a value of 1.87 gm/liter at 
273.1°K and 1 atm. What is the molecular formula of the compound? 
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1.3 A sample of europium dichloride, EuCle, weighing 1.00 gm is treated with excess 
aqueous silver nitrate, and all the chloride is recovered as 1.29 gm of AgCl. What is the 
atomic weight, of europium? 

14 A sample of an oxide of iron weighing 1.60 gm was heated in a stream of hydrogen 
gas until it was completely converted to 1.12 gm of metallic iron. What is the empirical 
formula of the iron oxide? 

1.5 When barium bromide, BaBrg, is heated in a stream of chlorine gas, it is completely 
converted to barium chloride, BaClo. From 1.50 gmh of BaBro just 1.05 gm of BaCle 
is obtained. Calculate the atomic weight of barium from these data. 

1.6 A 0.578-gm sample of pure tin is treated with gaseous fluorine until the weight 
of the resulting compound is constant at a value of 0.944 gm. What is the empirical 
formula of the tin fluoride formed? Write an equation for its synthesis, 

1.7 A certain metal forms two chlorides which contain 85.2% and 65.8% of the metal. 
(a) Show that these compounds are consistent with the law of multiple proportions, 
(b) What are the simplest formulas of the compounds, and what is the corresponding 
atomic weight of the metal? (c) Considering the other possible formulas, what, other 
atomic weights are possible? (d) Refer to the periodic table and determine the atomic 
weight of the metal. 

1.8 From the following isotopic masses and abundances calculate the atomic weight 
of magnesium. 


Isotope Abundance Mass 
24 78.60% 23.993 
25 10.1196 24.994 4 
26 11.29% 25.991 


1.9 A sample of a metal oxide weighing 7.380 gm is decomposed quantitatively to 
give 6.840 gm of the pure metal. The specific heat of the metal is found to be 
0.0332 cal/gm. Calculate the accurate atomic weight of the metal, and the empirical 
formula of the oxide. 


1.10 By measuring the density of a certain elemental gas at several pressures, the val- 
ue of 1.787 gm/liter was found for the ideal density at 1-atm pressure and 273,1°K. 
The ideal density of oxygen gas under the same conditions is 1.428 gm/liter. What is 
the molecular weight of the unknown gas? Consult the periodic table for “gaps” at 
appropriate fractions of this molecular weight, and construct an argument that this 
element does not exist as a diatomic or polyatomic molecule. Is this molecular weight 
an atomic weight? 


1.11 Equal weights of zinc metal and iodine are mixed together and the iodine is 


completely converted to ZnIz. What fraction by weight of the original zinc remains d 


unreacted? 

1.12 A 4.22-gm sample of a mixture of CaClz and NaCl was treated to precipitate 
all the calcium as CaCOs, which was then heated and converted to pure CaO. The 
final weight of the CaO was 0.959 gm. What was the percentage by weight of CaClo 
in the original mixture? 

1.13 An alloy of aluminum and copper was treated with aqueous HCl. The aluminum 
dissolved according to the reaction Al+ 3H* — Al+3+ 3H», but the copper re- 
mained as the pure metal. A 0.350-gm sample of the alloy gave 415 cc of Hz measured 
at 273,1°K and l-atm pressure. What is the weight percentage of Al in the alloy? 


PROBLEMS 


31 


114 A sample of pure lead weighing 2.07 gm is dissolved in nitric acid to give 


solution of lead nitrate. This solution is treated with hydrochloric acid, chlorine gas, 
and ammonium chloride. The result is a precipitate of ammonium hexachloroplumbate, 
(NH4)gPbClg. What is the maximum weight of this product that could be obtained 
from the lead sample? : 

1.15 A 0.596-gm sample of a gaseous compound containing only boron and hydrogen 
occupies 484 ce at 273.1°K and 1-atm pressure. When the compound was ignited in 
excess oxygen all its hydrogen was recovered as 1.17 gm of H20, and all the boron 
was present as B203. What is the empirical formula, the molecular formula, and the 
molecular weight of the boron-hydrogen compound? What weight of B203 was 
produced by the combustion? 


1.16 A sample of an unknown oxide of barium gave upon exhaustive heating 5.00 gm 
of pure BaO and 366 ce of oxygen gas measured at 273.1°K and I-atm pressure. What. 
is the empirical formula of the unknown oxide? What weight of oxide was present 
initially? 2 

1.17 A mixture of KBr and NaBr weighing 0.560 gm was treated with aqueous Ag* 
and all the bromide ion was recovered as 0.970 gm of pure AgBr. What was the 
fraction by weight of KBr in the original sample? 
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CHAPTER 2 


THE PROPERTIES 
OF GASES 


Our discussion in Chapter 1 showed how important the study of gases was to 
the development of the atomic theory. An understanding of gaseous behavior 
is a fundamental part of modern chemistry as well. According to Avogadro's 
principle, measuring the volume of a gas is equivalent to counting the number 
of molecules in that volume, and the importance of this type of measurement 
cannot be overemphasized. Moreover, many industrially important elements 
and compounds are gases under the conditions of use. But quite aside from the 
historical or practical importance of gases, there is another reason for studying 
them. The business of the chemist is to relate the properties of matter in bulk 
to the properties of individual molecules. The kinetic theory of gases is a most 
satisfactory example of the successful explanation of macroscopic phenomena 
in terms of molecular behavior. By pursuing the mathematical consequence of 
the fact that a gas consists of a large number of particles that collide with the 
walls of a containing vessel, it is possible to derive Boyle’s law, and to gain a 
more thorough understanding of the concept of temperature. By trying to 
account for the failure of gases to obey Boyle’s law exactly, we can learn about 
the sizes of molecules and the forces which they exert on each other. Thus the 
study of this simplest state of matter can introduce us to some of the most 
universally useful concepts of physical science. 


2.1 THE GAS LAWS 


FIG, 2.1 


In general, the volume of any material, solid, liquid, or gas, is determined by 
the temperature and the pressure to which it is subjected. A mathematical 
relationship exists between the volume of a given amount of material and the 
values of the pressure and temperature; this mathematical relation is called an 
equation of state and can be written symbolically as 


Y = V(T, P, n). 


This equation is read: V is some function of temperature, pressure, and the 
number of moles of material. In the case of liquids or solids, equations of state 
may be algebraically very complicated, and may differ considerably in algebraic 
form from one substance-to another. Gases are unique, however, in that the 
equations of state of all gases are very nearly the same. We shall see later that 
this simplification is due to the fact that in the gaseous state molecules are 
essentially independent of one another, and that consequently the detailed 
nature of individual molecules does not strongly affect the behavior of the gas _ 
as a whole. For the present, however, we will address ourselves to the problem 
of the determination and expression of the gaseous equation of state. 

Inevitably the determination of an equation of state for gases involves a 
measurement of pressure, or the force per unit area, which a gas exerts on the 
walls of the containing vessel. Commonly the pressure of gases is expressed in 
units of atmospheres or millimeters of mercury, rather than in units which are 
more obviously related to force and area, In order to establish the relation 
between the atmosphere or millimeter as pressure units and the more funda- 
mental idea of force per unit area, we need only examine: how pressure is 
measured experimentally. 


A mercury barometer. The atmospheric pressure 
is proportional to the heighth, : 
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The force per unit area exerted by the earth’s atmosphere is commonly 
measured by the device called a barometer, shown in Fig. 2.1. The vertical 
tube containing mercury is completely evacuated of all gases, except for a very 
small amount of mercury vapor. The height of the column of mercury above 
the lower mercury surface is determined by the requirement that the force per 
unit area due to mercury in the column be equal to the force per unit area 
exerted by the surrounding atmosphere on the mercury surface. Under ordinary 
atmospheric conditions at sea level this height is in the neighborhood of 
760 millimeters (mm). Therefore, the arbitrary definition is made that one 
standard atmosphere corresponds to 760 mm of mercury, when the mercury 
is at 0°C, 

Let us now calculate what one atmosphere is when expressed in terms of 
force per unit area. Consider a barometer tube whose cross-sectional area is 
1 cm?.' Then the force exerted by the mercury column on this area is equal to 
the mass of the mercury in the tube times the acceleration due to gravity. In 
turn, the mass of mercury in the tube is the volume of mercury times the density 
of mercury at 0°C. We have then 


force = mass X acceleration 
= density of Hg X height X area X acceleration 
13.59 gm/cem* x 76.00 em X 1.000 cm? x 980.7 cm/sec? 
= 1.013 x 10° gm-em/sec? = 10.13 kgm m/sec? 
= 1.013 x 10° dynes = 10.13 newtons. 


This is the force exerted by a column of mercury 760 mm high and of l-cm? 
cross sectional area. Therefore, it is also the force per unit area (one square 
centimeter) that corresponds to one atmosphere pressure. We have, then, that 


1 atm = 760.0 mm of mercury 
= 1.013 x 10° dynes/em? = 1.013 x 10° newtons/m? 


Increasingly, the awkward unit “mm Hg” is being replaced by its equivalent, 
the torr (after Torricelli, inventor of the barometer). Thus in practical laboratory 
work, pressure is most often measured and expressed in torr or millimeters of 
mercury, but for calculational purposes it is frequently convenient to use-units 
of atmospheres. Recently, SI (System Internationale) units have come into 
frequent use, particularly in Europe. In this system, the unit of pressure is 
the newton per square meter, and one newton per square meter is called a Pascal 
(abr. Pa). Thus we see that 


1 atm = 1.013 x 105 N/m? 
= 1.013 x 10° Pa. 
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FIG, 2.2 


Boyle’s Law 


Although we shall not make extensive use of SI units in this book, it is impo 
to become familiar with them, since they will be found with increasing frequ 
in the scientific literature as time passes. 


A U-tube employed in demonstrating Boyle’s law. 


The mathematical relation that exists between the pressure and volume of a 
fixed amount of gas at a fixed temperature was discovered by Robert Boyle in 
1662. Boyle trapped a quantity of air in the closed end of a U-tube, using 
mercury as the containing fluid, as shown in Fig. 2.2. In this type of experiment, 
the pressure that exists in the closed tube is equal to the pressure of the atmo- 
sphere plus the pressure exerted by the column of mercury of height h. By 
pouring mercury into the longer tube the pressure on the gas can be increased, 
and the corresponding decrease in the gas volume noted. Boyle discovered that 
the product of the pressure and the volume of a fixed amount of gas was of 
approximately constant value. He also noted that warming a gas increased its 
volume when the pressure was kept constant. However, he did not investigate 
this phenomenon further, possibly because the idea of temperature was not well 
defined at the time. Nevertheless, Boyle’s observation of the qualitative effect 
of warming a gas was important, because it showed that in order to make 
meaningful determinations of the relation between pressure and volume, the 
temperature of the surroundings had to be kept constant during the experiment. d 

Very often in experimental investigations data are obtained as sets of numbers 
(such as simultaneous values of P and V) which depend on each other in some 
unknown way. A very useful and convenient technique for discovering the ~ 
relationship between a series of simultaneous values of pressure and volume is - 
to plot the data on a rectangular coordinate system having pressure and volume © 
as coordinate axes. A smooth curve that passes through the experimentally. 
determined points may then indicate the mathematical connection between the 1 
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two variables. Figure 2.3 shows some experimental data plotted in this manner. 
The curve generated by the data appears to be a rectangular hyperbola with the 
coordinate axes as asymptotes. Since the algebraic equation which corresponds 
to a hyperbola is known to have the form zy = constant, we can deduce that 
for a fixed amount of gas at a constant temperature, PV = constant, which is 
in fact Boyle’s law. Repeating the experiment at a series of different tempera- 
tures generates a family of hyperbolas, each characteristic of a particular value 
of the temperature. Since the temperature is a constant along each line, these 
curves are called isotherms. 


Pressure (atm) 


Que C A OEE EAN ser Ee] Pressure-volume isotherms for an ideal gas. 
0 20 40 60 80 100 120 
Volume (liters) 


(atm) 
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Pressure of an ideal gas as a function 
0 of reciprocal volume. 

0 6.01 0.02 0.03 0.04 005 
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Plotting the pressure as a function of the volume is often a useful way of 
representing the behavior of a gas, but it has the disadvantage that it is difficult 
to tell by using the eye how close to a perfect hyperbola each experimental 
curve is. Consequently, it is difficult to tell whether a gas obeys Boyle’s law 
exactly or just approximately. This problem ean be solved by plotting pressure 
as a function of the reciprocal of the volume, as shown in Fig. 2.4. Since Boyle’s 
law can be written as 
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FIG, 2.3 


FIG. 2.4 
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where km,: is a constant whose value depends on temperature and the amount 
of gas, a gas that obeys Boyle’s law should give a straight line when pressure 
is plotted as a function of the reciprocal of the volume. Since deviations from 
a straight line are readily detected by eye, it is easy to tell how closely a gas 
follows Boyle’s law, by plotting the data in this manner. 


22.6, 
i 22.4- —o—o9————9————o- 
Pressure-volume product as a func- ges 
tion of pressure for an ideal gas. E M 
E . 
26 01 0.2 0.3 
Pressure (atm) 


Another even more useful way of treating such experimental data is to plot 
the product of pressure and volume as a function either of pressure or the rqcip- 
rocalof volume. Figure 2.5 shows that the result of this plot should be a straight 
line of zero slope for a gas that follows Boyle's law exactly. The experimental 
data show that gases do in fact obey Boyle's law quite closely over the range of 
pressures investigated. Any deviations are due to the forces which moleeules 
exert on each other, and tend to vanish as the density of the gas becomes small. 
In the limit of very low pressure, all gases obey Boyle's law exactly. 


The Law of Charles and Gay-Lussac 


When the dependence on temperature of the volume of a gas at fixed pressure 
is investigated experimentally it is found that the volume increases linearly 
with increasing temperature. This relation is known as the law of Charles and 
Gay-Lussac, and can be expressed algebraically as 


Y = Vo(1 + at). 


Here V is the volume of a fixed amount of gas at constant pressure, V is the 
volume it occupies at the temperature of zero degrees on the celsius scale, a is 
a constant that has the value of approximately 734 for all gases, and t is the 
temperature on the celsius scale. This equation states that the volume of a gas 
increases linearly with its temperature. That this statement can be made as an 
experimental fact implies that we have some previous knowledge of how to 
measure temperature. 

Common experience provides us with a qualitative concept of temperature. 
To create a quantitative temperature scale we must select some easily measur- 
able property of matter that depends on what we recognize as “hotness,” and 
define temperature in terms of the value of this property. The most familiar 
thermometrie property is the length of the column of mercury that extends 
into a capillary tube from an otherwise closed bulb. The position of the mercury 
Meniscus can be marked when the bulb of this thermometer is immersed in an 


THE PROPERTIES OF GASES | 2a 


ice-water mixture, and when it is surrounded by the vapor of boiling water at 
one atmosphere pressure. These two positions can be arbitrarily defined as 
0- and 100-degree points respectively. The distance between these two marks 
can then be divided by 99 equally spaced lines and a working temperature 
scale created. 

The division of the seale into equal units is very significant, for by so doing 
we say that temperature is something that increases linearly with the length of 
the mercury column. The same procedure could be followed using some other 
working liquid, such as alcohol, to make a second thermometer. If these two 
different thermometers were both placed in the same water-ice bath, they would 
both read zero degrees. If both were placed in the vapor of boiling water, they 
would read 100 degrees. However, if they were both placed in the same room 
where the mercury thermometer read exactly 25 degrees, the alcohol thermom- 
eter would indicate a temperature slightly different from 25 degrees. This 
behavior would, in general, be repeated at any other temperature on the scale 
except for the calibrating points of 0 and 100 degrees, since in order for the 
two thermometers to read the same at all temperatures, the equations of state 
of mercury and aleohol would have to be exactly the same. Due to the intrinsic 
differences in the molecular structure of the two liquids, these or any other pair 
of liquids do not éxpand by exactly the same amount for a given change in 
temperature. Consequently, if we wish to use a liquid to define our temperature 
scale, we must be careful to specify which liquid is being used. 

For gases, the temperature dependence of volume is considerably simpler 
than for liquids. Even without a temperature scale it is possible to determine 
that the volume of any gas at the temperature of boiling water is 1.366 times 
its volume at the temperature of an ice-water mixture. The important fact 
here is that the proportionality constant is the same for all gases. A similar 
measurement can be carried out in which the ratio of the volume of a gas at 
the boiling point of water to its volume at the boiling point of ether is measured. 
In this case the volume ratio is 1.295 for all gases. The fact that all gases behave 
the same when subjected to a given change in temperature suggests that the 
properties of gases should be used to define a temperature scale. That is just 
what is done. The equation previously given as expressing the law of Charles 
and Gay-Lussac, V = Vo(1 + at), can be rewritten in the following way: 


Re 21-1) 
Tdi Vow zl a Vo 

The second equation can be interpreted as saying that there is such a thing as 
the temperature, ¢, which is a quantity that increases linearly with the volume 
of a gas, by definition. That is, the “law” of Charles and Gay-Lussac really is 
not a law, but is actually a definition of temperature. 

Actually, not all gases behave in exactly the same way when their temperature 
is changed, but the differences diminish as the pressure is lowered, and are 
generally so slight as to be negligible in most instances. While gas thermometers 
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Table 2.1 Comparison of thermometers* 


Constant- Constant- 
volume volume Platinum 
hydrogen air resistance Mercury 
thermometer, thermometer, thermometer, Thermocouple, thermometer, 
t(P) t(P) t(R) t(emf) KO) 
0 0 i?) ie) 0 
20 20.008 20.240 20.150 20.091 
40 40.001 40.360 40.297 40.111 
60 i 59,990 60.360 60.293 60.086 
80 79.987 80.240 80.147 80.041 
100 100 100 100 100 


*After M. W? Zemansky, Heat and Thermodynamics. New York: McGraw-Hill, 1951. 


can be used to define a temperature scale, other devices which are more con- 
venient to use are employed in practical temperature measurements. The 
resistance of a platinum wire under a constant tension, and the voltage produced 
by & platinum-rhodium thermocouple are useful thermometrie properties. In 
Table 2.1 these thermometers are compared with two gas thermometers and a 
mercury thermometer. The hydrogen gas thermometer is considered to define 
the scale, and the readings each of the thermometers would show if immersed 
in various temperature baths are given. These are the readings that would 
result in each case from using a scale obtained by dividing the change of the 
property being measured into 100 equal units between the freezing point and 
boiling point of water; The fact that all the thermometers do not read the same 
as the hydrogen gas thermometer merely indicates that resistance, voltage, and 
liquid density do not change in a way which is strictly linearly related to 
temperature as defined by the hydrogen gas scale. 


The Absolute Temperature Scale 


The relation between temperature and gaseous volume can be simplified by 
defining a new temperature scale. Starting from Charles' law we can write 


is ay l/actt. 
V = Vo(i + ot) = Vo ia 
For the ratio V;/V of the volume of gas at two different temperatures tı and 
ty we get y 
Vin Vath. 
Va 1/a+tz 


Since by direct experiment it is found that 1/a = 273.15 when t is expressed 
in celsius degrees, ; 

Yi 27315 + ty 

Va 273.15 + te 
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The form of this equation suggests that it would be very convenient to define 
a new temperature scale by the equation 


T = 273.15 +t. (2.1) 


The temperature T is called absolute temperature or the temperature on the 
kelvin scale, and is denoted by °K. Using the kelvin scale, the relation between 
the temperature and volume for a fixed amount of gas at constant pressure 
assumes the very simple form 


Aon 
Va Ts 
or 
ES constant. (2.2) 


T 


The implication of this last statement is that the volume of a gas decreases 
as T, the absolute temperature, decreases and would become zero when T = 0. 
This suggests that T = 0°K or, by Eq. (2.1), t = —273.15°C is the lowest pos- 
sible temperature, since any lower temperature would correspond to a negative 
volume of gas. Actually at very low temperatures Eq. (2.2) cannot be tested 
experimentally, since all gases condense to liquids as the temperature approaches 
zero on the kelvin scale. Nevertheless, much more detailed arguments show 
that —273.15°C or 0?K is the lowest conceivable temperature, and that in 
practical experiments this lowest temperature cannot be reached, but only 
approached very closely. The lowest temperature which has been reached is 
generally acknowledged to be 0.0014°K, although 0.0001°K may have been 
attained in other less well-controlled experiments. 


The Ideal Gas Equation 


Experimental measurements have shown that at constant temperature, PV is 
a constant, and at constant pressure, V is proportional to T. We now wish to 
combine these relationships into one equation which expresses the behavior of 
gases. According to Boyle's law 


PY =C'(T, 2), 


where C'(T, n) is a constant that depends on temperature and the number of 
moles of gas. From Charles’ law we know that at constant pressure, the volume 
of a fixed amount of gas is directly proportional to the absolute temperature. 
Therefore, the dependence of C'(T, n) on temperature must be 

C'(T, n) = C(n)T, 
where C(n) is a parameter that depends only on the number of moles of gas n. 
This must be true, since we can now write 


PV = C(n)T, (2.3) 
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which is consistent with both the laws of Boyle and of Charles. By a slight 
rearrangement of Eq. (2.3), we can write 
PV 

A gas that obeys this equation of state, which incorporates the laws of Boyle 
and of Charles and Gay-Lussae, is called an ideal gas. This result may also 
be written í 

PiVi _ P2Vo. 24 

TOP (2.4) 


Equation (2.4) is a symmetric form of the gas laws that is easy to remember. 
Tt can be used to caleulate the volume V2 of a gas under the arbitrary conditions 
P, and T, from a knowledge of its volume V; at pressure P; and temperature T1. 


Example 2.1 A certain sample of gas has a volume of 0.452 liter measured at 87°C 
and 0.620 atm. What is its volume at 1 atm and 0°C? 

Letting Vi = 0.452 liter, P, = 0.62 atm, Tı = 273+ 87 = 360°K, P2 = 1 atm 
and T» = 273°K, we find from Eq. (2.4) 


M. To PR 273 , 0.620 
V2= ViXm Pz = 0.452X 360 1.00 
= 0.213 liter. 


Rather than remember or refer to Eq. (2.4) it is often safer and simpler to proceed 
by an intuitive method. We know that since the final temperature is less than the 
initial temperature, we must multiply V1 by a ratio of temperatures less than, unity 
to obtain Vo: 
273 
V2 «Vix 360° 
Also, the final pressure is higher than the initial pressure. This must act to decrease 
the final volume, and we must multiply V1 by & ratio of pressures less than unity to 
find V2. Thus 


273 _, 0.620 
Va = V1 X 360% 1.00’ 


which is exactly the expression obtained by a mechanical use of Eq. (2.4). 


Earlier we remarked that measuring the volume of a gas at a known pres- 
sure and temperature is equivalent to counting molecules. Under conditions 
of. constant temperature and pressure, the volume is proportional to the num- 
ber of moles of gas. Consequently, comparison of the volume of any sample of 
gas with the volume occupied by one mole under the same conditions tells us 
the number of moles or molecules in the sample. As we noted in Chapter 1, 
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"it is found experimentally that one mole of any ideal gas occupies 22.414 liters, 


measured at l-atm pressure and 273.15°K. This volume is called the standard 
molar volume, and 273.15°K and 1-atm pressure are called standard tempera- 
ture and pressure conditions (abbreviated STP). Therefore, to calculate the 
number of moles of gas in an arbitrary sample we write 


volume of gas 


volume of one mole 
_ V(STP) 


22.4 


where V(STP) is the volume in liters that the gas sample would occupy under 
standard pressure and temperature conditions. This volume, V(STP) can be 
calculated from the volume measured under any conditions of temperature and 
pressure by using Eq. (2.4). 

There is a somewhat more convenient method for calculating the number of 
moles of a gas in a sample having the volume V at the arbitrary pressure P 
and temperature T. By Eq. (2.3) 


number of moles of gas — 


PV 

TE. C(n), 

where C(n) is a constant that depends only on the amount of gas in the sample. 
We have already remarked that at constant pressure and temperature, volume 
is proportional to the number of moles of gas. Therefore, we can rewrite C(n) 
in terms of a new constant R and the number of moles of gas n: 


Cin) = nR. 
Consequently 
PV 
E = nR, 
PV = nRT. (2.5) 


The constant R is known as the universal gas constant, and is independent 
of pressure, temperature, or the number of moles in the sample. If the numerical 
value of R were known, measurements of P, V, and T could be used to cal- 
culate n, the number’of moles of gas in any sample. ' 

We can evaluate R from information already available to us. . Since one 
mole of gas occupies a volume of 22.41 liters at 1-atm pressure and 273.15? K, 
we can write 


(1 atm) (22.414 liters) — 0.08206 liter-atm | 


B (1 mole) (273.15 deg) mole-deg 


Note that the numerical value of R depends on the units used to measure 
pressure, volume, and temperature. The expression PV = nRT is obeyed by 
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all gases in the limit of low densities and high temperatures— "ideal" conditions 
under which the forces between molecules are of minimum importance. Con- 
sequently, Eq. (2.5) is known as the perfect gas law, or the ideal gas equation 
of state. 


Example 2.2 Calculate the number of moles in a sample of an ideal gas whose volume 
is 0.452 liter at 87°C and 0.620 atm. 
In Eq. (2.5) we set P = 0.620 atm, V = 0.452 liter, and T = 360°K: 


_ PV _ (0.620)(0.452) 
— RT (0.0821)(360) 
7 0.00948 mole. 


n 


In Example 2.1 we found that the volume of this same sample of gas under conditions 
of standard temperature and pressure was 0.213 liter. Therefore we can also compute 


the number of moles by 
V(STP) 0213 
Sona x DUET 0.0095 mole. 


The use of the ideal gas equation of state is an alternative to the procedure of finding 
the gaseous volume under standard conditions and dividing by the standard volume 
of one mole. 


Dalton's Law 


Suppose a mixture of two ideal gases, A and B, is contained in a volume V at 
a temperature T. Then, since each gas is ideal, we can write 


Pa = m 2, Ps = ng. 
That is, in the mixture each gas exerts a pressure that is the same as it would 
exert if it were present alone, and this pressure is proportional to the number 
of moles of the gas present. The quantities P4 and Pg are called the partial 
pressures of A and B respectively. According to Dalton’s law of partial pres- 
sures, the total pressure, P;, exerted on the walls of the vessel is the sum of the 
partial pressures of the two gases: 


P, = Pa + Pg = (n4 +np) (5) 


The expression can be generalized so as to apply to a mixture of any number 
of gases. The result is 


P=} P: = Es È n, (2.6) 
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where 7 is an index that identifies each component in the mixture and the 
symbol $7; stands for the operation of adding all the indexed quantities to- 
gether. Another useful expression of the law of partial pressures is obtained 
by writing 


TIE We y , 
P= T YE. 
Pa na | 
P, Lin 
Eum NA 4 
PeT dl (24) 2.7) 


The quantity n4/27; n: is called the mole fraction of component A, and Eq. 

(2.7) says that the partial pressure of any component, such as component A, 

is the total pressure of the mixture multiplied by 14/7; ni, the fraction of the 
` total moles which are component A. 


Use of the Gas Laws 


It is essential for every chemist to have a thorough understanding of the gas 
laws and to be able to apply them to a variety of problems. The following 
examples are chosen to illustrate the ways in which the gas laws are used in 
chemical practice. 


Example 2.3 An ideal gas at l-atm pressure was contained in a bulb of unknown 
volume V. A stopcock was opened which allowed the gas to expand into a previously 
evacuated bulb whose volume was known to be exactly 0.500 liter. When equilibrium 
between the bulbs had been established, it was noted that the temperature had not 
changed, and that the gas pressure was 530 mm. What is the unknown volume, V, 
of the first bulb? 

Since the gas is ideal and the temperature constant, we can use Boyle's law: 


PiVi = P2V2, 
760V; = 530(0.5 + Vi), 
Vi 1.15 liter. 


The ideal gas equation can be used to help caleulate molecular weights from 
gas density measurements, which we illustrate next. 


Example 2.4 It is found that 0.896 gm of a gaseous compound containing only 
nitrogen and oxygen occupies 524 cc at a pressure of 730 mm and a temperature of 
28.0°C. What is the molecular weight and molecular formula of the gas? 

The molecular weight can always be calculated from a knowledge of the number 
of moles which correspond to a given weight of material. In this problem, the number 
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of moles of the gas can be found by using the ideal gas equation of state: 


.PV ROGI _ 
n= r^ oome ~ 00204 mole. 


Since the units of the gas constant are liter-atmospheres per mole-degree, care has 
been taken to express the measured pressure, volume, and temperature in units of 
atmospheres, liters, and degrees kelvin, respectively. The molecular weight of the gas 
can now be found to be 

0.896 


0.0004 ^ 43.9 gm/mole. 


The only combination of the atomic weights of nitrogen and oxygen which adds to 
44 is 2 X 14 + 16, which means the molecular formula of the gas is N20. 


The following is a simple illustration of the use of Dalton’s law of partial 
pressures. 


Example 2.5 The valve between a 5-liter tank in which the gas pressure is 9 atm 
and a 10-liter tank containing gas at 6 atm is opened, and pressure equilibration 
ensues at a constant temperature. What is the final pressure in the two tanks? 

Let us imagine the gases in the two tanks to be distinguishable, and call them 
components a and b. Then, when the connecting valve is opened, each expands to 
fill a total volume of 15 liters, The partial pressures of the two components after the 
expansion are 

5X 10X 6 


Pa = — > = 3 atm, Byer g nT eo 


According to the law of partial pressures, the total pressure is 


P=P,+P,=3+4=7 atm. 


Our final example combines the use of Dalton’s law and the ideal gas equation 
of state. 


Example 2.6 A sample of PCl5 weighing 2.69 gm was placed in a 1.00-liter flask and 
completely vaporized at a temperature of 250°C. The pressure observed at this 
temperature was 1.00 atm. The possibility exists that some of the PCl5 may have 
dissociated according to the equation 


PCls(g) = PCls(g) + Clo(g). 


What are the partial pressures of PCls, PCl3, and Clo under these experimental 
conditions? 

The solution to this problem involves several steps. In order to decide whether 
the PCls has dissociated at all, let us first calculate the pressure which would have 
been observed if no PCls had dissociated. This can be calculated from the number 
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of moles of PCls used, together with the volume and temperature of the flask. Since 
the molecular weight of PCls is 208, the number of moles of PCls initially in the 
flask is 


p LRT _ (0.0129)(0.082)(528) L 55 atm. 


Since the observed pressure is higher than this, some dissociation of PCls must have 
occurred. 
Using the law of partial pressures we can write 


Precis + Pror + Pei; = P; = 1.00 atm. 
We now notice that i 
Poi, = Pro, Preis = 0.553 — Pon, 


since one mole of PCl3 and one mole of Cle are produced every time one mole of PCls5 
dissociates. Therefore we can write Dalton’s law as 
0.553 — Pci, + Pei; + Poi, = 1.00, 


Poi, = 0.447 atm, 
and 
Prci, = 0.447 atm, Perci, = 0.106 atm. 


2.2 THE KINETIC THEORY OF GASES 


In the introduction to this chapter we stated that one of the occupations of a 
chemist is to relate the properties of bulk matter to the properties of individual 
atoms. In this section we shall see that simple assumptions about the structure 
and behavior of atoms in the gas phase lead to a molecular theory of gases that 
is consistent with several observed macroscopic properties. 

In order to develop a molecular theory of gases we must first assume that we 
can represent a gas by a simple “model.” A model is some imaginary construct 
or picture which incorporates only those features that are thought to be impor- 
tant in determining the behavior of the real physical system. These features 
are often selected intuitively, or sometimes on the basis of mathematical con- 
venience. The validity of any model can be determined only by comparing 
predictions based on it with actual experimental facts. 

A most important feature of our model is that the gaseous particles, whether 
atoms or molecules, behave like point centers of mass, which most of the time 
exert no force on one another. This assumption is suggested by measurements 
of the densities of solids, which show that the actual volume displaced by a 
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single molecule is only about 10—?? ce, while for a gas av 1-atm pressure, the 
volume per molecule is (22.4 x 10°)/(6 X 109) = 4 x 10-7? ee. Since the 
actual volume of a molecule is so much smaller than the volume per molecule 
in the gaseous state, we can justifiably assume that molecules are point particles 
that behave independently except for brief moments when they collide with 
each other. Furthermore, since gas molecules exert force on each other only 
during the brief instants when they collide, all the obvious macroscopic prop- 
erties of a gas must be consequences primarily of the independent motion of the 
molecule. This is the reason that the idea we are about to develop is called 
the kinetic theory of gases. 


Derivation of Boyle's Law 


FiG. 2.6 


In the following pages we shall present three derivations of Boyle's law. The 
first derivation is very straightforward, and gives the correct result, but is 
perhaps unconvincing because of some obvious oversimplifieations. The second 
derivation is similar to the first, but avoids a major simplification, and is there- 
fore more elaborate. The third derivation employs a totally different point of 
view, avoids all objectionable oversimplifications, and is, therefore, much more 
convincing. It has the drawback that it is less pictorial and mechanical than 
the other derivations, but in addition to its rigor, it has the advantage that it 
can be extended to deal with nonideal gases. The purpose of presenting three 
derivations of Boyle’s law is to demonstrate that it is the methods and thought 
processes which are employed, as well as the final result of a derivation, that are 
useful and revealing. 


The imaginary cylinder of base area A and 
altitude ct which contains the molecules 
which will collide with A in time t. 


Consider N molecules, all of the same mass m, contained in a cubical vessel 
of volume V. We want to compute the pressure, or force per unit area, on the 
walls due to molecular impacts. To do, this, we first make a major assumption: 
all molecules in the vessel move along the three cartesian coordinates perpen- 
dicular to the walls of the box and have the same speed c. Now we center our 
attention on an imaginary cylinder which extends perpendicularly from one of 
the walls, as shown in Fig. 2.6. The base of this cylinder has the arbitrary 
area A. We choose the altitude to be ct, where c is the molecular speed, and t 
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is an arbitrary but short length of time. The cylinder has the following impor- 
tant property: it contains all the molecules which will strike the wall in a time t, 
since the molecules located at the top of the cylinder and moving toward the 
wall will just travel the distance ct in time ¢. Those closer to the wall will reach 
it in less time. 

The force experienced by a molecule in a wall collision is given by Newton’s 


second law, 


f= ma, 


where a is the acceleration experienced by the molecule. Since acceleration is 
defined as the change in velocity per unit time, we can use Newton’s second 
law in the form 


f= ma, 
_ Ac _ A(me) 
TARAI : rM 


force — change in momentum per unit time. 


` Rather than calculate A(mc)/At, the change in momentum per unit time, we 


shall compute the change in momentum of the molecule per collision and mul- 
tiply this times the number of wall collisions per unit time. That is, 


foree — change in momentum per impact X impacts per unit time 


The change in momentum that occurs in one impact can be obtained by 
subtracting the momentum a molecule has after a wall collision from its memen- 
tum before the collision. Initially a molecule traveling toward a wall has 
momentum mc; after the collision its velocity is assumed to be exactly reversed 
in direction but unchanged in magnitude. The final momentum is therefore 
—mc, and the change in momentum, the final value minus the initial value, is 

A(mc) = —me — mc = —2mc. £ 
This is the change in momentum of the molecule, and the change in momentum 
imparted to the wall is the negative of this, or 2mc, since momentum is con- 
Served in any collision. 

The number of collisions with the area A in time ¢ can now be calculated 
very simply. The volume of the cylinder is Act, and since the number of mole- 
cules per unit volume is N/V, the total number of molecules in the collision 
cylinder is NAct/V. Of these, however, only one-sixth are moving toward the 
wall since only one-third move along any one of the three coordinate axes, and 
only one-half of these move in the correct direction. Accordingly, the number 
of molecules hitting A per unit time is 
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FIG, 2.7 


_an@ base area A. All molecules in it moving 


Thus for the force on A we get 


1 NAc 1 
[opm yt 30 
The pressure is the force per unit area f/A, so 


paLal Nm’ or PV = Nme = aN(me’/2). 


We can patch up our incorrect assumption that all molecules have the same 
speed c by replacing c? in the above expression by the average value c?. Thus 
we get 

PV = &N (mc! 2). (2.8) 


This looks very much like Boyle's law. In fact, 2f it is true that kme?, the aver- 
age kinetic energy of gas molecules, is constant at constant temperature, then 
Eq. (2.8) does express Boyle's law exactly: the product of the pressure and the 
volume for an ideal gas is à constant which depends on the number of molecules 
in the sample. 

The foregoing derivation aetually does give the correct result, but the 
assumption that all molecules move only parallel to the coordinate axes or 
perpendicular to the walls is not correct and tends to shake our confidence in 
the result. Fortunately this assumption can be eliminated, and doing so gives 
us the opportunity to use caleulus in the derivation. 


An oblique collision cylinder of slant height ct 


toward the wall with directions specified by 8 
andéó will collide with the wall during the time t. 


Consider the cylinder shown in Fig. 2.7. The area of its base is A, and its 
slant height is ct, where c is the molecular speed, and ¢ is. a short arbitrary 
time. The axis of the cylinder is located by the angle @ from the direction per- 
pendicular to the wall, and the angle ¢. Molecules in it that are moving parallel 
to its axis with speed c have a component of velocity perpendicular to the wall 
of c cos 0, and upon striking the wall acquire a new perpendicular component 


—c cos 0. The momentum imparted to the wall in one such collision is therefore 
2mc cos 0. 
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Now we must find the number of molecules in the cylinder which moye 
"parallel to its axis. This is simply the volume of the cylinder Act cos 6, times 
_ the number of molecules per unit volume N/V, times the fraction of molecules 
j moving in the direction specified by the small range of angles 0, 6+ dé, and 
$, 6 + dọ. This fraction is 


do sin 0 de dé 
ET qp 
which is found by dividing r° sin 6 dô do, the area on the surface of a sphere of 
» radius r corresponding to the differential angles dọ and dð, by the total area of 
the sphere 4rr?. Consequently, the momentum change per unit area and time 
(that is, the pressure) due to the molecules in this cylinder is 


à (= ue Nia (Act eos 6) (5) (e sin 0 2) 


or 


Nmc 
av oe 0 sin 0 d6 do. 


To get the total pressure due to all possible orientations of the cylinder, we 
must add (by integration) the values of the trigonometrie terms for all allowed 


values of 0 and ¢. The angle @ can range from 0 to 7/2 before the imaginary 
cylinder hits the wall, whereas ¢ can run from 0 to 27. We must evaluate 


Nme? depos cos? 6 sin 6 dé. 


The integral over $ simply gives 27. The integral over 0 can be evaluated by 
noting that d(cos 0) = —sin 6 dé, so if we let z = cos 0, we get 


1/2 o 2n 
Í cos? osin odo = — f a de= +z 
o 1 1 


Our expression for the total pressure is then 


Cole 


P Nmd (ag) (3) 


or, rearranging and replacing c? by s we get 


a Nina 
PV=5 7 


which is the result obtained by the more elementary method. 
4 : We can use the technique just employed to calculate the rate at which 
* molecules strike a unit area of & wall from all directions. The contribution from 
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a cylinder with orientation ¢, 0 is the volume of the cylinder Act cos 6, multiplied 
by the number of molecules per unit volume N/V and the fraction moving 
along 6, ¢ toward the wall, sin 0 d9 dó/4T, divided by the time t and area A: 


Acl os (5) sin sas), 
At 097 ACE an 


To get the total rate at which molecules hit a unit area of the wall, we integrate 
over allowed angles: 


2T "|2 
LY) Nc ; 
wall collision rate — anv f dọ f cos 0 sin 0 d0 


SNC! 
~ AV 
We can replace c by the average speed Z, and by so doing obtain an exact expres- 
sion for the wall collision rate. Note that the elementary method first employed 
to derive Boyle's law would give Nz/6V for the wall collision rate, which is too 
small. Its success in the Boyle’s law derivation came from compensating errors. 
We will now derive the equation of state for a gas by a third, much more 
rigorous, but somewhat simpler method. This last technique, which involves 
use of the virial theorem, exposes most clearly the minimum necessary assump- 
tions involved in deriving Boyle’s law, and has the very important feature that 
it provides a basis for rigorously treating nonideal gases. Before we derive the 
equation of state, we must prove the virial theorem. 
Consider S+, the product of the z-component of momentum p; times the 
coordinate z: 


(2.9) 


S; = tp. 


The derivative with respect to time of S; is 


dS, dx d 
S ie 2»). (2.10) 
Now we ask for the average value of dS, /dt over a long time period r. This can 
be obtained by adding up all the values of dS; /dt during this time, and dividing 


by 7. Since the values of dS,/dt can be considered continuous, we can perform . 


the addition (and the averaging) by integration. The average we want is 


ANGE LU SASE se io abes 
ey f ai ^ 1f as, T 
— S(T) — S0. 


T 


For mechanical systems in which the motion of the particles is confined, the 


. quantity S; has some finite upper limit. For a gaseous molecule confined to a 
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- finite volume, the coordinates have obvious upper limits set by the vessel walls. 
Also, the momentum has a finite upper limit’ set by the finite total kinetic 
i : energy. Consequently the quantity S,(r) — S,(0) must also be finite and, in 
_ fact, may be quite small. Since the period of time over which the averaging is 
_ performed can be made arbitrarily long, the quantity [S.(r) — S.(0)]/z can be 
made to vanish. Thus the long time average of dS,/dt vanishes, and from 


Eq. (2.10) we get 
d$ oL (tz dp. 
(at) =9= Gir) + eG) 
dz dpz 
ORRE 


v, = dz/dt, Pz = Mz, 


or 


Now since, by definition, 


and the force F+ is dpz/dt, we can substitute to get 
(mo?) = —(GF;). 


This argument has been carried out for the z-component of one particle, and is 
the same for all three components and all other particles in a gas. Thus we can 
add the terms for the other components and N particles to get 


e» (mv2 + mi? + mi) =— 9» (zF, + yFy + eF.)) 


where XN stands for the operation of adding up the quantities for the N par- 
ticles. The left-hand side is just twice the average kinetic energy of the collection 
of particles, so we have 


(KE) = — 5 Q (zF; + yF, + zF.) : (2.11) 


The left-hand side is the average kinetic energy of all the particles, and the 

. right-hand side is called the virial. Equation (2.11) is a statement of the 
virial theorem. 

j Now that we have the virial theorem, it is a simple matter to derive the 
equation of state for an ideal gas. In such a system the only forces on the 
molecules are those due to the walls of the container. .For the cubical box shown 
‘in Fig. 2.8 we must evaluate the product of the force and coordinate for each of 
the six faces. Taking the quantity zF as an example, we see that it vanishes 
for all faces except those perpendicular to the z-axis, since a wall parallel to the 
x-axis cannot exert a net force in the z-direction if the gas is at rest. The con- 
tribution to the virial of the wall at z = 0 is zero, while the wall at x = L 
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FIG, 2.8 


A cubical gas container with faces at x = 0, L, 
y=0,L, and z=0,L. 


z 


contributes LF, = —L(L?P), where P is the gas pressure. A similar argument 
holds for the other walls, with the result that. 


(KE) = —RL(F, + Fy +F.) = 5 (LAP + LP + LP) = PD? = PV. 
Therefore we get 
PV = &(KE) = &N «31 


which is exactly the result obtained earlier. Note that the important assump- 
tion made in this derivation is that the only forces that contribute to the virial 
are those that the molecules exert on the walls. This appears then to be the 
necessary condition for a gas to behave exactly according to Boyle’s law: the 
forces between the molecules must be negligible. Since molecules always exert 
forees on each other when they are close, Boyle's law is obeyed exactly only in 
the limit of zero pressure. 


Temperature, Energy, and the Gas Constant 


Our theory cannot provide a way to evaluate the constant 4me?; this must be 
done by comparing the theory to the results of some experiment. To see how 
this is accomplished, let us return to Eq. (2.8) and write the number of molecules 
N as the product of Avogadro’s number N and n, the number of moles of gas 
in the sample: 


N = No, 


7 
PV = nÀNo 22-. 
2 
But by experiment we know that PV = nRT, and therefore 


RT = Ny. 
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Now the quantity me? /2 is the average translational kinetic energy of a single 
molecule, so N o(mc?/2) is the total kinetic energy of one mole of gas. We have 
the remarkably simple result that 
mei 
2 


translational kinetic energy of a mole of gas = $T. Y (2.12) 


No = 3 RT, 


From this we see that temperature is a parameter related to the total kinetic 
energy of translation of the gas particle. If we divide both sides of Eq. (2.12) 
by Avogadro’s number, we get 


(2.13) 


where k = R/No, the gas constant per molecule,.is called Boltzmann’s constant. 
This equation tells us that temperature js a measure of the average kinetic 
energy of a single molecule. 

According to Eq. (2.12) the quantity nRT and consequently PV must have 
the units of energy. We have been expressing both of these factors in units of 
liter-atmospheres, which is an uncommon and perhaps unrecognizable energy 
unit. To assure ourselves that pressure times volume indeed has the units of 
energy, we need only write 


pressure X volume = (foree/area)(area X length) 
= force X length. 
Since work or energy is defined as the product; of force and distance, we see 
that PV actually does have the units of energy. Let us calculate the value of 
1 liter-atm of energy in more common units. Since 1 atm is 1.013 x 10° dynes/ 
em’, and 1 liter is 10? ee, 


1 liter-atm = (1.013 x 10° dynes/cm?) x 10° cm? 


1.013 x 10° dyne-cm 
1.013 x 10° ergs. 


Noting that 1 joule = 107 ergs, we find that 1 liter-atm is equal to 1.013 x 
10? joules, or to 24.4 cal. We can use these conversion factors to calculate the 
value of R in more familiar energy units. The value of R in ergs per mole- 
degree is 


liter-atm fuc ONES nis to? Se _ 
0.08206 moledey Meee 10 eae eem mole-deg ` 


Other values for-R in different units are given in Table 2.2. 
Now we are in a position to evaluate Boltzmann's constant k, and to cal- 
culate the average speed of gaseous molecules. We know that the value of the 
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Table 2.2 The gas constant R 


0.08206 liter-atm/mole-deg 
1.987 cal/mole-deg 
8.313 joules/mole-deg 


8.313 x 107 ergs/mole-deg 


gas constant R is 8.313 X 10” ergs/deg-mole, so for k we find 


7 
y. 8313 x 10 


= 6022 x 1025 1.380 x 10719 ergs/molecule-deg. 


We have chosen to express Boltzmann's constant in egs units so as to be able 


to compute molecular speeds in cm/sec. Let us caleulate Vc? for a nitrogen 
molecule at room temperature. We write : 


dm = gkT,. 

Vea = V3RT/m (2.14) 
(3.1.88 x 107° x 298 V! 
de EE Wp GUI EMEN 


= 5.1 X 10* cm/sec. 


The quantity Ve is called the root-mean-square speed of a molecule, Crms, 
and is not the same as the average speed Z. The difference between the two, 
however, is so small that for most, purposes they can be equated to each other. 
Equation (2.14) shows that the root-mean-square speed depends on the mass 
of the molecule, and repetition of our calculation gives the root-mean-square 
speed of a hydrogen molecule at 25°C as 19.3 X 10* cm/sec. Table 2.3 gives 
Crms for some other molecules. 

Equation (2.13) shows that if two gases are at the same temperature, their 
molecules have the same average kinetic energy, so we can write 


Be: ay 3 
2 2 c mə 
mici imi, = sud 
o [51 1 
P 1/2 
EUN TEN (2.15) 
te m, T 


Table 2.3 Root-mean-square speeds of molecules at 298°K 


Argon 4.31 X 104cm/sec | Hydrogen 1.93 x 105 cm/sec 
Carbon dioxide 4.11 X 104 Oxygen 4.82 x 10* 
Chlorine 3.23 x 104 Water 6.42 x 104 


Helium 1.36 x 105 


Xenon 2.38 x 104 


THE PROPERTIES OF GASES | 2.2 


When taken at the same temperature, lighter molecules move faster, on the 


. average, than heavier molecules, and the ratio of the average molecular speeds 


is very nearly equal to the square root of the inverse ratio of molecular masses. 

In the derivation of Boyle’s law we showed that the frequency of wall col- 
lisions is proportional to molecular speed, and hence inversely proportional to 
the square root of molecular mass. Consequently, lighter molecules collide 
with the walls of their container more frequently than do heavier molecules at 
the same temperature: On the other hand, the change in momentum per wall 
collision is proportional to mZ, and by taking account of Eq. (2.15) we see 
that mē increases proportionally to the square root of the molecular mass. 
Thus, while lighter molecules collide more frequently with the vessel walls, 
heavier molecules experience a greater change in momentum per collision. 
These two factors exactly cancel each other, and gas pressure is independent 
of the nature of the molecules. 


SR 


fa lp 


A schematic representation of a molec- 

or Vacuum T ular effusion apparatus, The diameter of 
A the hole is smaller than the distance that 
molecules travel between collisions. 

Oa aO Consequently molecules pass indepen- 
De a aa dently, not collectively, through the hole. 


FIG, 2.9 


Effusion and Diffusion 


There are two simple experiments which make the mass dependence of the 
average molecular speed directly observable. Consider first the apparatus 
shown in Fig. 2.9. A gas is separated from a vacuum chamber by a wall which 
has a very small hole in it. If the hole is small enough, there will be no “pouring” 
or collective mass flow of gas into the vacuum. Instead, individual molecules 
will pass through the hole independently only if their trajectories cause them 
to approach the wall area where the hole is. The rate of passage of molecules 
through the hole, which is the effusion rate, is just the rate at which molecules 
strike a unit area of the wall times the area A of the hole. From Eq. (2.9) we get 


effusion rate = rate of wall collisions per cm? x hole area 


1N 
=a pera. 


Since @, the average molecular speed, is inversely proportional to the square 


root of molecular mass, we should have 


^ 
effusion rate « m7™?. 


> 
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FIG. 2.10 


This is observed experimentally. In particular, if an equimolar mixture of H3 
and Ng is allowed to effuse through a hole, we can expect 


rate of effusion of H2 _ Cx, [No 
rate of effusion of No n, MH, 
= V3 = 3.7. 


Thus the gas which passes through the hole should be richer in Hz, and the gas 
remaining in the vessel should be richer in Ns. This result is indeed found 
experimentally. 


Porous wall 


(a) 
Diffusional mixing of Hz and Ns. (a) Initial state, and (b) some time later. 


The second type of experiment which demonstrates the difference in molecular 
Speeds is gaseous diffusion. Figure 2.10 shows an apparatus in which hydrogen 
and nitrogen gas, initially at the same pressure and temperature, are separated 
by a porous wall. The porous wall prevents a mass flow of gas, but does allow 
molecules to pass from one chamber to the other. It is observed that the initial 
diffusive flow of hydrogen from left to right is more rapid than the flow of 
nitrogen from right to left. 

The explanation of the diffusive flow rate is more complicated than the 
explanation of moleeular effusion, since diffusion involves the effects of collisions 
between molecules, whereas effusion does not. However, the dependence of 
diffusion rate on molecular mass can be deduced as follows. As each gas starts 
to diffuse through the porous plug, it transfers momentum to the plug. Initially, 
the pressures of the gases on each side of the plug are equal, and this means that 
the momentum imparted by each gas to the plug must be the same. Since the 
gases are flowing, the momentum imparted per unit time by each to the plug 
is the product of the flux of molecules J through the plug and the average 
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“momentum carried by the molecules, mz. Thus 

momentum transferred/sec by H5 = Jy,mu,Cu,; 
momentum transferred/sec by No = Jy,my,ty,- 
" These momenta are equal, since the pressures are equal, so 
Jy,my,Cu, = JN,mN4N;; 


Jig _ (rnt)ng 
Jw, (min, 


Now we make use of the fact that ¢ « m—/?, and get 


rate of diffusion of Hz Ju, _ [mw . (2.16) 
rate of diffusion of No Jy, Nma, i 


The result is that the ratio of rates of diffusion is inversely proportional to 
the square root of the mass ratio, just as was true for effusion. Note, however, 
that the inverse mass dependence of effusion and diffusion arises in two different 
ways. In effusion, the molecular flux is directly proportional to molecular speed, 
and hence inversely proportional to the square root of molecular mass. In 
diffusion, the molecular flux is inversely proportional to the molecular momentum 
m?, and hence inversely proportional to the square root of molecular mass. 

The fact that the rate of diffusion is greater for lighter gases can be made 
the basis of a purification procedure. If we had an equimolar mixture of hydro- 
gen and nitrogen, and allowed it to diffuse through a porous wall into a vacuum, 
the gas which initially diffused through the barrier would be enriched in hydro- 
gen. The enrichment factor would be the ratio of the rates of diffusion of the 
two gases, or as Eq. (2.16) shows, a factor of 3.7. If the enriched sample were 
collected and allowed to diffuse through another porous barrier, further enrich- 
ment could be achieved. -It is by an elaboration of this process that the U??5 
isotope is separated from U?38. Gaseous UFg diffuses through thousands of 
porous barriers until an acceptable enrichment of U?*5F, occurs. The enrich- 
ment factor at each barrier is only. 


238-- 114? . 
e + n4) vate 


and consequently many barriers and careful collection and recycling of the gas 
are required to achieve a useful isotopic separation. 


` 


2.3 THE DISTRIBUTION OF MOLECULAR SPEEDS 


As we implied in our kinetic derivation of Boyle’s law, not all gaseous molecules 
travel at the same speed. To obtain a more detailed picture of gaseous behavior, 
it might seem desirable to know the speed of each molecule. However, this is 
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FIG, 2.11 


definitely impossible. Just to write down the 6 X 107% values of the molecular 
speeds that occur in a mole of gas at one particular instant would require a 
stack of paper reaching past the moon. It is even more discouraging to realize 
that these data would be valid for less than 107° seconds. Because of collisions, 
the speed of each gaseous molecule changes billions of times every second. 
Consequently, we must abandon the idea of ever knowing the speed of each 
molecule in even a modest-sized sample of gas. 

There is still a useful approach to the problem, however. We can take ad- 
vantage of the large numbers of molecules present in any gas sample and make 
a statistical prediction of how many of them have a particular speed. This 
approach is similar to that used in actuarial problems. Without detailed infor- 
mation, it is impossible to say who will die in a given week, but the number of 
people who will die in the same period is statistically predictable. In a gas, 
despite the constant collisional “exchange” of speeds, the number of molecules 
with any particular speed, for instance in the small range between c and c + Ac, 
is a constant, Consequently, itis possible to specify the distribution of molecular 
speeds: the fraction AN/N of the molecules which have speeds between each 
value of c and c+ Ac. 


speeds in interval Ac 


Molecular speed distribution for oxygen 
at 273°K. 


Relative number of molecules with 


0 4x 104 8X10} 12x10 
Molecular speed (cm/sec) 


The molecular speed distribution, derived by statistical considerations and 
confirmed by experiment, is represented graphically in Fig. 2.11. The value of 
the ordinate is proportional to the fraction of molecules which have speeds in a 
narrow range Ac centered about each value of c. Note that there are relatively 
few molecules with very high or very low speeds. The value of c for which 
AN /N is a maximum is called the most probable speed, c. The distribution 
curve is not symmetrical about its maximum, and as a result the average speed 


. Gis slightly larger than cmp, and the root-mean-square speed ¢rms = Ve is 


larger still. However, exact calculation shows that these speeds are related by 
mp0: Cms = 1:1.13:1.22, and for many purposes can be considered identical. 
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ry often it is useful to know the fraction of molecules that have speeds be- 
"tween two different values c; and cs; this number is equal to the area under 
"the distribution curve between c; and cs. With this in mind, we can see from 
Fig. 2.11 that most gaseous molecules have speeds that are near the average 
Speed €. 

Figure 2.12 shows how the distribution of speeds changes as the gas tempera- 
"ture is raised. The values of cmp, ?, and Crms all increase, and the distribution 
curve becomes broader. In other words, at higher temperatures there are more 
"molecules with greater speeds than at low temperatures. The temperature 
' dependence of the distribution curve is helpful in explaining the effect of tem- 
— perature on chemical reaction rates. Consider the possibility that in order to 
‘react, a molecule must have a speed greater than ca, shown in Fig. 2.12. The 
area under the distribution curve for speeds greater than c, is very small at low 


under the curve corresponding to speeds greater than c, increases. Thus at 
higher temperatures more molecules satisfy the criterion for reaction, and the 
reaction rate increases. 


Molecular speed distribution for oxygen 
at two temperatures. 


Relative number of molecules 


with speeds in an interval Ac 


8 
Speed c (em/see x 1073) 


FiG. 2.12 


1 The Maxwell-Boltzmann Distribution Function 


The mathematical form of the speed distribution funetion was first derived by 
Clerk Maxwell and Ludwig Boltzmann in 1860. Their expression for AN/N is 


8/2 
AN 4r (zr) e IET ne, à; (2.17) 


| Where m is the molecular mass, k is Boltzmann's constant, T is the absolute 
; temperature, and e = 2.71... is the base of natural logarithms. We will not 
-— derive this equation, for to do so requires moderately elaborate mathematics. 
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It is useful, however, to analyze the expression, and see that the dependence 
of AN/N on c is the product of two factors. One is 


g- Qm ek) 


and the other, apart from the constants, is c^. 

The exponential factor is a special example of Boltzmann's factor e 
with e = }mc?. It is a general and very important feature of all systems that 
the fraction N,/N of molecules with energy € is proportional to e~‘*7. "Thus, 
at any particular temperature there tend to be fewer molecules with high 
energies than with low energies. - 

Even without using detailed mathematics, it is possible to justify the ex- 
ponential form of the Boltzmann factor in the speed distribution law. We 
know that the kinetic energy.can be expressed in terms of the squares of its 
velocity components: 


kT 
n 


dne = m? + dmg? + dma? 


If the motion of molecules is truly random, the value of one velocity component 
is independent of the values of the others. Therefore, if we say that the speed 
distribution function depends on the energy mc’, the function must pe con- 
sistent with two facts: 

1. The kinetic energy of a molecule is the sum of its component kinetic energies. 
2. The probability of observing a particular magnitude of one velocity com- 

ponent is independent of the values of other velocity components. 

Now the probability of observing two independent events is equal to the product 
of the probabilities of observing each of them separately. Therefore our re- 
quirements on the speed distribution function amount to saying that the 
kinetic energies associated with the velocity components must be additive, but 
the probabilities of observing their individual values must be multiplicative. 
We can see that the Boltzmann factor satisfies these requirements, for 


gno /2kT $ g^ Oo I2ETY GI +i +i) 2 (emi tI2RT) (g MILAT gmi" 2T), 


where the three factors on the right-hand side are the probabilities of observing 
the individual values of the velocity components. The argument we have just 
outlined can be used as a basis for a proof that the exponential function alone 
satisfies the requirements for the distribution law. 


The origin of the c?-factor in the distribution law lies in the fact that there : 


are more “ways” in which a molecule can have a high speed than a low speed. 
For instance, there is only one way in which a molecule can have zero speed: 
it must not be moving along the z-, y-, or z-axis. But if a molecule has a finite 
speed, say 100 m/sec, it may move in either direction along the z-axis at 
100 m/sec, and not along y or z, or it may move along y at 100 m/sec and not 
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along x or z, or it may move with a velocity component of 57.7 m/sec along 
each of the axes. Any combination of velocity components which satisfies the 
relation 4? + y? + 2? = c? = (100)? is possible. As the speed of a molecule 
increases, the number of possible combinations of its velocity components 
which are consistent with its speed increases proportionally to c?. 


Graphical representation of 
52 + y? + 2? = c?, 


To see this argument more clearly, we need only plot the equation i? + 
3? + Z? = c? on a coordinate system in which z, 7, 2 are the coordinate axes. 
Figure 2.13 shows that this equation generates a spherical surface of radius c. 
This surface contains all the values of 2, 7, and 2 which are consistent. with a 
Speed c. Therefore, the number of possible ways a molecule can have speed c 
should be proportional to the number of points on the surface, or to the surface 
area. Since the surface is a sphere, its area and the number of ways in which 
the speed c can occur are proportional to c?. Thus the Maxwell-Boltzmann 
distribution has in it two opposing factors. The c?-factor favors the presence 
of molecules with high speeds, and is responsible for the fact that there are few 
molecules with speeds near zero. The Boltzmann factor, e-"*2)T. favors low 
speeds and limits the number of molecules which can have high speeds. 


FIG. 2.13 


Experimental Verification of the Speed Distribution 


Figure 2.14 is a simplified diagram of an apparatus that has been used to deter- 
mine the form of the speed distribution. The vapor of cesium is contained in an 
oven O which has a very narrow horizontal slit cut in its side. Cesium atoms 
pass through the slit into the surrounding chamber, in which a vacuum is 
maintained. In the absence of gravity the only cesium atoms passing through 
the slits S; and S, and to the detector would have horizontal trajectories. 
Because of the action of gravity, however, the atoms are deflected downward as 
they travel toward the detector D. The deflection is greatest for the atoms which 
travel with the slowest speeds. To see that this is true, recognize that the time 
that an atom with speed c takes to travel the distance / from the oven to the 
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Schematic diagram of apparatus for determining the molecular speed distribution. 


detector is t = l/c, and the deflection s produced by the acceleration of gravity g 
during this time iss = 4gt? = 1g(I/c)?. Thus, by measuring the signal reaching 
the detector when it is placed at the various positions D, D', D”, ete., the 
relative number of atoms with each speed can be determined. The results found 
in this way are in excellent agreement with the mathematical form of the speed 
distribution found by statistical calculations. 


2.4 HEAT CAPACITIES 


¥ 


In Chapter 1 we defined the heat capacity of a substance to be equal to 
the amount of heat in calories required to raise the temperature of one mole 
of the substance one degree centigrade. Now we shall see that the molecular 
kinetic theory leads to a very satisfactory prediction and interpretatior of the 
experimental heat capacities of many gases. 

First we must remark that our definition of heat capacity is incomplete. It 
is found experimentally that the measured value of the heat capacity depends 
on how a gas is heated. In particular, if a gas is heated with its volume held 
constant, the measured heat capacity is smaller than when the gas is heated 
with the pressure fixed. Let us call these two heat capacities Cy and Cp, the 
heat capacity at constant volume and at constant pressure, respectively. 

When a gas is heated, energy is added to it. This added energy must appear 
as kinetic energy of the molecules, or as work done by the gas in expanding 
against an external pressure, or as both. In order for a gas to perform work, it 
must expand, for work is always the product of a force and a displacement. If 
the volume of a gas is held constant, there is no displacement and no work done. 
Therefore, any energy we add to a gas at constant volume must appear as 
kinetic energy of the molecules. The kinetic theory tells us that for an ideal 
gas of monatomic particles, 
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Table 2.4 Heat capacity ratios, 
Cp/Cy, for some gases 


Gas Cp/Cy Gas Cp/Cy 


He 1,66 He 1.41 
Ne 1.64 02 1.40 
Ar 1.67 N2 1.40 
Kr 1.68 co 1.40 
Xe 1.66 NO 1.40 
Hg 1.67 Cle 1.36 


Therefore if we increase the energy by an amount AE, we must make a change 
in temperature AT, where 
AE — $R AT. 


But AE/AT is the increase in energy per degree per mole, or the heat capacity 
8t constant volume: 
AE 
Cy = aT’ 
Thus Cy for an ideal monatomic gas is $R, or about 3 cal/mole-deg. 

When the temperature is raised at constant pressure, the kinetic energies of 
the molecules increase and the gas does work by virtue of its inerease in volume. 
If we remember that the product PV has the units of work, the amount of work 
done by the gas expansion can be calculated easily. It is simply equal to A(PV), 
the change in the pressure-volume product. But at constant pressure we can 
write : 

A(PV) = PAV. = P(Va — Viy— PV2 — PVs- 


F'or one mole of gas, PV = RT and 
PV, — PV, = RT; — RT, = RAT. 


Thus, the “extra” heat capacity due to the expansion of the gas is A(PV )/AT = 
R, and so 
Ce=Cy+k 
= gR+ R= $R; 
Cp/Cy — $ — 1.67. 

The heat-capacity ratio C p/Cy can be measured experimentally, and Table 
2.4 shows that the values found for the monatomic gases agree well with the 
predictions of the kinetic theory. It is also clear, however, that the heat-capacity 


ratios for the diatomic gases are consistently less than 1.67, and we must now 
explore the reasons for these deviations. 
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Rotational motion of a diatomic molecule. (a) Rotation about the x-axis. (b) Rotation about 
the y-axis. 


First we note that Cy, the heat capacity that is due to the translational 
motion of the molecules, is equal to $R, and that there are three independent 
velocity components associated with the translational motion. Therefore we 
can infer that each of the three independent translational motions contributes 
ÈR to the heat capacity. On this basis we might expect that if any other type 
of motion is available to gas molecules, there will be additional contributions 
to the heat capacity, coming in units of 4R. 

Figure 2.15 shows that in addition to the three translational motions, a 
diatomic molecule can rotate about its center of mass in two mutually perpendic- 
ular and independent ways. Assigning $R as the heat-capacity contribution of 
each of these motions we get 


Cy = $R+4R+4R = $R, 
Cp — Cy +R=3R, 
Cp/Cy. = p= 140. 


Thus this intuitive argument accounts in large measure for the observed heat- 
capacity ratios of the diatomic gases. : 

Were we to stop the analysis here, we would be guilty of overlooking the fact 
that the atoms of a diatomic molecule are not rigidly held at a fixed distance 
from each other, but vibrate about a well-defined average separation distance. 
This vibrational motion is independent of the rotations and translations, and 
apparently should contribute to the total heat capacity of the molecule. That 
it does not make an appreciable contribution for most diatomic molecules is a 
fact that can be explained only by analyzing the vibrational motion using quan- 
tum mechanics instead of the Newtonian laws of motion. This analysis is 
beyond Our scope, but its result is the prediction that vibrational motion can 
contribute any amount to the heat capacity between 0 and R, and the latter 
value is approached ‘only at high temperatures for most molecules. 
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2.5 IMPERFECT GASES 


The ideal gas equation of state, PV = nRT, while of pleasing simplicity, is 
restricted in its application. It is an accurate representation of the behavior of 
gases only when they are at pressures not much greater than one atmosphere, 
and at temperatures well above their.condensation points. In other words, the 
ideal gas equation is an approximation to more accurate equations of state 
which must be used when gases are at high pressures and low temperatures. 
These more accurate equations are naturally more complicated mathematically, 
and thus more difficult to use. Nevertheless, their study is actively pursued, 
for the form of these more accurate equations of state can tell us much about 
the forces that molecules exert on each other. 

The quantity z = PV/nRT is called the compressibility factor of a gas. 
If a gas were ideal, z would be equal to unity under all conditions. Experimental 
data, some of which appear in Fig. 2.16, show clearly that z may deviate con- 
siderably from its ideal value, which is approached only in the range of low 
pressures. Moreover, deviations from ideal behavior may cause z to be greater 
or less than unity, depending on the temperature and the pressure. 


Compressibility factor for nitrogen as a 
function of pressure. 


. An empirical equation of state generated intuitively by van der Waals in 
1873 reproduces the observed behavior with moderate accuracy. For n moles 
of gas, the van der Waals equation is 


n?a 
(P +38 (V — nb) = nRT, 


where a and b are positive constants, characteristic of a particular gas. While it 
is only one of several expressions that are used to represent the behavior of 
gases over wide ranges of pressure and temperature, it is perhaps the simplest 
to use and interpret. At low gas densities V tends to become much larger than 
nb, and n?a/V? tends toward zero. Under such conditions it is a good approxi- 
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mation to write 
2 
na 
P+ =P; 


V — nb &V, 


and so the van der Waals equation for one mole of gas reduces to PV = RT 
at low pressures. 
To analyze the van der Waals equation further, let us for simplicity specify 
n = 1 mole, and then rearrange it to the form 
PV. V a 1 


Now we can see that as the volume diminishes, the terms on the right-hand 
side of the equation become large. If the temperature is high, however, the 
second term will tend to be small, and we will have 


This reproduces the “positive” deviations from ideality observed at high tem- 
perature and pressure. On the other hand, at room temperatures and moderate 
densities the approximation 


Da j 


y-—b 


holds, and the term proportional to a becomes important; so we have 


Thus the compressibility factor is less than unity, as is observed for many 
gases at moderate densities and low temperatures. 


Intermolecular Forces | 


Now we must find an explanation of the origin and significance of the El 
van der Waals constants a and b. The constant b has the units of volume per 
mole, and according to Table 2.5 has a value of about 30 cc/mole for many 
gases. To a rough approximation, 30 cc is the volume that one mole of gas 
occupies when it is condensed to a liquid. This in turn suggests that b is some- 
how related to the volume of the molecules themselves. Comparison of the 
simplified van der Waals equation P(V — b) — RT with PV — RT further 
supports this view. In deriving the ideal gas equation of state we assumed that 
the molecules were mass points which had available to them the whole geomet- 
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Table 2.5 Van der Waals constants 
Gas a(liter?-atm/mole?) b(liter/mole) 


H2 0.2444 0.02661 " 
He 0.03412 0.02370 
N2 1.390 0.03913 
02 1.360 0.03183 
co 1.485 0.03985 
NO 1.340 0.02789 
CO» 3.592 0.04267 
H20 5.464 0.03049 


rical volume of the container. If the molecules are not points, but are of finite 
size, each must exclude a certain volume of the container from all the others. 
If we call this “excluded”” volume b, then we might say that the “true” volume 
available for molecular motion is V — b, and that consequently the equation 
PV = RT should be written as P(V — b) = RT. Thus the effect of finite 
molecular size is to make the observed pressure greater for a given volume than 
is predicted by the ideal gas law. 


Excluded volume due to finite molecular size. FIG. 2.17 


Let us assume that molecules are impenetrable spheres of diameter p, and 
ask how this diameter is related to the van der Waals b-factor. Figure 2.17 
shows that the presence of one molecule excludes a volume of $7p? from the ^ 
center of any other molecule. For a collection of molecules, we can regard half 
of them as excluding a certain volume from the other half, so the total excluded 
volume is 


2d Gro) = $Tp?N = nb, 


where for a 1-mole sample, N equals Avogadro's number. Thus by determining 
the van der Waals b-factor experimentally we can obtain an estimate of the 
size of a molecule. 2 
To interpret the factor a/ V? in the van der Waals equation of state we note 
once again that the pressure of a gas arises from a transport of momentum to 
the walls of the container. If there are attractive forces between molecules, this 
momentum transport is somewhat impeded by the interaction of molecules 
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nearing the walls with the molecules "behind" them in the bulk of the gas. 
In effect, attractive forces cause molecules nearing the walls to transfer some 
of their momentum to other gas molecules rather than to the walls. We can 
expect the magnitude of this "negative pressure" effect to be jointly proportional 
to the densities of each of interacting pairs of molecules, or to (N/ V)*. For 
one mole of gas this can be written as a/V?, where a is a proportionality constant 
greater than zero that measures the strength of the attractive intermolecular 
forces. 

Because of attractive intermolecular forces alone, the actual pressure of an 
imperfect gas is lower than that predicted by the ideal gas law. Therefore we 
should add the term a/V? to the actual pressure P to obtain [P + (a/ y?),, 
a quantity which when multiplied by volume gives the ideal pressure-volume 
product (PV) idea = RT. This argument rationalizes the way in which the 
term a/V? appears in the van der Waals equation. 

We should also note that if there are attractive forces between molecules, 
two moleeules can become bound to each other to form an associated molecular 
pair, or dimer. The "bond" between such molecules is very weak, so that under 
ordinary conditions only a small fraction of the gaseous molecules are present 
as dimers. For each dimer formed, the net number of free particles decreases 
by one. According to the kinetic theory, the gas pressure is proportional to 
the number of free particles, regardless of their mass. Thus, if an appreciable 
number of molecules are dimerized, the actual number of free particles will be 
smaller than the stoichiometric number of molecules, and the observed pressure 
will be less than the “ideal” value of RT/V. This is the same conclusion that 
we reached previously by using a different argument. 

A slight rearrangement of the van der Waals equation will make clear how 
the types of deviation from ideal behavior depend on temperature. For one 
mole we write 


PV y a 


Letting V/(V — b) = 1 4- b/V, we get 


Py [A 
E-i(o- xr (2.18) 


This shows cleafly that to a first approximation deviations from ideal behavior 
are proportional to 1/V, and that the magnitude and sign of the deviations 
depend on the size of the molecules, the strength of the attractive forces between 
them, and the temperature. At high temperatures the quantity PV/RT will 
tend to be greater than unity, while the opposite will be true at low temperature. 


Question. At the so-called Boyle temperature, the effects of the repulsive and attractive 
intermolecular forces just offset each other, and a nonideal gas behaves ideal'y. From 
Eq. (2,18), express the Boyle temperature in terms of the van der Waals constants a and b. 
What are the Boyle temperatures of He and No? 
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Equation (2.18) gives an adequate representation of gas behavior only in a 
rather limited range of densities. A simple extension of this equation that can 
be fitted to experimental data over a much wider range of densities is the virial 
equation of state: 


PV _ |, BT) CT), DIT), 
gp bay ae ys t 


The quantities B(T), C(T), ete., are called the second, third, ete., virial coeffi- 
cients, and depend only on temperature and the properties of the gas molecules. 
The second virial coefficient B(T) represents the contributions that interactions 
/between pairs of molecules make to the equation of state, while the third virial 
coefficient C(T) measures the effects due to the simultaneous interaction of 
three molecules. In the simple van der Waals model where molecules are 
pictured as rigid spheres that attract each other weakly, the second virial 
coefficient is (b — a/RT). 


=) 


Graphical representation of the Lennard-Jones 
intermolecular potential energy function. 


Intermolecular potential energy, ¢ 


Intermolecular distance, r 


The van der Waals model for molecular interactions is admittedly very 
crude, for we cannot seriously expect that molecules are impenetrable spheres 
of well-defined diameter. Fortunately, the experimental determinations of the 
virial coefficients have led to a more detailed and satisfying picture of inter- 
molecular forces. All molecules attract each other when they are separated 
by distances of the order of a few angstrom units, and the strength of these 
attractive forces decreases as the intermolecular distance increases. When 
molecules aré brought very close together they repel each other, and the mag- 
nitude of this repulsive force increases very rapidly as the intermolecular 
separation decreases. ‘These phenomena are often represented by plotting the 
mutual potential energy of a pair of molecules as a function of the distance 
between their centers of mass. 

Figure 2.18 shows the general form of the potential energy used to describe 
the interaction between two uncharged spherical molecules. The force between 
the two molecules at any separation is equal to the negative slope of the potential 
energy curve at that point. We see that if the zero of potential energy is taken 
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as that of two infinitely separated molecules, the potential energy becomes 
negative as the molecules are brought together. After reaching a minimum 
value the potential energy rises abruptly as the molecules are brought still 
closer, and the force between them becomes repulsive. 

An algebraic representation of the intermolecular potential energy curve is 


-0-01 


and is called the Lennard-Jones potential function. In this expression, r is the 
separation of molecular centers, and the parameter € is equal to the minimum 
value of the potential energy, or to the “depth” of the potential energy “well,” 
as Fig. 2.18 shows. The distance parameter ¢ is equal to the minimum distance 
of approach of two molecules colliding with zero initial kinetic energy. In a 
sense it is a measure of the diameter of the molecules. Actually the true diameter 
of a molecule is an ill-defined quantity, because two molecules can approach 
each other to the distance at which their initial kinetic energy of relative motion 
is converted entirely to potential energy. If their initial kinetic energy is large, 
then their distance of closest approach can be somewhat smaller than g. 


Intermolecular 
$9930 distance (A) 


Intermolecular potential energy 
(ergs 1015) 
1 
a o [7] 


—25 


Lennard-Jones intermolecular potential energy function for He, Ar, Kr. 


The values of the parameters e and ¢ depend on the nature of the interacting 
molecules. In general, both parameters increase as the atomic number of the 
interacting atoms increases. Figure 2.19 shows the potential energy curves for 
three of the inert gases. Note that € is of the same order of magnitude or some- 
what smaller than kT- at room temperature. This means that the average 
kinetic energy of gas molecules is larger than the largest possible value of the 
attractive potential energy of a molecular pair. Because molecules are generally 


_far apart at ordinary pressures the average potential energy of interaction is 


much less than the average kinetic energy, and consequently it is the latter 
that is largely responsible for the observed behavior of gases. 
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2.6 TRANSPORT PHENOMENA 


Determination of the equation of state of an imperfect gas can lead to a descrip- 
tion of the potential energy of interaction between molecules. In this section 
= we shall find that the viscosity of gases, their ability to conduct heat, and the 

rate at which they diffuse into each other all can be related to the frequency of 


molecular collisions, and thus to the forces between molecules. Therefore study- 


of these phenomena can provide additional information about the nature of 
intermolecular potential energy. 

The thermal conductivity of a gas is the rate at which it transports energy 
from a surface at a higher temperature to one at a lower temperature. The 
total rate of energy transport depends on the area of the surfaces, the tempera- 
ture difference AT and the distance Ad between them, so the specific thermal 
conductivity x is defined by 


rate of energy transporé per unit area = —K AT (ergs/cm?-sec). (2.19) 


Defined this way, x depends on the properties of the gas alone. 


Moving plate 


Gas between a moving and a 
stationary plate. 


The viscosity of a fluid represents an internal friction that causes the effects 
of a motion through the fluid to be transmitted in a direction perpendicular to 
that of the motion. Consider Fig. 2.20, which shows a gas confined between a 
stationary and a moving pláte. The motion of the upper plate causes the 
adjacent layer of gas to move as a whole with a velocity u. Layers of gas suc- 
cessively farther from the moving plate also move, but with steadily diminishing 
velocity. Because this motion is transmitted through the gas, the stationary 
plate feels a force in the direction of the motion of the upper plate. Experiments 
Show that this force per unit plate area is given by 


force per unit area = —" m (dynes/em”), (2.20) 


where Au/Ad is the amount by which the mass velocity u changes with distance 
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Ad from the moving plate, and 7 is a proportionality constant called the coefficient 
of viscosity. Its yalue depends only on the nature of the gas. 

There is another way of looking at the viscosity phenomenon which makes 
the physical situation clearer. The reason why the stationary plate feels a 
force is that the gas molecules at the upper moving plate acquire an extra 
momentum mu in the direction of the plate motion. If these molecules could 
proceed unhindered to the stationary plate, they could transfer their extra 
momentum to it, and thereby exert a force on it. They are, to a certain extent, 
prevented from doing this by collisions which tend to randomize the direction 
and amount of their extra momentum. The viscosity coefficient is a measure 
of how efficient momentum transport is. . 

We have noted earlier that. when a partition separating two different gases 
at the same pressure is removed, the gases move into each other and mix by 
diffusion. The net rate at which one gas moves across an imaginary surface 
into the other gas depends on the area of the surface, the concentration change 
per unit length, and the nature of the gases. Thus 


An 


2 
Ad (molecules/sec-cm^), (2.21) 


rate of diffusion per unit area = —D 


where An/Ad is the concentration change per unit length, and D is a propor- 
tionality constant, called the diffusion coefficient, which depends on the nature 
of the gases. 

Just as thermal conductivity is the transport of energy, and viscosity is 
caused by the transport of momentum, diffusion is the transport of matter. 
We should be able to use the kinetic theory of gases to express the transport 
€oefficients x, n, and D in terms of more fundamental quantities of molecular 
motion. It is clear that collisions between molecules must be important in the 
determination of the values of the transport coefficients. We know, for example, 
that even though the average speed of a molecule is roughly the speed of sound, 
it takes a long time for a malodorous substance to diffuse across a room. That 
rapid transport of material does not occur must be a consequence of inter- 
molecular collisions. 


The Mean Free Path 
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Let us see how collisions affect the motion of molecules. In Fig. 2.21 a particular 
gas molecule has been singled out and its trajectory plotted. Each segment of 
its trajectory between collisions is called a free path. It is clear that since these 
free paths are of finite length, the progress of the molecule in any one direction 
is inhibited. We are interested in computing the average value of the length of 
these free paths, or the mean free path. - 

To accomplish this we consult Fig. 2.22, where the motion of one “hard- 
sphere” molecule relative to its fellows is represented. The molecule of interest 
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Molecular free paths. 


moves through the gas and collides with any other molecule whose center-to- 
center distance is less than p, the molecular diameter. Thus the interesting 
molecule sweeps out per unit time a collision cylinder whose cross-sectional 
area is 3p?, and whose average altitude is c, the average speed of the molecule. 
A collision will occur with any molecule whose center lies in this cylinder. 


Collision cylinder swept out by 
a molecule. Molecules whose 
centers are within the cylinder 
would undergo collision. 


Thus, if n is the average number of molecules per cc, the average number of 
collisions per second experienced by the molecule of interest is 


collisions/see = volume of collision cylinder x: molecules/unit volume = 7p?£n. 


The mean free path ) is the average distance traveled by the molecule per 
unit time divided by the average number of collisions per unit time: 


SS = (2.22) 


Vor a numerical estimate of p, the molecular diameter, we can use the NIS 
Jones potential parameter ø, which experiments show is roughly 3 x 10-8 


for many molecules. We find that at l-atm pressure (n = 3 x 10!? m 


cules/cc) the mean free path is = 
1 


ES 
T(3X 10-5? x 3 x 1019 — adh 


A= 


Here we find the reason for the low rate of diffusion and the poor thermal 
conductivity of gases. Any one molecule in a gas at atmospheric pressure can 
travel only 1075 em before its trajectory is interrupted, perhaps reversed. 
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FIG, 2.23 


Now let us see how the diffusion coefficient is related to the mean free path. 
As defined by Eq. (2.21) the diffusion coefficient has the units cm? /sec, since 
the units of An/Ad are molecules/em*." Now if we imagine that D must increase 
with the mean free path and the molecular speed, then the units of D tell 


ug that 
em em 
D (= «M (= 


That is, the diffusion constant is proportional to the average molecular speed č 
and the mean free path ^. 


(+d) = (0) +) A mmm Bor Far 
mE r 
x 
y MÀ ———3À— 9e plane 


A 
»(-3) *n(0)- 3 C i _ 


The transport of molecules across a reference plane. The quantities m(+d) and mi(—d) 
are ae of molecules at a distance of à above and below the reference plane, 


It is not difficult to determine the proportionality constant between D 
find M. We imagine a physical situation in which a gas has uniform pressure, 
but contains a radioactive isotope whose concentration n; is a function of the 
distance d, as shown in Fig. 2.23. The rate at which this isotope diffuses is the 
difference between the rates at which its molecules pass through the median 
reference plane, from above and from below. If there are n; isotopic molecules 
per unit volume, one-third have velocities along the d-coordinate, and half of 
these have velocities in the +d-direction, the other half in the —d-direction. 
The rate at which molecules cross a unit area in one direction is just n/6 times 
their speed 2, or n2/6. However, molecules which cross the reference plane from 
above have, on the average, experienced their last collision at a distance ^, or 
one mean free path, above the plane. At this point the concentration of isotopic 
molecules is 


n4) + E 


where n,(0) is the concentration of molecules in the reference plane. The number 


of molecules/cm?-sec crossing the reference plane from above is then 


peso + xen]. 
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A similar argument applies to molecules crossing the reference plane from below, 
except that at a distance à below the reference plane, the concentration of 
molecules is 


Ani 
Therefore the upward flux is 
1 An, 
— -é|n(0) + 4— 
eme 


We now take the difference between upward and downward fluxes: 


dus Lamy Ani 
net tux = i afao =A ant] x den + n] 
— —1), Ani, 
= gag 
By definition, 
net flux = —D A; 
80 we get 


Now, in addition to the functional relation between D, ^, and Z, we have the 
proportionality constant. Note one very important point: the mean free path ^ 
is determined by the total concentration of all molecules (^ = 1/nrp?), not 
just by the concentration of the diffusing isotope. 


Question. Would you expect gases to mix by diffusion more rapidly at lower than at higher 
Pressure? Would the mixing rate increase or decrease with increasing temperature? 


The viscosity effect depends on the ability of the gas to transport momentum. 
Thus it is to be expected that the expression for the viscosity coefficient n should 
involve the mass of the molecules. Dimensional analysis of Eq. (2.20), 


Au 
force/area = —7 aa’ (2.20) 
gm-cm/sec?-cin? = n cm/sec-em, 
shows that has the dimension of gm/cm-sec. This can be achieved by writing 


n x nm, (2.23) 
gm/sec-em « (molecules/cm?) (gm/molecule) (cm/sec) (cm). 


This result, obtained by dimensional analysis alone, shows how the viscosity 
Coefficient of a gas depends on its mass, concentration, mean free path, and 
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Table 2.6 Lennard-Jones potential constants* 


Determined from Determined from 
viscosity virial coefficients 

Gas e/k(°K) c(A) €/k(°K) c(A) 
He 10.2 2.58 6.03 2.63 
Ar 124 3.42 120 3.41 
Xe 229 4.06 221 4.10 
H2 33.3 2.97 29.2 2.87 
N2 91:5 3.68 95.1 3.70 
02 113 3.43 117 3.58 


*The parameter e is divided by Boltzmann's constant k 
to facilitate the comparison of the magnitude e, the 
attractive interaction between molecules, with their 
kinetic energy of motion kT. 


average speed. Note that the product of concentration and mean free path 
reduces to 1/mp”, where p is the molecular diameter. 

We can obtain the numerical value of the proportionality constant in 
Eq. (2.23) by the same technique that was used to find the diffusion coefficient. 
The quantity being transported is the momentum mu. The average values of 
this momentum at distances of one mean free path above and below an arbitrary 
‘reference plane are respectively 


m (uta) and m(w= x38), 


where u is the average velocity in the reference plane. In each of these planes, 
n/6 of the molecules (per cc) are moving in one direction along d, with average 
speed @. Therefore, to get the net momentum transport through the reference 
plane, we multiply each of the above quantities by 12/6, and take the difference 
between them, thereby obtaining 


momentum transport rate per unit area = — 5 nmér S . 
By definition, 
momentum transport rate per unit area = —7 Ri , 
80 we have 


n = inm, 
which gives us a direct numerical relation between the gas viscosity coefficient 
and the molecular parameters. 


Question. If fór H2 gas is 0.93 X 10-4 g/cm-sec at 298°K, what is the approximate 
diameter of the hydrogen molecule? 
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By recognizing that thermal conductivity is energy transport by molecular 
motion, we can determine the way in which the thermal conductivity coefficient 
k depends on molecular properties. We select an arbitrary reference plane in a 
gas which has been subjected to a temperature difference. The temperature in 
this reference plane is T, and the corresponding average energy of the molecules 
is c,T, where c, is the heat capacity per molecule. At distances of one mean 


free. path above and below the reference plane, the average energies of a . 


molecule are 
AT AT 
e (r5) and e(r- 4. 


Above the reference plane n/6 molecules/ec are proceeding downward with an 
average speed Z, and below the reference plane, the same number of molecules 
is moving upward with the same speed. The net rate of energy transport is 
then the difference between the average energy at these two planes, multiplied 
by n2/6. We'get : 


rate of energy transport per unit area = — i NECyr rd 
mox. 
et Ad 
"Therefore : 
K = dnte, 


which is the relation between the thermal conductivity coefficient and the 
molecular properties. 
Question. Which should have the higher thermal conductivity, Het or He3? Given that 


D2 and He have nearly the same collision diameter, which should have the higher thermal 
conductivity? 


- Derivation of the Virial Equation of State 


We can use the virial theorem to indicate how the virial equation of state for 
nonideal gases is derived. All that is necessary is to include in the virial the 
contributions from the forces between the molecules. From the virial theorem 
We get 

(KE) = virial from walls +- virial from intermolecular forces 


-—4Py — ix 7F(r))motecutes: (2.24) 


Here we have assumed that the force F(r) that molecules exert on each other 
depends only on their separation r, and has its only component along r. These 
intermolecular forces can come from pairs of molecules interacting, and triplets 
of molecules, and quartets, and so on. For simplicity we will consider only the 
most important interaction which is the one between pairs. Then the quantity 
TF (r) must be summed over all molecular pairs, 
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We proceed in the following manner. If N is the total number of molecules, 
the total number of pairs of molecules is 4N(N — 1) = àN ? The factor $ 
compensates for the fact that N(N — 1) counts each molecular pair twice. 
To calculate the virial we need the number of pairs which are separated by a 
distance r, or more properly, lie in a spherical shell of radius r and thickness Ar. 
This number is proportional to the volume of this shell 47r? Ar, divided by the 
total volume V of the vessel. We also expect that the number of pairs separated 
by r will depend on the potential energy ¢(r) of molecular interaetion at r 
through a Boltzmann factor exp [—¢/kT]. Thus we write 


1 EC N? Agr? Nr... oer 
3 vl rF (0) cm xu Rupe rFe ; (2.25) 


where now we can calculate the intermolecular virial by summing over all 
values of r. This can be done by either calculus or numerical calculation, but 
is, in general, a difficult process which we will not attempt. Instead, we will 
merely introduce the symbol $8 to stand for this calculation, and get 


1 3 N? 3 n? 
L(DFO nin = 3 7 BS TB 


In the last step we have defined nB as N 28, where n is the number of moles. 
We now substitute our result in Eq. (2.24): 


Ru pee 
(KE) = 5 PV —5 y P. 


Rearranging and evaluating (KE), we get 
2 n? 
Py = 3 (KE) +y B, 


n? 
PV = nRT + B, 


PV n B 
aRT tV RT 


qus pt 

=1+ y B'. (2.26) 
The right-hand side of Eq. (2.26) contains the first two terms of the virial 
equation of state. We see clearly now that the first correction term nB/V to 
the ideal gas equation does indeed arise from interaction between pairs of 
molecules. In addition, we have an explicit expression by which it is possible 
to ealeulate the second virial coefficient B from the intermolecular potential. 
We can also see that if we were to include the contributions of triplets of 
molecules, a term proportional to N(N — 1)(N — 2) = N? and to 1/V? 
would appear in the virial, and correspondingly, a term n?C/V? would be added 
to Eq. (2.26). 


THE PROPERTIES OF GASES | 2.6 


* 


ions. Evaluate the second virial coefficient for a gas of hard spheres from Eq. (2.25). 


lecular diameter, so only one value of r contributes to the sum in Eq. (2.25). The quan- 
ity ArF may be set equal to kT, the average energy with which molecules collide. Compare 
your result with the expression for the van der Waals constant b. 


wl 2.7 
In this chapter we have examined the relations that describe the behavior of 
gases, and again have come upon an illustration of the origin and significance 
| of scientific laws. The laws of Boyle and of Charles and Gay-Lussac, like the 
Jaws of chemical combination, are derived from experimental measurements, 
and are accurate only in certain restricted experimental situations. . To deal 
1A accurately with a greater variety of situations, the ideal gas laws are amended 

' or modified, again on the basis of experimental measurements, and the van der 
Waals, or virial equations of state replace PV = nRT. Asa practical matter, 


- The kinetic theory of gases is an example of the successful explanation of 
"the behavior of a macroscopic system in terms of the properties of its micro- 
E scopic constituents. That is, we can claim to “understand” why gases obey 
i "Boyle's law, because we’ can show that this law is a mathematical consequence 
of picturing gaseous molecules as small bodies in incessant random motion: 
n We can say, as a result of the insight provided by the kinetic theory of gases, 
_ that gas pressure increases as volume decreases, because molecules collide with 
M the walls of a smaller container more frequently. Similarly, the reason gas 
-— pressure increases with increasing temperature is that raising the temperature 
increases the average speed of the molecules, and thereby increases the rate of 
wall collisions and the average momentum chatige upon collision. Moreover, we 
|. haye seen how a theory relates a variety of observed phenomena to each other. 
The equation of state and the processes of diffusion, viscosity and thermal con- 
duetivity all are shown to be consequences of the properties of molecules by 
the kinetic theory of gases. 
| | Within the strueture of the kinetie theory of gases, we haye encountered 
several representations, or “models” of what molecules are like. As noted in 
Section 2.2, a model is a construct of the human mind, and incorporates only 
the most important features of the real entity it represents. To derive Boyle's 
law, we used a model that pictures molecules as point masses. While clearly 
unrealistic, this model is useful because it possesses only the properties required 
to derive Boyle's law. Indeed, it is the success of this simple model that shows 
He m that mass and motion are the molecular properties responsible for Boyle's 
aw. 
_ To account for other macroscopic behavior, it is necessary to use a more 
Tefined model for molecules. Picturing molecules as spheres of finite volume 
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that attract each other leads to explanations of deviations from the ideal gas 
law, and to an understanding of viscosity, thermal conductivity, and diffusion. 
A further refinement is to introduce an algebraic form such as the Lennard- 
Jones expression to represent the potential energy of interaction between 
molecules. This most detailed model allows us to account for the subtle features 
of equations of state and transport properties. 

Which model is best? This question does not have a single answer, for the 
best model is often the one which allows us to discuss most simply the properties 
in which we are interested. To find the equation of state for a low density gas 
we need only the point mass model: the Lennard-Jones model is needlessly 
complicated for this problem. Only to discuss the finer details of equations of 
state and transport processes do we need the most refined picture of molecules. 
Throughout our study of chemistry we shall use a variety of models for mole- 
cules, some of them of extreme simplicity. We must be careful to recognize the 
simplifying features, the justification for introducing them, and the limitations 
they impose. 
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2.1 An ideal gas at 650 mm pressure occupied a bulb of unknown volume. A certain 
amount of the gas was withdrawn and found to occupy 1.52 cc at 1-atm pressure. 
The pressure of the gas remaining in the bulb was 600 mm. Assuming that all measure- 
ments were made at the same temperature, calculate the volume of the bulb. 

2.2 A sample of nitrogen gas is bubbled through liquid water at 25°C and then 
collected in a volume of 750 cc. The total pressure of the gas, which is saturated with 
water vapor, is found to be 740 mm at 25°C. The vapor pressure of water at this 
temperature is 24 mm. How many moles of nitrogen are in the sample? 

2.3 When 2.96 gm of mercuric chloride is vaporized in a 1.00-liter bulb at 680°K, 
the pressure is 458 mm. What is the molecular weight and molecular formula of 
mercuric chloride vapor? 

2.4 Gaseous ethylene, C2H4, reacts with hydrogen gas in the presence of a platinum 
catalyst to form ethane, C2Hg, according to 


C2H4(g) + H2(g) = CoHa(g). 


A mixture of C2H4 and Ho known only to contain more Hz than C2H4 had a pressure 


x 
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of 52 mm in an unknown volume. After the gas had been passed over a platinum 
catalyst, its pressure was 34 mm in the same volume and at the same temperature. 
What fraction of the molecules in the original mixture was ethylene? 


2.5 A gaseous compound which contains only carbon, hydrogen, and sulfur is burned 
with oxygen under such conditions that the individual volumes of the reactants and 
products can be measured at the same temperature and pressure. It is found that 
3 volumes of the compound react with oxygen to yield 3 volumes of CO», 3 volumes of 
SO», and 6 volumes of water vapor. What volume of oxygen is required for the com- 
bustion? What is the formula of the compound? Is this an empirical formula or a 
molecular formula? 


2.6 A gaseous compound known to contain only carbon, hydrogen, and nitrogen is 
mixed with exactly the volume of oxygen required for the complete combustion to 
CO2, H20, and Ns. Burning 9 volumes of the gaseous mizture produces 4 volumes of 
COs, 6 volumes of water vapor, and 2 volumes of Ng, all at the same temperature 
and pressure. How many volumes of oxygen are required for the combustion? What 
is the molecular formula of the compound? 

2.7 A mixture of methane, CH4, and acetylene, C2H2, occupied a certain volume at 
a total pressure of 63 mm. The sample was burned to CO2 and H20, and the CO2 
alone was collected and its pressure found to be 96 mm in the same volume and at the 
same temperature as the original mixture. What fraction of the gas was methane? 
2.8 Scandium (Sc) metal reacts with excess aqueous hydrochloric acid to produce 
hydrogen gas. It is found that 2.41 liters of hydrogen, measured at 100°C and 722-mm 
pressure are liberated by 2.25 gm of scandium. Calculate the number of moles of H2 
liberated, the number of moles of scandium consumed, and write a balanced net 
equation for the reaction that occurred. 

2.9 A mixture of hydrogen and helium is prepared such that the number of wall 
collisions per unit time by molecules of each gas is the same. Which gas has the higher 
concentration? 

2.10 A good vacuum produced in common laboratory apparatus corresponds to 
10-®-mm pressure at 25°C. Calculate the number of molecules per ce at this pressure 
and temperature. 

2.11 By assuming that the molecular diameter is given by the g of the Lennard-Jones 
potential, and that c is equal to the root-mean-square speed, calculate the number of 
collisions experienced per second by a nitrogen molecule in a gas at 25°C and at pres- 
sures of 1 atm, 0.76 mm, and 7.6 X 10-9 mm. Repeat the calculation for He at 1 atm. 
2.12. A balloon made of rubber permeable to hydrogen in all its isotopic forms is filled 
with pure deuterium gas (D2 or H2) and then placed in a box that contains pure H2. 
Will the balloon expand or contract? 

2.13 Calculate the root-mean-square speed, in cm/sec and at 25°C, of a free electron 
and of a molecule of UFe. 

2.14 By using the ø of the Lennard-Jones potential as an estimate of molecular 
diameter, calculate the mean free path of a nitrogen molecule at 25°C and at the 
following pressures: 1 atm, 1 mm, 10-4 mm. 

2.15 In the derivation of Boyle’s law by the kinetic theory, we assumed that the 
molecules collide only with the walls of the vessel.and not with each other. How 
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must the mean free path and the distance between the walls compare in order for this 
assumption to be valid? At what gas pressure is this relation satisfied for molecules 
of 3-A diameter and at 25°C in a 10-cm cubical vessel? 

246 It is a matter of common experience that liquids become more viscous as their 
temperature is lowered. . Assuming the concentration of molecules to be fixed, would 
you expect this to be true in ‘general for gases? Why? 

2.47 Explain why gaseous helium is a better heat conductor than is xenon. If H2 
and Ds (H3) both have the same molecular diameter, which should be a better con- 
ductor of heat? 

2.18 One of the first triumphs of the kinetic theory of gases was the correct prediction 
that the coefficient of viscosity y should be independent of gas pressure at a fixed 
temperature. On the other hand, the expression for 7 derived in this chapter contains n, 
the concentration of molecules, as an explicit factor. Why is it then that n is indepen- 
dent of pressure or eoncentration? 


2.19 The first evidence that the noble gases are monatomic elements involved infer- 
pretation of their measured heat capacities. Explain how such data can lead to such 
a conclusion. 

2.20 Equation (2.18) is an approximate equation of state for real gases. Examine 
this equation and then give & condition which, if satisfied by the temperature, leads 
to the prediction that PV/RT = 1, despite gas imperfection. The temperature which 
satisfies this condition is called the Boyle point. By using data given in Table 2.5, 
calculate the Boyle temperature for nitrogen. ; 


2.21 The Maxwell-Boltzmann distribution function can be written 


aN 2 (28) merr mlao” 
X yz WERT 2T 


Plot mc?/2kT as a function of mc?/2kT, and by consulting a table of the exponential 
function plot e-"**/2*7 as a function of mc?/2kT. By examining these two curves, 
sketch the product of the two functions. 


2.22 Real gases follow the equation of state PV = RT only when their pressure 
is very low. Using the data given for CO2 and Oz below, show graphically that for a 
constant temperature of 0°C, PV is not a constant as predicted by the ideal gas law. 
This is best done by plotting PV as a function of P on a scale sufficiently expanded 
to show variations in PV. From your graph determine the value that RT should have 
for all ideal gases at 0°C. Determine from your graph the constants in the empirical 
equation of state PV = A + BP for CO». 


O2, P(atm) PWliter-atm) CO2, P(atm) PV(liter-atm) 


1,0000 22.3939 1.00000 22.2643 
0.7500 22.3987 0.66667 22.3148 
0.5000 22.4045 0.50000 22.3397 
0.2500 22.4096 0.33333 22.3654 
0.25000 22.3775 
0.16667 22.3897 
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What percent error in the volume of one mole of CO2 at 1-atm pressure would be 
made by using the ideal value of PV and ignoring gas imperfections? 

2.23 By a procedure similar to the one used in Problem 2.22, the value of PV for 
an ideal gas at 100°C has been found to be 30.6194. If the empirical relation PV = 
j+ kt, where t is the temperature in degrees celsius, is assumed to hold, determine 
the values of j and k for an ideal gas from the information you have. From these 
values of j and k determine R, and the value of T, the absolute temperature at 0°C. 


PROBLEMS 


CHAPTER 3 


THE PROPERTIES 
OF SOLIDS | 


The outstanding macroscopic properties of gases are compressibility and fluidity. 
We have seen that the kinetic molecular theory aecounts for this macroscopic 
behavior in terms of a microscopic picture whose central feature is the chaotic 
motion of independent molecules—molecules which rarely exert appreciable 
forces on each other. In contrast, the most noticeable macroscopic features of 
crystalline solids are rigidity, incompressibility, and characteristic geometry. 
We shall find that the explanation of these macroscopic properties in terms of 
the atomic theory involves the idea of a lattice: a permanent ordered arrange- 
ment of atoms held together by forces of considerable magnitude. Thus the 
extremes of molecular behavior occur in gases and solids. In the former we have 
molecular chaos and vanishing intermolecular forces, and in thé latter we have 
an ordered arrangement in which the interatomic forces are large. 


3.1 MACROSCOPIC PROPERTIES OF SOLIDS 


There are substances such as sodium chloride, sugar, and elementary sulfur 
that not only possess the properties of rigidity and incompressibility, but also 
occur naturally in characteristic geometric forms. These are the crystalline 
solids, and they are to be distinguished from the amorphous materials such as 
glass, rubber, plexiglass, or any of the other plastics. These amorphous ma- 


A two-dimensional lattice of spherical atoms. 
Resistance to shear is different in the indicated 
directions. 


terials possess some of the mechanical properties commonly associated with the 
word “solid,” but do not occur in regular characteristic shapes. Even more 
important, amorphous materials are isotropic; their properties, such as mechan- 
ical strength, refractive index, and electrical conductivity, are the same in all 
directions. This is a feature which they hold in common with liquids and gases. 
Crystalline solids are quite different, for they are anisotropic; their mechanical 
and electrical properties do depend, in general, on the direction along which 
they are measured. 


CA CL IL A possible packing scheme for long molecules. 


The anisotropy of crystals is important, for it, perhaps more than any other 
macroscopic, property, provides a strong indication of the existence of crdered 
atomic lattices. Consider Fig. 3.1, which shows a simple two-dimensional 
lattice consisting of only two kinds of atoms. Mechanical properties such as 
the resistance to a shearing stress might be quite different in the two directions 
indicated. Deformation of the lattice along one of the directions involves dis- 
placing rows that are made up of alternate types of atoms, while in the other 
direction each of the displaced rows consists of one type of atom. Thus even 
though the constituents of the lattice are spherical atoms, the crystal itself may 
be anisotropic. Contrast this with the situation found in liquids and gases, 
Where the "arrangements" of the particles are random and disordered. Due to 
the molecular chaos, all directions are equivalent, and all properties of liquids 
and gases are the same in all directions. 

The properties of some crystals reflect the asymmetry of their constituent 
molecules. Figure 3.2 represents a situation in which long thin molecules are 
packed parallel to each other in the crystal lattice. It is inevitable that the 
lattice arrangement is one which will magnify this molecular anisotropy into a 
macroscopically observable property. A well-known substance in which this 
effect appears is the mineral asbestos, which has properties reflecting the long 
fiberlike structure of its individua! molecules. 
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FIG. 3.1 


FIG. 3.2 


There is another macroscopic property which permits a clear distinction 
between crystalline and amorphous substances. Crystalline solids have sharp 
melting points; the mechanical properties of a crystal change only slightly up 
to a characteristic temperature at which it melts abruptly and becomes a liquid. 
Amorphous materials do not have sharp melting points. For example, as its 
temperature is raised, glass gradually and continuously softens and starts to 
flow. The absence of a sharp melting point suggests that glass and most other 
amorphous materials are best thought of as liquids at all temperatures. Indeed, 
we shall find that the atomic arrangement in amorphous substances has none 
of the order found in the crystalline lattices, but rather shows a disorder which 
is characteristic of liquids, Consequently, the word “solid” is used in the most 
restrictive scientific sense to refer to crystalline materials only. 


Crystal Sizes and Shapes 


FIG. 3.3 


The crystalline state is easy to recognize in many instances, particularly in the 
naturally occurring minerals. The well-defined characteristic angles and faces 
of the natural quartz crystals shown in Fig. 3.3 suggest that they are a con- 
sequence of an ordered internal lattice. At other times, solid materials occur as 
powder, lumps, or agglomerates that in many ways resemble amorphous sub- 
stances, but when an individual particle is examined under a microscope, the 
characteristic angles of a crystal may become obvious. Therefore, we must be 
careful to distinguish between amorphous and polycrystalline solids. In the 
latter, individual crystals with their ordered atomic lattices exist, but are so 
small as to be unrecognizable except under a microscope. Metals often occur in 
the polycrystalline condition. Figure 3.4 shows the etched surface of a sample 
of copper. The boundaries of the individual crystal grains are obvious, even if 
rather irregular. Since the individual crystals are randomly oriented, a metallic 
sample may appear to be isotropic, even though a single crystal is anisotropic. 


Natural quartz crystals. 
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_ Etched surface of copper showing microcrystalline structure. 


The size of the erystals of a given substance can vary enormously, and is 
profoundly influenced by the conditions under which the crystal is formed. 
In general, slow growth from a solution which is only slightly supersaturated 
favors the formation of large crystals. For this reason the natural crystals of 
minerals formed by geologieal processes are often very large. On the other 


- hand, the crystals formed in laboratory precipitation reactions are very small, 


for they are often formed very rapidly from solutions which are greatly super- 
saturated. For example, when the slightly soluble salt barium sulfate is pre- 
¢ipitated by mixing aqueous solutions of barium chloride and sulfuric acid, the 
Solid barium sulfate particles are so small and ill-formed as to be virtually 
unrecognizable as crystals, even under microscopic examination. The quality of 
these crystals can be improved, however, by letting them “age” in the presence 
Of their saturated solution. During the aging process, the smaller imperfect 
erystals, being relatively unstable, tend to dissolve, and the larger more stable 
crystals tend to grow. Thus, as a result of a continuous redissolving and repre- 
Cipitation, a precipitate of virtually amorphous material can be converted to a 


- polycrystalline substance. 


-It appears that the sizes of crystals reflect the conditions of growth, rather 
than the internal constitution of the crystal. The shape of a crystal is more 
characteristic of the material itself, but is still subject to some influence by the 
‘growth conditions. For example, sodium chloride crystals that are carefully 
grown by suspending a seed crystal in a slightly supersaturated solution are 
invariably cubic in shape, as shown in Fig. 3.5(a). On the other hand, sodium 
chloride crystals grown at the bottom of a beaker are square plates whose 
thickness is never greater than half their width, as shown in Fig. 3.5(b). This 


-= Shape is a consequence of the fact that erystals resting on a surface can use all 


four sides to grow in the horizontal directions; but can use only the top to grow 
vertically. "Thus the growth rate in either of the two horizontal orientations is 


twice that in the vertical direction. 
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FIG. 3.4 


FIG. 3.5 


(a) (b) 


Shapes of sodium chloride crystals grown under differing conditions. 


The influence of the environment can be even more subtle. When sodium 
chloride crystals are grown suspended in a solution which contains urea, they 
take the form of the regular octahedra shown in Fig. 3.5(c). While the appear- 
ance of sodium chloride crystals at one time as cubes and at another as octahedra 
may seem to suggest that crystal shape is unrelated to the internal arrangement 
of the atoms, this is not true. In the first place, the cube and the octahedron 
are related geometrically, for an octahedron can be formed from a cube by 
cutting off the corners as illustrated in Fig. 3.6. Second, the angle between the 
octahedral faces of all sodium chloride crystals is always the same, and is never 
altered by changing external conditions. The invariance of the angles between 
a given set of crystal faces is æ universal property of solids. It appears, then, 
that subject to external conditions, crystals may assume a variety of shapes, 
but that the angles between two characteristic faces are always the same, and 
thus must be determined by fixed geometry of the lattice itself. 


Relation between the cubic and octahedral faces 
of a crystal. The octahedron can be obtained by 
shearing off the corners of the cube. 


3.2 TYPES OF SOLID 


We have emphasized that the existence of an ordered lattice is responsible for 
two of the characteristic macroscopic properties of crystalline solids: their 
anisotropy and their characteristic geometry. It seems inevitable that the more 
detailed features of solids should be closely related to the nature of the forces 


` which hold the crystal lattice together. Accordingly, we find it useful to dis- 


tinguish between ionic, metallic, molecular, and covalent network solids, and 
to associate a set of characteristic properties with each of these bond types. 
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The object of this classification scheme is to provide a framework for recogniz- 
ing and systematizing similarities and differences in the properties of the various 
solids. If definite macroseopie properties can be associated with each bond 
type, we might eventually be able to use macroscopic behavior as a diagnostic 
tool to determine the type of bond which exists in new substances. However, 
we must remember that this classification scheme is somewhat arbitrary, and 
thus there may be substances that do not clearly fit into one of the four classes. 


lonic Crystals 


In ionic crystals the repeating units of the lattice are positively and negatively 
charged fragments arranged so that the potential energy of the ions in the 
lattice positions is lower than when the ions are infinitely separated. There are 
many types of stable ionic lattice arrangements. One of the most common, 
which occurs in sodium chloride and many other alkali halides, is shown in 
Fig. 3.7. It is important to note that each ion of a given sign occupies an equiva- 
lent lattice position, and that there are no discrete groups of atoms, or molecules, 
in the crystal. In effect, each ion of a given sign is bonded by the Coulomb 
force to all ions of the opposite sign in the crystal. The amount of energy 
necessary to evaporate some typical ionic crystals to their separated ions is, 
as Table 3.1 shows, of the order of 200 kcal/mole. This is a relatively large 
binding energy, and it is responsible for the fact that ionic crystals have vanish- 
ingly small vapor pressure at room temperature, and melt and boil only at 
relatively high temperature. 


| ET The sodium chloride structure. 


Ionie crystals generally tend to be hard and brittle, and we can find an 
explanation for this in the nature of the Coulomb forces between the ions. In 
order to distort a perfect ionic crystal, two planes of ions have to be displaced 
relative to each other. Depending on the nature of the moving planes and 
their direction of motion, a displacement may bring ions of the same charge 
close to each other. When this occurs, the cohesive forces between the two 
planes are replaced with a strong Coulomb repulsion, and as a result the crystal 
fractures, 
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FIG. 3.7 


9i 


Table 3.1 Cohesive energy of crystals 


è Energy required to 
separate ions 


lonic crystals (kcal/mole) 
LiF 246.7 
NaCl 186.2 
AgCI 216 
ZnO 964 
Energy required to 
Molecular crystals separate molecules 
Ar 1.56 
Xe 3.02 
Cle 4.88 
CO2 6.03 
CH4 1.96 
Covalent network Energy required to 
crystals separate atoms 
C(diamond) 170 
Si 105 
SiO2 433 
Energy required to 
Metallic crystals separate atoms 
Li 38 
Ca 42 
Al 77 
Fe 99 
w 200 


However, there are planes which can be moved relative to one another with- 
out bringing ions of the same sign into opposition. Examination of Fig. 3.8 
shows that there are planes in sodium chloride that are made up of “sheets” of 
sodium ions alternating with “sheets” of chloride ions. Motion of these planes 
in a direction parallel to these rows of ions does not bring ions of the same 
charge directly opposite each other. Consequently, slippage of these planes 
relative to each other is the easiest way of distorting the crystal. However, 
even along this most favored direction, distortion of the crystals requires a 
large force, for any motion of ions relative to each other is resisted by the large 
Coulomb forces.which tend to hold the ions in their lattice sites. 

Another identifying characteristic of ionic crystals is that they are electrical 
insulators at low temperatures, but good electrical conductors when they are 
melted. Once again, the ionic bonding model provides a simple explanation. 
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The sodium chloride structure. The FIG. 3.8 
planes marked consist of alternating 

sheets of sodium ions and chloride 

ions. 


—— Tn the solid state, there seems to be no obvious mechanism by which an ion can 
b move under the influence of an electric field without a considerable expenditure 
2 of energy. In the perfect crystal, all ions occupy well-defined positions, and in 
ss “Moving from its lattice site through the crystal, an ion would follow a tortuous 
__ path which brings it close to ions of the same charge. In the liquid state, how- 
— ever, the arrangement of ions is more disordered arid less dense, and their 


3 motion under the influence of an electric field is greatly facilitated. 


Molecular Crystals 


oh molecular crystals, the repeating unit is a chemically identifiable atom or 
— Molecule which does not carry a net charge. The cohesion of these crystals is 
j @ consequence of the van der Waals forces that we discussed in Chapter 2. 
Van der Waals forces are considerably weaker than the attractive Coulomb 
force between two ions, and consequently the binding energy of molecular 
.. Crystals is relatively small, as the examples in Table 3.1 show. Since so little 
. energy is required to separate the individual molecules, these crystals tend to be 
- Tather volatile, and have low melting and boiling points. As we discussed in 
Chapter 2, the magnitude of van der Waals forces can vary considerably, 
depending on the number of electrons and the polarity of the molecules. As a 
result, even though a solid which is volatile is very likely to be à molecular 
= Crystal, not all molecular crystals are volatile. 
= Molecular crystals generally tend to be soft, compressible, and easily dis- 
| torted. These properties too are consequences of the relatively weak intermo- 
_ lecular forces, and their nondirectional nature. That is, all nonpolar molecules 
have an attraction for each other whose magnitude is not very sensitive to 
Molecular orientation. Thus two planes of a molecular crystal can be moved 
- past each other without significant diminution of the attractive forces between 
_ them. Since the energy of the intermediate positions is not much greater than 
. that of the stable positions, the distortion requires little energy expenditure. 
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Molecular crystals are, in general, good electrical insulators. The molecules 
themselves have no net electrical charge and thus cannot transport electricity. 
Moreover, the very existence of discrete molecules implies that the electrons 
tend to be localized about a specific set of nuclei. Consequently, there are no 


charged particles, either ions or electrons, that are free to move in an electric 


field and conduct electricity. 


Covalent Network Solids 


FIG, 3.9 


Crystals in which all the atoms are linked by a continuous system of well-defined 
electron-pair bonds are called covalent network solids. The most familiar 
example is the diamond crystal, in which each carbon atom is covalently bonded 
to four other atoms, as Fig. 3.9 demonstrates. The result is a rigid three- 
‘dimensional network which links each atom to all the others. In effect, the 
entire crystal is a single molecule 


The diamond structure. Each atom is linked directly 
to four others. 


In some crystals there are two-dimensional infinite covalent networks. The 
best-known example is the graphite structure shown in Fig. 3.10. Each carbon 
atom is covalently bonded to three others in such a way that all atoms in a 
single plane are linked in a sheetlike structure. In the graphite crystal, these 
infinite sheets of atoms are packed in = layer structure in which the attractive 
forces between different layers are of the van der Waals type. 

Table 3.1 shows that the energy needed to separate typical network solids 
into their constituent atoms can be as great as 200 kcal/mole. Consequently, 
these materials, like ionic substances, are extremely involatile and have very 
high melting points. Moreover, covalent bonds have very noticeable directional 
properties. That is, a central atom forms strong covalent bonds with its 
neighbors only if they oceupy certain fairly specific locations. Therefore any 
significant distortion of a covalent network solid involves the breaking of 
covalent bonds, which requires considerable amounts of energy. As a result, 
network solids are the hardest and most incompressible of all materials. 
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With respect to volatility and mechanical properties, infinite covalent net- 
work crystals are very similar to ionic solids. Therefore, the fact that a sub- 
stance is very hard and has a high melting and boiling point does not tell us 
what type of bonding exists in the crystal. However, we can use electrical 
properties to distinguish between ionic and covalent network solids. Both 
types are electrical insulators at low temperatures. Ionic substances become 
good electrical conductors only at temperatures above their melting point. 
The conductivity of a covalent network solid, if noticeable at all, is, in general, 
quite small, and while it may increase as temperature increases, the conductivity 
does not rise abruptly when the substance is melted. 


The structure of graphite. The atoms in alternate planes are directly under one another. FIG. 3.10 


Metallic Crystals 


Metallic crystals are characterized by their silvery luster and reflectivity, high 
electrical and heat conductivity, and by the ease with which they can be drawn, 
hammered, and bent without fracture. Silver, gold, and platinum are substances 
in which all these properties appear most clearly. On the other hand, most 
metals are somewhat lacking in one or more of these characteristics. For 
example, tungsten has a silvery luster, but is brittle and not easily worked, and 
lead, which is soft and workable, is not a good conductor of electricity. 

The electronic structure of metals differs from other substances in that the 
valence electrons of the metallic atoms are not localized at each atom, but are 
the general property of the crystal as a whole. Thus in a simplified picture, a 
metal is thought of as a collection of positive ions immersed in a “sea” of mobile 
electrons. The qualitative features of this “free-electron” picture are consistent 
with the general metallic properties. The high electrical conductivity of metals 
is readily explained if the valence electrons are free to move in an applied elec- 
tric field. The high thermal conductivity of metals is also a consequence of the 
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free electrons, which can acquire large thermal kinetic energy, move rapidly 
through the crystal, and thereby transport heat. s 

The idea that valence electrons are not localized but shared by all atoms in 
the crystal is consistent with the mechanical properties of metals. Since there 
are no highly directional localized-bonds, one plane of atoms may be moved 
over another with relatively little expenditure of energy. Because the valence 
electrons are not localized and the metallic bonding is not strongly directional, 
bonding forces need not be completely disrupted when the crystal is distorted. 

While the free electron picture is consistent with the general properties of 
most metals, there can be no doubt that it is an oversimplification. Within 
the group of metallic elements there is a considerable variation of properties: 
mercury melts at —39°C, and tungsten at 3300°C; the alkali metals can be cut 
with a table knife, but osmium is hard enough to scratch glass; as an electrical 
conductor, copper is 65 times better than bismuth. Understanding these 
variations in metallic properties requires more elaborate bonding theories; 
certain aspects of these will be discussed in Chapter 11. 


3.3 X-RAYS AND CRYSTAL STRUCTURE 


The diffraction of x-rays by crystals is an important phenomenon because it 
can be used to tell us the relative locations of atoms in a solid. The results of 
x-ray diffraction studies thereby contribute to our general understanding of 
molecular structure, and how it is related to chemical and physical properties. 
Before we treat the details of the x-ray diffraction experiment, we shall find it 
helpful to analyze the basic aspects of electromagnetic waves. 


Electromagnetic Waves 


When an electrically charged sphere is suspended in free space, and a second 
“test” charge brought near, the test charge experiences a force from the charged 
sphere. This “action at a distance, ” which is characteristic of electrical systems, 
is rationalized by imagining that each electric charge is surrounded by an 
electrical disturbance, or force field, and that this electric field is responsible for 
the ability of one charge to act on another even though they are physically 
separated, and in a vacuum. Similarly, the magnetic effects which are produced 
by an electric current are pictured as the result of a magnetic force field which 
surrounds each moving electric charge. In describing the properties of electrical 
systems, it is often more profitable to emphasize the behavior of the electric 
and magnetic fields, rather than that of the electric charges themselves. 

By the end of the nineteenth century, physicists had recognized that a number 
of optical experiments could be understood if light was pictured as electro- 
magnetic wave motion. According to this picture, light is to be thought of as 
being produced by the oscillating motion of an electric charge. This oscillation 
causes the electric field surrounding the charge to change periodically and also 
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Representation of an electromagnetic wave. The electric field E and magnetic field H 
— oscillate in perpendicular planes. 


_ produces an oscillating magnetic field. These oscillating electric and magnetic 
3 disturbances are radiated or propagated through space—hence the name 
- “electromagnetic radiation." A test charge placed in the path of electromagnetic 


. opposite direction, then back in the first direction, and so on. This suggests 
_ that the electric field of the light is propagated as a wave, and other experiments 
- suggest that this is true also of the magnetic field. Thus at any instant, a snap- 


tude Instantaneous profile of a 
wave, demonstrating the def- 
initions of amplitude and wave- 
length. 


— Consider Fig. 3.12, which shows only the electric component of an electro- 

- magnetic wave. The maximum magnitude of the disturbance is called the 
wave amplitude, and the distance between two successive maxima is known as 
the wavelength, denoted by X. A test charge placed at a wave maximum would 
experience a maximum electrical force in one direction, and a test charge placed 

. at the wave minimum would also feel the maximum force, but in the opposite 

. direction. Figure 3.12 is only an instantaneous picture of a wave, and a moment 
1 
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FIG. 3.11 


FIG. 3.12 
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later the position of all the wave maxima will have changed uniformly. In 
other words, the wave maxima are propagated with a velocity which we shall 
"eal c. Then the number of maxima which reach a stationary point in one 

second is 
c cm/sec 


er = v cycles/sec. 


The quantity v is called the frequency of the wave. Electromagnetic radiation 
includes visible, infrared, and ultraviolet light, as well as radio waves and x-rays. 
"These various types of electromagnetic radiation, which have such different 
-effects on matter, are all propagated through a vacuum with a velocity c = 
= 2.98 x 10!? cm/sec. They differ only in wavelength, or equivalently, fre- 
^ quency. While radio waves have wavelengths which range from one centimeter 
_ to several meters, and visible radiation lies in the range of 4 to 7 X 1075 em, 
x-rays have wavelengths of approximately 1078 em. 


Wave 1 a m 
aun A DN 
Sum L————— "NO 
(a) (b) (c) 
FIG. 3.13 . Superposition of waves; (a) in phase; (b) out of phase; (c) small phase difference. 


Wave Interference 


The intensity of electromagnetic radiation is proportional to the square of its 
wave amplitude. With this in mind, let us examine what happens when two 
electromagnetie waves of the same frequency are superimposed. If the two 
waves are brought together as in Fig. 3.13(a), so that they both reach their 
maximum amplitude at the same point and at the same time, they are said to 
be in phase with each other. In this situation, the electromagnetic fields created 
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by the waves add, producing an even stronger electromagnetic field, which we 
might sense as an increase in the intensity of the radiation. This phenomenon 
is called constructive interference. d 

On the other hand, if the waves are superimposed as in Fig. 3. 13(b), so that 
one wave reaches its positive maximum amplitude just as the other reaches its 
negative maximum amplitude, the two waves are said to be out of phase. In 
this case, the electric and magnetic fields of the two waves cancel each other, 
and the intensity of the radiation vanishes. This is known as destructive inter- 
ference. When two waves are not exactly out of phase as in Fig. 3.13(c), some 
destructive interference still occurs. There is a partial cancellation of Ti 
electric and magnetic fields, and the radiation intensity diminishes. 

Destructive and constructive interference can be observed in the double-ali " 
diffraction experiment shown in Fig. 3.14. The two slits act as separate radia- 
tion sources, each emitting a circular wave pattern, and the instantaneous. 
position of the successive wave maxima are indieated by the two sets of con- 


yee 
NGC. 


Light 
source 


Intensity 
maxima. 


E/ 


Double-slit diffraction experiment. Constructive interference occurs along the rays 
indicated and produces intensity maxima. 


LET 


ES 


Double-slit diffraction experiment. If path-length difference between rı and r2 is an integral 
number of wavelengths, constructive interference occurs and the intensity is a maximum 
at P. 
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FIG. 3.14 


FIG. 3.15 


„FIG, 3.16 


centric circles. The two patterns become superimposed, and the drawing shows 
that there are “rays” along which the wave maxima from the two slits are 
always in phase. When the radiation falls on a screen, maximum intensity is 
observed at the points where these rays intersect the screen. In the other 
regions, the radiation intensity is small or zero, since these regions lie along 
paths where the two waves are out of phase, and interfere destructively. 

A slightly different point of view may show more clearly why the double-slit 
interference phenomenon occurs. From Fig. 3.15 we can see that the waves 
which leave the two slits travel different distances to reach point P. The two 
waves are exactly in phase when they leave the slits, and in order for them to be 
exactly in phase when they reach the point P, the difference in the distance 
traveled must be exactly equal to an integral number of wavelengths. Exam- 
ination of Fig. 3.15 suggests that this condition can be met only at certain 
points on the screen, and these are the points at which maximum intensity in 
the diffraction pattern is observed. 


Diffraction by a row of equally spaced atoms. 


X-ray Diffraction 


100 


Diffraction patterns are produced whenever light passes through or is reflected 


by a periodic structure that has a regularly repeating feature. The two-slit 
apparatus of Fig. 3.14 is the simplest of periodic structures. In order for the 
diffraction pattern to be prominent, the repeat distance of the periodic structure 
should be about equal to the wavelength of the light used. A crystal lattice is 
a three-dimensional periodic structure, in which the repeat distance is roughly 
1078 cm, the distance between atoms. Thus we should expect, and do indeed 
find, diffraction patterns produced when x-rays of approximately 1078 ¢m 
wavelength pass through crystals. 

Let us analyze what happens when x-rays of wavelength A strike a single 
plane of atoms, as in Fig. 3.16, and are diffracted at an angle 8. Just as in the 
double-slit experiment, thé diffracted waves will produce a maximum intensity 
at the detector if the difference in the path of adjacent rays is an integral num- 


Ber of wavelengths. If this condition is satisfied, the waves will arrive at the 


THE PROPERTIES OF SOLIDS | 3.3 


— 


detector in phase. From Fig. 3.16 we see that the difference in the paths fol- 
lowed by adjacent rays is ad — be, and this müst equal mà, where m is an 
integer. Thus we have à ; 


ad—bc— my ©m=0,1,2,..., 


h(cos 8 — cos 8) = mA. 


For m = 0, this gives 8 = 6. Therefore when the angle of the incident beam 
is equal to the angle of the diffracted beam, there is à maximum in the intensity 
at the detector. This tells us that because of the regular periodic repetition of 
lattice points, a plane of atoms will “reflect,” at least partially, an x-ray beam 
in much the same manner as a mirror reflects ordinary light. 


Diffraction from successive planes of atoms. Diffracted waves are in phase if nÀ = 2d sin 6. 


However, because a single plane of atoms reflects only a fraction of the 
incident x-ray intensity, there is still another condition to be met if a diffraction 
pattern of appreciable intensity is to be observed. The waves reflected from 
Successive parallel planes of atoms must reach the detector in phase in order to 
produce an intensity maximum. Figure 3.17 illustrates how the condition for 
maximum diffracted intensity can be derived. In order for the waves to reach 
the detector in phase, the difference in the-distance they travel must be equal 
to a whole number of wavelengths, mA, where n is an integer. From Fig. 3.17 
we find that the path difference for the two waves is 2d sin 0, where d is the 
spacing between the planes. Thus we have 


ny —524 SiO. SSP E (3.1) 


for the condition which: must be satisfied in order for a maximum in the dif- 
fracted intensity to occur. 
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Equation (3.1) is called the Bragg diffraction equation, after W. L. Bragg, 
who first derived it and used it to analyze the structure of erystals. The Bragg 
equation has two important applications. If the spacing d of the planes of the 
erystal lattice is known, then the wavelength of the x-rays càn be caleulated 
from the measured diffraction angle 6. This is the procedure that Moseley used 
to determine the characteristic x-ray wavelengths emitted by each of the ele- 
ments in his investigations which led to the determination of atomic numbers. 
Alternatively, if the x-ray ‘wavelength ^ is known, the characteristic interplanar 
spacings of a crystal can be computed from measurements of the diffraction 
angles @. In this way a complete picture of the lattice structure of a crystal 
can be obtained. 


Tonization 
chamber 


X-ray tube N 
X-ray beam Crystal 
———— -— 


FIG. 3.18 Schematic representation of the Bragg x-ray diffraction apparatus. 


Note carefully that the most important factor which enters the derivation 
of the Bragg equation is the regular spacing of the lattice planes. We saw earlier. 
that the reason that a single plane of atoms reflects x-rays most efficiently 
when the angle of incidence is equal to the angle of reflection is a consequence 
of the regular spacing of atoms in the plane. Our derivation of the Bragg equa- 
tion shows that the fact that reflections from parallel planes of the lattice 
reinforce each other is a consequence of the uniform interplanar spacing. If the 
arrangement of atoms in the planes or the spacing between parallel planes 
becomes irregular, as is the case in liquids and amorphous solids, sharp x-ray 
diffraction patterns are not observed. 

The simplest type of apparatus for observing x-ray diffraction is shown in 
Tig. 3.18. X-rays of a single wavelength impinge on a erystal which is mounted 
on a rotating platform. The diffracted radiation is detected by the ionization it 
produces in the chamber D. When the crystal is set at an arbitrary angle with 
respect to the incident x-ray beam, very little diffracted radiation reaches the 
detector, since it is likely that at this angle there is no plane of the erystal 
lattice which satisfies the Bragg equation for maximum diffracted intensity. 
However, as the crystal is rotated, eventually some set of planes becomes 

j 
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aligned at an angle @ that satisfies Eq. (3.1), and a strong signal appears at the 
detector. As the crystal is rotated still further this signal disappears, but at 


some other angle 6’ another diffracted signal may appear when a new set of. 


lattice planes satisfies the Bragg equation. As the two-dimensional lattice in. 
Fig. 3.17 shows, there are many sets of parallel planes in a lattice, and so 
diffracted radiation is observed at many angles. However, only the lattice 
planes which contain large numbers of atoms will reflect the x-rays appreciably, 
so in practice, only diffraction from the most important lattice planes is observed. 


Electron density map of naph- 
thalene. Dashed lines corre- 
spond to 0.5 electron charge per 
cubic angstrom. 


FIG. 3.19 


X-rays and Electron Density 


The measurement of the diffraction angles and use of the Bragg equation leads 
to a determination of the spacing of the planes of a crystal lattice. So far we 
have assumed that the lattice planes are made up of identical structureless 
points whose only feature is the ability to scatter x-rays. In reality, the occu- 
pants of the lattice sites may be individual atoms, or what is more likely, may 
be molecules or groups of molecules of rather complex structure. It is the 
electrons in these molecules that are responsible for the scattering of the x-rays, 
and the efficiency of the scattering, and hence the intensity of the diffraction 
pattern, depends on the number and distribution of the electrons at the lattice 
sites. The electron distribution is, of coutse, determined by the structure of 
the molecules’ which occupy the lattice sites. Thus by studying not only the 
angles at which x-rays are diffracted, but also the intensities of the diffracted 
Tadiation, it is possible to determine the structure of the molecules which are 
at the lattice sites. - 

In the most elegant applications of this technique, it is possible to obtain 
contour maps of the electron density in very complicated molecules. Figure 3.19 
Shows the structure of the naphthalene molecule, C;oHs, as determined by 
x-ray diffraction intensity studies. The contours represent lines of constant 
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average electron density, and show conclusively that the geometric structure of 
naphthalene is 


where all the atoms lie in the same plane. The contour maps provide very 
precise values for the distances between nuclei and the angles between bonds. 
Consequently, much of our knowledge of molecular structure is obtained from 


x-ray studies. 


Chemical Analysis by X-rays 


We have seen that the interplanar spacing of a crystal lattice determines the 
angles at which strong x-ray diffraction occurs. These interplanar spacings are 
a most intimate characteristic of the crystal, for they are determined by the 
size and arrangement of its atoms. Each crystalline compound has its own set 
of interplanar spacings and thus its own characteristic set of x-ray diffraction 
angles which, like a fingerprint, can be used to identify the substance. 

One of the simplest applications of x-ray identification is to prove or dis- 
prove the existence of new compounds. For example, it’is well known. that 
cadmium forms an oxide whose formula is CdO. In this compound, cadmium 
is in the +2 oxidation state, which is consistent with all the other chemistry of 
cadmium. It is possible, however, to prepare an apparently homogeneous sub- 
stance that, according to chemical analysis, has the empirical formula Cd50. 
Is this substance a true compound in which cadmium is in the +1 oxidation 
state? X-ray examination provides the answer. The x-ray reflections from 
“Cd,0” occur only at angles which are characteristic either of metallic cadmium 
or CdO. It would certainly be expected that “Cd20,” if it were a true com- 
pound, would haye different lattice spacing and hence different x-ray reflection 
angles from either cadmium metal or CdO. Therefore it must be concluded 
that “Cd,0” is really not a true compound, but a physical mixture of tiny 
crystals of cadmium metal and CdO. 


Determination of Avogadro’s Number 
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One of the most fundamentally important results of x-ray diffraction studies is 
the precise determination of the value of Avogadro's number. In principle, the 
measurement is very simple. X-rays of known wavelength are used to deter- 
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ie the interplanar spacings of a crystal. From this, the volume occupied by 
molecule (or atom) ean be calculated. Then the measured volume of one 
of the crystal is divided by the volume of one molecule, and the result is 
 Wogadro's number. 

One of the keys to this procedure is the knowledge of the wavelength of the 
‘x-rays. How is this determined in the first place? The answer is surprisingly 
mple. An artificial “lattice” is created by carefully drawing closely spaced 
s on a surface. Even though these lines are as much as 5 X 10~* em apart, 
uch greater than the 10-5-em wavelength of x-rays, they still can produce 
n x-ray diffraction pattern if the x-rays are directed almost parallel to the ruled 
‘surface. A similar diffraction effect can be seen when visible light grazes a 
graph record. Even though the wavelength of the light is much smaller 
n the spacing between the record grooves, diffraction is observed if the 
ing angle is small enough. In the x-ray experiment, the wavelength can be 
c lated from the measured diffraction angles and the known spacing of the 
ruled lattice. 


A lattice of points, showing the 
unit cell in heavy outline, and 
three fundamental translational 
vectors a, b, and c. 


Our discussion of x-ray diffraction, we emphasized that the. microscopic 
aracteristic that produces sharp diffraction patterns is an ordered, regularly 
peating structure. Crystalline solids which show these sharp diffraction phe- 
nomena can therefore be described in terms of lattices, or three-dimensional 
arrays of points that display a regular repetition pattern. An example of such 
ittice is shown in Fig. 3.20. The lattice is characterized by the distance 
een successive points along each of the three axes indicated, and the angles 
stween these axes. * 


lattice of points shown in Fig. 3.20 may also be discussed in terms of a 
c, simple array of points called the unit cell. This unit cell is the smallest 
Which, when repeated in three dimensions, will generate the entire crystal. 
crystal can thus be thought of as composed of a combination of unit cells, 
ith neighboring cells sharing faces, edges, or corners. The unit cell of the 
tice pictured in Fig. 3.20 is shown with its outlines emphasized. 
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3.4 THE CRYSTAL LATTICES 


The Unit Cell 
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FIG. 3.21 The unit cells of the fourteen Bravais lattices grouped into the seven crystal systems. 
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The Bravais Lattices 


By considering the possible combinations of the lattice point spacings (a, b, c) 
along each of the lattice axes and the angles (o, 8, Y) between these axes, it is 
possible to generate seven crystal systems. 'The geometric characteristics of 
these crystal systems are listed in Table 3.2. In 1848, Bravais showed that 
associated with these seven crystal systems, there were only fourteen erystal 
lattices. The unit cells for these fourteen Bravais lattices are shown in Fig. 3.21. 
Every naturally occurring crystal has one of these lattice structures. However, 
in a natural crystal the lattice sites may be occupied by atoms or more frequently 
by complex groups of atoms, and hence the unit cell may have a complicated 
interna! molecular structure. Since even in the most complex molecular struc- 
tures the unit cell is the basic repeating unit of the crystal, the unit cell dimen- 
sions can be obtained from x-ray diffraction patterns by use of the Bragg 
relation, Eq. (3.1). The actual structure within the unit cell is a more difficult 
problem, however, and is determined from measurements of the intensities of 
the spots in the diffraction pattern. 


Table 3.2 The seven crystal systems and fourteen Bravais lattices 


Crystal system Unit cell dimensions and angles Bravais lattice 

Cubic a=b=cj;a=sp=7=90° Simple 
Body-centered 
Face-centered 

Orthorhombic a #b%#c; a= ß = y= 90° Simple 


Body-centered 
End-centered 
Face-centered 


Tetragonal acbscijazBü-y-90* Simple 
Body-centered 
Monoclinic a #b%#c;a= y= 90° #ß Simple 
End-centered 
Rhombohedral a=b=c,;a=8=7 #90° Simple 
Triclinic a Æ b *cC; a #ß # vs 90? Simple 
Hexagonal a=b # c; a = ß = 90°; y = 120° Simple 


3.5 COMMON CRYSTAL STRUCTURES 


When the sites of the various Bravais lattices are occupied or surrounded by 
polyatomic molecules, quite complex crystal structures can result. However, 
there are a few types of structures that not only have simple geometric charac- 
teristics but also occur quite frequently in natural crystals. In this section we 
shall examine a few of these common erystal structures: 
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Closest-Packed Structures 


FIG, 3.22 


* 
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There are many substances whose atomie arrangement can be pictured as a 
result of packing together identical spheres so as to achieve maximum density. 
In particular, almost all the metallic elements and many molecular crystals 
display these “closest-packed” structures. Let us see, then, how the closest 
packing of spheres can be achieved. 


A single layer of closest-packed spheres. 


Figure 3.22 shows the closest-packed arrangement of spheres whose centers 
lie in a single plane. Each sphere is surrounded by six others, which are called 
its nearest neighbors. For future reference, we shall label each of the sites 
occupied by the spheres with the letter a. Consideration of Fig. 3.22 suggests 
that a second layer of closest-packed spheres can be added by placing spheres 
in the depressions, or “holes,” of the first layer. All of these depressions are 
identical, but they can be divided into two groups. If we place a sphere at a 
site marked b, we cannot place one in the adjacent sites marked c, and vice 
versa. Thus all spheres which form the second closest-packed layer must be 
placed either at the b-sites or the c-sites. The arrangement produced by choosing 
the b-sites is shown in Fig. 3.23. 


Two layers of closest-packed spheres. 


When we attempt to add s third layer, two possibilities confront us. There 
are once again two types of depression available to accept the third layer, but 
they are not exactly equivalent. One type of depression is labeled a in Fig. 3.23, 
for it lies directly above the center of a sphere of the first layer. The other type 
of depression, denoted by c, lies directly over a hole in the first Jayer—in fact, 
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directly over a c-type hole. Either of these two types of site may be used to 
accommodate atoms of the third layer, and either choice leads to a closest- 
packed crystal lattice. 

When the spheres of the third layer are placed at the a-sites and the sequence 
of the layers is continued indefinitely as abababab, etc., we obtain a hexagonal 
closest-packed structure. This designation is chosen because the atoms in the 
two a-layers occupy the sites of the unit cell of the hexagonal Bravais lattice. 
The three atoms within the cell (the b-layer) do not occupy lattice sites. As 
Fig. 3.24 shows, when the structure is rotated about an axis perpendicular to 
the layers and passing through one sphere, the same structure is encountered 
three times in the course of a complete revolution. 


Hexagonal closest packing 
of spheres: (a) normal and 
(b) exploded view. 


(a) 


The second possibility is that the spheres of the third layer be located at the 
c-sites, and when the sequence abcabcabe, ete., is continued indefinitely, the 
resulting arrangement is called cubic closest packing. To see why this lattice is 
described as eubie, we must rotate the structure as in Fig. 3.25. Then it be- 
comes clear that the basic unit of the cubic closest:packed structure is a cube 
which contains 14 spheres. The layers which we used to build up the structure 
run through the cube parallel to diagonals that link opposite corners. Close 
study of the cubic closest-packed lattice shows that there is a sphere at the 
center of each face of the cube, and consequently this structure is also known 
as the face-centered cubic lattice. Generally it is difficult to see in a picture both 
the closest-packed layers and the face-centered cube surfaces, but a three- 
dimensional model reveals both features clearly. 
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There are a few properties that are common to both of the closest-packed 
structures. In both instances 74.0% of the available space is occupied by 
spheres. In either of the closest-packed lattices each sphere is in direct contact 
with 12 nearest neighbors—6 which lie in one layer, and 3 from each of the 
layers above and below. The number of nearest neighbors is called the coordi- 
nation number of the sphere, and our arguments show that 12 is the maximum 
possible coordination number, since it is found when spheres are packed with 
maximum density- 


(b) 


Cubic closest packing of spheres: (a) generation of unit from closest-packed layers, and 
(b) rotation to shðw cubic symmetry. 


Solids whose molecules or atoms are essentially spherical in shape and are 
linked by nondirectional bonds are often found to have one of the closest- 
packed structures. In particular, all of the noble gases crystallize in either 
cubic or hexagonal closest-packed structures. The electron cloud in the hydrogen 
molecule H is nearly spherical in shape and crystals of solid: hydrogen have the 
cubic closest-packed structure. The hydrogen halides HCl, HBr, and HI are also 
nearly spherical molecules, since they consist of a large spherical halogen atom 
only slightly distorted by the very small hydrogen atom. Accordingly, all 
three of these compounds crystallize in a hexagonal closest-packed structure. 
The tendency of spherical molecules to crystallize in one of the closest-packed 
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structures is apparently a consequence of the fact that, by so doing, they. 
achieve the maximum coordination number, 12, thereby maximizing the 
strength of the intermolecular van der Waals forces. 


The body-centered cubic lattice. Spheres at cube 
centers are shaded to emphasize their position. 


Table 3.3 gives the crystal structures of many of the metallic elements. 
A number of these elements are polymorphic: they érystallize in more than one 
structure. Most of the metals have either the hexagonal or cubie closest-packed 
structures in which the atoms have the maximum possible coordination number 
of 12. Several metals are found in the body-centered cubic structure illustrated 
in Fig. 3.26. In this lattice there is a sphere at each corner and in the center of 
a cube, which is the repeating unit of the lattice. Because each sphere has only 
8 nearest neighbors in the body-centered cubic lattice, it is not a closest-packed 
structure. However, in the body-centered lattice, the spheres occupy 68% of 
the available space, only slightly less than the 74% characteristic of the closest- 
packed structures. We shall see in Chapter 11 that the high coordination 
numbers found in metallic lattices are related to the nature of metallic bonding. 


Table 3.3 Crystal structures of the metallic elements 
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FIG, 3.27 


(a) 


Construction of tetrahedral interstitial site in a closest-packed lattice. 


Structures Related to Closest-Packed Lattices 
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The crystal structures of many of the binary compounds of the type AB, AB», 
and AB are related in a simple manner to the closest-packed arrangements. 
Very often atoms of one type, let us say B, can be pictured as spheres that form 
a closest-packed structure, while the A-atoms occupy the interstices or holes 
between the close-packed spheres, To pursue this idea, we must examine the 
geometry of the holes in the closest-packed structures. 

One of the basic units in either of the closest-packed structures is one sphere 
resting upon three others, as is illustrated in Fig. 3.27. The centers of the four 
spheres in this arrangement lie at the apices of a regular tetrahedron: Con- 
sequently, the space at the center of this tetrahedron is called a tetrahedral site. 
In any close-packed structure, each sphere is in contact with three others in the 
layer above it, and with three more in the layer below. As a result, there are 
two tetrahedral sites associated with each sphere. From these observations, 
we can see how the crystal structure of a binary compound AB might be related 
to a closest-packed arrangement. First, imagine that the B-atoms form a close- 
packed lattice. Then a compound AB could have a structure in which half of 
the tetrahedral sites were occupied by A-atoms. If the formula of the compound 
were A.B, all of the tetrahedral sites could be occupied by A-atoms. As we shall 
see, both these arrangements are found in nature. : 

There is a second type of interstitial site in the closest-packed structures. 
This site is surrounded by six spheres whose centers lie at the apices of a regular 
octahedron, as illustrated by Fig. 3.28. The existence of these octahedral sites 
in the closest-packed structures is easier to recognize if we realize that each face 
of a regular octahedron is an equilateral triangle. Figure 3.28 shows, therefore, 
that an octahedral site can be generated by two sets of three spheres, each set 
forming, in parallel planes, equilateral triangles with apices pointing in opposite 
directions. These sets of equilateral triangles appear naturally in the parallel 
planes of the closest-packed structures. 
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Construction of octahedral interstitial site in a closest-packed lattice. 


To see the relation between the octahedral sites and the tetrahedral sites, 
recall that in building the second layer of a closest-packed structure, spheres 
were set into only half the depressions in the top of the first layer. The depres- 
sions in which spheres of the second layer rest are tetrahedral sites, while the 
depressions in which no sphere rests form the octahedral sites. 


Locations of the octahedral sites in a face- 
centered cubic lattice. 


There is another way of locating octahedral sites. Figure 3.29 shows the 
face of a face-centered cubic lattice. The center of any regular octahedron falls 
on an equatorial plane formed by the centers of four spheres; these locations 
are marked in the drawing. By using Fig. 3.29, it is easy to see that there is 
one octahedral site for every sphere in the structure, because if we follow one 
column of spheres vertically, octahedral sites and spheres alternate. This 
conclusion holds for the hexagonal closest-packed structure as well. Thus there 
are half as many octahedral sites in a closest-packed structure as there are tetra- 
hedral sites. Consequently a compound AB might be formed with the B-atoms 
arranged in a closest-packed structure, and A-atoms at all the octahedral sites. 
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FIG. 3.30 


114 


The dimensions of the interstitial sites in closest-packed lattices are related 
to the size of the spheres used to form the structures. Figure 3.30 shows a 
cross section through an octahedral site. The radius of the small sphere that 
occupies the site can be found by simple geometry, for if we let rı and r2 be the 
radii of the small and large spheres, respectively, the theorem of Pythagoras 
tells us that 

2(ry +72)? = (2r2)”, 
ri +12 = V2 rs, 


T — 9414. 
T2 

Thus in order to occupy the octahedral site without disturbing the closest- 
packed lattice, the radius of the small sphere should be no greater than 0.414 
times that of the large spheres. A similar calculation for the tetrahedral sites 
gives r1/ro —.0.225 for the maximum radius ratio, so a tetrahedral site is 


- noticeably smaller than an octahedral site. 


The geometry of an octahedral site in a closest-packed 
lattice. 


With the geometric properties of the closest-packed structures in mind, we 
are in a position to appreciate the relationships among the structures of many 
simple compounds. Our approach applies most clearly to compounds made up 
of monatomic ions, for these ions can be thought of as spheres with charac- 
teristic radii. It is true that an actual ion is not a sphere with a well-defined 
radius, but is a spherical charge “cloud” of rapidly decreasing density that, in 
principle, extends to infinity. Our procedure is to picture ions which have many 
electrons as large spheres and those with fewer electrons as smaller spheres, and 
while this is a useful model, its limitations must be remembered. 

Consider first Fig. 3.31, the sodium chloride, or rock-salt structure. The 
chloride ions considered alone form a face-centered cubic lattice, and the sodium 
ions alone also have a face-centered cubic arrangement. Neither of these inter- 
penetrating lattices is really closest-packed in the model, since the ions along 
the diagonal of a cube face do not touch each other. However, because the 
chloride ions are represented by the larger spheres, it is profitable to think of 
them as forming a cubic close-packed lattice that has been slightly expanded 
by the presence of the sodium ions. Study of the rock-salt structure shows us 
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' The sodium chloride structure: (a) space-filling model showing relative sizes of ions; 
(b) lattice model showing the octahedral coordination about each ion. 


that the sodium ions occupy the octahedral sites in the chloride close-packed 
lattice. Thus each sodium ion is surrounded by six chloride ions, and Fig. 3.31 
shows that the converse is also true. As we remarked earlier, there is one octa- 
hedral site for each sphere in the closest-packed structure, and since there are 
equal numbers of sodium and chloride ions in sodium chloride, all the octahedral 
sites in the chloride lattice must be occupied by sodium ions. Many other 
compounds of the AB-type have the rock-salt crystal structure; this is true 
even of some in which the ions are polyatomic. A partial list of these com- 
pounds is contained in Table 3.4. 

Another structure common to several binary 1:1 compounds is the zinc- 
blende (ZnS) structure illustrated in Fig. 3.32. The simplest point of view in this 
case is to think of the large sulfide ions as forming a face-centered cubic lattice 
that is almost closest-packed, with the zinc ions occupying alternate tetrahedral 
sites. Only half of the tetrahedral sites are occupied because the compound has 
1:1 stoichiometry and there are two tetrahedral sites associated with each sulfide 


Table 3.4 Structures derived from cubic closest packing 


Holes used a Name Examples 
Octahedral 1 Rock salt Halides of Li, Na, K, Rb; NH4CI, NH4Br, 
NHal, AgF, AgCI, AgBr; oxides and sul- 
fides of Mg, Ca, Sr, Ba. 
Tetrahedral i Zinc blende ZnS, CuCl, CuBr, Cul, Agl, BeS 
Tetrahedral 1 Fluorite CaF2, SrF2, BaF2, PbF2, HfO2, UO» 
1 Antifluorite Oxides and sulfides of Li, Na, K, and Rb 
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FIG. 3.32 


jon. Because the zinc ions occupy tetrahedral sites, it is clear that they have a 
coordination number of four, and reference to Fig. 3.32 shows that the coordi- 
nation number of the sulfide ions is also four. Because the tetrahedral sites 
are relatively small, the zinc-blende structure is found in 1:1 compounds in 
which the cation is much smaller than the anion. Table 3.4 lists several of the 
compounds that have the zinc-blende structure. 


The zinc-blende crystal structure. Both 
the zinc and the sulfur atoms have a 
coordination number of four. 


Some compounds whose stoichiometry is of the type 1:2 are found to crystal- 
lize in the fluorite (CaF) structure pictured in Fig. 3.33. One way of describing 
this arrangement is,to say that the calcium ions form a face-centered cubic 
lattice and the fluoride ions occupy all the tetrahedral sites. Closely related 
to this lattice is the antifluorite structure characteristic of 2:1 compounds like 
Na30. In the antifluorite structure, it is the anions that form the face-centered 
cubic lattice, and the cations that occupy all the tetrahedral sites. The anti- 
fluorite and the fluorite structures are both related to the zine-blende structure, 
in which only half the tetrahedral sites in a face-centered cubic lattice are 
occupied. 

Our discussion has shown that there are four structures derived from cubic 
closest-packing that are found in a large number of common binary inorganic 
compounds. It is easy to see that a similar group of lattices can be generated 
from the hexagonal closest-packed structure, and examples of these are common 
among known compounds. Even the structures of some compounds with more 
complex stoichiometry can be related to the closest-packed lattices. Thus the 
packing of spheres provides a simple picture which seems to unify much of 
structural chemistry, and we shall make some use of this approach in our 
subsequent discussions of descriptive chemistry. 


Local Packing Arrangements 
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Tn discussing structures derived from the closést-packed lattices, we noted that 
the sizes of octahedral and tetrahedral sites were different. In a crystal like 
ZnS, the very small Zn** ions occupy the small tetrahedral sites in the nearly 
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The fluoride lattice. The cations form a face- 
. centered cubic lattice with the anions at all 
| tetrahedral interstitial sites. 


closest-packed sulfide lattice. In NaCl, however, the ion sizes are more nearly 
comparable, and thus the positive ions occupy the larger octahedral interstitial 
sites in the anion lattice. These and similar observations suggest that in other 
situations, not necessarily derived from the close-packed structures, the coordi- 
nation number of an atom or ion may be influenced or determined by the ratio 
of its radius to the radius of the atoms surrounding it. 

To explore this idea further, we consider the coordination of a cation by 
anions, and make the following postulates: 


1. Cations and anions try to be as close as their radii permit in order to maximize 
Coulomb attraction. 


2. Anions never approach each other more closely than their ionic radii permit. 


3. Each cation tends to be surrounded by the largest possible number of anions 
that is consistent with the first two postulates. 


According to these postulates, a particular coordination number will occur 
between the values of the cation-to-anion radius ratio at which the anions 
simultaneously touch each other and the central cation, and the radius ratio at 
which this condition becomes possible for the next higher coordination number. 
Thus tetrahedral coordination is stable for cation-to-anion radius ratios of 
0.225 to 0.414, at which point it becomes possible to increase the coordination 
number to six. A simple geometric calculation shows that it is possible to bring 
three anions and one eation into contact when r4/r—_ = 0.155. The coordina- 
tion number three is stable between this radius ratio and 0.225, at which point 
tetrahedral coordination becomes possible. Table 3.5 summarizes the range of 
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radius ratios over which coordination numbers of 2, 3, 4, 6, 8, and 12 are 
expected to be stable. 

By using values of the ionic radius assigned to various cations and anions 
(see Chapter 11) it is possible to predict the cation coordination number in 
various compounds. In most cases the predicted coordination number is ob- 
served. Thus the consideration of radius ratios is a valuable technique which 
can be used to guess the structures of species in which the bonding is suspected 
to be electrostatic or nondirectional. 


Table 3.5 Local packing arrangements 


Cation 
coordination Radius ratio Geometry Examples 
number 
2 0-0.155 Linear 
3 0.155-0.225 Triangular 
4 0.225-0.414 Tetrahedral 
6 0.414-0.732 Octahedral 
Clg cr 
Cree 
c- 
8 0.732-1.0 Cubic 
Cst 
cy CI- 
ch 
cr 
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*op5es 3.6 DEFECTS IN SOLID STRUCTURES 


` Tn our discussion up to this point we have tacitly assumed perfect lattice struc- 
tures for crystalline solids. In fact, naturally occurring crystals have substantial 
numbers of defects. These defects have an important and sometimes dominating 
influence on the mechanical, electrical, and optical properties of solids. The 
study of the ramifications of defects is by itself a major research area encom- 
passing chemistry, engineering, and solid state physics. Here we will indicate 
the classification, description, and major consequences of the most common 
crystal imperfections. 


Point Defects 


Lattice imperfections are classified according to their geometric characteristics. 
Point defects involve only one or two lattice sites directly. Line defects have to 
do with alterations or displacements of a row of lattice sites. Plane defects 
arise when a plane of sites is imperfect. 


BY CE e Selí- 
B E Iu interstitial 
Vacancy 


XE 
S í 
o © O` 
put 


impurity 


Substitutional 
impurity 


Types of point defect in a simple crystal structure. FIG. 3.34 


The four major kinds of point defects that occur in a erystal of one type of 
atom or molecule are indicated in Fig. 3.34. If an atom is missing from a lattice 
site there is a vacancy; an atom out of place is called self-interstitial. A foreign 
atom occupying a lattice site is called a substitutional impurity, whereas one 
placed off a site is an interstitial impurity. i 

In ionic solids, certain special cases of these point defects occur (see Fig. 3.35). 
A vacancy at à cation site is frequently accompanied by a vacancy at a nearby ` 
anion site. Such paired cation-anion vacancies, called Schottky defects, preserve 
the electrical neutrality of the crystal, and their formation requires relatively 
little energy. In a Frenkel defect, an ion leaves its lattice site and enters an 
interstitial position. ‘This process also preserves overall electrical neutrality. 
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Formation of Frenkel defects requires relatively little energy if the anions are 
large and the cation is small, as in the silver halides, or if the erystal structure 
is of an open type with large interstices, like the fluorite (CaF) structure. 

A simple anion vacancy in an ionic crystal creates a local excess of positive 
charge. An electron can migrate to this site and be bound, in effect replacing 
the absent negative ion. The presence of a number of such defects imparts a 
color to an otherwise colorless crystal, and consequently this type of imperfec- 
tion is called an F-center, after Farbe, the German word for color. 

In ionic compounds, substitutional impurities can occur relatively easily. 
For example, the ions Ba** and Sr** have the same charge and are fairly 
similar in size. Consequently, if BaSO, is precipitated from a solution contain- 


"ing strontium ions, some of the latter are inevitably incorporated in the newly 


formed barium sulfate crystals. Such substitutional impurities are very common 
in ionie compounds of the transition metals, since many of these elements form 
ions of the same charge and very nearly the same size. 


Schottky 
Frenkel defect 
defect 

F-center 


Types of point defect in an ionic solid. 


As mentioned in Chapter 1, vacancies and interstitial atoms are responsible 
for the occurrence of nonstoichiometrie compounds. Nickel oxide, NiO, is a 
good example of a compound which has a somewhat variable stoichiometry. 
When nickel oxide is prepared at relatively low temperature (1100°K) by partial 
oxidation of excess nickel, its composition is Ni;.o01.o, its coloris pale green, and 
its electrical properties are those of an insulator, as one would expect for a 
simple ionic compound. If the same substance is treated with excess oxygen 
at 1500°K, cation vacancies occur, the composition approaches Nip.9701.0, the 
color turns black, and nickel oxide becomes an electrical semiconductor. 

The deficiency of positive charge which would otherwise accompany. cation 
vacancies is made up by. the presence of the appropriate amount of Ni*?, and 
it is just this factor which is responsible for the electrical conductivity of non- 
stoichiometric NiO. If a Ni*? ion exists at some point, an electron from else- 
where in the lattice may jump to it, converting it to Ni**, and simultaneously 
creating a Nit? ion ata new lattice point. By a series of such electron jumps, 
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charge can migrate through the crystal, and thus nonstoichiometrie NiO is not 
an insulator, but a semiconductor. 

It has been found that NiO will dissolve substantial amounts of Li;O. The 
lithium ion Lit enters the NiO lattice as a substitutional impurity at some of 
the cation sites. Since Lit has only a single positive charge, an equal number 
of Nit? ions must be present in the lattice in order to preserve electrical 
neutrality. Consequently, NiO which has been “doped” with Li,O is an even 
better electrical conduetor than nonstoichiometrie NiO, since the doping pro- 
cedure permits the introduction of even greater numbers of Ni*? ions. 

Figure 3.36 shows the two types of line defects. In an edge dislocation an 
extra half-plane of atoms is present. The rest of the lattice along the edge of 
this plane is alternatively compressed or expanded in order to accommodate it. 


(a) (b) 
Two types of line defect in a crystal lattice. (a) An edge dislocation. (b) A screw dislocation. 


In a screw dislocation, part of a set of lattice planes has been moved one or 
more lattice units relative to their neighboring lattice planes. In effect, the 
screw dislocation represents a partially successful attempt to shear the crystal 
lattice. In the region around the dislocation, the lattice is under a shear stress. 

The frequency of occurrence of edge dislocations is expressed as a number of 
dislocations per unit area. In z normally annealed metal, there may be as many 
as 10° edge dislocations per cm?. This figure should be compared with the num- 
ber of atoms per em?, which is approximately 10'°. In a metal which has been 
cold-worked, however, the dislocation density can rise to 10!! to 10!? per cm?. 

Edge dislocations have profound influence on the mechanical properties of 
matter. If two perfect close-packed planes of atoms are to be displaced relative 
to each other, the applied shear stress must, overcome the attraction of each 
atom in one plane to its nearest neighbors in the other plane. The stress neces- 
sary to do this can be calculated from the known interatomic forces to be on 
the order of 10° psi. The actual required force as measured experimentally is 
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FIG. 3.37 


only 10? psi or less. The discrepancy between these two numbers arises because 
of the presence of edge and screw dislocations in normal metal samples. Figure 
3.37 indicates how an edge ‘dislocation facilitates the motion of one plane of 
atoms over another. Because only one row of atoms must move at a time, and 
because the row which moves is already in a distorted, energetically unstable 
position, less force is needed to carry out the shear. 


——— -——— ~~ 


——- on ——- penr 


The motion of an edge dislocation under a shearing stress. 


Metals can be hardened and strengthened by the inclusion of foreign atoms. 
Foreign atoms whose size is different from that of the host tend to occupy 
lattice positions in or near dislocations, where they can be more easily accom- 
modated in the distorted lattice. This makes it more difficult to move the dis- 
location under an externally applied stress, since it is now energetically more 
favorable for the defect to remain where the lattice is distorted by impurity 
atoms. The efficacy of different impurities in strengthening a metal in. this 
manner is directly related to their size. Thus, while addition of 10% zinc 
increases the strength of copper by 30%, the same amount of beryllium, a much 
smaller atom, nearly triples the strength. 

As pointed out in Section 3.1, solids often have a microcrystalline structure, 
and the interface between two differently oriented microcrystals is an example 
of a plane or surface defect. Since the lattice planes in two such neighboring 
microcrystals will tend to be randomly oriented, the surface atoms of the two 
erystallites will be out of register. Consequently, there will be a transition 
region between the crystallites in which the atomic spacing will be irregular. 
In these so-called grain boundary regions, the atoms are less stable and con- 
sequently tend to be more reactive. This is why the microcrystalline structure 
of a metal can be revealed by etching: the atoms in the grain boundaries 
are preferentially removed, and the microcrystals are left as partially raised 
structures. 
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According to the law of Dulong and Petit, the heat capacity of one gram atom 
of a solid element is approximately 6.3 cal/deg. We have seen that the applica- 
tion of this rule is not limited to elements, for experiments show that the heat 
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capacities of many solids, elemental or compound, is 6 cal/deg per mole of atoms. 
Of course, there are exceptions to this law. There are many substances whose 
heat capacities, measured at room temperature, are much smaller than predicted. 
These exceptional substances are the hard high-melting crystals that are made 
up of light atoms, such as boron, carbon, and beryllium. Moreover, the Dulong 
and Petit law fails for all substances if the heat capacity is measured at low 
temperatures. That is, the heat capacity of a solid is not constant, but depends 
on temperature in the manner illustrated in Fig. 3.38. At the absolute zero of 
temperature, the heat capacity of all substances is zero. As the temperature is 
raised, the heat capacity increases, but at different rates for different substances. 
Finally, in the limit of very high temperatures, the heat capacity of all solids 
is 6.3 cal/deg per mole of atoms. 


mu 

= 

3 

=e 
1 Heat capacity for silver at constant 
3 volume, Cy. 
0 100 200 300 400 


TCK) 


The key to understanding the temperature dependence of the heat capacities 
of solids was supplied by Einstein in 1905. It is an important argument, for it 
was one of the first demonstrations of the validity of Planck’s hypothesis that 
atomic systems can exist with only certain discrete energies. Before reconstruct- 
ing the details of Einstein's treatment, let us examine the general outline of the 
calculation. The heat capacity measured at constant volume is given by 


AE 


Cy = Ap! 


where AZ is the change in the total energy of a mole of substance produced by 
the teniperature change AT. We shall calculate AE from the expression 


AE = N 5e, 


where N is the number of atoms in the erystal, and Aé is the change in the average 
cnergy of an atom in the crystal produced by the temperature increase AT. 
Our first objective then is to find an expression that tells us how the average 
energy € depends on temperature. 
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Imagine, as did Einstein, that a mole of monatomic solid consists of N mass 
points that can oscillate in the three mutually perpendicular directions with a 
vibration frequency v. According to Planck’s proposal of quantized energy, an 
atom oscillating in one direction could have only one of the energies given by* 


En = nhv, ny ee 6-1 


where h is a proportionality factor between frequency and energy, known as 
Planck’s constant, and n is an integer. Planck's constant has the value 6.6 X 
10-27 erg-sec, and the frequency v is equal to 10!? sec"! for many solids. An 
actual atom in a solid is a three-dimensional oscillator, but for simplicity we 
shall continue to treat only a one-dimensional oscillator, and correct for this 
discrepancy later. 

At thermal equilibrium, the oscillators in a crystal will be distributed among 
the various allowed energies according to the Boltzmann distribution law. This 
is analogous to the situation which exists in gases, where the molecules are 
distributed over the available translational energies according to the Maxwell- 
Boltzmann law. The Boltzmann distribution law states that the number NV, 
of atoms with energy €, is related to the number No with energy €o = 0, by 
the expression 

Na = Noe T = Noe th /*?, (3.2) 


The total number of particles, N, is equal to the sum of the numbers in each 
energy state: 
N=No+Nit+No+N3+::: 


Substitution of the Boltzmann factor, Eq. (3.2), gives 
N = Na H Noe lt? + Noe IET esu. 
IN. S gone 


n-0 


Now let us compute the total energy due to the oscillation of the atoms in 
this one direction. We do this by multiplying each energy €n by the number of 
particles which have that energy, and adding all these quantities: 

E = eyNo + Ni + egNa +++ 
= 0No+hvN, + 2hvN5 +- 
= 0+ wN oe ™ T +. hyN ge IET p. 


E 
= No Y. nhve ™'*T 
I 


*Planck’s proposal was slightly in error. The energies allowed to an oscillator are 
given by e, = (n+ $)hv, where n is an integer. The omission of the $ makes no 
difference in the problem we are treating. 
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We are now in ph IESE eee M M MEN et 
ional oscillator. It is simply ^ . : 


(3.3) 


y = e-"*T, — whichgives — e" = y". 


en, for the series in the denominator of Eq. (3.3), we get 


lcs. ACTDEMEYSD Y Ee 


MM I. 

Es 

This last step can be verified by algebraic long division of lbyl- y. 

— We treat the series in the numerator of Eq. (3.3) in the same manner: 


lee En" = yl +y +3 H) 


er n 
KEROH 


ce again, this last step can be checked by sinet division. 


tiplying numerator and denominator by e'/*7 yields 


hy 


[3 = poner 


n Eris is the average energy of a one-dimensional oscillator. The average 
energy of an atom in a crystal is three times this amount, since the atom vibrates 
in three directions. Thus 


latom = LER (3.4) 
atom fone IRE Wey 


is the average energy of the three-dimensional atomic oscillator. 
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Let us now compute the heat capacity of the solid at high temperatures—high 
enough so that hv/kT «« 1. Under these conditions, the denominator of Eq. (3.4) 
simplifies considerably. By the fundamental properties of the exponential 


function, 
wir. ge (BN y amy y... 
e -i dei) +6\er) * 


But if hv/kT < 1, all terms after the second are very small and may be neglected 
in comparison with 1 + hv/kT. We have then 


the Bh 
Pa ean Ia AS 
= BkT. 


Therefore the total energy of one mole of atoms is 
E = Né= 8NkT = 3RT, 
and the heat capacity is 


= 3R = 6 cal/mole-deg. 


This result is close to the value used in the Dulong and Petit law. The Dulong 
and Petit constant is usually taken to be approximately 6.3 cal/mole-deg, since 
it refers to Cp, the heat capacity at constant pressure, which is slightly larger 
than Cy, the heat capacity at constant volume. 

It is more difficult to analyze the behavior of the heat capacity at low tem- 
peratures, since it is not possible to simplify Eq. (3.4) appreciably when T is 
very small. Moreover, a simplification of Eq. (3.4) for low-temperature situa- 
tions is not particularly useful, for the Einstein theory is only approximate, 
and its limitations are most serious at low temperatures. Nevertheless, the 
theory is qualitatively correct, and a certain amount can be learned from the 
graph of the expression 
3Nhv 
docs QUT oy 
as a function of temperature which is shown in Fig. 3.39. The slope of the 
curve in Fig. 3.39 is AE/AT, or exactly equal to the heat capacity. At the higher 
temperatures, the curve is a straight hne of slope 3Nk = 3R, which cor- 
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responds to the limiting Dulong and Petit law. At lower temperatures, the 


curve becomes progressively flatter, AE/AT becomes smaller, and the heat. 


capacity eventually vanishes at absolute zero temperature. 

The important feature of this analysis is the demonstration that when the 
condition Av/kT-«« 1 is not satisfied, the heat capacity falls below the limiting 
value of 6 cal/mole-deg. The quantity hv is the difference between the various 
allowed energies of an oscillator, and if this difference were vanishingly small, 
we would always have hv/kT <1 for all finite temperatures, and the heat 
capacity of solids would always be 6 cal/mole-deg. The failure of the Dulong- 
Petit law is, therefore, a demonstration of the existence and importance of the 
separated allowed energies of atomic systems. 


Energy 


The dependence of the vibrational 
energy of a crystal on temperature. The 
slope of the line is the heat capacity, Cy. 


Temperature 


Room 
temperature 


3.8 


The mechanical, electrical, optical, and thermal properties of a solid are deter- 
mined by the geometry of its crystal lattice and by the nature and strength 
of the forces that hold it together. Because of the large number of possible 
crystal lattices and the variety of cohesive forees, the properties of one solid 
can differ enormously from those of another. Nevertheless, it is possible to 
detect regularities and relationships in the behavior of solids and to classify 
them accordingly. Molecular crystals of spherical atoms and molecules tend 
to assume closest-packed structures and are volatile and mechanically weak. 
Metals, in general, have a densely packed structure—either of the closest- 
packed lattices or the body-centered cubic arrangement. The structures of a 
large number of binary ionic compounds are related to the closest-packed 
structures; ions of one charge form an expanded lattice of the hexagonal or 
cubic closest-packed type, with ions of the opposite charge occupying some or 
all of either the octahedral or tetrahedral holes. We shall find in our study of 
descriptive chemistry that the ability to recognize the similarities and dif- 
ferences in the crystal structures of solid compounds will help us to understand 
their ehemieal and physical properties. 
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3.1 Many of the features of crystal lattices can be appreciated fully only upon 
inspection of a three-dimensional model of the structure. Convenient and inexpensive 


. models of crystal lattices can be constructed from gumdrops and toothpicks. Build 


models of the crystal structures shown in this chapter. 


3.2 The density of solid sodium chloride is 2.165 gm/cc, and one mole weighs 
58.448 gm. What are the dimensions of a cube that contains one mole of solid NaCl? 
If the distance between centers of adjacent Na+ and CI- ions is 2.819 X 10-8 cm, 
how many ions of each charge lie along each edge of the cube? Calculate Avogadro’s 
number from these data. 


3.3 Consider a face-centered cubic lattice made up of identical hard spheres of 
radius R. What are the dimensions of a cubical box that will just enclose the centers 
of the 14 spheres shown in Fig. 3.25? What is the volume of this box? Calculate the 
fraction of this volume that the spheres actually occupy. 


3.4 The simple cubic lattice consists of eight identical spheres of radius R in contact, 
placed at the corners of a cube. What is the volume of the cubical box that will just 
enclose these eight spheres, and what fraction of this volume is actually occupied by 
the spheres? 


3.5 The faces of the cubic crystal of sodium chloride shown in Fig. 3.5(a) are parallel 
to the faces of the face-centered cubic lattice of Fig. 3.7. Consequently, each of the 
lattice planes parallel to the cubic faces contains equal numbers of sodium and 
chloride ions. Is the same true of a plane parallel to the octahedral faces of Fig. 3.5(c)? 
To answer, compare Figs. 3.6 and 3.7. 


3.6 A tetrahedral site in a closest-packed lattice can be generated by placing four 
spheres of radius E at alternate corners of a cube. Since the spheres are in contact, 
the length of a diagonal of a face of this cube is equal to 2R. What is the length of the 
body diagonal of this cube? The radius of the tetrahedral hole is equal to the dif- 


eie between half the body diagonal and R. What is the radius of the tetrahedral 
ole 
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3.7 An atom vibrating about a point in a crystal lattice is in some ways similar to 
a mass vibrating at the end of a spring. For such systems, the vibration frequency 
increases as mass decreases. From this fact, explain why erystals of light atoms like C, 
B, and Be have heat capacities that are smaller than 6 cal/mole at room temperature. 
3.8 When the NaCl erystal is investigated with x-rays of 0.586-A wavelength, the 
first Bragg diffraction occurs at 8 = 5°58’, and comes from planes of ions which are 
parallel to the face of the face-centered cubie lattice. Calculate the separation of 
these planes. What is the smallest distance between sodium and chlorine nuclei in 
the crystal? What is the smallest distance between chlorine nuclei? Consult Fig. 3.7 
for help with this problem. 

3.9 To a first approximation, Schottky and Frenkel defects occur without changing 
the volume of a crystal. Suppose a sodium chloride crystal had 107? atom fraction 
of (a) Frenkel defects and (b) Schottky defects. Caleulate the change in density for 
these two cases from the ideal density of 2.165 gm/ce. 


3.10 A certain sample of cuprous sulfide is found to have the composition Cu1,928, . 


because of incorporation of Cu+* ions in the lattice. What is the ratio of Cut* to 
Cut in this crystal? 

341 Copper has a face-centered cubic structure with a unit-cell edge length of 3.61 A. 
What is the size of the largest atom which could fit into the interstices of the copper 
lattice without distorting it? 

3.12 The heat capacity Cy is defined as the derivative of the energy with respect to 
temperature, or C, = dE/dT. Using the expression € = E/N, and Eq. (3.4), evaluate 
C, by differentiation. Verify the fact that C, goes to zero as T goes to zero. 
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CHAPTER 4 


LIQUIDS AND SOLUTIONS 


In previous chapters we have remarked that solids and gases represent the 
extreme states of behavior of collections of molecules. The liquid state can be 
thought of as an intermediate condition in which some of the properties found 
in either solids or gases are displayed. Liquids, like gases, are isotropic and flow 
readily under applied stress, but like solids, they are dense, relatively incom- 
pressible, and have properties that are largely determined by the nature and 
strength of intermolecular forces. We shall also find that with respect to molec- 
ular order, liquids are intermediate between solids and gases. The fact that 
liquids are isotropic tells us immediately that they do not have the extended 
lattice structure and long-range order of solids. Yet the density of a liquid is 
generally only 10% less than that of its solid phase; this must mean that the 
molecules in a liquid are packed together with some regularity, and do not 
exhibit the complete chaos associated with molecules in the gas phase. 

The remarkable ability of liquids to act as solvents is one of their most 
important properties. In the first place, liquid solutions provide an extremely 
convenient means of bringing together carefully measured amounts of reagents 
and of allowing them to react in a controlled manner. Second, the nature of the 
reactions which proceed and the speed at which they occur can be greatly 
influenced by the properties of the liquid solvent medium. Finally, the physical 
properties of solutions are interesting and important, because they can be used 
to determine molecular weights of dissolved substances and to study the nature 
and strength of forces between solvent and solute molecules. 


4.1 A KINETIC THEORY OF LIQUIDS 


In this chapter, our emphasis will be on the directly observable macroscopic 
properties. of liquids and solutions, rather than on the behavior of individual 
molecules. Nevertheless, one of the most engaging and absorbing features of 
the study of chemistry is the attempt to explain the behavior of bulk matter 
in terms of molecular properties. Therefore in this section we will outline a 


molecular picture which will help us to understand and relate phenomena - 


associated with the liquid state. 

We have remarked that in a liquid, molecules are close to each other, and 
that consequently the forces exerted on one molecule by its neighbors are sub- 
stantial. Thus the problem of analyzing the motion of a single molecule is 
exceedingly difficult, for each is constantly in “collision,” subject to the forces 
of as many as twelve nearest neighbors. What then can we say about molecular 
motion in liquids? One of the most revealing observations in this respect was 
made by the botanist Robert Brown in 1827. Brown discovered that very tiny 
particles (10~*-em diameter) suspended in a liquid undergo incessant randomly 
directed motion. These motions occur without any apparent external cause 
such as stirring or convection, and are evidently associated with an intrinsic 
property of all liquids. A wealth of experimental observation has confirmed the 
idea that this Brownian motion is a direct manifestation of the thermal motion 
of molecules. When suspended in a liquid, a very small particle constantly 
experiences collisions with all the molecules surrounding it. If the particle is 
small enough, so few molecules will be able to collide with it that at any par- 
ticular instant the number striking it from one side may be different from the 
number striking it from the other sides; consequently the particle will be dis- 
placed. Subsequently, another unbalance of collisional forees may occur, this 
time displacing the particle in a different direction. The great majority of 
these displacements are so small that they cannot be detected individually, but 
the motion which is observed is a result of many of the smaller random dis- 
placements. In essence, a Brownian particle is a “molecule” large enough to be 
observable, but small enough to execute observable random thermal motion. 

Analysis of the motion of Brownian particles shows that their average kinetic 
energy is $k7. Since each particle is to be considered as one of the molecules 
of the liquid, we can conclude that the average kinetic energy of a molecule in a 
liquid is also $k7—exactly the same as the kinetic energy of a gaseous molecule 
at the same temperature. Even more detailed considerations have led to the 
conclusion that the kinetic energies of molecules in the liquid phase are dis- 
tributed over a very wide range of values according to the Maxwell-Boltzmann 
distribution law, Eq. (2.17). In other words, in liquids, as in gases, moleeules 
are in incessant random motion; the average kinetic energy and the fraction of 
molecules with any particular value of the kinetic energy are the same for 
either phase at the same temperature: However, a molecule in a liquid is always 
subject to the forces of its neighbors, and consequently its potential energy is 
lower, and its undeflected trajectories shorter, than if it were in the gas phase. 
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FIG, 4.1 


Further insight into the microscopic nature of liquids comes from the tem- 
perature dependence of their densities, or molar volumes. When a substance 
changes from a solid to a liquid, then, in most cases, the molar volume increases 
abruptly by about 10%, and as the liquid is warmed to even higher temperatures 
this expansion continues. This increase in volume upon melting must be a 
consequence of a general "separation" of the molecules and a slight lessening of 
intermolecular forces. 


' Specimen 


Point where 
incident, beam 
enters (20=180°) 


(b) 


Comparison of the x-ray diffraction patterns of (a) a powdered solid, and (b) its liquid. 
(After L. H. Van Vlack, Elements of Materials Science, 2nd ed. Reading, Mass.: Addison- 
Wesley, 1964.) 


What is the detailed nature of the melting process? X-ray studies provide 
considerable information. We noted in Chapter 3 that crystalline solids produce 
sharp x-ray diffraction patterns, and that this sharpness is a consequence of the 
extended long-range order of the crystal lattice. What, then, is the nature of 
the x-ray diffraction pattern of a liquid? If the arrangement of atoms in a liquid 
were completely random, we would expect no diffraction pattern at all, only 
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- an almost uniform scattering of radiation. If the arrangement of atoms has 


some degree of order in the liquid, we might expect a diffraction pattern that 
somewhat resembles that of a solid. To see the most significant difference 
between a solid and its liquid, the x-ray pattern of a powdered, or microcrystal- 
line, solid must be compared with the diffraction pattern of its liquid, as in 
Fig. 4.1. In the powdered sample the crystals are small and randomly oriented, 
and consequently some crystals are oriented so as to satisfy the Bragg diffraction 
condition. The result is a sharp line-diffraction pattern shown schematically 
in Fig. 4.1. The diffraction pattern of the liquid sample also shows a definite 
structure, and the intensity maxima correspond approximately to those found 
in the polycrystalline solid. This must mean that in a liquid, a certain amount 
of reguiarity in the packing of the atoms exists. The most important qualitative 
feature of the diffraction pattern of the liquid, however, is that the lines are 
diffuse, not sharp like those of the solid. A diffuse diffraction pattern means 
that the diffraction angle 8 is not well defined. If we refer now to the Bragg 
diffraction equation 


n = 2d sin 6, 


we see that if the diffraction angles @ are not well defined, it must mean that 
the distance d between the repeating units is not always constant. In other 
words, the diffuse x-ray diffraction patterns of liquids show that at any one time, 
there are atoms separated by various values of d, and it is in this sense that the 
structure of a liquid is disordered. The uncertainty or variability of the separa- 
tion of atoms means that a regular lattice unit which would repeat itself in- 
definitely simply does not exist. 

While the separation of atoms in the liquid state has no single well-defined 
value, their diffuse x-ray patterns can be interpreted to yield the probability 
that an atom will be found at any distance r from another atom. Let p be equal 
to the number of atoms per cubic centimeter. Then the quantity Arr?p Ar is 
the number of atoms in the spherical shell of radius r and thickness Ar. The 
probability of finding an atom at a particular distance r from the center of 
another atom is proportional to 4r^p; this quantity is plotted in Fig. 4.2. 
We see that 4zr?p is zero when r is less than the van der Waals diameter of an 
atom, but rises very rapidly to a sharp maximum for r in the vicinity of the 
van der Waals diameter. This indicates that a large fraction of the atoms are 
in what might be described as an almost close-packed situation. At somewhat 
larger values of r, the probability of finding an atom decreases, since the pres- 
ence of the nearest neighbors to an atom tends to prevent there being any atoms 
located at, let us say, one and one-half the van der Waals diameter. However, 
note that the probability of finding an atom does not fall to zero at any value 
ofr. This is a consequence of the-imperfect packing, which allows atoms to be 
separated by any distance. The several maxima in the radial distribution curve 
Show that there are most probable separation distances which are approximately 
equal to one or two times the van der Waals diameter of the atoms. 
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It is helpful to compare the broad maxima in the probable locations of atoms 
in the liquid phase with the very sharp exact locations of atoms in the cor- 
responding crystalline solid. The latter are shown in Fig. 4.2 as vertical lines 
whose location is set by the crystal lattice and whose height is proportional 
to the number of atoms at the particular separation distance. Thus the set of 
vertical lines represents the radial distribution function of the solid. Comparison 
of the radial distributions for the two phases supports the idea that in the liquid 
phase atoms are packed together in a disordered manner, and that liquids do 
not have the extended lattice structure of solids. 


Reference 
atom 


FIG. 4.2 Atomic distribution curve for liquid 
sodium calculated from x-ray diffrac- 
tion data. The upper drawing explains 
the two maxima in the curve in terms of 
“shells” of atoms around the reference 
atom. The dashed curve represents a 
uniform distribution of atoms, and the 
vertical lines show the positions and 
numbers of neighboring atoms in solid 
sodium. (After G. W. Castellan, 
Physical Chemistry. Reading, Mass.: 
Addison-Wesley, 1964.) 
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Figure 4.3 is a schematic comparison of the structures of a solid and a liquid 2 
and illustrates the ideas we have just discussed. In the liquid, there are regions i 


in which the arrangement of the atoms is nearly perfect closest packing. How- 
ever, there are atoms in other regions that have only five or four nearest neigh- 
bors, instead of six. This irregularity in packing introduces gaps or “holes” 
-into what might otherwise have been a perfect closest-packed structure. Due to 
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the incessant random motion of the molecules, these “holes” are not of definite 
size or shape, and they can spontaneously appear, be distorted, and move from 
one place to another. Since the introduction of these holes increases the average 
distance between molecules, compared to what it would be in a solid, the average 
intermolecular potential energy of a liquid must be higher than that of a solid. 
It is precisely for this reason that the latent heat of fusion must be supplied to 
melt a solid. 

This picture of the destruction of the solid lattice upon melting is consistent 
with the existence of sharp melting temperatures. It is not possible to introduce 
the disordered liquid structure gradually into the solid lattice over a range of 
temperatures. Order is a property associated with the arrangement of many 
atoms, and one cannot have a structure which is at the same time ordered and 
disordered. Thus melting and freezing are cooperative phenomena which involve 
a concerted rearrangement of large numbers of atoms. Melting occurs abruptly 
when atoms acquire enough thermal energy to destroy the energetically more 
stable crystal lattice in favor of the more disordered liquid structure. 


Schematic view of structure in (a) a crystal and (b) a liquid. (After G. W. Castellan, Physical 
Chemistry. Reading, Mass.: Addison-Wesley, 1964.) 


There are other properties of liquids which can be readily explained in terms 
of their disordered structure. Consider, for example, the fluidity’ of liquids. 
At the freezing temperature, a solid and liquid both contain the same type of 
molecule at the same temperature. Yet the solid structure is rigid, and the 
liquid yields to an applied stress. To explain this we need only recall that in 
order to deform a perfect crystal lattice, large numbers of atoms must be dis- 
placed relative to one another af the same time. Because so many atoms must 
move at once, deformation of a solid is opposed by strong intermolecular forces. 
However, if defects exist in the erystal lattice, the difficulty of producing a 
deformation is reduced considerably. The defects provide low-energy paths by 
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which atoms can be displaced. In a liquid, of course, these defects are present 
in profusion. That is, the intrinsically disordered structure of a liquid provides 
many paths by which groups of atoms can be moved past one another without 


_a serious increase in the existing average interatomic separations. In effect, 


the irregularities or holes in the structure provide a flow mechanism in which 
only a few molecules need move simultaneously, and the intermolecular forces 
which resist such motion are consequently relatively small. A molecule near a 
hole may move into it, and the vacated site in turn may be occupied by another 
molecule, and so on. Thus molecular displacement occurs without a serious dis- 
turbance of the liquid structure. The spontaneous diffusive mixing which occurs 
when two liquids are brought into contact proceeds by a similar mechanism. 
‘As holes appear, disappear, and change shape, the molecules of the two liquids 
can intermingle simply as a result of their ever-present thermal kinetic energy. 


Question. Can you explain why atomic size is generally not a critical factor in determining 
the solubility of substances in liquids, whereas it is very important in determining their 
solubility in solids? 


4.2 PHASE EQUILIBRIA 


A large part of this chapter is concerned with situations in which two phases 
exist together in a closed container. If no net conversion of one phase to the 
other is occurring, the two phases are said to be in equilibrium with each other. 
A thorough understanding of both the qualitative and quantitative aspects 
of physical and chemical equilibria is absolutely essential to the study of chem- 
istry. Fortunately, a study of phase equilibria provides a number of simple 
illustrations of the important general features of all equilibria which we will 
use repeatedly throughout this book. Before discussing phase equilibria in 
detail, we shall examine the energetic relations between the phases. 
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In order to accomplish or to describe a controlled experiment, a scientist starts 
by isolating or defining the part of the physical universe in which he is interested. 
This part of the universe under investigation is called the system; all other 
external entities which may influence the behavior of the system are known as 
the surroundings. In this section our systems will be pure materials that can 
be interconverted between the liquid, gaseous, and solid states by appropriate 
modification of their surroundings. 

Anyone who has stepped from a swimming pool into a brisk breeze knows 
that when water (the system) evaporates, it absorbs heat from its surroundings 
(the skin, in this case). The same effect may be experienced with any other 
liquid which has a low boiling temperature. Some liquids, such as ethyl chloride, 
can freeze the skin upon evaporation, and are used as local anesthetics. It is 
also well known that when a gas condenses to a liquid, it releases heat to its 
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surroundings. The absorption of heat upon evaporation and its evolution upon 
condensation are direct demonstrations that the energy of a liquid is lower than 
that of a gas at the same temperature. In order for a liquid to evaporate, work 
must be done against the attractive forces between the molecules, and this 
requires that energy be supplied as heat from the surroundings. Conversely, 
when a vapor condenses, the system goes to a state of lower energy, and thus 
energy is transferred as heat from the system to its surroundings. 

The amount of heat absorbed when one mole of liquid evaporates is of in- 
terest, since it is a measure of the intermolecular potential energy. For instance, 
when one mole of water is completely vaporized at 25°C, it absorbs 10,519 cal 
from its surroundings. One way of representing this is 


H30(l) + 10,519 cal — H2O(g). 


However, there is another way of describing the energetics of this process which 
has the advantage of emphasizing the change which takes place in the system. 
The amount of heat absorbed by the system in any change which takes place 
at constant pressure is called the enthalpy change of the system, and is symbolized 
by AH. If a system absorbs heat, its enthalpy increases, and AH is a positive 
number; if the system evolves heat, its enthalpy decreases, and AH is a negative 
number. Thus enthalpy may be thought of as a sort of heat content of the 
system; indeed, the words “heat content” and “enthalpy” are sometimes used 
synonymously. With these definitions in mind, we can write 


H,O0() > H.O(g), AH = 10,519 cal/mole, 


to indicate that when one mole of water evaporates at a constant pressure, 
10,519 cal are absorbed by the system. For the condensation process we have 


H350(g) > H30(D, AH — —10,519 cal/mole, 


where AH is negative, since the system loses heat to its surroundings. 
Now let us pursue the suggestion that the enthalpy of vaporization, whieh 


we symbolize by AHyap, is a measure of the potential energy of attraction be- , 


tween molecules. Liquids in which the attractive forces between molecules are 
very strong should have large values of AHy,y. In fact, there should be a general 
parallelism between AHyap and e, the minimum value of the potential energy 
of two molecules determined by gas imperfections. Table 4.1 compares € and 
AHyay for a number of gases, and a perusal of the values shows that € andAH yap 
are quite definitely related. Both factors increase as the number of electrons 
in the molecules increases. 3 

The direct conversion of a solid to a vapor is called sublimation. In the sub- 
limation process, heat must be supplied to the system in order to overcome the 
attractive forces between molecules in the solid state, and the amount of heat 
absorbed by the system when one mole of solid sublimes is known as the enthalpy 
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Table 4.1 Enthalpy of fusion and vaporization 
Substance AHfus (Kcal) AH yap (kcal) ^ €* (kcal) Ts CK) 


02 0.106 1.63 0.225 90 
N2 0.172 1.33 0.181 77 
H2 0.028 0.216 0.073 20 
He 0.005 0.020 0.020 4 
Ar 0.265 1.56 0.236 87 
Xe 0.490 3.02 0.440 166 
CH4 0.225 1.95 0.272 112 


* The energy that corresponds to the minimum of the Lennard-Jones potential 
for the interaction of a pair of molecules, expressed in kcal/mole. 


of sublimation, AH sup. Thus for the ice-water vapor conversion we have 
H,0(s) —^ H30(g), AH = AH, = 11,955 cal. 


Closely related to the enthalpies of sublimation and of vaporization is the 
enthalpy of fusion, the heat absorbed when one mole of solid is converted to 
liquid at a constant pressure. For the ice-water transition we have 


H,0(s) > HaO0(), AH = AH tus = 1430 cal. 


Note that the direct conversion of solid to vapor is equivalent to melting the 
solid first, and then allowing the liquid to evaporate. Since the initial and final 
conditions of the system are the same, the values of AH for the two processes 
must be equal. Thus 

AH sup = AH tus + AA yap. 


We can see that this relation holds for water, since in this case we have 1436 + 
10,519 = 11,955, and experimental data for other substances confirm its 
general validity. 

Examination of the data in Table 4.1 shows that AH rus is always considerably 
less than AH, for a particular substance. Our picture of the solid, liquid, and 


_ gaseous states is entirely in accord with this fact. We have remarked that in a 


liquid the molecules are somewhat moré loosely packed than in a solid. This 
small diminution in density slightly decreases the effect of the attractive forces 
between molecules, and consequently a relatively small amount of energy is 
required to convert a solid to a liquid. The evaporation of a liquid separates the 
molecules entirely, and thus reduces essentially to zero the attractive forces 
between molecules. Evaporation produces a far more profound change in 
molecular environment than does melting, and consequently AHyap is larger 
than AH sys. 

Question. Plot AH,., as a function of e for the substances in Table 4.1. Can you interpret 


S significance of any approximate numerical relation you might find between e and 
AHysp? 
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A liquid of relatively low boiling temperature placed in a container open to the 
atmosphere will eventually evaporate entirely. Remembering that molecules 
in the liquid are “bound” by attractive forces to their neighbors, we might ask 
why some are able to overcome these forces and leave the liquid spontaneously. 
The answer lies in a consideration of the possible magnitudes of molecular 
kinetic energies, for these, as we have already mentioned, range from very low 
to very high values, and are distributed according to the Maxwell-Boltzmann 
law. Therefore, even if the average potential energy which binds the molecules 
to the liquid is substantial, there are always some molecules which have enough 
kinetic energy to overcome the binding forces and enter the vapor. According 
to the Maxwell-Boltzmann law, the fraction of the molecules which have kinetic 
energies greater than some minimum value e, the value required for the molecules 
to leave the liquid, is proportional to the Boltzmann factor, e^ *T, Therefore, 
as long as the temperature remains constant, the fraction of liquid molecules 
with enough kinetic energy to evaporate remains the same, and evaporation 
continues. If the vessel is open to the atmosphere, vapor molecules are swept 
away, and evaporation continues until no liquid is left. 


Evaporation rate 
Rate 


Conte aes The time dependence of evaporation and 
condensation rates for a liquid evaporating 


into a closed container. 


Time 


Now let us analyze what happens when a liquid is placed in a closed evacuated 
container. Immediately the liquid starts to evaporate at arate which is primarily 
determined by the fraction of molecules which have enough kinetic energy to 
overcome attractive forces and leave the surface. Initially the rate of con- 
densation is zero, for there are no molecules in the vapor. As long as the 
temperature stays constant, evaporation continues at a constant rate, and the 
number of molecules in the vapor phase increases. Concurrently, the rate of 
condensation starts to increase, for as the pressure of the vapor grows, the 
number of gas molecules which collide with and reenter the liquid surface also 
increases. 

The time dependence of the evaporation and condensation rates is shown in 
Fig. 4.4. As the condensation rate grows, it eventually becomes equal to the 
rate of evaporation. At this time the number of molecules which enter and which 
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leave the vapor per unit time is the same, and consequently the pressure of the 
vapor stops increasing and remains constant. If the system is left undisturbed 
at a fixed temperature, evaporation and condensation continue at equal rates, 
and the pressure of the vapor remains unchanged. This, then, is a situation of 
equilibrium between the two phases. Note particularly that at equilibrium, 
CES evaporation and condensation do not stop, but that the constaney of the equi- 
librium vapor pressure is a consequence of these opposing processes proceeding 
at equal rates. Thus we say that phase equilibrium is dynamic in nature. 
Suppose now that the liquid-vapor system is at equilibrium in a cylinder 
closed by a movable piston. What will happen if we suddenly raise the piston | 
and increase the volume of the cylinder by à small amount, and at the same 
time, keep the temperature of the system constant? The immediate effect is to 
lower the pressure of the vapor, thereby removing the system from the equi- 
librium state. Because there are fewer molecules of vapor per unit volume, the 
number of collisions per unit time with the liquid surface is lowered, and the 
rate of condensation decreases. Nevertheless, the rate of evaporation does not 
change, for the expansion in no way alters the state of the liquid. "Thus the 
consequence of the disturbance is that the rate of evaporation is once again 
greater than the rate of condensation—a condition which will inevitably cause 
an increase in the number of vapor molecules, a subsequent equality of the 
evaporation and condensation rates, and the restoration of phase equilibrium. 
Now let the system, initially at equilibrium, be subjected to a sudden de- 
crease in its volume. The initial consequence is to increase the concentration 
of molecules in the vapor and thus increase the rate of condensation. Once 
again, the rate of evaporation remains unchanged. With the condensation rate 
greater than the evaporation rate, the number of molecules in the vapor starts 
* to decrease, and continues to do so until the rates of the opposing processes 
become equal and equilibrium is restored. Thus, regardless of the direction in | 
which the system is displaced, it inevitably returns unaided to the equilibrium 
state. 
Note partieularly that the equilibrium vapor pressure is set by the equality 
of the condensation and evaporation rates, and that the evaporation rate, 
determined only by the fraetion of molecules which have enough energy to 


leave the liquid, is always constant at a fixed temperature. Therefore, at a l 
fixed temperature, the equilibrium vapor pressure is always the same, regardless í 
of the direction from which the system approached equilibrium. ‘ 


The Equilibrium State 


Now it is possible to draw from our discussion of liquid-vapor equilibrium some 1 
very useful generalizations that apply to all situations of physical or chemical 
equilibrium. We have emphasized that the potential energy of molecules in the 
liquid state is lower than that of molecules in the gas phase. We have also 
Observed that a liquid left undisturbed in a closed container inevitably moves 
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toward a state of equilibrium in which there is a definite concentration of 
molecules in the vapor phase. Thus it follows that at equilibrium the system is 
not in a condition of minimum energy, for the energy of the system can always 
be lowered by condensing the vapor entirely. This conclusion may seem strange, 
for all our experience with simple mechanical systems suggests that they seek 
an equilibrium condition in which their energy is as low as possible; that is, 
objects fall, clocks run down, a stirred liquid stops moving. All these phenomena 
can be summarized by saying that mechanical systems seek a resting place of 
minimum energy. 

Almost the same thing can be said about molecular systems. It is clear that 
one of the driving forces that determines the behavior of molecular systems is 
the tendency to seek a state of the lowest, possible energy. After all, this is the 
reason that a gas condenses or that a liquid freezes. But it is also certain that 
the tendency toward minimum energy cannot be the only factor governing the 
behavior of molecular systems; if it were, no gases would exist at any tem- 
perature. There is another driving force, just as important as the energy factor. 
To put it briefly, it is the tendency of systems to assume a state of maximum 
molecular chaos, or disorder. 

Perhaps the simplest demonstration of this tendency is the observation that 
an ideal gas will expand spontaneously into an evacuated space. Surely the 
gas does not do so in order to achieve a state of lower energy, for we have seen 
that the energy of an ideal gas depends only on its temperature, and this need 
not change during the expansion. However, when a gas occupies the larger 
volume, all molecules have more space available to them, and it is more difficult 
to predict the exact position of any one of them. Whenever the detailed arrange- 
ment of the molecules is unknown or unknowable, we say that the system is 
disordered. Thus we can justifiably describe the expansion of an ideal gas by 
saying that it increases the variety of positions available to molecules, and 
thereby increases the disorder of the system. 

The evaporation of a liquid provides still another illustration of the tendency 
toward maximum disorder. In the liquid state, the motion of any one molecule 
is somewhat limited by the presence of its neighbors. The molecules are ar- 
ranged in a manner such that if we know where one is, we can predict the 
location of others with some certainty by using the radial distribution function. 
This possibility is diminished considerably for molecules in the gas phase, where 
at any instant the distribution of the molecules is completely random. Thus 
we can classify the gas phase as a condition of greater molecular chaos than the 
liquid or solid phases. 

Now if the tendency of systems to move toward a state of maximum molec- 
ular chaos were all-important, all materials would eventually evaporate or 
dissociate entirely, and there would be no solids or liquids at any temperature. 
Thus, on one hand, we have the drive toward lowest energy, that can be followed 
by allowing molecules to associate in one of the condensed phases, and on the 
other hand, we have the drive toward molecular chaos, which could be achieved 
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by the evaporation or separation of molecules into independent units. The 
condition of equilibrium must be one which is the best compromise between 
these two conflicting drives toward maximum chaos and minimum energy. 
Consequently we have two ways of interpreting the condition of liquid-vapor 
equilibrium. From one point of view, equilibrium represents the situation in 
which the rates of evaporation and condensation are equal. From the other 
viewpoint, equilibrium is the condition of most favorable compromise between 
the natural tendencies of the system to reach minimum energy and maximum 
chaos. 

By now it should be clear that the concept of molecular chaos is important 
not only in the deseription of the nature of atomic arrangements in pure phases, 
but also in understanding the factors that are responsible for phase changes 
and phase equilibria. In fact, molecular chaos is a concept useful in the analysis 
of any phenomenon, chemical or physical, which involves collections of mole- 
cules. We shall find in Chapter 8 that it is possible to define and determine 
experimentally a property of a system that measures molecular chaos. This 
property is called entropy. A full appreciation of what entropy is and how it 
depends on the properties of systems requires the thermodynamic arguments 
presented in Chapter 8, but for the present we shall find the qualitative asso- 
ciation between entropy and molecular chaos to be sufficient. What we have 
said about the nature of solids, liquids, and gases suggests that the entropy of 
a liquid is greater than that of a solid, and that the entropy of a gas is greater 
than that of either a liquid or solid. Our remarks about the natural tendency 
of systems to reach a state of molecular chaos can be rephrased to say that 
systems have a tendency to reach a state of maximum entropy. 

To summarize our discussion, we can list four important features of all 
equilibria which have been illustrated by the liquid-vapor equilibrium: 


1. Equilibrium in molecular systems is dynamic and is a consequence of the 
equality of the rates of opposing reactions. 


2, A system moves spontaneously toward a state of equilibrium. If a system 
initially at equilibrium is perturbed by some change in its surroundings, it 
reacts in a manner which restores it to equilibrium. 

3. The nature and properties of an equilibrium state are the same, regardless 
of how it is reached. 

4. The condition of a system at equilibrium represents a compromise between 
two opposing tendencies: the drive for molecules to assume the state of 
lowest energy and the urge toward molecular chaos or maximum entropy. 


Temperature Dependence of Vapor Pressure 
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Experimental measurements show that the equilibrium vapor pressure of a 
liquid increases as the temperature increases. Data that illustrate this point 
are shown in Fig. 4.5. In the temperature range in which the vapor pressure is 


LIQUIDS AND SOLUTIONS | 4.2 


small, it is relatively insensitive to the temperature, but the vapor pressure - 


grows at an increasing rate as the temperature is raised. The temperature at 
which the equilibrium vapor pressure becomes equal to 1 atm is called the 
normal boiling temperature, or the boiling point. In the boiling process, bubbles 
of vapor form throughout the bulk of the liquid. In other words, evaporation 
occurs anywhere in the liquid, not just at the upper surface. The reason that 
this occurs only when the vapor pressure equals the atmospheric pressure is 
easy to understand. In order for a bubble to form and grow, the pressure of the 
vapor inside the bubble must be at least equal to the pressure exerted on it by 
the liquid. This in turn is equal to the pressure of the atmosphere plus the very 
small pressure due to the weight of the liquid above the bubble. Therefore, 
bubble formation and boiling occur only when the vapor prasme of the liquid 
is equal to the pressure of the atmosphere. 


3 
$ Diethyl ether, 
22 
i 
$1 The vapor pressures of several liquids 
$ plotted as a function of temperature. 
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The initiation of a bubble in the bulk of a pure liquid is a very difficult process, 
since it requires that many molecules with kinetic energies greater than that 
required for vaporization must be close to one another. Hence the fact that 
the liquid reaches the boiling temperature is no guarantee that boiling will 
occur. If it does not, continued addition of heat will cause the liquid to become 
superheated; that is, to reach a temperature greater than its boiling point. 
When bubble formation in a superheated liquid finally occurs, it does so with 
almost explosive violence, because the vapor pressure in any bubble formed 
greatly exceeds atmospherie pressure, and the bubbles tend to expand rapidly. 
Such violent boiling, called bumping, can be avoided by introducing agents 
which initiate bubbles in the liquid as soon as the boiling temperature is reached. 
Porous pieces of ceramic material which evolve small bubbles of air into which 
evaporation can occur serve very well in this application. 

From Fig. 4.5 we can see that comparison of boiling points is a convenient, 
if approximate, way of evaluating the relative volatilities of liquids. That is, 
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liquids that boil at low temperatures usually have vapor pressures that are 
greater at all temperatures than the vapor pressures of liquids that boil at much 
higher temperatures. However, some of the curves in Fig. 4.5 cross each other, 
showing that there are exceptions to the correspondence between vapor pres- 
sure and normal boiling temperature. Another point of some importance is the 
correlation between AHvap and the normal boiling temperature. Reference to 
Table 4.1 shows that liquids with high boiling temperatures have relatively 
large enthalpies of vaporization. Thus a liquid in which the intermolecular 
forces are large will, in general, have a high boiling temperature. 


Phase Diagrams 


FIG. 4.6 


A solid, like a liquid, can exist in equilibrium with its vapor in a closed container. 
Thus at any fixed temperature, each solid has a characteristic fixed vapor pres- 
sure. The vapor pressure of a solid increases with increasing temperature, and 
it is informative to plot the vapor pressure of a solid and that of its liquid on 
the same diagram, as is done in Fig. 4.6. The vapor pressure of the solid in- 
creases more rapidly as the temperature is raised than does the vapor pressure 
of the liquid. Therefore, there is an intersection of the two vapor-pressure 
curves. At the temperature corresponding to the intersection, the liquid and 
solid phases are in equilibrium and have the same vapor pressure. It is not 
difficult to construct an argument which shows that in this condition, liquid 
and solid must be in equilibrium with each other. 


Vapor pressure of liquid 


Vapor pressure 


Vapor pressure of a solid and its liquid, as 
a function of temperature. Vapor pressure of solid 


Temperature 


Consider the apparatus shown in Fig. 4.7. One bulb contains a solid, the 
other its liquid, and the two bulbs are connected so that vapor can pass freely 
from one to the other. Now let both bulbs be immersed in a bath at temperature 
T,. If the vapor pressure of the solid at T; is less than that of the liquid, then 
gas will flow from the bulb containing the liquid to that containing the solid. 
As this flow persists, the liquid evaporates, and the vapor condenses as solid. 
This continues until all the liquid has evaporated. Alternatively, if the ap- 
paratus is held at a temperature 7’, at which the vapor pressure of the solid is 
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greater than that of the liquid, the vapor flows from the solid to the liquid. 
This is accompanied by evaporation of the solid and condensation of the vapor 
to the liquid, and the process continues until all the solid is consumed. 

Clearly, the solid and liquid are not in equilibrium with each other at tem- 
perature T, or T's, for if they were in equilibrium, the system would not change, 
and both phases would remain indefinitely. In contrast, if the temperature of 
the apparatus is set at To, at which the vapor pressures of the liquid and solid 
are the same, the pressure is uniform, and there is no tendency for vapor to 
flow from one chamber to the other. Thus both the liquid and solid phases 
remain indefinitely. This persistence of the state of the system indicates that 
the solid. and liquid phases are in equilibrium at a temperature at which their 
vapor pressures are the same. This situation is a specific example of an important 
general principle: if each of two phases is in simultaneous equilibrium with a 
third, then the two phases are in equilibrium with each other. 


Apparatus for the equilibration of two 
phases not in contact. 


Solid Liquid 


The temperature at which liquid, vapor, and solid are in simultaneous equi- 
librium with one another is called the triple-point temperature. The triple point 
is usually very close to what is known as the freezing point, which is the tem- 
perature at which liquid, vapor, and solid are in simultaneous equilibrium 
in the presence of 1-atm. pressure of air. For example, liquid water and ice are 
simultaneously in equilibrium with water vapor only at a temperature of 0°C, 
in the presence of l-atm pressure of air. When air is completely eliminated 
from the container, water, ice, and water vapor are simultaneously in equi- 
librium only at a temperature of 0.0098°C.. This temperature is called the triple 
point of water, and we see that it differs only slightly from the normal freezing 
point, 

Let us consider the equilibrium among water vapor, ice, and liquid water in 
more detail. The vapor pressure of water at the triple point is 4.579 mm. What 
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would happen if the external pressure applied to the system by a piston were 
to be increased above 4.579 mm? First of all, the water vapor initially present 
would be completely converted to liquid and solid. It is found experimentally 
that as the pressure on the system is further increased, the temperature of the 
system must be lowered, in order for both ice and water to remain at equilibrium. 
For each pressure greater than 4.579 mm, there is only one particular value of 
the temperature at which ice and water can both be present at equilibrium, 
and as the pressure increases the temperature necessary to maintain equilibrium 
decreases. Another way of stating this is to say that as the pressure applied to 
ice increases, its melting temperature decreases. 


The phase diagram for water (not drawn 
to scale). 


0.0098*C 100°C 
Triple Boiling 
point point 

Temperature 


Figure 4.8 is called the phase diagram for water. The lines represent simul- 
taneous values of pressure and temperature at which two phases may be present 
at equilibrium. At the temperatures and pressures which lie on the line OA, 
liquid water and its vapor can be at equilibrium. Along the line OB, ice and its 
vapor are at equilibrium, while the sets of temperature and pressure at which 
both ice and liquid water are in equilibrium lie along OC. Only at the pressure 
and temperature corresponding to the triple point (0.0098°C, 4.579 mm) are 
ice, water, and water vapor simultaneously present at equilibrium. The areas 
between the curves represent temperatures and pressures at which only one 
phase can exist. 

Figure 4.8 shows that when ice melts, its vapor pressure is considerably less 
than 760mm. This is the behavior which is observed for most substances. 
However, carbon dioxide and iodine are solids whose vapor pressures reach 
760 mm at temperatures which are lower than their triple-point temperature, 
and consequently these substances evaporate at l-atm pressure without ever 
melting. The phase diagram for carbon dioxide is shown in Fig. 4.9. The tem- 
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perature at which the vapor-pressure curve intersects the 760-mm line is known 
as the normal sublimation temperature. Solid carbon dioxide evaporating at 
l-atm pressure maintains a constant temperature of —78.1°C. Carbon dioxide 
can be liquefied only by raising the applied pressure to at least 3880 mm 
(5.1 atm); at this pressure carbon dioxide melts at a temperature of —56.6°C. 


4.3 THE PROPERTIES OF SOLUTIONS 


It is difficult to give a definition which tells clearly and briefly how solutions 
differ from mixtures and compounds, in spite of the fact that solutions are 
among the most familiar substances in nature. However, it is often true that the 
most common concepts are the most difficult to define precisely. A solution is 
a homogeneous substance that has, over certain limits, a continuously variable 
composition. The word “homogeneous” sets a true solution apart from a me- 
chanical mixture, for mixtures have macroscopic regions which have distinct and 
different composition and properties, The properties and composition of a 
solution are uniform, as long as the solution is not examined at the molecular 
level. There are substances, however, which cannot be clearly classified as 
solutions or mixtures. A solution of soap in water has a cloudy appearance due 
to particles which consist of many soap molecules collected together. Such a 
substance has properties and composition which might be described as either 
inhomogeneous or homogeneous depending on the experiment which is to be 
done. Therefore there is no sharp dividing line between mixtures and solutions, 


Liquid 


£ 
i 5 atm 
latim The phase diagram for carbon dioxide (not 
drawn to scale). 
—T8 C. —56.6°C 
Sublimation Melting 
point point 
"Temperature 


The requirement that solutions have continuously variable composition 
distinguishes them from most compounds. However, as we saw in Chapter 1, 
many solid materials which we commonly think of as compounds actually 
show variable composition. Cuprous sulfide and ferrous oxide are examples of 
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compounds which might also be thought of as solutions. No matter how care- 
fully we make our definitions of solution, mixture, and compound, we must 
expect to find certain substances which cannot be uniquely classified as one of 
these. There is no reason to expect nature to be cooperative and produce only 
substances which are easily classified, and since this is the case, the most useful 
definitions are often the shortest, rather than the most exhaustive. 


Types of Solutions 


Just as the variables, pressure, volume, and temperature, were used to describe 
the state or condition of pure gases, liquids, and solids, these and certain other 
variables must be used to describe solutions. First, some statement must be 
made about what chemically important constituents are present in the solution. 
A solution of ethyl alcohol (C2H;OH) and water really contains three elements, 
hydrogen, oxygen, and carbon. However, because there is a quantitative rela- 
tionship (the law of definite composition) between the amounts of carbon, 
hydrogen, and oxygen in ethyl alcohol, and a similar relationship between the 
amounts of hydrogen and oxygen in water, the composition of the solution can 
be completely described by specifying only the quantities of aleohol and water 
used to prepare the solution. The substances used to specify the composition 
of a solution are known as components. One-of the components, usually the 
one present in greatest quantity, is called the solvent; any other component is 
called a solute. 

There are many possible types of solute-solvent pairs. A mixture of two 
gases satisfies our definition of a solution, but the properties of gaseous mixtures 
have been treated by Dalton’s law in Chapter 2, and we shall not consider them 
again here. Other types of solutions that are important are: 


1. liquid in liquid, 4. liquid in solid, 
2. solid in liquid, 5. gas in solid, 
3. gas in liquid, 6. solid in solid. 


Of these, the first three are common, and the last three, called solid solutions, 
oceur less frequently. Mercury dissolved in zinc, hydrogen gas dissolved in 
palladium metal, and zine dissolved in copper are examples of solutions in which 
a liquid, gas, and solid, respectively, are dissolved in a solid. Apart from their 
mechanical properties, solid solutions do not differ greatly from the solutions 
of liquids which we shall discuss in detail. 


Concentration Units 
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In addition to the qualitative statement of what components are present in a 
solution, some specification of the amount of each component must be made. 
Usually only the relative amounts of the components are specified, since the 
properties of solutions do not depend on the absolute amounts of material 
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present. The relative amount of a substance is known as its concentration and 
is expressed in five common sets of units: 


1. Mole-fraction units. The mole fraction of component 1 is the number of moles 
of component 1 divided by the total number of moles of all the components of 
the solution. For a solution made up of two components, 1 and 2, we have: 


° tah nı 
mole fraction of component 1 = aapi 
; n2 
f f 2= ] 
mole fraction of component UIS 


where nı and no are-the number of moles of components 1 and 2 in the solution. 
Commonly, the symbol x stands for the composition expressed in mole-fraction 
units. That is, in our example 
ny n2 
— r= si 
1 Fm ^0? n Fna 


For an arbitrary number (i) of components we would have 


r ni E: 2a 
n = = = ——— 4. 
1 nyf nat: tni 2 mt nets tn 


It is always true that the sum of all the mole fractions is unity: 
zi hrt =l. 


Mole-fraction units are useful when it is desirable to emphasize the relation 
between some concentration-dependent property of a solution and the relative 
numbers of molecules of solute and solvent. 


2. Molality. The molality of a solutión is defined as the number of moles of 
solute in 1000 gm of solvent. Molality is commonly symbolized by the lower- 
case letter m. Thus a 1-m aqueous solution of sodium chloride contains one mole 
of sodium ions and one mole of chloride ions in 1000 gm of water. Molality is 
a useful unit in calculations dealing with the freezing and boiling points of 
solutions, but the fact that it is difficult to weigh out liquid solvents makes 
molality an ineonvenient unit for common laboratory work. 


3. Molarity. This is the most common concentration unit. The molarity of a 
Solution is the number of moles of solute in 1 liter of solution. The symbol 
for molarity is M. A 0.2-M solution of BaClz contains 0.2 mole of the salt 
barium chloride in a liter of solution. The concentration of barium ion is 0.2 M 
as well, but the concentration of chloride ion is 0.4 M, since there are two moles 
of chloride ion in every mole of barium chloride. Molarity is a very convenient 
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unit for laboratory work, since aqueous solutions of known molarity can be 
prepared easily by weighing out small amounts of solute and measuring the 
volume of solution in calibrated containers. However, since the volume of a 
solution depends on temperature, the concentration expressed. in units of 
molarity also depends on temperature. This is a disadvantage which the mole- 
fraction and molality units do not have. 


4. Formality. The formality of a solution is the number of gram-formula weights 
of solute per liter; the symbol for this unit is F. Formality is very similar 
to molarity, and its use avoids the difficulty of assigning a molecular weight to 
something (such as NaCl) that contains no discernible molecules. If the formula 
of sodium chloride is written as NaCl, a 1-F NaCl (one-formal) solution con- 
tains 58.5 gm of sodium chloride in one liter of solution. When an actual 
molecule (and hence molecular weight) exists, molarity and formality become 
identical. For solutions ‘of ionic substances, or materials for which only em- 
pirical formulas are known, formality would seem to be the preferred unit of 
concentration. However, most chemists avoid the use of formality as a con- 
centration unit in the interest of uniform notation, This book, for instance, 
will always refer to a solution which contains 58.5 gm of sodium chloride per 
liter as a 1-M NaCl solution, even though no sodium chloride molecüles exist 
in solution. 


5. Normality. The equivalent weight of any material is the weight which would 
react with, or be produced by, the reaction of 7.999 gm of oxygen or 1.008 gm 
of hydrogen. The normality of a solution is the number of gram-equivalent 
weights of solute in one liter of solution. The equivalent weight of zinc ion, for 
example, is (65.38/2.016) x 1.008, since 65.38 gm of zinc metal will produce 
2.016 gm of hydrogen gas in a reaction with any acid. A one-normal zinc ion 
solution (1-N Zn**) therefore contains 32.5 gm of Zn** in one liter of solution. 
Normality is a convenient unit for certain calculations of quantitative analysis. 


Example 4.1 A solution is prepared by dissolving 2.50 gm of NaCl in 550 gm H20. 
The density of the resulting solution is 0.997 gm/ml. What is the molality, molarity, 
and mole fraction of NaCl? 


2.50 gm 
li DA ee m (4 
moles Na 58:44 gn /mole 0.0428 moles, 
moles NaCl 


X1000 = molality = 0.0778 m. 
gm solvent 


The volume of the solution is 


550 gm 


ET — = 552 mi = 0.5521. 
ony paral amb 0561 
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- (Thus the molarity of NaCl is 


0.0428 moles 


= 0 M. 
7705621 0.0776 í 


The number of moles of water is 


550 gm 


— = 30.55, 
18.0 gm/mole 


so the mole fraction of NaCl is 


0.0428 


—————— - 14 X 107%. 
30.55 + 0.0428 


Xnaci = 


4.4 THE IDEAL SOLUTION 


Let us consider a solution made up of a volatile solvent and a nonvolatile solute. 
It is found experimentally that the yapor pressure of the solvent depends on 
the concentration of the solvent. in the solution, often in a very complicated 
manner, However, there are some solutions, those that can be formed from their 
components with no evolution or absorption of heat, for which the relation 
between vapor pressure and concentration is very simple. For these solutions 
the vapor pressure of the solvent is proportional to its mole fraction, and the 
proportionality constant is simply the vapor pressure of pure solvent. That is, 


Polution = Proivent = Py= Pizi E PY (n =) - 7 (4.1) 
In this equation, P, is the actual vapor pressure of the solvent (component 1), 
P? is the vapor pressure of component 1 when it is pure, z; is the mole fraction 
of component 1 (the solvent) in the solution, and 7, nz are the number of 
moles. of components 1l and 2, respectively, in the solution. Any. solution 
whose vapor pressure depends on concentration according to Eq. (4.1) is called 
an ideal solution. The relation Py = 2:P9 is called Raoult’s law, and thus a 
definition of an ideal solution is that it is one that obeys Raoult’s law. 
Let us examine the mathematical consequences of Eq. (4.1). First we will 
define the vapor-pressure lowering of the solvent as AP, where 


AP = P} — Pi. 


Substitution of Eq. (4:1) for Pi gives AP = P — 2:P} = (1— z)PT. If 
the solution has only two components, 1 and 2, we have 


zi. Ex. 1, 
8o 
237 1 — m3 
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and therefore 
AP = zP}. (4.2) 


This simple result will be very useful when we examine the effect of the solute 
on the boiling point and freezing point of the solution. In itself, however, it 
suggests a method for the determination of molecular weights of dissolved 
substances. We can write 


` po W2/MW2 ) 
nı + 2l) siia (wan + W2/MW3 mo 


If a solution is made up by adding a certain known weight W of a substance 2 
whose molecular weight MW; is unknown, to a known weight W, of a Reivers 
whose molecular weight MW, and vapor pressure P? are known, then measure- 
ment of AP, the vapor-pressure lowering, permits calculation of MW;, the 
molecular weight of the unknown. 


AP = a(t 


Example 4.2 The vapor pressure of water at 20°C is 17.54 mm. When 114 gm of 
sucrose are dissolved in 1000 gm of water, the vapor pressure is lowered by 0.11 mm. 


Appi — DA 
Ps ni T n2 
$ 114/MW. 
id eis m em as] 
MW = 325. 


The formula of sucrose is actually Ci2H22011, which corresponds to a molecular 
weight of 342. 
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It is informative to compare the vapor pressures of the ideal solution of a non- 
volatile solute and the pure solvent itself as a function of temperature. ‘Figure 
4.10 shows that at each temperature the vapor pressure of the solution is lower 
than that of the pure solvent, and as predicted by Eq. (4.2), the difference 
inereases as temperature and vapor pressure increase. The intersection of the 
solution vapor-pressure curve with the line corresponding to 760 mm defines the 
normal boiling point of the solution. It is clear from Fig. 4.10 that the boiling 
point of the solution is higher than that of the pure solvent. 

The intersection of the vapor-pressure curve of the solution with the vapor- 
pressure curve of the pure solid solvent is the freezing point of the solution, and 
should be the temperature at which the first crystals of the solvent appear 
when a solution is cooled. As the crystallization continues, the composition of 
the solution changes because solvent molecules are being removed from the 
solution. Therefore, the temperature at which crystals first appear is defined 
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solute increases. 


solution | 
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a volatile solvent. 
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Pressure 


Py 003 10 E 
Temperature 


tween the elevation of the boiling point AT, 


as the freezing point of a solution of a given concentration. From Fig. 4.10 it 
is clear that the freezing point of the solution is lower than that of the solvent, 
and that the freezing point of the solution decreases as the concentration of 


latm 
"n 
Vapor. pressure P 
of pure solvent : Pd H 
fa 
Ae 
: MN 
d obi 
[3 è | 
1 1 
' i 
| 1 1 
! LO Vapor pressure T 
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me 


Diagram showing the lowering of the vapor pressure, increase of the boiling temperature, 
and depression of the freezing point that occur when a nonvolatile solute is dissolved in 


Relation between vapor-pressure lower- 
ing and boiling-point elevation. Vapor 
pressures of the pure solvent and of 
solutions of two concentrations are 
shown. 


By referring to Fig. 4.11, we can derive the quantitative relationship be- 


and the concentration of the solute. 


For small values of AZ’ and AP, the segment AB of the vapor-pressure curve 
can be considered to be straight line. Then, by the properties of similar triangles, 
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AT is proportional to AP. For ideal solutions, AP is, by Eq. (4.2), proportional 
- to ty, the mole fraction of the solute. If Kj is the proportionality constant 
which relates zz to AT, we have 


“AT = Kie: = Kl (= = =) : | (44 


We can simplify this equation if we restrict, our treatment to very dilute solu- 
tions. For a dilute solution, n2 « n1; therefore in Eq. (4.4) we can make the 
approximation that 


that is, we can neglect ng in the denominator if it is much smaller than nı. We 
can write further that 

"n3 — we/MW2 

nı wvi/ MW; f 
where w; and wg refer to the weights of components 1 and 2 which are present 
in solution, and MW, and MW, refer to their molecular weights. Therefore, 


Eq. (4.4) becomes 
Pas + we/M We A 
NI = Ki (eame) (4.5) 


Experiments show that for ideal solutions the value of the constant K; 
depends only on the identity of the solvent, and not at all on the solute. The 
quantity MW is also a property of the solvent only, and thus it is reasonable 
to combine MW, with K; to obtain a new constant. We define the constant 
Ka by the equation 


1000 K, = KMW. 
Then substitution into Eq. (4.5) gives us 
AT — Ki (ez 1000. 
wi 


The factor in parentheses is the number of moles of component 2 per gram of 
component 1. If this quantity is multiplied by 1000, it becomes equal to the 
number of moles of solute per 1000 gm of solvent, or the molality, m. Thus 
we obtain the final furm, 


AT = Kym, (4.6) 
for the dependence of the boiling point on concentration. 


The constant K, is called the molal boiling-point elevation constant; it is 
equal to the increase in the temperature of the boiling point of a 1-m solution. 


iLIQUIDS AND SOLUTIONS | 4.4 


we 
er 


- * nuc 
' Table 4.2 Molal boiling-point and freezing-point constants 
Boiling 


Solvent point Ke point Ky 
Acetic acid 1181 2.93 17 3.9 
Benzene 80.2 2.53 5.4 5.12 
Chloroform 61.2 3.63 = <= 
Naphthalene — — 80 6.8 


Water 100.0 0.51 o 1.86 


As we mentioned, Ky is a quantity characteristic only of the solvent, and values 
of Ks for different liquids are given in Table 4.2. These constants are obtained 
by measuring the boiling points of solutions of known concentration. 


Example 4.3 Exactly 1.00 gm of urea dissolved in 75.0 gm of water gives a solution 
that boils at 100.1149. The molecular weight of urea is 60.1. What is Ky for water? 
| For the molality of the solution we obtain 


m 0222 


The phenomenon of boiling-point elevation provides a simple method for 
determining the molecular weights of soluble materials. A weighed amount of 
material of unknown molecular weight is dissolved in a weighed amount of a 
solvent whose boiling-point elevation constant is known. The measured in- 
crease in the boiling point permits calculation of the molality of the solution, 
and from this the molecular weight of the solute can be obtained. 


Example 4.4 A solution prepared by dissolving 12.00 gm of glucose in 100 gm of 
water is found to boil at 100.34°C. What is the molecular weight of glucose? 
The boiling-point elevation constant for water is 0.51. Therefore the molality of 
the:solution is 
LAT 034. _0.67 mole __ 
m = K, 051 1000 gm H20 


The solvtion as prepared would contain 120 gm of glucose in 1000 gm of water, which, 
as we have just learned, corresponds to 0.67 mole. Therefore 


t 120 
molecular weight = 067 179. 


"This answer agrees very well with the exact value of 180, which can be derived from the 
formula of glucose, CoH1205. 
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Pressure 


Relation between vapor-pressure lower- 
ing and freezing-point depression for a 
solution of a nonvolatile solute in a 
volatile solvent. Vapor pressures of the 
pure solvent and of solutions of two con- 
centrations are shown. 


ESE REY 
Temperature 


Reference to Fig. 4.12 shows that the change in the freezing temperature of 
the solution is related to the change in vapor pressure produced by addition 
of the solute. If the figure ABC is taken to be à triangle, then the depression of 
the freezing point AT is directly proportional to AP, the lowering of the vapor 
pressure. Use of Eq. (4.2) then gives us 


AT = Kfz», (4.7) 


where z3 is the mole fraction of the solute and K; is a proportionality constant. 
Once again we limit ourselves to dilute solutions, and hence we can make the 
approximation that 

na 2 _ W»/MWs. 


Tot ng m wi/MW, (48) 
If we define the freezing point depression constant Ky by 
1000 K; = K;MWi;, (4.9) 
then Eqs. (4.7), (4.8), and (4.9) yield 
AT = Ky (exe x Waj 1000 
Bess (4.10) 


when m is the molality of the solution. Experiments show that Ky is charac- 
teristic of the solvent only, and does not depend on the nature of the solute. 
The values of K; for several liquids are given in Table 4.2. 

Freezing-point depression measurements can be used to determine the molec- 
ular weights of dissolved substances, by a procedure quite analogous to that 
employed in the boiling-point elevation experiments. A weighed amount of 
a solute of unknown molecular weight is dissolved in a weighed amount of a 
liquid whose freezing-point depression constant is known. The freezing point 
of the solution is measured, the freezing-point depression and the molelity of 


LIQUIDS AND SOLUTIONS. 44 


he solution are calculated, and ‘the molecular weight of the solute is found 
m the weights of solute and solvent, and the molality. 


Example 4.5 The freezing temperature of pure benzene is 5.40°C. When 1.15 gm of 
phthalene are dissolved in 100 gm of benzene, the resulting solution has a freezing 
int of 4.95°C. The molal freezing-point depression constant for benzene is 5.12. 
What is the molecular weight of naphthalene? 
~ The molality of the solution is 4 

AT 540—495 
m-—- 


xj e | ahaa 


The weight of naphthalene in 1000 gm of solvent is 11.5 gm. Consequently the 
molecular weight of naphthalene is 


11.5 


ages = 130 = molecular weight of naphthalene. 


The molecular formula of naphthalene is CioHs, which corresponds very well to 
the result obtained by experimental determination of molecular weight. 


In our treatment of both freezing-point depression and boiling-point eleva- 
on we have used Eq. (4.2), which refers to a system with only one type of 
solute species. How should we treat solutions in which two or more distinct 
solute species are present? Such solutions occur when a salt such as NaCl or 
BaCl, is dissolved in water. A 1-m solution of sodium chloride contains one mole 
' sodium ions and one mole of chloride ions in 1000 gm of solvent. The total 
neentration of solute particles is 2 m, and such a solution shows a freezing- 
int depression of 2K;. Thus, in general, the molality to be used in Eqs. (4.6) 


and (4.10) is the total molality of all solute species. 


Example 4.6 When 3.24 gm of mercuric nitrate, Hg(NO3)», are dissolved in 1000 gm 
water, the freezing point of the solution is found to be —0.0558°C. When 10.84 gm 

mercuric chloride, HgCls, are dissolved in 1000 gm of water, the freezing point, of 

e solution is —0.0744°C. The molal freezing-point depression constant for water 

1.86. Are either of these salts dissociated into ions in aqueous solutions? 

From the freezing-point data we find that the molality of the mercuric nitrate 


lution is 


But the number of moles of Hg(NO3)2 in 1000 gm of water was 
A 
= — = 001. 
moles Hg(NOs)2 Serv ano 
‘This must mean that mercuric nitrate is dissociated into Hg** and NO3 in aqueous 


solution. ~ i 
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The freezing-point data show that the molality of the mercuric chloride solution is 


AT _ 0.0744 


moles of HgClo = >, = 0.040. 


Therefore, mercuric chloride must be present in solution largely as undissociated 
HgClo molecules. 


Osmotic Pressure 


We have seen that the lowering of the solvent vapor pressure by a nonvolatile 
solute, and its consequences of boiling-point elevation and freezing-point depres- 
sion can be used to determine the molecular weights of dissolved substances. 
~ The phenomenon of osmotic pressure is also associated with -vapor-pressure 
lowering, and can also be used to determine molecular weights of solute. mole- 
cules. In addition, it is profoundly important in the operation of living systems. 
The osmotic pressure phenomenon involves a semipermeable membrane, 
that is, some film which has pores large enough to allow the passage of small 
solvent molecules but small enough to prevent large solute molecules of high 
molecular weight from passing through. When a solution is separated from its 
pure solvent by & semipermeable membrane, as in the apparatus shown in 
Fig. 4.13, one observes that some of the pure solvent passes through the mem- 
brane into the solution. The flow stops and the system reaches equilibrium 
after the meniscus has risen to a height which depends on the concentration of 
the solution. Under these equilibrium conditions, the solution is under a 
greater hydrostatic pressure than the pure solvent. The height of the meniscus, | 
multiplied by the density of the solution and the acceleration due to gravity, 
gives the extra pressure on the solution, and this is the osmotic pressure 7. 


Osmotic pressure 


Solution 


es FIG. 4.13 A simple apparatus for exhibiting the 


osmotic pressure phenomenon. 
Membrane 


Pure solvent 
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From experimental measurements on dilute solutions of known concentra- 
tion, it has been found that the relation between osmotic pressure and con- 
centration is simply i 

m = cRT, (4.11) 
where c is the concentration of solute, R is the gas constant, and T is the tem- 
perature in degrees kelvin. If ¢ is expressed in moles/liter, and R is taken as 
0.082 liter-atm/mole-deg, the osmotie pressure 7 is expressed in atmospheres. 
Equation (4.11) will be derived simply and rigorously by using the methods of 
thermodynamics in Chapter 8. For the present, we will only call attention to 
the relation between osmotie pressure and solvent vapor-pressure lowering by 
the following argument. 

Consider a pure solvent and a corresponding solution of a nonvolatile solute 
placed in the two compartments of the apparatus shown in Fig. 4.7. Because 
the vapor pressure of the solution is lower than that of the pure solvent, the 
pure solvent will tend to evaporate, flow to the solution chamber, and condense 
in the solution. This is entirely analogous to the flow of pure solvent through 
the semipermeable membrane into the solution chamber in the osmotic pressure 
experiment, and oceurs for exactly the same reason: We can anticipate that 
we could stop the flow of pure solvent into the solution by doing something 
that raised the vapor pressure of the solution back to a value equal to the vapor 
pressure of the pure solvent. This can be done and, in fact, is done in the 
osmotic-pressure experiment, by exerting an external hydrostatic pressure on 
the solution. 

According to Eq. (4.11), the osmotie pressure corresponding to a solute 
concentration of 1 mole/liter would be 


liter-atm i 
T = 0.082 moide X 273 deg X 1 mole/liter 


= 22.4 atm. 


It is possible to measure precisely pressures of less than 107? atm. Con- 
sequently, the osmotie pressure due to 10~* M solutions is readily detectable. 
This very great sensitivity of osmotie pressure is used to advantage in the 
determination of the molecular weight of biologically important molecules. 
These substances tend to be rather insoluble; however, it is often possible to 
Measure the osmotic pressure of their very dilute solutions and, by knowing 
the weight of material dissolved, calculate their molecular weight. 


Example 4.7 An aqueous solution containing 5.0 gm of horse hemoglobin in 1 liter af 
water shows an osmotic pressure of 1.80 X 107? atm at 298°K. What is the molecular 
Weight of horse hemoglobin? 3 
By Eq. (4.11) 
com oigo 1077 
© = RT ~ 0.082 X 298 


= 0.74 X 107 mole/liter. 
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Since 5.0 gm/liter corresponds to 0.74 X 1074 mole/liter, 


molecular weight = 68,000. 


(Knap ae = 
0.74 X 10-4 — 


Solutions of Two Volatile Components 


If two volatile liquids are mixed to form a solution, and there is no evolution 
or absorption of heat, the solution is ideal, and both components follow Raoult’s . 
law over the entire range of concentrations. That is, 


Piu pLot pz P 


The vapor pressure of the solution is simply the sum of the partial pressures of 
each component: 
Pr = P, + Pz = PP + zP}. | 


Figure 4.14 shows how the partial and total vapor pressures depend on con- 
centration, for an ideal solution of two volatile components. 

It is important to note that the composition of a vapor in mole-fraction 
units is not the same as the composition of the liquid solution with which it is 
in equilibrium. For example, consider a mixture of benzene (component 1) and 
toluene (component 2). Let us choose a liquid mixture in which the mole 
fraction of benzene (xı) is 0.33, and that of toluene (x2) is 0.67. Then at 20°C 


we have 
P$=75mm and  P9— 22mm, 
so that 
P, = 0.33 X 75 = 25 mm, 
P = 0.67 X 22 — 15 mm, 
and 


Pr = P, 4+ P3 = 40mm. 


The composition of the vapor in mole-fraction units can be obtained by using 
Dalton’s law. In the vapor, we have 


rn =5 = = 063 and x = 52 = 2 = 0.837. | 


The vapor is nearly twice as rich in benzene as the liquid is. This is a specific 
illustration of the general fact that when an ideal solution is in equilibrium 
with its vapor, the vapor is always richer than the liquid in the more volatile. 
' - component of the solution. This fact can be made the basis for a procedure 
which will separate the components of the solution. Suppose that the vapor 
(63% benzene, 37% toluene) from the previous example was collected, con- 
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- densed to a liquid, and then allowed to evaporate so as to come into equi- 
ze librium with its vapor. What is the composition of this new vapor? We have 
“as before 


P?=75mm and P$= 22mm. 
But now the mole fraetions of components 1 and 2 in the liquid are 0.63 and 
0.37, respectively. Therefore their vapor pressures are given by 
P, = (0.63)(75) = 47 mm, 
P2 = (0.37)(22) = 8.1 mm, 
Pr = 47+ 8.1 = 55 mm. 


From these data we can calculate the mole fractions in the vapor phase to be 
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Vapor pressure as a function of composi- 
tion for an ideal solution of benzene and 
toluene. 


A laboratory distillation apparatus which employs a twisted metal 
gauze to increase liquid-vapor contact in the column. 
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Thus the second evaporation has produced a vapor still richer in benzene, the 
more volatile component. It is clear that if we were to collect the vapor once 
again, condense it, and then allow a small amount of it to evaporate, we would 
obtain a vapor even richer in benzene. Repetition of the evaporation-condensa- 
tion process therefore tends to produce a vapor that is very nearly pure benzene, 
and a liquid that is very nearly pure toluene. This is the process that goes on 
in the distillation apparatus shown in Fig. 4.15. As the material rises through 
the column it undergoes many evaporation-condensation cycles, and thus the 
material that reaches the top of the column is richest in the most volatile 
component. 
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A nonideal solution is formed when the process of mixing its components is 
accompanied by the evolution or absorption of heat. Nonideal solutions do not 
obey Raoult’s law, and indeed, the dependence of their vapor pressures on 
concentration can be quite complicated. For the purpose of discussion, it is 
convenient to divide nonideal solutions into two groups: those whose formation 
is accompanied by the evolution of heat, and those that are formed with the 
absorption of heat. 


Cl CH; 
Hydrogen bond interaction between DN vae bn. 
chloroform and acetone. EM 

Cl CH3 


The evolution of heat upon mixing indicates that in the solution the com- 
ponents have found a situation of lower energy than in their pure states. This 
behavior occurs when the molecular structure of the components is such that 
there are stronger attractive forces between unlike molecules than between 
molecules of the same kind. A specific example of such a pair of molecules is 
chloroform, CHOls, and acetone, (CH3)2CO. When molecules of chloroform 
and acetone are brought together, the single hydrogen on the chloroform mole- 
cule is strongly attracted to the oxygen atom in the acetone molecule, as shown 
in Fig. 4.16. This type of interaction is known as hydrogen bonding, and will 
be discussed more completely in Chapter 12. Hydrogen bonding does not occur 
in pure chloroform or pure acetone, because there are no oxygen atoms in 
chloroform and the hydrogen atoms in acetone do not have the proper electrical 
characteristics needed to form strong hydrogen bonds. 

3 Since the heat evolution indicates that the molecules in solution are in a 
situation of low energy, it is not surprising that the vapor pressure of each 
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~ component is lower than would be predicted by Raoult’s law. Figure 4.17 
. "Shows the vapor pressures as a function of concentration for chloroform-acetone 


mixtures. Such a solution is said to display negative deviations from Raoult’s 
Jaw, since at each concentration, the vapor pressure of each component is less 
than that predicted by Raoult’s law. Note, however, that at each end of the 
concentration scale, the component which is in excess deviates from Raoult’s 
law only very slightly. Since the component in excess is always taken to be the 
solvent, we can assert that to an acceptable approximation, the solvent in a 
dilute solution obeys Raoult’s law. 


Vapor pressure 
=> eS of solution 


Vapor pressure as a function of composi- 
tion for acetone-chloroform solutions. 
Behavior expected if the solutions were 
ideal is shown by dashed lines. 


Pressure of 


acetone Pressure of 
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Absorption of heat during mixing indicates that the component molecules in 
solution have higher energy than they do in their pure states. In other words, 
the attractive forces between unlike molecules are weaker than those between 
molecules of the same kind. Since the molecules in such a solution are in a 
condition of high energy, it is not surprising they should have an increased 
tendency to escape from solution, and that the vapor pressure of each of the 
components is greater than that predicted by Raoult’s law. Solutions which 
show these positive deviations from Raoult’s law are often the result of mixing 
a liquid consisting of polar molecules with nonpolar molecules. In the solution, 
the strong attraction between two polar molecules is replaced by the weaker 
attraction between polar and nonpolar molecules, and this is an energetically 
unfavorable situation. "The acetone-carbon disulfide system. provides an ex- 
ample of this type of behavior. Carbon disulfide is a linear molecule that is not 
polar, since its atoms are arranged symmetrically (S=C=S8). Acetone has a 
dipole moment, and when it is mixed with earbon disulfide the vapor pressures 
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FIG. 4.18 
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of both components exceed the predictions of Raoult's law, as is shown in 
Fig. 4.18. 

In our discussions of ideal solutions, we stated that the vapor in equilibrium 
with such solutions is always enriched in the more volatile of the two com- 
ponents, i.e., the one with the lower boiling point. This simple rule does not 
always apply to nonideal solutions, however. In fact, consideration of Fig. 4.18 
shows that at mole fractions of 0.65 or greater for carbon disulfide, the vapor 
phase is actually less concentrated in carbon disulfide than the liquid phase, 
even though pure carbon disulfide is more volatile than pure acetone. At mole 
fractions of carbon disulfide of less than 0.65 the solution behaves normally. 
Right at the 0.65 CS; concentration, the composition of the vapor is exactly 
the same as that of the liquid, and consequently no amount of distillation can 
purify such a mixture. Solutions which distill with no change in composition 
are called azeotropes. There are many azeotropie mixtures, and one of the most 
extensively studied is the solution of hydrochloric acid in water. If any solution 
of hydrochlorie acid is boiled long enough at atmospherie pressure its composi- 
tion will change until it becomes 20.22% hydrochloric acid by weight. This 
technique can be used to prepare solutions of known acid concentration for use 
in quantitative analysis. However, it is important to note that the composition 
of the azeotrope depends on the atmospheric pressure, and the value of 20.22% 
applies only to a solution boiling at 760 mm. 
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While there are many pairs of substances which, like water and ethyl alcohol, 
can be mixed in any proportions to form homogeneous solutions, it is a matter 
of common experience that the capacity of a solvent to dissolve a given solute 
is often limited. When a solvent placed in contact with an excess of solute 
attains and maintains a constant concentration of solute, the solute and solution 
are at equilibrium, and the solution is said to be saturated. The solubility of a 
substance in a particular solvent at a given temperature is the concentration 
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of the solute in the saturated solution. In other words, the solubility of a solute 
is the dissolved concentration characteristic of the state of equilibrium between 
the solute and the solution. It is difficult to overemphasize the importance of 
the concept of solubility to chemistry; it is the basis of innumerable laboratory 
and industrial processes that prepare, separate, and purify chemicals, and is 
the controlling factor in a variety of geological and other natural phenomena. 
The solubility of a substance in a particular solvent is controlled principally 
by the nature of the solvent and solute themselves, but also by the conditions 
of temperature and pressure. Let us analyze these factors, first limiting our- 
selves to the case of ideal solutions. 

Two liquids that form an ideal solution are always miscible in any propor- 
tions and thus have infinite solubility in each other. The reason for this is easy 
to see if we recall two facts. First, limited solubility and a saturated solution 
result only when a solute and its solution reach equilibrium. Second, the equi- 
librium state is a compromise between a natural tendency toward minimum 
energy and maximum molecular chaos. Now the mixing of two ideal liquids is 
always accompanied by an increase in entropy or molecular chaos, because in 
the solution, the solute molecules are spread randomly throughout the solvent, 
rather than being nearly closest packed as they are in the pure solute. That is, 
even if we could locate one solute molecule in solution, we could not predict 
what the identity of its nearest neighbors was, as we could if the molecule were 
in the pure solute phase. Consequently the solution has a higher entropy than 
the pure solvent and solute, and the tendency toward maximum molecular 
chaos favors the mixing of the two liquids. Moreover, the fact that there is no 
energy change in the mixing process means that the tendency toward minimum 
energy does not restrict the solution process. Consequently, the two liquid 
components of an ideal solution can mix in any proportion. 

Consider now a solid substance dissolving in a liquid solvent. The solid is 
such that when melted, it is converted to a liquid that in turn can form an 
ideal solution with the solvent. The dissolution of the solid can be pictured as 
occurring in two hypothetical stages: 


solid solute — liquid solute — solute in solution. 


We have just specified that the second of these steps does not involve any 
energy change, for the solution formed is ideal. In contrast, the first step does 
involye the absorption of energy in the amount AH tus per mole of solute. Con- 
sequently, while the tendency toward maximum entropy favors the dissolution 
of the solid, the tendency toward minimum energy favors the solid remaining 
undissolved, Therefore the solubility of the solid is limited, and a saturated 
Solution which represents the best compromise between maximizing entropy 
and minimizing energy is formed. Since AH ins is related to the strength of the 
attractive forces between solute molecules, we can deduce that the magnitudes 
of these same forces determine the solubility of the solid in ideal solutions. 
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By using some care, we can extend our arguments to nonideal solutions. 
Two liquids which mix with the evolution of heat will be infinitely soluble in 
each other, for both energy and entropy effects favor their mixing. Two liquids 
which mix with the absorption of heat may have limited solubility in each 
other, for if the mixing process is energetically unfavorable, the tendency to- 
ward maximum molecular chaos may or may not be sufficient to allow the 
liquids to mix in all proportions. Likewise, the solubility of a solid is likely to 
be small if it enters the solution only with considerable absorption of heat. 
On the other hand, if the dissolution of the solid is accompanied by evolution 
of heat, the solubility of the solid may be quite high. Even with these generaliza- 
tions it is difficult to predict or even rationalize qualitatively the solubilities of 
substances that form markedly nonideal solutions, for the energy and entropy 
changes that accompany the mixing of strongly interacting molecules are subtle 
and difficult to anticipate. 


Temperature Effects 


If the enthalpy change that accompanies the dissolution of a solute is known, 
it is possible to predict the effect of a change in temperature on the solubility. 
To do this, we need only recall one of the general principles of equilibrium 
discussed in Section 4.2. There we noted that if a system initially at equilibrium 
is perturbed by some change in its surroundings, it reacts in a manner which 
restores it to an equilibrium state. A very useful restatement and extension 
of this observation is known as Le Chatelier’s principle: If anything is done to 
a system initially in equilibrium that would result in a change of any of the factors 
that determine the state of equilibrium, the system will adjust itself in such a way 
as to minimize that change. To see how to use LeChatelier’s principle, let us 
apply it to liquid-vapor equilibrium. 

Let us consider a liquid and its vapor at equilibrium at some particular tem- 
perature. If heat were delivered to this system, and no other change allowed 
to occur, the temperature would rise. This would cause a departure from 
equilibrium, since the existing vapor pressure is not the equilibrium vapor 
pressure at the higher temperature. The induced temperature change could 
be minimized, however, if the system reacted, that is, if liquid and vapor were 
interconverted in a way that absorbs heat. Le Chatelier’s principle tells us that 
this is the way the system will react, and we also know that the system absorbs 
heat if the liquid evaporates. Therefore, the prediction based on Le Chatelier’s 
principle and a positive value for AHyap is that as heat is added, the liquid will 
evaporate, and consequently the vapor pressure will increase. After the addition 
of heat the new position or state of equilibrium corresponds to increased vapor 
pressure and temperature. This prediction is consistent with the observed fact 
that the vapor pressure of a liquid increases as the temperature increases. 

The form of the argument we have just used is in no way limited to liquid- 
vapor equilibrium. We might generalize and say that for any reaction which 
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has a positive AH, an increase in temperature will result in an increase in 
_ product concentration at the expense of reactant concentration. The converse 
must also be true, for it corresponds to reversing the direction in which a re- 
- action is written: if AH is negative, increasing the temperature decreases the 
concentration of produets in favor of the reactants. We can use this general 
conclusion to predict the temperature dependence of solubility. If the enthalpy 
change that accompanies the solution reaction AH, is positive, that is, if heat 
is absorbed when the reaction 


solvent + solute — solution 
takes place, the solubility-of the solute increases as temperature increases. If, 
on the other hand, AH, is negative, then the solubility of the solute decreases 
as temperature increases. Figure 4.19 illustrates the temperature dependence 
of the solubility of KNOs, NaCl, and NagSO,. The prediction based on Le 
Chatelier's principle is substantiated by these data, for AH, is +8.5, +1.3, 
and —5.5 kcal/mole, respectively, for KNO3, NaCl, and Na?80,. 
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Two-Component Phase Diagrams 


In Section 4.2 we diseussed phase diagrams for systems of one chemical com- 
ponent. With such diagrams, we could describe the conditions of temperature 
and pressure under which we could expect to have one phase, or two or three 
phases present in equilibrium. Such phase diagrams are also very useful in 
analyzing the behavior of systems which have two or more chemical components. 
When we have two components, there are three state functions that must be 
Specified in order to describe the system: temperature, pressure, and the con- 
centration (mole fraction) of one of the components. Since there are three 
variables, the phase diagram should be three-dimensional. It is common prac- 
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tice, however, to consider the total pressure as fixed; thus we can have a two- 
dimensional phase diagram with concentration and temperature as variables. 

Figure 4.20 shows the phase diagram of the bismuth-cadmium system at a 
fixed pressure. The point A is the freezing point of pure bismuth, 273°C, while 
point B is the freezing temperature of pure cadmium, 323°C. At temperatures 
above 323°C we have, regardless of composition, only one phase present: a 
liquid solution of bismuth and cadmium. At temperatures below 140°C, two 
pure solid phases are present: crystalline bismuth and crystalline cadmium. 
At intermediate temperatures, one, two, or three phases may be present, 
depending on the temperature and composition. 

Phase diagrams are constructed from experiments in which mixtures are 
liquefied and allowed to cool, and the temperature as a function of time deter- 
mined. Examples of such cooling curves are shown in Fig. 4.20(b), and their 
relation to the phase diagram (Fig. 4.20(a)) is indicated. If pure bismuth is 
melted and allowed to cool, the temperature at first falls, and then when the 
freezing point of bismuth is reached, the temperature remains constant until 
all the bismuth solidifies, and then it starts to fall again. This abrupt leveling 
off of the cooling eurve is characteristic of the freezing of a pure substance. 
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(a) (b) 
(a) Phase diagram and (b) cooling curves for the cadmium-bismuth system. 


Tf a liquid having a mole fraction Xca of cadmium of 0.2 were allowed to 
cool, nothing would happen until the temperature reached 240°C, the inter- 
section of Xc4 = 0.2 and the curve AE of Fig. 4.20(a). At this point, pure solid 
bismuth would just begin to crystallize from the liquid, and solid bismuth 
would be in equilibrium with a solution containing 0.2 mole fraction Cd. The 
cooling curve shows a change in slope at this temperature, as the latent heat 
of erystallization of bismuth is released, and reduces the rate of temperature 
decrease. In contrast to the behavior of a pure substance, the solution does not 
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freeze completely at one temperature. As bismuth crystallizes, the liquid 
becomes richer in cadmium, and therefore has a lower freezing temperature. 
Consequently, in order to continue to crystallize bismuth, the temperature 
must continue to be lowered. At 140°C, the cooling curve does level off, and 
at this one temperature, the solution that remains solidifies abruptly. The 
temperature at which this occurs is the eutectic temperature, and the abrupt 
leveling off of the cooling curve is called the eutectic halt. 

If liquids of other compositions which are near to 0.2 mole fraction cadmium. 
are cooled, the first crystallization of bismuth occurs at a temperature given by 
the intersection of the composition with the curve AE. In fact, the curve AE 
represents all conditions of temperature and concentration at which pure solid 
bismuth and a liquid solution can exist in equilibrium. We can indeed say 
that the curve AE describes the freezing point depression of bismuth by cad- 
mium over a range of compositions indicated. For small mole fractions of Cd, 
the curve AE and hence the freezing point depression AP; varies linearly with 
Xca, as has been discussed earlier. For larger mole fractions of Cd, this is not 
the case. 

We can now analyze what happens when a solution with 0.8 mole fraction 
Cd is cooled. At the temperature corresponding to the intersection of Xcq = 0.8 
and the curve BE, the first solid appears, and is found to be pure crystalline 
cadmium. The cooling curve shows a change of slope characteristic of the 
gradual crystallization of a solid from a solution. At 140°C there is a eutectic 
halt, and complete solidification. 

The curve BE represents all pairs of temperatures and concentrations av 
which pure solid cadmium is in equilibrium with a cadmium-bismuth solution. 
It is, therefore, the curve of the freezing-point depression of cadmium by 
bismuth. As a solution from which cadmium is crystallizing is cooled, the 
solution. becomes increasingly rich in bismuth. The concentration of the solu- 
tion left behind at any temperature can be found from the curve BE. As the 
temperature is further lowered, the point that describes the system moves 
along the curve BE toward the point E. 

The curve BE represents temperatures and concentrations at which pure 
solid cadmium is in equilibrium with a Bi-Cd solution, and the curve AE gives 
the temperatures and concentrations at which pure solid bismuth is in equi- 
librium with the solution. Their intersection at point E must therefore be a 
situation at which cadmium and bismuth as pure solids are in equilibrium with 
à liquid solution. Note that this occurs only at one temperature and for one 
liquid phase composition. This point is called the eutectic point. Any further 
cooling of this eutectic mixture below the eutectic temperature produces abrupt 
crystallization of the liquid to mixed erystals of cadmium and bismuth. It is 
this crystallization of both solids that produces the eutectic halt in the cooling 
curves. If a solution of the eutectic composition is cooled, no crystallization 
occurs until the eutectic temperature is reached, at which point both solids 
crystallize abruptly. 
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Question. The curves AE and BE are said to describe the freezing point depression of 
bismuth and cadmium, respectively. Could they just as well be said to represent the 
solubility of bismuth and cadmium in the liquid? 


There is another important set of conclusions which we can draw from the 
cadmium-bismuth phase diagram. In the region of the diagram where there is 
only one phase, the liquid solution, we can vary both the temperature and the 
composition independenily of each other without producing or destroying any 
phases. It is said, therefore, that in this one phase region, there are two degrees 
of freedom. Along the lines AE and BE, where two phases are present in equi- 
librium, there is only one degree of freedom. If the temperature is changed, 
the liquid composition must change in the way prescribed by the curves if the 
two phases are to be retained. Thus temperature, but not composition, or 
composition, but not temperature, may be varied independently. Finally, at 
the eutectic point where three phases are present, there are no degrees of freedom, 
since a change in liquid composition or temperature will cause at least one 
phase to disappear. 

It is clear, then, that the number of independent variables available to us is 
related to the number of phases present. It is also found to depend on the num- 
ber of chemical components in the system. The relation between the number 
of components C, the number of phases P, and the number of degrees of freedom 
F is given by the Gibbs phase rule 


F=C—P+2 (pressure variable), 
F=C+P+1 (pressure fixed). 


Note that in the one-phase region of a two-component system with the pressure 
fixed, F = 2. In the two-phase region F = 1, and at the three-phase eutectic 
point F = 0. The phase rule is of considerable use in the analysis of compli- 
cated phase diagrams involving multicomponent alloys. 

The existence of chemical compounds can be inferred from phase diagrams. 
Figure 4.21 shows that in the zinc-magnesium system, there are two eutectic 
points, and an intermediate maximum freezing point at 0.33 mole fraction 
magnesium. A cooling curve at this composition shows one point at which the 
cooling stops and the temperature remains constant while the liquid solidifies 
completely to produce only one solid phase. These are the cooling charac- 
teristics of a pure compound, which in this case has the formula MgZne. 

Once the existence of the compound MgZng is recognized, the appearance 
of the rest of the phase diagram is readily understood. The diagram is in effect 
two simple phase diagrams back to back: one corresponds to the Zn-MgZn; 
system, the other to the MgZns-Mg system. The phase rule can be applied to 
each of these two-component systems just as we have done for the cadmium- 
bismuth system. Note, however, that at the exact composition which cor- 
responds to MgZn;, there is only one component present, and consequently at 
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the freezing point of MgZnz, there are two phases, and the number of degrees 
of freedom is 


PHOS Pad 2441.0. ‘ 


This is as expected for the freezing of a pure substance at a fixed pressure. 
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In this chapter we have explored some of the phenomena and concepts asso- 
ciated with liquids and their solutions. All of these ideas find repeated use in 
the study of chemistry. We shall see that an appreciation of the kinetic theory 
of liquids will help us understand some of the factors that determine the rates 
of chemical reactions which take place in solution. The colligative properties 
of solutions—the vapor-presstire lowering, boiling-point elevation, and freezing- 
point depression—offer ways of determining the molecular weights of dissolved 
substances, These methods are used actively in chemical research, both in 
organic chemistry and in the study of polymeric molecules of high molecular 
weight. Of most general importance, however, are the ideas associated with 
phase equilibria. In subsequent chapters we shall be continually concerned 
with chemical equilibria, sometimes in systems of considerable complexity. 
Regardless of the chemical complexity, the general nature of the equilibrium 
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state and the general factors that determine the concentrations that exist at 
equilibrium are always the same. Consequently, the ideas generated in our 
discussion of phase equilibria will be of use to us in analyzing all situations 
of equilibrium. 
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4.1 What are the molality and the molarity of a solution of ethanol, C2HsOH, in 
water if the mole fraction of ethanol is 0.05? Assume that the density of the solution 
is 0.997 gm/ml. 

4.2 Concentrated nitric acid is 69% by weight HNOs and has a density of 1.41 gm/ml 
at 20°C. What volume and what weight of concentrated nitric acid are needed to 
prepare 100 ml of 6-M acid? 

4.3 Calculate how many milliliters of 0.10-M KMnO4 are required to react com- 
pletely with 0.01 mole of oxalate ion, C201, according to the reaction 


2Mn0; + 5C207 + 16H+ = 2Mn* * + 10CO2+ 8H20. 


4.4 Exactly 100 gm of a certain solution contain 10 gm of NaCl. The density of the 
solution is 1.071 gm/ml. What is the molality and the molarity of NaCl? 

4.5 The boiling point of a solution of 0.402 gm of naphthalene, CioHs, in 26.6 gm of 
chloroform is 0.455°C: higher than that of pure chloroform. What is the molal boiling- 
point elevation constant for chloroform? 

4.6 The vapor pressure of a dilute aqueous solution is 23.45 mm at 25°C, whereas the 
vapor pressure of pure water at this temperature is 23.76 mm. Calculate the molal 
concentration of solute, and use the tabulated value of K for water to predict the 
boiling point of the solution. 

4.7 What weight of ethylene glycol, CoH¢02, must be included in each 1000 gm of 
aqueous solvent to lower the freezing point to —10°C? 
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When 1.00 gm of sulfur is dissolved in 20.0 gm of naphthalene, the resulting 
on freezes at a temperature 1.28C* lower than pure naphthalene does. What is 
ular weight of sulfur? 

freezing-point depression constant for mercuric chloride, HgCle, is 34.3. For 
n of 0.849 gm of mercurous chloride (empirical formula HgCl) in 50 gm of 
the freezing-point depression is 1.24°C. What is the molecular weight of 
ous chloride in this solution? What is its molecular formula? 

n liters of dry air were bubbled slowly through liquid water at 20°C, and the 
weight loss of the liquid was 0.172 gm. By assuming that 10 liters of saturated 
vapor were formed in the experiment, calculate the vapor pressure of water 


hanol and methanol form a solution that is very nearly ideal. The vapor 
of ethanol is 44.5 mm, and that of methanol is 88.7 at 20°C. (a) Calculate 
fractions of methanol and ethanol in a solution obtained by mixing 60 gm 
ol with 40 gm of methanol. (b) Calculate the partial pressures and the total 
pressure of this solution, and the mole fraction of ethanol in the vapor. 
‘At 20°C, the vapor pressure of pure benzene is 22 mm, and that of pure toluene 
5mm. What is the composition of the solution of these two components that has a 
pressure of 50 mm at this temperature? What is the composition of the vapor 
juilibrium with this solution? 
e solubility of borax (NagB407 - 10H20) in water increases as the tempera- 
hereases. Is heat evolved or absorbed as this salt dissolves? Is the AH of the 
on process positive or negative? 
At 55°C, ethanol has a vapor pressure of 168 mm, and the vapor pressure of 
iyl cyclohexane is 280 mm. A solution of the two, in which the mole fraction of 
lis 0.68, has a total vapor pressure of 376 mm. Is this solution formed from 
nponents with the evolution or absorption of heat? 
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CHAPTER 5 


CHEMICAL EQUILIBRIUM 


In this chapter we shall explore the consequences of the fact that chemical 
reactions are reversible, and that in closed chemical systems there eventually 
occurs à state of equilibrium between reactants and products. In so doing; we 
will be starting to develop concepts which will lead us eventually to a quanti- 
tative expression of “chemical reactivity." The concentrations which exist 
when a chemical system reaches equilibrium reflect the intrinsic tendency of 
the atoms to exist either as reactant or product molecules. Thus by learning to 
describe the equilibrium state quantitatively, we will be able to replace qualita- 
tive statements about “the tendency of a reaction to go " with definite numerical 
expressions of the extent of conversion of reactants to products. 
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In Chapter 4 we found that the existence of a characteristic equilibrium vapor 
pressure for a condensed phase is a consequence of the fact that the evaporation 
process is reversible. A liquid or solid that has been completely vaporized can, 
by an appropriate change in conditions, be completely recondensed. Both 
evaporation and condensation can occur, and for each substance there is a set 
of conditions—particular values of temperature and vapor pressure—at which 
evaporation and condensation occur at equal rates. Under these conditions 
both phases remain indefinitely, and we say that the system is at equilibrium. 


Chemical reactions, like phase changes, are reversible: As a consequence, 
there are conditions of concentration and temperature under which reactants 
and products exist together at equilibrium. To illustrate our point, and to 
emphasize the close connection between phase equilibria and chemical equi- 
libria, we consider the thermal decomposition of calcium carbonate, 


CaCOs(s) — CaO(s) + COs(g). (5.1) 


By carrying out this reaction in an open vessel which allows carbon dioxide to 
be swept away, complete conversion of calcium carbonate to calcium oxide can 
be effected. On the other hand, it is well known that caleium oxide reacts with 
carbon dioxide, and if the pressure of CO; is high enough, the oxide can be 
completely converted to the carbonate by 


CaO(s) + COs(g). — CaCOs(3). (5.2) 


This is, of course, just the reverse of reaction (5.1). Thus we must look upon 
reactions (5.1) and (5.2) as reversible chemical processes, a fact which we denote 
by either of the following notations: 


CaCOs(s) = CaO(s) + COs(g), 
CaCO;(s) = CaO(s) + COs(g). 


This chemical system is closely analogous to the “physical” system consisting 
of a condensed phase and its vapor. Just as a liquid and its vapor come to 
equilibrium in a closed container, there are certain values of the temperature 
and pressure of COs at which CaCOs, CaO, and CO remain indefinitely. 
When pure CaCO; is heated in a closed vessel, it begins to decompose according 
to reaction (5.1). As the CO accumulates, its pressure increases, and eventually 
reaction (5.2) begins to occur at a noticeable rate, a rate which increases as the 
pressure of CO; increases. Finally, the rates of the decomposition reaction and 
its reverse become equal, the pressure of carbon dioxide remains constant, and 
the system has reached equilibrium. 

In the discussion of phase equilibrium in Chapter 4 we used liquid-vapor 
equilibrium to illustrate four characteristies of all equilibrium situations. Let 
us review each of these characteristics and see how they are exemplified by 
chemical equilibria. 

The first feature of the equilibrium state is that it is dynamic; it is a per- 
manent situation maintained by the equality of the rates of two opposing 
chemical reactions. That is, when the system CaCO3, CaO, CO; comes to 
equilibrium with respect to the reaction 


CaCOs(s) = CaO(s) + CO2(g), 


we assert that CaCOs continues to be converted to CaO and COs, and that 
CO; and CaO continue to form CaCOg:i: It is not difficult to prove this state- 
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ment by an experiment. Some pure CaCO3 is decomposed in a closed system, 
and allowed to come to equilibrium with CaO and a certain pressure of CO». 
Then the reactor is connected to another flask which contains, at the same 
temperature and pressure, some CO» which has been “labeled” with radioactive 
carbon, C!4, This operation in itself does not disturb the equilibrium between 
CO; and the solids, since the pressure and temperature are always constant. 
After a while, some of the solid is withdrawn and examined for radioactivity. 
The characteristic radiation of C4 is found in the CaCO;, which indicates that 
some C40; reacted with CaO to form CaC!40z3, even though the system was 
always at equilibrium. While this occurred, some CaCOs must have dissociated 
to CaO and CO; in order to maintain a constant pressure of COs. Thus, even 
though no net change in composition occurred, the opposing reactions went on, 
and the equilibrium conditions were maintained by a dynamic balance. This 
type of experiment can be performed with many systems, and the results always 
indicate that dynamic balance of opposing reaction rates is a characteristic of 
systems at equilibrium. 
Our second generalization is that systems move toward an equilibrium state 
spontaneously; that a system can be removed from equilibrium only by some 
outside influence, and once it is left to itself, the disturbed system returns to an 
equilibrium state. We must be careful to understand the meaning of the word 
“spontaneously.” In this context it means that the reaction proceeds at some 
finite rate without the action of outside influences such as changes in temperature 
or pressure. This assertion that systems proceed naturally toward equilibrium 
cannot be proved by a single simple example, for it is a generalization based on 
the observation of many different systems under many different conditions. 
We can, however, rationalize this behavior with a simple argument. A system 
moves toward the equilibrium state because the rate of reaction in the forward 
direction exceeds the rate of the reverse reaction. In general, it is found that 
the rate of a reaction decreases as the concentrations of reactants decrease, just 
as the rate of condensation of a vapor decreases as its pressure decreases. There- 
fore, as reactants are converted to products, the rate of the forward reaction 
decreases and that of the reverse reaction increases. When the two rates become 
equal, net reaction ceases, and a constant concentration of all reagents is main- 
tained. In order for the system to move away from equilibrium, the rate of the 
forward or reverse reaction would have to change, and this does not happen if 
external conditions such as pressure and temperature are kept constant. Thus 
systems move toward equilibrium because of an imbalance of reaction rates; 
at equilibrium these rates are equal, and there is no way for the undisturbed 
system to move away from equilibrium. 

The third generalization about equilibrium is that the nature and properties 
of the equilibrium state are the same, regardless of the direction from which it 
is reached. It is easy to see that this applies to our example of the CaCOs, CaO, 
CO; system, for at each temperature there is a fixed value of the equilibrium 
CO» pressure at which the rate of evolution of CO» equals the rate of its con- 
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version to CaCOs. It does not matter if this pressure is attained by allowing 
CaCO; to decompose, or by allowing CO? to react with pure CaO. The rates 
of the forward and reverse reactions become equal, and net reaction ceases when 
the equilibrium pressure of CO; is reached, whether this pressure is approached 
from above or below the equilibrium value. 

A certain amount of care is necessary in applying the third generalization to 
chemical systems. Consider the reaction 


PCl5(g) = PCls(g) + Clo(g). 


It is found experimentally that the equilibrium concentrations are the same 
when one mole of pure PCls decomposes in a fixed volume or when one mole of 
PCl; and one mole of Cl; are mixed and react in the same volume. If in another 
experiment one mole of PCl and two moles of Cl, are mixed, a new equilibrium 
state is reached. To approach this new equilibrium state from the opposite 
direction we would have to mix one mole of PCl; with one mole of Cl. That is, 
our assertion that the equilibrium state is the same regardless of how it is 
approached presupposes that a fixed number of atoms of each element per unit 
volume are involved. 

The fact that the nature of the equilibrium state is independent of the 
direction from which it is approached is often used as a criterion for chemical 
equilibrium. There ‘are chemical reactions that are exceedingly slow. How 
then can we distinguish between the truly time-invariant concentrations of 
reagents that exist at equilibrium, and a situation far from equilibrium which 
is changing so slowly that we cannot detect any net reaction? If bringing 
together pure “reactants” and then pure “products” leads to the same con- 
centrations of all reagents when all apparent net reaction ceases, then we can 
be sure the time-invariant situation is one of true equilibrium. If the situations 
reached from the product side and reactant side are different, then equilibrium 
has not been reached, and the reaction is merely very slow. 

The fourth generalization is that the equilibrium state represents a com- 
promise between two opposing tendencies: the drive for molecules to assume 
the state of minimum energy and the urge toward a state of maximum molecular 
chaos or entropy. It is not difficult to analyze the equilibrium situation for the 
reaction 


CaCOs(s) = CaO(s) + CO2(g) 


in these terms: In solid CaCO, the carbon and oxygen atoms are in a highly 
ordered condition: they are grouped as carbonate ions, COS, which occupy 
well-defined sites inithe crystal lattice. "The chemical reaction corresponds to 
“freeing” a fragment of the COF group as a CO» gaseous molecule. These 
gaseous molecules ean move anywhere within the volume of the container, and 
their positions at any instant can be regarded as randomly distributed. Con- 
sequently, the CO; molecules have more entropy in the gas phase than they do 
when they constitute part of the COF grouping in the ionic lattice. If the 
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urge toward maximum molecular chaos were dominant, CaCO; would decom- 
pose completely to CaO and CO». Experiments show, however, that energy is 
absorbed by the system when CO; is evolved from CaCOs. Consequently, 
the change in the system that satisfies the drive to maximize entropy violates 
the tendency to minimize energy, and vice versa. Therefore, the equilibrium 
pressure of CO» over a mixture of CaCOs'and CaO represents the best com- 
promise between the two opposing tendencies. 

There are many other chemical reactions in which the influence of entropy 
and energy is easy to discern. The simplest example is a dissociation reaction 
of a gaseous molecule: 


Ho(g) = 2H(g). 


The drive toward maximum entropy favors the dissociation reaction, for this 
process converts ordered pairs of atoms into free atoms that can move inde- 
pendently and which are randomly distributed in space at any instant. On the 
other hand, the dissociation requires energy to break the chemical bond between 
atoms, and consequently the drive toward minimum energy favors the mole- 
cules’ remaining undissociated. In general, reactions in which molecules are 
fragmented and bonds are broken are favored by the drive to maximize entropy, 
but opposed by the tendency to minimize energy. 

There are reactions for which the energy and entropy changes are much less 
obvious. For example, the entropy change for the reaction 


No + 02 = 2NO 


is nearly zero, and it is not possible to discern by inspection whether the en- 
tropy factor favors products or reactants. Similarly, it is not possible to see by 
inspection that the energy of the reactants is lower than that of the products. 
To analyze the energy and entropy effects for such a reaction, we must use the 
quantitative methods of thermodynamies described in Chapter 8. We shall 
find there that it is possible to eyaluate energy and entropy changes quanti- 
tatively, and to use this information to predict the extent to which a reaction 
will proceed from reactants to products. 

While the general nature of phase equilibria and chemical equilibria is the 
same, the manner in which the equilibrium state is specified in the two instances 
is superficially different. Situations of phase equilibria can often be described 
simply by saying that a certain compound melts at a particular temperature 
and pressure, or that the vapor pressure has a certain value at a given tém- 
perature. In contrast, to specify situations of chemical equilibrium it is often 
necessary to give the concentrations of several reagents at each temperature. 
Fortunately, for each chemical reaction there is a single function which com- 
pactly expresses all possible situations of equilibrium at a particular temperature. 
This quantity, the equilibrium constant, is of foremost importance in chemistry, 
and is discussed in detail in the next section. 
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5.2 THE EQUILIBRIUM CONSTANT 


It is an experimental fact that the pressure of CO; in equilibrium with solid 
CaO and CaCO; is a function only of the temperature of the reaction mixture. 
Once the system has reached equilibrium, either solid CaO or CaCO3 may be 
added or removed, and so long as some of each solid is present in the system, 
the pressure of CO% will remain constant. Thus in order to characterize the 
equilibrium state of this system, it is only necessary to state the equilibrium 
pressure of COs. ; 

The situation is somewhat different when there are several dissolved or 
gaseous reagents involved in a chemical reaction. Let us consider the reaction 
between hydrogen gas and iodine vapor to form gaseous hydrogen iodide: 


Hə(g) + I2(g) = 2HI(g). 


It is easy to demonstrate that this reaction is reversible, and that the same 
state of equilibrium can be reached either by starting from pure H, and Is as 
reactants, or by decomposing pure HI. Now, while the equilibrium state of the 
CaCO3, CaO, CO; system can be characterized by one number, the pressure of 
CO», in the Hs, Iz, HI system, it is found that there are infinitely many sets of 
pressures of the reagents that can exist at equilibrium. This variety of equilib- 
rium compositions arises because it is possible to reach equilibrium by starting 
the reaction with equal pressures of Hz and I, or with Hg in excess of Io, or 
vice versa. For any choice of initial concentrations an equilibrium state is 
reached, but for each choice the concentration of the individual reagents at 
equilibrium is, different. There is, however, a simple relationship between the 
concentrations of reagents at equilibrium. It is found experimentally that 
despite the infinite variety of pressures of individual reagents, the quantity 


Pii 
PrP, (9 
is a constant, dependent only on the temperature. Table 5.1 contains some of 
the experimental data that demonstrate this fact. Thus, while there is a large 
number of sets of pressures or concentrations that can exist at equilibrium, 
there is a single universal relationship that is satisfied when the system is at 
equilibrium. 
Equation (5.3) is à simple example of an equilibrium constant. In general, 
experiments show that for a reaction of the form 


aA + bB = cC + dD, 


the concentrations of the reactants and products at equilibrium are related by 
the requirement that the function 


(CD)? _ 
Aj Bp — 7 Td 
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Table 5.1 Equilibrium in the H2, l2, HI reaction 


Partial pressure (atm) 


He l2 HI K = Pii/PnisPrs 
0.1645 0.09783 ^ 0.9447 55.41 
0.2583 0.04229 0.7763 55.19 
0.1274 0.1339 0.9658 54.67 
0.1034 0.1794 1.0129 55,31 
0.02703 0.02745 0.2024 55.19 
0.06443 0.06540 0.4821 55.16 


Data of Taylor and Crist, J. Am. Chem. Soc., 63, 1377 (1941). 
In the first four experiments HI was formed from its elements. 
In the last two, equilibrium was approached by decomposing HI. 
The temperature was 698.6°K. 


be a fixed constant whose value depends on the temperature and the identity of 
the reactants and products. Should any of the reagents be a gas, its pressure 
can be used in place of its concentration in Eq. (5.4). 

In the equilibrium-constant expression, the concentrations of the reaction 
products, each raised to a power equal to its stoichiometric coefficient in the 
chemical reaction, appear in the numerator, and the concentrations of the 
reactants, each raised to the appropriate power, appear in the denominator. 
Why is there such a thing as the equilibrium constant, and why does it have 
this form? It is possible to answer this question by using the methods of thermo- 
dynamics or reaction kinetics which are presented in Chapters 8 and 9. For the 
present, we will take the existence and form of the equilibrium constant as 
experimental facts. We must remark, however, that the expression of Eq. (5.4) 
holds only if we are dealing with reagents that are ideal gases or are present as 
solutes in an ideal solution. Thus Eq. (5.4) might be called the ideal law of 
chemical equilibrium. 

There are several matters concerning the use of equilibrium constants that 
should be carefully noted. First, how are we to write the equilibrium-constant 
expression for reactions such as 


CaCOs(s) = CaO(s) + CO2(g) 


that inyolve pure solids like CaO and CaCO3? Direct application of Eq. (5.4) 
would suggest that the appropriate expression is 


, _ [COJICaO] . 
K' = 6500s] 


In this instance, the solid phase is a mixture of individual microscopic crystals 
of pure CaO and CaCO3, and it is conventional not to include the concentra- 
tions of pure solids in the equilibrium-constant expression. In the first place, 
the concentration of a pure solid in itself is a constant, and is not changed by the 
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- chemical reaction or by addition or removal of the solid. Moreover, it is an 
experimental fact that neither the amount of CaCO; nor that of CaO affects 
the equilibrium pressure of CO», so long as some of each solid is present. Con- 
sequently, we can include the constant concentrations of the pure solids in the 
equilibrium constant itself and write 


— [CaC0O3l ,, _ Et 
[CO] = -[Ca0] Kl ek, [C03] = K. 
Thus the equilibrium constant for the decomposition of CaCO; is equal to the 
concentration (or pressure) of the carbon dioxide at equilibrium. The same 
principle applies to the reaction 


Cà **(aq) + Zn(s) = Cu(s) + Zn** (aq). 
The equilibrium constant is 


Ign lees 
[Cu*3] ^ 


The metals do not appear in the equilibrium expression, for they are pure solids 
of constant composition. 

Another important matter is illustrated by the relation between the equilib- 
rium constant for the reaction 


2H;(g) + O2(g) = 2H20(e) 
and that for the simpler reaction 


Ho(g) + 402(g) = H20(g). 


For the first reaction we have 
[H20]? 


Kı = Oa 


while for the second reaction we would write 


[H20] 


Ka = igo: 


Comparison of these expressions shows that 


eget ik 


In general, if a reaction is multiplied by a certain factor, its equilibrium constant 
must be raised to a power equal to that factor in order to obtain the equilibrium 
constant for the new reaction. 
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A closely related problem is the relationship between the equilibrium con- 
stants for a reaction such as 


2NO + O2 = 2NO2 
and its reverse, 
2NO2 = 2NO + Ov. 


For the reaction as first written we get 


[N03]? 


Kı = NOPO] 


while the equilibrium constant for its reverse is 


- (NOI*04] 
Ka = NOS 


Comparison of the two expressions shows that 


1 
da IR 
That is, the equilibrium vonstants for a reaction and its reverse are reciprocals 
of each other. We eould have obtained this result ‘by following the previous 
rule, that is, multiplying the forward reaction by —1, and raising K; to the 
—] power. í 

Often it is necessary to add two reactions together to obtain a third reaction. 
The equilibrium constant of the third reaction, is related to the equilibrium 
constants of the two component reactions, as the following example illustrates: 


TRU 
2NO(g) + O2(g) = 2NO2@), Kı = no ; 

2NOa(g) = N204(g); K = Dod ; 

[N204] 


2NO(g) + Oo(g) = N204(@), Ka = [NOTOS] 


Comparing the three equilibrium, constants, we see that Ka = K;,K». Thus, 
when two or more reactions are added, their equilibrium constants must be 
multiplied to give the equilibrium constant of the overall reaction. 

The magnitude of the equilibrium constant depends on the units used to 
express the concentrations of the reagents. For example, consider the ammonia 
synthesis reaction at 673°K: 


(US mao dro No + 3H; = 2NHs. 
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hen the equilibrium constant is written in terms of the pressures of the reagents 
expressed in units of atmospheres, we have oY t 


GEER EEN. 
Keam) = AE y= X 1074. 


y K p(atm) 
Kp(torr) = EXT = 
3 Pom = 160)? 
| ‘Similarly, we might wish to use concentration units of moles per liter instead of 
- pressure. From the ideal gas law we see that 
T (a 
C(moles/liter) = = = — 
E (moles/liter) Y^ REP 
- where P is in atmospheres, and R has units of liter-atmospheres per mole-degree. 
— Thus the conversion factor from pressure to concentration: is 1/RT. 
Therefore for the ammonia synthesis we have ) 


2.84 X 107301 


2 
h Ko(moles/liter) = Kr(atm) SUEDE 
= Kp(atm) (RT)? 
= 1.64 x 107* x 3.05 X 10° 
= 0.500. 


" i 
Note that to convert an equilibrium constant to a new set of units, we multiply 
- the old value by a factor which is found by raising the conversion factor from 
_ old to new units to the power An, where An is the change in the number of moles 
- (final minus initial) of dissolved or volatile reagents. i 


2 Interpretation of Equilibrium Constants 


— "The numerical value of the equilibrium constant for a reaction is a concise 
expression of the tendency for reactants to be conyerted to products. Because 
the algebraic form of the equilibrium constant is sometimes moderately. com- 
plex, some care and experience are required to interpret its numerical value. 
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In this section we shall examine some simple types of reaction with the purpose 
of finding what qualitative information ean be learned from the value of the 
equilibrium constant. 

As our first example, we choose reactions in which there is only one reagent 
of variable concentration. ,'These include 


CaCOs(s) = CaO(s) + CO2(g), K = [COs]; 
Io(s) = Is (in CCl, solution), K = (I;]. 


For such reactions, the equilibrium constant is simply equal to the equilibrium 
concentration of a single reagent. For the second of these reactions, the equi- 
librium constant is just the solubility of iodine in carbon tetrachloride. One 
way of representing the iodine solubility is to plot the allowed concentrations 
of dissolved iodine as a function of the amount of solid iodine present, as in 
Fig. 5.1. The significance of the horizontal line is that if any excess solid iodine 
is present, the solution is saturated, and the concentration of dissolved iodine 
must equal K. The meaning of the vertical line is that so long as no solid I, 
is present, the concentration of dissolved I? may be any value less than K. 


0.2 
Ẹ 

Şo 
Solubility of lə in CCl,. The solid E 
horizontal line represents the equi- zx 


librium states of the system, while 
the dashed line represents a possible 
path to an equilibrium state. 0—6 01 03 03 


Moles of solid Ij present 


It is informative to use this diagram to represent what happens when a 
certain amount of I; is added to one liter of solvent. The initial state in which 
I, is present only as the undissolved solid is represented by a point on the 
abscissa. As Is dissolves, the states through which the system passes fall on a 
straight line of slope — 1, since for each mole of I; that enters the solution, the 
concentration increases by 1 M. The final equilibrium situation is at the inter- 
section of this line with the heavy horizontal line. If the initial amount of I; 
is insufficient to form a saturated solution, the sloping line will intersect the 
ordinate. A little reflection on this example leads us to conclude that any initial 
situation that is not represented by a point on the heavy line in Fig. 5.1 is not 
an equilibrium state, and such a system will approach equilibrium by precipitat- 
ing or dissolving solid iodine. The progress toward equilibrium is represented 
by a line of negative slope, and the final state of the system by the intersection 
of this line with the ordinate or the equilibrium line [I5] = K. 
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Now let us turn to reactions of the type exemplified by 


++ 
Zn(s) + Cu**(ag) = Cu(s) --Zn**(ag, | K = p =2 x10; 
HOg)--LiH() = Hale) + LiCl), | K= tet = 8 x 10°; 
CH; 
| i 
us __ lisobutane]. . 
CH;CH;CHSCHs = CHsCHCHs, E en] c oe 
n-butane isobutane 


In each instance the concentration ratio of products to reactants is a constant 
at equilibrium. Thus the value of K gives the concentration ratio at equilibrium 
directly: if the value of K is less than one, the reactant is in dominant con- 
centration, and if K is large, the product is greatly favored. The equilibrium 
constants depend on temperature, and the values quoted refer to 25°C. 


Equilibrium states of the n-butane-isobutane system. The 
dashed lines represent possible paths to equilibrium. 


The possible equilibrium states for such systems can be represented by 
plotting the concentration of product at equilibrium as a function of the con- 
centration of reactant. The result for the n-butane-isobutane system, shown in 
Fig. 5.2, is a straight line of slope K. Any point on the line corresponds to a 
state of equilibrium, while any system represented by a point not on the line 
is not at equilibrium. 

Two paths that a system might follow as it proceeds to an equilibrium state 


are also shown in Fig. 5.2. If only pure n-butane is present initially, the reaction 


path starts at a point on the abscissa and is a straight line slope —1, because . 


1 mole/liter of product appears for each mole/liter of reactant that disappears. 
If only isobutane is present initially, the reaction path starts on the: ordinate 
and is a line of slope —1 that terminates on the equilibrium line. From these 
two examples it is clear that any arbitrary mixture of isobutane and n-butane 
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that does not stand in a concentration ratio K is represented by a point some- 
where off the equilibrium line. The system will proceed to equilibrium by 
following a path whose slope is —1, and whose direction is determined by 
whether the initial concentration ratio is greater or less than K. 

A third type of reaction that has a simple equilibrium-constant expression 
is illustrated by 


BaSO,4(s) = Ba**(aq) +SO7(aq), K= [Ba**][S07] = 1 x 10719; 
NH,HS(s) = NHs(g) + HoS(g), K = [NH3][H;8] = 9 x 1075. 


The numerical magnitude of an equilibrium constant of this type depends on 
the units chosen for concentration. In this instance, and those that follow, the 
concentration units are moles/liter. With this in mind, the value of the equi- 
librium constant can be interpreted without difficulty. A small value of K 
means that at equilibrium the concentrations of both products must be small, 
or if one is in large concentration, the other must be in very small concentration. 
For the special case in which the concentrations of the two products are the 
same, they must both be equal to K!?, In general, the concentrations of 
the two products are not equal, and the value of K limits only the product 
of the two concentrations. 

These ideas can be understood with the aid of Vig. 5.3, where the equation 


[Bat +][SOz] = K = 1 x 107? 


is plotted. The equilibrium states lie on a rectangular hyperbola which has the 
coordinate axes as asymptotes. We see that if the concentration of SOȚ is 
made. large by addition of Na:504, the Ba** concentration at equilibrium 
must become very small. 


Equilibrium states of the BaSO,-H;O 
system. Dashed line a is the path to equi- 
librium followed when pure BaSO, dis- 
solves in water, while b represents the 
addition of BaCls to a solution of H2SO.. 


[Ba**]x 105 (moles/liter) 


| 74 1b 
: 


(Nea E eel ie REN AC | 
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[803] X 105 (moles/liter) 
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Examples of the paths that systems might follow to reach an equilibrium 
state are shown in Fig. 5.8. If pure BaSO, is dissolved in water, the system 
follows a line of unit slope from the origin, since the concentrations of the two 
ions increase equally as BaSO, dissolves. On the other hand, if small amounts 
of solid BaCly are added to a solution of H2504, the concentration of Batt 
rises along a vertical line which eventually intersects the equilibrium hyperbola. 
The first BaSO, precipitates at a Batt concentration corresponding to this 
point. of intersection. Any further addition of Ba** causes more BaSO, to 
precipitate, and consequently the concentration of SOF decreases. As this 
process continues, the point representing the system follows the hyperbola in 
the direction of increasing [Ba++] and decreasing (SOZ]. 

‘A fourth type of reaction is of the general form 


A = 2B, = 


As specific examples we have 


: (HP? eae 
H2(g) = 2H(g), —Kiooo = = 21x10 ; 
[Hs] 1 
- z [N02]? —3 
N20 =O Koos = —— = 5.7 X 1075, 
204(g) 2(g); 298 [N04] 


where the concentrations are expressed in moles per liter. Although there are 
only two chemical species involved, the interpretation of this type of equilibrium 
constant is less straightforward than were the previous cases, for K is no longer 
a simple product or ratio of concentrations. It is still true, however, that if K 
is a very small number, the reactant will be in predominant concentration at 
equilibrium, while if K is very large, the product will be favored. The examples 
above indicate, therefore, that at room temperature, the dissociation of hydrogen 
to atoms is negligible, but the dissociation of N204 is noticeable. 
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Figure 5.4 is a graphical representation of the NO?-N30, equilibrium. The 
equilibrium states lie on-a parabola which has the equation 


[N02]? = K[N:04]. 


The paths representing the passage of a system to equilibrium are lines of slope 
—2, for two moles of NO; are formed for each mole of N20, consumed. 

The graphical treatment of equilibria which we have just discussed is helpful 
because it provides a clear way of seeing whether a given set of concentrations 
corresponds to an equilibrium state, and how a system not at equilibrium will 
change. Unfortunately, if there are more than two different reagents of variable 
concentration involved in the reaction, graphical representation of the system 
is difficult and not particularly informative. Nevertheless, our arguments based 
on the graphical treatment of simple systems suggest some generalizations that 
we can express algebraically and apply to all systems. If the concentrations of 
the reagents that appear in the general reaction 


aA + bB = cC + dD 
are such that 


(CI'D' _ 
ABE 7 Fe 
the system is. at equilibrium. If the concentrations are such that 


ICD" 
[AB]? 


« K, 


the reactants are in excess of the equilibrium values, and the reaction will 
proceed to equilibrium from left to right as written. On the other hand, if 


(cpr 
(ALBE ? T 

the products are in excess of their equilibrium value, and the reaction proceeds 
from right to left. 


5.3 EXTERNAL EFFECTS ON EQUILIBRIA 


In Section 4.6 we made use of LeChatelier’s principle, which states that if a 
system at equilibrium is subjected to a disturbance or stress that changes any 
of the factors that determine the state of equilibrium, the system will react in 
such a way as to minimize the effect of the disturbance. LeChatelier's prin- 
ciple is of great help in dealing with chemical equilibria, for it allows us to 
prediet the qualitative response of a system to changes in external conditions. 
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us consider first a saturated solution of iodine in carbon tetrachloride which 
in contact with excess solid iodine. What is the effeet of adding a small 
mount of pure carbon tetrachloride to the system? The immediate conse- 
uence is to remove the system from equilibrium, for immediately after the 
ddition of the pure solvent, the concentration of iodine in the solution is less 
n the equilibrium value. Thus the addition of solyent does affect the value 
a factor that determines the state of equilibrium, and is, therefore, a stress 
‘in the sense implied in LeChatelier’s principle. The prediction from LeChatelier's 
principle in this instance is that more solid iodine will dissolve, and thereby 
"miuimize the effect of the addition of solvent. Common experience assures us 
‘that this is indeed what happens. 

- The equilibrium-constant expression can be used to make a qualitative 
‘prediction of the behavior or response of a system to a disturbance. For the 


le) =K 


holds at equilibrium, but immediately after addition of the solvent we have 


m: 


[- [I5] cR 
s situation can be remedied if the reaction 


Is(s) + solvent = Is (in solution) 


‘ B as written from left to right. Thus the predictions based on 
‘LeChatelier’s principle and on the equilibrium-constant expression are in 
^ cord with each other and with experimental faet. nO 
For a somewhat more involved situation, let us turn to the equilibrium 
L between solid barium sulfate and an aqueous solution of its ions: 


* BaSO,(s) = Ba**(ag) 4-SOz(q). 


What is the effect of the addition of a small amount of a concentrated solution 
of NaSO4? Such an addition causes an immediate and marked increase in the 
- eoncentration of sulfate ion, and is, therefore, a stress that removes the system 
from equilibrium. From LeChatelier's principle we predict a reaction in the 

~ direction that minimizes the effects of this stress; that is, a reaction that 
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removes sulfate ion from solution. Consequently, addition of the sodium sulfate 
solution should cause barium sulfate to precipitate from solution. , 

Let us see how the same prediction can be made by using the equilibrium- 
constant expression. At equilibrium the relation 


[Ba**][SO7] = K (5.5) 


holds, but immediately after the addition of excess sulfate ion, before any 
reaction occurs, we must have 


[Ba**]802] > K. 


It is clear that in order for the system to reach equilibrium, the concentrations 
of Ba++ and SOF must diminish, and this is accomplished by the precipitation 
of solid barium sulfate. Once again predictions based on the equilibrium con- 
stant and LeChatelier’s principle are in agreement. 


3.0; 
E 
= 
g 
Š 2.0 
& 
© 
Perturbation of the barium sulfate solu- X 
bility equilibrium by addition of sulfate £10 
ion. Line a represents the departure from ^ 
equilibrium caused by sulfate addition, E 


and line b is the path followed by the 
system to a new equilibrium state. 0! 


1.0 2.0 3.0 
[SOF] 105 (moles/liter) 


We can make the conclusions about the behavior of the barium sulfate 
system more vivid by using the graphical representation of the equilibrium 
states of the system. Figure 5.5 shows Eq. (5.5) plotted as a rectangular 
hyperbola. Initially, the system can be represented by a point on this equi- 
librium curve, but sudden addition of sulfate ion causes the system to follow a ` 
horizontal path away from the equilibrium line. When the system is left to 
itself, it returns to equilibrium by following a path of slope +1 on the graph, 
and the final state is at the intersection of this line with the equilibrium curve. 
Figure 5.5 shows clearly that the final concentration of barium jon is less than 
the initial concentration, and that the final concentration of sulfate ion is greater - 
than the initial concentration, but less than what would have existed after the | 
addition if no precipitation had occurred. 
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The methods we have been using apply equally well to gaseous equilibria. 
For instance, if the reaction 


* $Oo(g) + 30s(g) = SOs(g) 


is initially at equilibrium, what is the effect of suddenly adding oxygen gas to 
the mixture? Such an addition is a disturbing stress, and from LeChatelier’s 
principle we predict a net reaction that. consumes the oxygen—the reaction of 
$0; and! Oz to produce SOs. By using the equilibrium-constant expression we 
conclude that immediately after the addition of oxygen, the relation 


($031 
Boos € E 


holds, and can be converted to an equality only if sulfur trioxide is formed from 
sulfur dioxide and oxygen. 

Now we can explore the consequences of changing the volume of the vessel 
that contains ‘a’ gaseous system at. equilibrium. A change in total volume 
changes the concentrations of all gases, and consequently may cause a de- 
parture from equilibrium. This behavior is evident if ^e imagine the reaction 


2x0, = Side), K = ed 


initially at equilibrium and ask for the effect of decreasing the volume of the 
containing vessel by a factor of two. If no reaction occurred, the immediate 
result would be to double all concentrations, and in such a state we would have 


[N204] 
[N02]? 


This must be true, for if all concentrations are doubled, the numerator of the 
concentration quotient increases by a factor of two, while the denominator 
increases by a factor of two squared, or four. The concentration quotient then 
is not equal to the equilibrium constant, and a reaction that increases the con- 
centration of N2O4 while decreasing the concentration of NOs must occur. 
Use of LeChatelier’s principle confirms this prediction. The stress in this case 
is an increase in the total concentration of molecules—a stress that can be 
relieved if the system reacts so as to decrease the net number of molecules. 
Since two molecules of NO; are consumed for each molecule of N204 formed, 
the response of the system is to convert NO» to N204. 

A volume change does not necessarily remove a gaseous system from equi- 
librium. If the reaction : i 


< K. 


We 
CH;4CH3CH5CH; = CH,CHCHs 
Butane Isobutane 
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is at equilibrium and the volume of the container is halved, each concentration 
is doubled, but the relation 


[isobutane] _ 
[butane] 


shows that even’ in this more concentrated situation the system remains at 
equilibrium. Any change of the concentration of butane is accompanied by an 
identical change of the isobutane concentration, and the ratio of these two 
concentrations remains constant. A little reflection on this and the previous 
example leads to the conclusion that only in the cases of reactions in wh'ch the 
number of moles of gaseous reactants is different from the number of moles of 
_ gaseous products does a volume change remove the system from equilibrium. 
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What is the effect of a temperature change on a system initially at equilibrium? 
Tn general, the numerical values of equilibrium constants depend on tempera- 
ture. Therefore, if the temperature of a system initially at equilibrium is 
Changed, some net reaction must occur in order for the system to reach equi- 
librium at the new temperature. Experiments show that if a reaction is 
exothermic, that is, if AH is negative, its equilibrium constant decreases as 
temperature inereases. From the point of view of LeChatelier's principle, an 
increase of temperature is a stress that is partially relieved by the occurrence 
of a net reaction that proceeds with absorption of heat by the system. Con- 
sider then the reaction 
2 NOs(g) = N30.(g), AH = —13.9 keal, 


Ko73 = 76, Koos = 8.8, 


where the K’s are the equilibrium constants at 273°K and 298°K, respectively. 
The reaction is exothermic, K does in fact decrease, and reactants become more 
favored as temperature increases. According to LeChatelier’s principle also, 
increasing temperature should favor the formation of reactants from products 
for this is the direction of reaction that absorbs heat. Thus the prediction 
based on LeChatelier’s principle and the actual observed values of the equilib- 
rium constant are consistent. : 
As an example of an endothermic reaction, let us inspect 


No(g) + O2(g) = 2NO(g)," AH = 43.5 keal. 


By LeChatelier’s principle we can predict that increasing temperature should 
favor formation of nitric oxide, for this process is accompanied by absorption 
of heat. Actual determination of equilibrium constants confirms this, as we 
can see: 


K»29o0 = 4.1 X 1075, Ko500 = 36 X 1074. 
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In the special case of a reaction for which AH is zero, a temperature increase 
can favor neither products nor reactants, for the reaction does not proceed in 
either direction with absorption of heat. In harmony with this conclusion, the 
equilibrium constants of reactions for which AH is zero are found to be in- 
dependent. of temperature. ` 


5.4 EQUILIBRIA IN NONIDEAL SITUATIONS 


We remarked earlier in this chapter that the expression 


g or 
= Uc mm. 

[ABE 
holds only in situations where all reactants and products behave like ideal 
gases or are components of an ideal solution. For reactions between gases at 
high pressures, or for reactions in markedly nonideal solutions, the equilibrium 
"constant" expressed in terms of pressures or concentrations is not strictly 
constant. To analyze these nonideal situations, it is customary to make use of 
the concept of activity. The activity of a substance may be thought of as an 
effective concentration. It has the property that in all situations, the equilib- 
rium-constant expression can be written as 


(QD. x 
eu ^" 


where the notation {A} stands for the activity of A. Thus in terms of the 
activity, the equilibrium-constant expression has its simple form and is always 
constant at a particular temperature. 

~Hlow is the activity of a substance determined? For an ideal gas the activity 
is numerically equal to the pressure in atmospheres, but for a nonideal gas the 
activity must be calculated from the experimentally determined equation of 
state, This is a moderately involved process which we will not describe. For 
our purposes it is enough to remark that for gases at pressures of 1 atm or less 
and at ordinary temperatures, an error usually of less than 1% is made by 
considering the activity and the pressure of a gas to be equal. 

For electrolytes in very dilute aqueous solution, activity is very nearly 
numerically equal to the molal or molar concentration. For solutions of ap- 
proximately 0.1-M concentration, however, activity and concentration differ 
by from 10 to 50%, depending on the electrolyte concentration and the charge 
on the ions, One way of determining the activity of such solutions is by freezing- 
point depression measurements. If solutions were ideal, the freezing-point 
depression would be directly proportional to the total molal concentration of 
solute: 


AT = Kym. 
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This law is obeyed by very dilute solutions, but the more concentrated solutions 
deviate from it noticeably. By comparing the observed freezing point of a 
solution with that expected for an ideal solution of the same concentration, the 
activity of the solute can be calculated. This procedure establishes a relation 
between aetivity and eoncentration that can be used in dealing with other 
equilibrium situations. 

Any very accurate mathematical analysis of an equilibrium situation must 
be performed in terms of activities rather than concentrations. However, 
relating activities to concentrations is often a tedious task, and the accuracy 
gained by using activities is in many cases not worth the extra effort. In par- 
ticular, design and analysis of the laboratory work of undergraduate chemistry 
require performing equilibrium calculations to an accuracy of about 5%, which 
can be accomplished easily if concentrations are used in place of activities. 
This is the procedure we shall follow without comment in subsequent sections 
of this book. It is important to realize that the results of such calculations, while 
very useful, are usually accurate only to 596. 


5.5 CALCULATIONS WITH THE EQUILIBRIUM CONSTANT 


In many situations it is necessary to know the concentrations of the reactants 
and the products of a reaction when the system is at equilibrium. Rather than 
measure these numbers directly for each new situation, it is easier to calculate 
them if the equilibrium constant for the reaction is known. In this section we 
shall perform some calculations with the equilibrium constant to illustrate the 
technique and to demonstrate how the value of the equilibrium constant can 
be interpreted quantitatively. We shall concentrate on some simple gas re- 
actions and reserve for special consideration in Chapter 6 the situations of 
equilibrium between ions in aqueous solution. 

The equilibrium constants of reactions between gases are often expressed in 
terms of the partial pressures of reagents, and unless otherwise stated, the units 
are atmospheres. Thus for the reaction 


N30,(g) = 2NOs(g), 
we have 
Po» 

N50, 


Kp= = 0.14, 
when pressures äre expressed in atmospheres, at 25°C. 

In dealing with a gaseous system, the experimental information most readily 
available is the total pressure of all the reactants and products, rather than the 
partial pressures of each. Therefore, it is sometimes useful to express the 
equilibrium constant in terms of the total pressure. For the N2O4-NO, reaction 
we can accomplish this as follows. Imagine starting with a certain number 
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of moles of pure N04; when equilibrium is reached, a fraction f of the original 
N30, has dissociated. Then, 1 — f is the fraction of the original N50, 
remaining, and is proportional to the number of moles of N50, present at 
equilibrium. Similarly, since 2 moles of NO? are formed from each mole of 
N30, that dissociates, 2f is proportional to the number of moles of NO; present 
at equilibrium. "Therefore, the total number of moles of all particles present at 
equilibrium is proportional to 1 — f + 2f, or to 1+ f. Now we can write the 
following expressions for the mole fractions of N304 and NO;: 


Te 2 
Xo pup MASTR 


By Dalton's law, we can express the partial pressures of NO; and N30, in 
terms of the total pressure P* 


2 
Pyo, = Xyo,P. = oP 
S 


1 
Py,o, = Xu,o,P = Toy pee 
We can now return to the equilibrium constant, and use these expressions 
in place of the partial pressures to get 


Kp = pt es = LA eas (5.6) 
Cane 
Tuy 

This is the expression we were seeking: the equilibrium condition expressed in 
terms of P, the total pressure of reactants and products, and f, the fraction of 
the original N304 that dissociated. Bear in mind that Kp is a constant that 
depends only on temperature. Therefore, as the total pressure P is varied, the 
fraction of. N04 dissociated. must change so as to keep the right-hand side of 
Eq. (5.6) constant... Suppose, for example, that the volume of the system. is 
increased, so that'P decreases. Does f increase or decrease? By LeChatelier’s 
principle we expect more N30, to dissociate and thus f to inerease as P de- 
creases. This is just what Eq. (5.6) says will happen. To see this clearly, we 
rearrange Eq. (5.6) to 


from which it is obvious that if P decreases, f must increase if Kp is a constant. 
Thus, as predicted from LeChatelier's principle, a decrease in total pressure 
favors the products of this reaction. 
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Example 5.1 A mixture of N204 and NO% has at equilibrium a total pressure of 
1.5 atm. What fraction of N204 has dissociated to NO» at 25°C? The equilibrium 
constant Kp = 0.14. By Eq. (5.6) 


4f?P Af" 1 
isi omens 0.14 = 1—5 1.5; 
f£ = 0.023, J = 0.15. 


If the volume of the system is increased so that the pressure falls to 1 atm, what frac- 
tion of the original N204 is dissociated? 


4f 


2 
0.14 — 1-2 1, f 20034, -f= 0.18. 


Thus, f does increase as total pressure decreases. 


Occasionally it is possible to measure the partial pressure of one of the sub- 
stances in an equilibrium mixture directly. Then it may be possible to calculate 
the partial pressures of the other reagents by using the equilibrium constant. 
Suppose, for example, the partial pressure of NO; in equilibrium with N50, 
is found to be 0.23 atm. What pressure of N3204 is present? To solve this 
problem we use the equilibrium constant in the form 


oF Pio» 


Kp = = 0.14. 
2 Pro 


Setting Pyo, = 0.23 atm, and carrying out the arithmetic gives 


2 
Pro, = QA = 0.38 atm. 


Calculations of this type are easy when only two reagents are involved, but we 
shall find that they ean be accomplished even for more complicated situations. 

To gain experience with an equilibrium constant of a different form, let us 
consider the reaction 


NH,HS(s) = NHa(g) + H2S(e), ` 
Kp = Pyu,Pu,s = 0.11, 


where the equilibrium constant is evaluated at 25°C. Since ammonium hydro- 
sulfide is a solid of invariant composition, it is not included in the equilibrium- 
constant expression. Let us use the value of the equilibrium constant to 
calculate the pressure of ammonia and hydrogen sulfide in equilibrium with the 
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pure salt at 25°C. Since the gases come from the evaporation of the pure salt 
in equimolar quantities we have 


Pyn, = Pu, 
Kp = Pyu,Pu,s = Pu, = 0.11, 
Pun, = 0.33 atm = Pg,s. 


Thus, when the pure salt evaporates into an evacuated container, the pressure 
of each gas is 0.33 atm at equilibrium. 

What would be the effect of injecting some pure ammonia gas into the am- 
monium hydrosulfide system, after the latter had reached equilibrium? By 
LeChatelier’s principle, this would be a stress that could be relieved by the 
consumption of ammonia by reaction with hydrogen sulfide. The result of the 
addition of ammonia, then, would be a decrease in the pressure of hydrogen 
sulfide at equilibrium. This conclusion can be reached by using the equilib- 
rium-constant expression, for if Pyn, is increased, Py,3 must decrease if their 
product is to remain constant. 


Example 5.2 Some solid NH4HS is placed in a flask containing 0.50 atm of ammonia. 
What are the pressures of ammonia and hydrogen sulfide when equilibrium is reached? 

Because some ammonia is added, the pressures of ammonia and hydrogen sulfide 
are not equal when equilibrium is reached. However, we can write 


Pus, = 0.50 + Pua: 
Therefore, 
Kp = PyujPx.s = (0.5 + Pu;s)Puss; 
0.11 = (0.50 + Pu,s)Pn;s; 
Pus = 0.17 atm, 
Pyu; = 0.50 + 0.17 = 0.67 atm. 


Comparison of the pressure of hydrogen sulfide with that found after the evaporation 
of the pure solid into vacuum shows that the added ammonia has repressed the evap- 
oration of the solid, as expected according to LeChatelier’s principle. Note also that 
since equilibrium can be approached from either direction, the results of this calcula- 
tion apply to the case in which a quantity of ammonia equivalent to a pressure of 
0.5 atm in this flask is added to the solid already at equilibrium with its vapor. 


The two reactions investigated are particularly easy to treat, since each of 


them involves only two reagents of variable concentration. Nevertheless, our 
experience with them will help us deal with the reaction 


POCls(g) = PCls(g) + Cls(g). 
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When pressures are expressed in atmospheres, 


_ Preiser, 
Precis 


Kp vn 
at a temperature of 300°C. 

First let us imagine that enough pure solid PCI; is placed in a flask so that 
when the temperature is raised to 300°C, it would all vaporize to give a pres- 
sure of Py atm, if no PCls dissociated. If some PCls does dissociate to PCls 
and Clo, we have 


Po, = Preiss Pros = Por Pog; 


since for each mole of PCls that dissociates, one mole of Cl» and one mole of 
PCl are formed. With these relations we can write the equilibrium-constant 
expression entirely in terms of the partial pressure of chlorine and Po, the 
pressure of PCls that would exist if no dissociation occurred; 


2 
PpciPci P, 


Kp = = 11.5. 
B Peci, Pore Bor 5 


As a specific case, suppose that Pois 1.5 atm. Then at equilibrium, 


2 
Po 


Kr adler Fa Po. 


Po, = 1.34 atm, Ppci, = 1.34 atm, Ppor = 1.50 — 1.34 = 0.16 atm. 


We can compute the fraction f of PCI, that dissociated by 


For comparison, let us now assume that enough PCl; is used so that Po is 
3.0 atm. Then 


Pon = 2.47 atm, Perci = 2,47 atm, Pra; = 0.53 atm. 
For the fraction dissociated we find 


2.47 
f=% = 082. 
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Increasing the total amount of material at fixed volume, or increasing the total 
pressure, decreases the fraction of PCl; that dissociates. 

What is the effect of adding chlorine gas to the reaction mixture? Qualita- 
tively it is clear that the additional chlorine must repress the dissociation of 
PCI;. To demonstrate this quantitatively, let us assume that 1.5 atm of chlorine 
is added to an amount of PCl; sufficient to exert 3.0-atm pressure if none dis- 
sociated. Then, if some PCls does dissociate, the stoichiometry of the reaction 
tells us that 


Prci, = 3.0 — Prois | Pon = 1.5 + Prot, 


Substitution of these relations into the equilibrium-constant expression gives 


PpoyPoi ; = Ppoi,(1.5 + Preis) : 
Pro 3.0 — Prot 


Peo, = 2.26; atm, Po, = 3.76 atm, Prcis = 0.74 atm. 


Kp=115= 11.5 


The expression for the fraction of PCl; that dissociated is 


Pro, _ 2.26 
Sey 4$ 7 095; 
fe ED 30 


Comparison of these answers with corresponding ones from the previous cal- 
culation shows that addition of chlorine does diminish the amount of PCl; that 
dissociates, The fraction dissociated would also be diminished by addition of 
PGls, as a trial calculation will show. 

As a final application, we can use the equilibrium-constant concept to pro- 
vide a heuristic derivation of the equation of state for nonideal gases. Let us 
assume that nonideality arises from the dimerization of gas molecules, 


2A = Ao, 


which is a reaction with a small, but significant equilibrium constant K. If 
[A]o is the concentration that A-molecules would have if none dimerized, we 
can write : 


pos [Aa] _ [A2] ; 
= [AP . (Alo = 2[A3)* 


[Ae] = K(IAo] — 2[Aal)” = K [Adl’, 


where the approximation is valid if the concentration of dimers is very small. 
We now regard the gas as a mixture of dimers and monomers, and the total 
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pressure can be found from Dalton’s law 
P = RT(A] + [A2 


RT ({Ao] — 2[A2] + [A2]) 
= RT((Ao) — K{Adl”)- 


1 


Letting n stand for the total number of moles of A, we can write 


RT Kn 
pan -RE) 
- PV oo. o nK 
a T (6.7) 


This is the form of the first two terms of the virial equation of state. Since K 
is positive, Eq. (5.7) accounts for negative deviations from ideal gas behavior. 
The positive deviations, which do not arise from dimer formation, are not 
accounted for in Eq. (5.7). If, however, we had expressed the total concentra- 
tion of A-molecules not as n/V but as n/(V — nb), both positive and negative 
deviations from ideality would have been accommodated. 


5.6 CONCLUSION 


A chemical reaction is a complicated mechanical process in which atoms 
initially in one arrangement are converted to some other arrangement. This 
process is reversible, and consequently, in a closed system, reactants and 
products can exist permanently together in fixed relative amounts that reflect 
the intrinsic stabilities of the various compounds. The most succinct and 
meaningful description of these equilibrium situations is contained in the 
equilibrium constant. Therefore, to deal with the quantitative aspects of 
chemistry, to understand what is meant by chemical reactivity, an appreciation 
of the use and significance of the equilibrium constant is absolutely essential. 
In this chapter, we have investigated some simple chemical equilibria qualita- 
tively and quantitatively, and we shall make continual use of the ideas we have 
generated. As more complicated equilibria are encountered, it is essential to 
be guided by previous experience and to attempt to answer the questions we 
have discussed here: What is the qualitative meaning of the form and mag- 
nitude of the equilibrium constant? What do they tell us about the tendency 
of a reaction to proceed to products? What do the AH- and equilibrium-constant 
expression tell us about how temperature and concentration changes influence 
the amounts of products and reactants at equilibrium? How can the equilib- 
rium constant be used to calculate the concentrations that exist at equilibrium? 
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5.1 Write the equilibrium-constant expression for each of the following reactions. 
2NOCI(g) = 2NO(g) + Cla(g) 
Zn(s) + CO2(g) = ZnO(s) + CO(g) 
MgSOa(s) = MgO(s) + SOa(g) 
Zn(s) + 2H*(aq) = Zn**(aq) + H2(8) 
NH4Cl(s) = NHa(g) + HCl(g) 
5.2 For which of the following reactions does the equilibrium constant depend on the 
units of concentration? 
(a) CO(g) + H20(g) = CO»(g) + Hote) 
(b) COCle(g). = CO(g) + Cla(g) 
(c) NO(g) = 3Nx(g) + 302(g) 
5.3 Of the metals Zn, Mg, and Fe, which removes cupric ion from solution most 
completely? The following equilibrium constants hold at room temperature. 
Zn(s) + Cut+(aq) = Cu(s) + Zu**à(a K=2X 1037 
Mg(s)-- Cu**(aq) = Cu(s)+ Mg**(ag ^K = 6X 1099 
Fe(s) + Cutt(aq) = Cu(s) + Fe**(aq) K = 3 X 1076 
54 Nitrogen and hydrogen react to form ammonia by the reaction 
4No+ 3H2 = NH, AH = —11.0 kcal. 
If a mixture of the three gases were in equilibrium, what would be the effect on the 
amount of NH3 if (a) the mixture were compressed; (b) the temperature were raised; 
(c) additional H2 were introduced? 
5.5 Would you expect the equilibrium constant for the reaction 
Io(g) = 21(g) 
to increase or decrease as temperature increases? Why? 
5.6 The equilibrium constants for the following reactions have been measured at 
823°K: j 


Co0(s) + Ha(g) = Co(s) + H20(g), K = 67; 
Co0(s) + CO(g) = Co()-- CO2(g), K = 490. 
From these data, calculate the equilibrium constant of the reaction 
CO2(g) + Ha(g) = CO(g) + H20(g) 
at 823^K. 
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5.7 Suggest four ways in which the equilibrium concentration of SO; can be increased 
ina closed vessel if the only reaction is į 


S02(g) + $02(g) = SOs(g), AH = —23.5 kcal. 
5.8 Solid ammonium carbamate, NHiCO2NHp, dissociates completely into ammonia 
and carbon dioxide when it evaporates, as shown by 
NH4CO2NH»o(s) = 2NHs(g) + COx(g). 


At 25°C, the total pressure of the gases in equilibrium with the solid is 0.116 atm. 
What is the equilibrium constant of the reaction? If 0.1 atm of CO» is introduced 
after equilibrium is reached, will the final pressure of CO2 be greater or less than 
0.l atm? Will the pressure of NH3 increase or decrease? 


5.9 For the reaction 
Ha(g) + I2(g) = 2HI(g), 


K = 55.3 at 699°K. In a mixture that consists of 0.70 atm of HI and 0.02 atm each 
of Hg and I» at 699°K, will there be any net reaction? If so, will HI be consumed 
or formed? 


5.10 Hydrogen and iodine react at 699°K according to 


Ho(g) + Ie(g) = 2HI. 


If 1.00 mole of H2 and 1.00 mole of I» are placed in a 1.00-liter vessel and allowed to 
react, what weight of hydrogen iodide will be present at equilibrium? At 699°K, 
K = 55.3. 


5.11 At 375°K, the equilibrium constant Kp of the reaction 


SO»Cla(g) = SO»(g) + Cle(g) 


is 2.4 when pressures are expressed in atmospheres. Assume that 6.7 gm of SO2Clz 
are placed into a 1-liter bulb and the temperature is raised to 375°K. What would 
the pressure of SO2Clo be if none of it dissociated? What are the pressures of SO2, 
Cle, and SO2Clə at equilibrium? 


5.12 Compute the pressures of SO2Cl2, SO2, and Clo in a 1-liter bulb (at 375^ K) 
to which 6.7 gm of SO2Cl2 and 1.0 atm of Clo (at 375*K) have been added. Use the 
data supplied in Problem 5.11. Compare your answer with that obtained for Problem 
5.11 and decide whether they are consistent with LeChatelier's principle. 


5.13 The gaseous compound NOBr decomposes according to the reaction 


NOBr(g) = NO(g) + 3Bra(g). 


At 350°K, the equilibrium constant Kp is equal to 0.15. If 0.50 atm of NOBr, 0.40 atm 
of NO, and 0.20 atm of Brz are mixed at this temperature, will any net reaction occur? 
If so, will Bro be consumed or formed? 


5.14 The equilibrium constant for the reaction 
COz(g)-l- H2(g) = CO(g) + H20(g) 


is 0.10 at 690°K. What is the equilibrium pressure of each substance in a mixture 
prepared by mixing 0.50 mole of CO? and 0.50 mole of Hg in a 5-liter flask at 690°K? 


‘CHEMICAL EQUILIBRIUM 


5.15 At 1000°K, the pressure of CO» in equilibrium with CaCOs ren CaO is equal 

to 3.9 X 10-2 atm. The equilibrium constant for the reaction * i 
C(s) + CO2(g) = 2C0( 

is 1.9 at the same temperature when pressures are in atmospheres. Solid carbon, CaO, 

and CaCO3 are mixed and allowed to come to equilibrium at 1000°K in a closed vessel. 

What is the pressure of CO at equilibrium? 
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CHAPTER 6 


IONIC EQUILIBRIA 
IN AQUEOUS SOLUTIONS 


Equilibria between ionic species in aqueous solutions deserve special attention 
because of their importance in industrial, analytical, and physiological chemistry. 
The principles used in dealing with problems of ionic equilibria are of course 
the same as those that apply to other situations of chemical equilibrium. Thus 
the study of ionic equilibria offers us a chance to learn general principles while 
studying an important practical application. 

"The ability to solve equilibrium problems is a result of a thorough under- 
standing of physical principles and of an intuition that can be acquired only by 
experience. This chapter should be read with a pencil and paper at hand, and 
the steps in each derivation and example should be worked out independently 
of the text. One is not ready to attempt new material until, with the book 
closed, he can work out the section he has just studied. 


6.1 SPARINGLY SOLUBLE SALTS 
The problem of finding the equilibrium concentration of a slightly soluble salt 
involves one of the simplest applications of the principles of chemical equilibrium. 
Consider the dissolution of solid silver chloride in water, which proceeds by 
AgCl(s) = Ag*(aq) + CI (aq). (6.1) 


When equilibrium between the pure solid and the solution is reached at 25°C, 
it is found that only 1.67 X 10^? mole of silver chloride is dissolved in one liter 


- of water. As small as this concentration may seem, it is large enough to be 
important in many laboratory situations. As a result, we are interested in 
- finding quantitative expressions telling us what the solubilities of salts such as 
silver chloride are under any conditions. : 
According to the general procedure for writing equilibrium constants, for 
Eq. (6.1) we might write P 


x — Bean, 
(AgCl@)] 


But the concentration of a pure solid in a pure solid is a constant, and we can 
immediately simplify our expression by defining a new constant K,5 by 


K.p = K[AgCl(s)] 
= [Ag*]Ct . 


That is, we include the fixed concentration of the pure solid in the equilibrium 
constant itself. Consequently, the equilibrium constant for reaction (6.1) is a 
product of ion concentrations. For this reason, K,, for these reactions is often 
called the ion product constant, or simply the solubility product. Three other 
such reactions and their equilibrium constants are 


CaF 2(s) = Ca**(aq) + 2F (aq), Kop = [Cat*][F-), 
AgsCrO4(s) = 2Ag*(aq) + CrOz (aq), Kap = [Ag*l'ICrO1], 
La(OH)s(s) = La**(aq) + 30H- (aq), Kp = [La**]OH- T. 


Table 6.1 Solubility products* 


BaSO4 1X 10-719 AgoCrO4 1.9 x 10-1? 
BaF2 1.7 X 10- Ag2S 1 x 10-5! 
BaCOs 1.6 x 10-? Fe(OH)2 1.6 x 10-15 
BaCrO4 8.5 x 10-1! FeS 1x 10-19 
CaSO4 2.4 X 10-5 Zn(OH)2 45 x 10-17 
Caa(PO4)2 1.3. X 10-3? ZnS 4.5 x 10-24 
CaF 1.7 X 10-10 ZnCO3 2 x 10-10 
CaCrO4 Luxio. Sn(OH)2 5 x 10-25 
Mg(OH)2 1.8 x 10-1! SnS 8 x 10-29 
PbS 7X 10729 CuS 4 x 10-38 
PbSO4 1.3 x 10-8 Cu(OH)2 1.6 x 10-19 
PbCO3 1.5 x 10-13 Cu(103)2 1.3 x 10-7 
PbCrO4 2 x 10-19 Mn(OH)2 2x 10-18 
Pb(OH)2 2.8 x 10-16 MnS 7X 10-19 
AgBrO3 5.2 x 10-5 HgS 3 x 10-53 
AgCI 2.8 x 10-10 Cds 1.4 X 10-28 
AgBr 5.2 X 10-18 Ni(OH); -  1.6x10-!9 
Agl 8.5 x 10-17 


*From W. M. Latimer, Oxidation Potentials. 2nd ed., New York, Prentice 
Hall, Inc., 1952. 
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"These examples demonstrate the practice of not writing any invariable con- 
centrations in the equilibrium-constant expression. Solubility: products of a 
few other salts are given in Table 6.1. 


Questions. Suppose the solid phase were impure, as would be the case for a solid solution 
of AgCl and NaCl. Do you expect that the solubility in water of this material would be a 
function of the concentration of AgCI in the solid phase? Would the simple ion product 
constant for AgCI describe the equilibrium adequately? 


Application of the equilibrium constant to the solubility of electrolytes is 
usually limited to cases in which the substances are only slightly soluble. There 
are.two principal reasons for this. First, concentrated solutions of electrolytes 
such as saturated potassium chloride are not ideal solutions, and the simple 
equilibrium-constant expressions do not apply rigorously to nonideal solutions. 
Second, in the practical problems of chemical analysis one often takes advantage 
of the difference in the solubilities of two sparingly soluble salts, and therefore 
it is for such substances that information derived from the equilibrium constant 
is of most value. Thus we are in the happy situation of having a theoretical 
framework that applies best to cases that are of most interest. 

"There is still another reason for the application of the equilibrium constant 
to the dissolution of slightly soluble salts. Because of the small quantities of 
dissolved materials involved, it is very difficult or impossible to measure directly 
the solubilities of these substances. However, it is possible to detect minute 
quantities of dissolved ions by measurements of the voltages of electrochemical 
cells, as we shall see in Chapter 7. These voltage measurements yield the 
solubility product Ksp of the salt directly, and from this quantity we must be 
able to calculate the salt solubility. Let us assume then that we have been 
provided with the value of the solubility product for silver chloride in water: 


[Ag*]CI-] = Ksp = 2.8 x 10779, (6.2) 


where the concentration unitis mole per liter. How do we calculate from this 
the solubility of AgCl in pure water? 

Reaction (6.1) shows us that for each mole of silver ion dissolving, we have 
also one mole of chloride ion in solution. There are no other sources of these 
ions, so in Eq. (6.2) we can make the substitution 


[Ag*] = [CI>]_ in otherwise pure water, 

to get’ 4 

[Agt][Cl7] = [Agt]? = 2.8 x 10779, 
[Agt] = 1.7 x 1075 M. 


This is the concentration of silver ion present when equilibrium between the 
solution and the excess undissolved solid is reached. From the stoichiometry 
of reaction (6.1) we see that it is also the maximum number of moles of silver 
chloride that dissolve in one liter of water, so the solubility of the salt in pure 
water is 1.7 X 1075 M. 
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The calculation of the solubility in pure water of a salt like CaF, is nearly as 
straightforward. The reaction accompanying dissolution and the corresponding 
solubility product are i 

CaF2(s) = Ca**(aq) + 2F- (aq), 
(Cat [F^]? — K,, = 17 X 10715: 


In pure water, the only source of calcium or fluoride ions is the salt itself, and 
the stoichiometry tells us that twice as many fluoride ions dissolve as caleium 
ions. Consequently, we can say that i 


[F7] = 2[Ca ++] in otherwise pure water, 
and so 
[Ca^^)F-]? = [Cat+](2[Cat+])? = 1.7 x 1075, 
4[Ca t+] 2 07 x 107 10) 
[Ca**] = 3.5 x 107* M. 


Since one mole of calcium dissolves for each mole of salt, the solubility of 
calcium fluoride in pure water is 3.5 X 107* M. 

In response to this and similar examples, it is often asked why one of the 
concentrations is doubled and squared. The form of the equilibrium constant 
requires that the concentration of the fluoride ion be squared. The stoichiometry 
requires that the concentration of the calcium ion be doubled if it is substituted 
for the fluoride ion concentration. These two-requirements lead to the factor 
(2[Ca**])? in the solution of the problem. 

Question. When silver chromate, Ag2CrO4, dissolves in otherwise pure water, what is the 
relation between [Ag+] and [CrOZ]? The satubllity product of Ag2CrO4 is 1.9 x 10-12, 
Show that its solubility in pure water is 0.78 X 10—* M. 


To see the advantage of knowing the solubility product of a salt, let us cal- 
culate the solubility of silver chloride in a solution that contains 0.1 M AgNOs. 
So that we can get a qualitative idea of the answer to expect, let us imagine 
ourselves starting with a saturated solution of AgCl in pure water, and then 
adding enough solid AgNO; to reach the eventual concentration of 0.1 M. 
The addition of Agt in the form of AgNO% is a "stress" applied to the silver 
chloride solubility equilibrium, and according to Le Chatelier's principle, the 
position of this equilibrium must shift so as to relieve the stress. This means 
that as AgNO; is added, AgCl must tend to précipitate. Therefore we'can 
conclude that the solubility of AgCl (as measured by the chloride ion concen- 
tration) in a solution of 0.1 M Ag* is less than in pure water. 

To verify this quantitatively we must calculate the concentration of dissolved 
chloride ion in the solution containing 0.1 M AgNO3, and saturated with respect 
to silver chloride. We could calculate the chloride ion concentration from the 
solubility-product expression 
Ksp 


(r= nes 
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if we knew the silver ion concentration at equilibrium. For the latter we can 
surely write m 
[Ag*] = [Agt] (from AgNO3) + [Ag*] (from AgCI). 


The second term on the right-hand side is bound to be less than 1.7 x 107? M, 
the concentration of silver ion in a saturated solution of AgCl in pure water, 
according to our argument based on Le Chatelier’s principle. The first term on 
the right-hand side is 0.1 M, which is much larger than the second term. There- 
fore, to a very good approximation we can write 


[Agt] = 0.1 M 
and consequently 
Key  2:8X 1074. 
[Ag*] S 0.1 
[C17] = 2.8:x 107°. 


([cr]- 


This quantity must be equal to the number of moles of AgCl dissolved in one 
liter of solution, and thus is the solubility of AgCl in 0.1 M Agt: We see that 
in accordance with Le Chatelier’s principle, the solubility is reduced compared 
with that in pure water. Furthermore, since so little silver chloride is dissolved, 
the silver ion concentration contributed by: the silver chloride is very much 
less than 0.1 M, and we were justified in neglecting this source of silver ion in 
comparison with the dissolved AgNO3. 

As a further illustration of the use of the solubility product and of the mean- 
ing of the word solubility, let us calculate the solubility of CaF 2 in: (1) a solution 
of 0.1 M Ca(NO3)s; (2) a solution of 0.1 M NaF. 

In considering the dissolution of Cal’, in a solution of Ca(NOs)s, we cannot 
say that the solubility of Cal's is equal to the equilibrium concentration of 
Cat+, for most of the Ca** in the solution is contributed not by Cal’, but by 
Ca(NO3)2. However, we can recognize that CaF is the only source of fluoride 
ion in the solution, and that for each mole of CaF’ that dissolves, 2 moles of F^ 
enter the solution. "Therefore the solubility of the salt is 


solubility = FT. 


Our. problem then is to. find the fluoride ion concentration that. exists at 
equilibrium. 
The equilibrium-constant expression shows: us that [F7] may be found if 
[Ca **] is known: 3 
K 1/2 
(Catt = Ke, R= (et) 


For the concentration of calcium ion we have 


[Ca++] = [Ca++] (from Ca(NOs)2) + [Cat*] (from CaF 2). 
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Earlier in this section we found that the calcium ion concentration resulting 
from Cal’, dissolving in pure water is 3.5 x 10 * M. By Le Chatelier’s principle 


we know that even less CaF will dissolve in 0.1 M Ca(NO3)s, and so the: 


calcium ion contributed by CaF» in this solution will be even less than 3.5 X 
10-* M. Therefore, we can neglect the concentration of calcium contributed 
by CaF, compared with 0.1 M, and write 


[Ca **] 0.1 M, 


which is a good approximation. Substitution into the solubility-product ex- 


pression 
eel Rai Nae 
= (os 
gives 
=10\ 1/2 
wa (EE) = 4.1 X 10 M, 
and 


solubility = 3(F-] = 2 x 1075 M. 


As we expected from Le Chatelier’s principle, the solubility of CaF is lowered 
by the presence of an excess of one of its ions. In addition, the fact that calcium 
ion coming from CaF is only 2 x 107° M justifies our neglect of this quantity 
compared with the contribution from Ca(NO53)2. j 

Now we consider the solubility of CaF% in 0.1 M NaF. In this situation we 
can take the solubility of calcium fluoride to be equal to the concentration of 
calcium ion at equilibrium: i 


solubility = [Ca++]. 


As in our previous examples, we can estimate the concentration of the ion in 
excess, and calculate the concentration of the other ion with the solubility 


product. For the fluoride ion concentration we have 


[F^] = [F7] (from NaF) + [F7] (from CaF»). 


The first term on the right-hand side is 0:1 M, and the second must be less than: 


7 X 10-*M, the concentration of I~ in a pure saturated solution of CaF». 
Consequently, we can say 

[F^] = 0.1 M, 
and by the equilibrium-constant expression, 


0 
[Cat*] 2 ems ey o A c E17 x 107 M. 


Therefore, the solubility of CaFz in 0.1 MNaF is 1.7% 1075 M. Once again 
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we can conclude that our decision to neglect the [F7] contributed by CaF, in 
comparison with 0.1 M was justified, for the actual fluoride ion concentration 
contributed by CaF (= 2 X L7 X 1078 M) is much smaller than 0.1 M. 


Questions. The solubility of Ag2CrO4 in pure water is 0.78 X 10-4 M. Will its solubility 
in 0.05 M AgNO3 be greater or less than 0.78 X 10-4 M? Why? Will [Ag*] in the resulting 
solution be greater, less, or approximately equal to 0.05 M? Show that the solubility of 
AgoCrO4 in 0.05 M AgNO3 is 7.6 X 10-10 M. 


These examples have shown how the solubility product can be used to cal- 
culate the solubility of a salt in any solution of one of its ions. They also 
show that in effecting these caleulations it is a great help if one is guided by 
Le Chatelier's prineiple and by comparisons to other simpler situations. These 
comparisons ean lead to very satisfactory approximations that considerably 
simplify the calculations. Finally, it is most important to use the answer 
obtained to check the validity of any approximations that are made in the 
ealeulation. 


Selective Precipitation 
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In both qualitative and quantitative chemical analysis, it is often nécessary to 
take advantage of differing solubilities to remove only one of several salts from 
solution. Calculations using solubility products can tell us when a separation 
of this type is possible. As a practical example, consider the following. 

A solution contains 0.1 M Cl~ and 0.01 M CrOF. By adding a solution of 
AgNOs, we wish to precipitate the chloride ion as AgCl, and leave the chromate 
ion in solution. As we can see from the solubility products 


[Ag^][CI-] = 2.8 x 10715, 
[Ag*"[Cr07] = 1.9 x 10777, 


both AgCl and AgsCrO, are slightly soluble salts. What will happen when 
Agt is added slowly to the original solution? 

To answer we need only recognize the significance of the solubility product: 
it is a number which the product of the ion concentrations can never exceed at 
equilibrium. That is, if the product [AgĦ][C17] is greater than 2.8 x 107, 
the system is not at equilibrium and precipitation of AgCl must occur. On 
the other hand, the concentration product [Ag*][Cl-] can be less than Ksp, 
but only if there is no excess solid present. Therefore, upon adding Agt toa 
solution of CI, no precipitation of AgCl will occur until the Ag* concentration 
becomes high enough so that {Agt][Cl-] = Ksp. In the case we are considering, 
no precipitation of AgCl will occur until the concentration of Ag* is 


tec Kegan X 10705 zi 
[Ag] = I jc mor7 T 2.8 x 10? M. 
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By a similar argument, no precipitation of AgeCrO, will occur until 
Kept 4075 

SEER SDE TRE eee S 

[CrOz] 0.01 

[Agt] = 14x 1075 M, 


[Ag*? = 


if the concentration of CrOZ is 0.01 M. 

Now we can see what will happen when we add silver ion to a mixture of 
0.1 M CI- and 0.01 M CrOz. No solid will form until the concentration of 
silver ion reaches 2.8 x 10~° M, at which point the first precipitation of AgCl 
will occur. Further addition of Agt will cause more precipitation of AgCI, 
but no precipitation of AgsCrO, will occur until the silver ion concentration 
rises to 1.4 x 1075 M.* 

It is interesting to see how complete the precipitation of the chloride ion.is 
at the time when Agz;CrO, first begins to precipitate. Since [Agt] = 1.4 X 
1075 M at this point, the chloride ion concentration must be 


—10 
OGE EE B NONE i 


From this answer we can conclude that the precipitation of chloride ion is 
essentially complete by the time AgoCrO, begins to precipitate, for of the 
original chloride material, less than one part in one thousand is left in solution. 

The foregoing calculation demonstrates the basis for using CrOF as an end- 
point indicator in the titration of chloride ion by silver ion. The chromate ion 
in aqueous solution is bright yellow, but a precipitate of silver chromate is 
dark red. As we have seen, the precipitate of Ag;CrO, appears only after the 
chloride ion has been essentially completely precipitated by the addition of 
Ag+; thus the formation of AgCrOy indicates the endpoint of the precipitation 
titration of the chloride ion. 

As another example of the use of selective precipitation in cheniical analysis, 
consider the separation of Zn** and Fe** by controlled precipitation of one of 
their sulfides. The relevant solubility products are  — 


[Zn**][S=] = 4.5 x 10774, 
[Fe**][S7] = 1 x 1077”. 


We can see that ZnS is less soluble than FeS. Therefore it may be possible to 
start with a solution containing both Zn*++ and Fe** at 0.1-M concentration, 
and quantitatively precipitate only ZnS, leaving all the Fe** in solution. 


* We are assuming that essentially no volume change occurs upon adding solution 
of Ag+, so that the concentration of CrOZ is constant. This is realizable if the Ag* 
solution is sufficiently concentrated. 
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From the solubility product of FeS we can calculate that in order to avoid 
precipitating FeS, the sulfide ion concentration must be less than 1 


"E Kos n Wee CO 
B= ett o0 


= 10715 M. 


To be safe, a maximum sulfide ion concentration of 10^!? M might be em- 
ployed. Does this result in essentially complete precipitation of ZnS? At a 
sulfide concentration of 10-7!? M, the concentration of Zn** remaining in 
solution is 

| Koo A.D x10 ^. 

[S-] ^ 1x 10-19 

—45x10:5 M. 


[ant +] = 


We see that the concentration of zinc ion left in solution is only a small 
fraction of the original concentration, and thus it is possible to carry out a 
quantitative separation in this manner. The problem of how to maintain the 
sulfide ion concentration at the proper value for the separation can also be 
solved by arguments involving equilibrium constants, and we shall treat these 
later in the chapter. 


Questions. Silver ion is added to a solution that contains Cl- and I~ both at 0.01 M 
concentrations. Which salt precipitates first, AgCI or Agl? What is the value of [Ag*] when 
the first salt starts to precipitate? What is the concentration of the anion of the first pre- 
cipitate when the second salt just starts to precipitate? 


6.2 ACIDS AND BASES 


There is perhaps no other class of equilibria as important as that involving 
acids and bases. As we continue the study of chemistry, we shall find that the 
classification “acid-base reaction” includes à vast number of chemical changes, 
so that the principles and practical points that we treat inthe following sections 
are of very general use. Before attacking the mathematical problems of acid- 
base equilibria, we must devote some time to a discussion of nomenclature and 
classification of acids and bases. 


Arrhenius Theory of Acids and Bases 
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The classification of substances as acids was at first suggested by their sour 
taste (Latin acidus, sour; acetum, vinegar) and alkalis (Arabic al kali, ashes of a 
plant) were taken as those substances that could reverse or neutralize the action 
of acids. It was thought also that an acid must have, as a necessary constituent, 
the element oxygen (Greek orus, sour; gennae, I produce), but in 1810 Davy 
demonstrated that hydrochloric acid contained only hydrogen and chlorine. 
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Shortly thereafter the view was taken that all acids had hydrogen as an essential 
constituent. 

An explanation of why acids had differing strengths was one of the important 
results of the Arrhenius ionie dissociation theory, developed between 1880 and 
1890. The chemical activity and electrical conductivity of solutions of acids 
were taken to be consequences of their reversible dissociation into ions, one of 
which was H+: 

HOl — Ht + Cl-, 
CHCOOH = CH3C007 LH. 


The fact that different acids had different strengths was cci na as a result 
of a variation in the degree of dissociation. 

A similar scheme applied to the behavior of bases, which were all inaug to 
produce the hydroxyl ion in solution: 


NaOH(s) = Na*(aq) + OH- (aq), 
Mg(OH)s(s) = Mg**(aq) + 20H- (ag). 
. Thus the proton was responsible for acidic properties, and the hydroxyl ion 


was responsible for basic properties. 
While this point of view was a considerable advance in chemical theory, it 


led to certain difficulties. The first of these concerned the nature-of the proton : 


in aqueous solution, and the second had to do with the fact that substances 
which did not contain hydroxyl ion were capable of acting as bases. Let us 
examine these difficulties in turn. 

It is generally accepted that one of the reasons water is so excelleit a solvent 
for ionic compounds is that ions in aqueous solution are stabilized by their 
strong attraction to the water molecule. This attraction is particularly strong 
because of the asymmetry of the charge distribution in the water molecule. 
Each ion in aqueous solution is hydrated, or strongly attached to a number of 
water molecules, generally estimated to be between 4 and 6. The proton is 
unique among ions in that it has no electrons. Consequently the radius of H* 
is just the nuclear radius, 10—!? em, which is considerably smaller than 1078 cm, 
the approximate radius of other ions. "Therefore the proton should be able to 
approach and incorporate itself in the electronic system of a solvent molecule 
to a degree exceeding any other ion. In other words, if ordinary ions are hy- 
drated, the proton should be even more intimately bound to the solvent, and 
it is not legitimate to think of acid dissociation as producing "free" protons. 

There is considerable experimental evidence that the hydrated proton H30*, 
or the hydronium ion, is particularly stable. The hydronium ion is known to 
exist in electrical discharges through water vapor, and H30 * has been definitely 
identified as a distinet species in several crystals. In particular, the crystal of 
hydrated perchloric acid, sometimes denoted as HClO, - H30, really consists 
of H30* and CIO; Such data suggests that we might take the “true” form of 
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Ht in aqueous solution to be H30*. But even this may be an oversimplification. 
The H30* species is very probably further hydrated, and there is considerable 
evidence that indieates three additional water molecules are rather firmly 
attached to it to form HgO2. While we are not sure of the exact state of H* 
in aqueous solution, we feel sure it is not a free proton. To emphasize the 
hydration of the proton, we shall represent it in this chapter by H30*(aq), 
which indicates H3O0* with an undetermined number of water molecules at- 
tached to it. This notation has a disadvantage, however, because it tends to 
clutter chemical equations with “extra” molecules of water. Therefore in sub- 
sequent chapters we shall find it helpful to abandon the H30* notation and 
use simply H.* (aq) to represent the aqueous proton. 

The impact this argument has on the acid-base problem is the following. 
If the proton exists as hydrated H3, it is not entirely accurate to think of a 
dissociation as represented by 


HCl = Ht+Cl-. 


A more realistic view is to think of acid “dissociation” as a transfer of a proton 
from the acid to the solvent: \ 


HCl + H20 = H,0* (aq) + Cl (aq). 


This in turn suggests that an acid is not necessarily a substance that dissociates 
to a proton, but rather is a molecule that is capable of transferring or donating 
a proton to another molecule. This is a fruitful concept, as we shall sée. 

The second difficulty with the Arrhenius picture of acids and bases is that it 
suggests all basic properties are due to the hydroxide ion. However, there are 
substances that do not contain the hydroxide ion but can still neutralize acids. 
For example, in pure liquid ammonia the reaction. 


HCl(g) + NH(l) = NH} + Cl- 


proceeds readily, and thus we can look upon ammonia as a base, since it reacts 
with a known acid, HCl. When sodium carbonate, NazCOs, is dissolved in 
water a solution that will neutralize acids results. Sodium carbonate cannot by 
itself dissociate directly to product a hydroxide ion, but its reactions suggest 
that nevertheless it must be a base. It appears then that a broader view of 
acids and bases than is afforded by the Arrhenius theory is necessary. 
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The considerations we have just outlined led in 1923 to a more powerful and 
general concept of acids and bases, called the Lowry-Brgnsted definition: An 
acid is a species having a tendency to lose or to donate a proton, and a base is 
a species having the tendency to accept or add a proton. Accordingly the 
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ionization of HCl is pictured as HCl donating a proton (acting as an acid) to 
water (acting as a base). 


HCl(aq) + H20 = H30* (aq) + Cl (ag) 
acid base 


This reaction is reversible, for C17 may accept a proton from H30* and become 
HCl(aq).. Therefore, the chloride ion must also be a base, and H30* must also 
- bean acid. Since HCl and CI- differ only by a proton, they are called a conjugate 
acid-base pair. Likewise, H30* and H320 are a conjugate acid-base pair. To 
demonstrate this idea we can rewrite our reaction as 


HCL + H,O = H;0t+ Cl, 
acid 1 + base 2 = acid 2 + base 1, 


where the numbers indicate the conjugate pairs. The behavior of carbonate ion 
as a base can be represented by 


COZ + H,0 = HCO; + OH-, 
base 1 -++ acid 2 = acid 1 + base 2. 


The Lowry-Brgnsted definition extends the terms acid and base to include 
substances besides H+ and OH- with the resulting advantage that a large 

"number of reactions can be discussed in the same language and treated mathe- 
matically by the same methods. 


Strength of Acids and Bases 


-. The Lowry-Brgnsted definition suggests that a strong acid has a large tendency 
to transfer a proton to another molecule, and that a strong base is one with a 
large affinity for protons. We might then measure acid strength quantitatively s 
by the degree to which reactants are converted to products in a reaction such as 


HS0; + H:0 = H30* 4- S07, 
acid 1 + base 2 — acid 2 + base 1. 


However, a little reflection shows that the extent to which this reaction proceeds 
to products is governed not only by the tendency of acid 1 to lose a proton, 
but by the tendency of base 2 to accept that proton. If the degree of proton . 
transfer depends on the properties of both acid 1 and base 2, it is clear that the 
only valid way we can compare the strengths of individual acids is by measuring 
their tendencies to transfer a proton to the same base. By testing the ability 
of various acids to transfer a proton to water, we can rank them in order of their 
acid strength. The quantitative measure of acid strength is the acid dissociation 
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Table 6.2 Dissociation constants of acids 


Acid Reaction K (25°C) 
Acetic acid CH3COOH + H20 = H30* + CH3C007 1.8 x 10-5 
Formic acid HCOOH + H20 = H30+ + HCOO— 1.8 x 10-4 
Hydrogen cyanide HCN + H20 = H30* + CN- 4.8 x 10-10 
Hydrogen sulfate ion HSOz + H20 = H30* + SOF 1.2 X 10-2 
Hydrofluoric acid HF + H20 = H30+ + F- 6.8 X 10-4 
Nitrous acid HNO2 + H20 = H30* + NOF 4.5 X 10-4 
Chloracetic acid CH3CICOOH + H20 = H30 t + CH9CICOO- 1.4 X 10-3 
Carbonic acid C05 + 2H20 = H30+ + HCOg 4.2 x 10-7 
Bicarbonate ion ` HCOz + H20 = H30* + COF 4.8 + 10-1! 
Hydrogen sulfide H25 + H20 = H30+ + HS- 1.1 x 10-7 
Hydrogen sulfide ion HS- + H20 = H30+ + S7 1x 10-14 
Phosphoric acid HaPO4 + H20 = H30* + H2PO7 7.5 x 10-3 
Dihydrogen phosphate ion H2PO7 + H20 = H30+ + HPOT 6.2 x 10-8 
Hydrogen phosphate ion HPOZ + H20 = H30* + P0z3 3 10-12 


constant: that is, the equilibrium constant for the reaction 


SS 
HA+ 830 L nio an EA Eo. 
Table 6.2 contains the dissociation constants of several common acids. 

Finally, we note that there is a relation between the strength of an acid and 
its conjugate base. For example, we say that because HCl has a large tendency 
to lose a proton, it is a strong acid. But it must also be true that its conjugate 
base, chloride ion, has only a very small tendency to acquire a proton, and is 
therefore a weak base. Further reflection shows that in general if an acid is a 
strong acid, its conjugate base is a weak base, and vice versa. 
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Another general definition of acids and bases was proposed in 1923 by G. N. 
Lewis. According to Lewis, an acid is any substance that can accept electrons, 
and a base is a substance that can donate electrons. Two examples of such 
acid-base reactions are 

BF; + F^ = BF}, 


acid base 
Agt + 2CN- = Ag(CN)z. 
acid base 


We see that the Lewis definition extends the acid-base concept to reactions in 
which protons are not involved. 
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It is clear that since Lowry-Brgnsted bases react by donating electrons to a 
proton, a Brgnsted base is also a Lewis base. However, a Bronsted acid must 
have a proton available for transfer to another molecule, whereas this is not 
required by the Lewis definition. In this chapter we are primarily concerned 
with aqueous solutions in which acid-base phenomena involve proton transfer, 
and so the Lowry-Brgnsted definitions are of most use to us. In other systems 
where protonic materials are not involved, the Lewis definition is more valuable, 
and we shall explore this concept in our subsequent discussions of descriptive 
chemistry. 


6.3 NUMERICAL PROBLEMS 


We have noted that the equilibrium constant for acid dissociation can be used 
as a quantitative indication of acid strength. In this section we shall be con- 
cerned with the details of the calculation of hydrogen ion concentration using 
acid and base ionization constants. First we must examine two conventions: 
one having to do with how ionization-constant expressions are written, the 
other with how small concentrations are expressed. 

We have emphasized that the acid properties of, for example, HSO; are due 
to the proton transfer reaction 


HSO; + H;0 = H30* + SOF. 
Strictly, the equilibrium constant for this reaction should be written 


; _ [H3O*]801] | 
[E804 Ha0] 


However, virtually all the solutions that concern us are dilute and therefore 
the concentration of water (~55.5 M) is always larger than the concentration 
of the solute. Hence the concentration of water in such solutions can be con- 
sidered to be constant, and the usual convention of including constant con- 
centrations in the equilibrium constant itself is followed. Accordingly, acid 


ionization constants are commonly written as 
+ = 
K'[H30] =K= [H30 1801] ; 
[H801] 


and for the reaction 


NH; + H0 = NHZ + OH, 
INHZ]OH ] | 


K = NB 
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The pH Scale 


Because the solutions with which we deal most commonly are dilute, the con- 
centration of hydrogen ion in them is often quite small. As a result, hydrogen 
ion concentrations in moles per liter are often expressed as negative powers 
of 10. For example, the hydrogen ion concentration in a saturated solution of 
CO; is 1.3 X 1074 M, and in a 0.5 M solution of acetic acid it is 3 x 107? M. 
To achieve compactness of notation and brevity of expression it is convenient 
to give these concentrations in terms of their negative logarithms. Thus we 
define pH as 
pH = — log [H,0*}]. 
For example, in a saturated solution of CO5, [H30*] = 1.3 x 1074 M, and the 
pH is given by 
pH = — log [H30*] = — log [1.3 x 107*] 
= — (log 1.3 + log 1074) 
— (0.11 — 4) 
3.89. 


ll 


Conversely, a solution that has a pH of 4.5 must have [H30*] = 3.2 x 1075, 
as we can see by : 
4.5 = — log [H30 *], 
—4.5 = (0.5 — 5) = log [H30*], 
1095 x 10-5 = [H30*], 
3.2 X 107 = [HO S]: 
The use of negative logarithms for the expression of concentration is not 
restricted only to hydrogen ion. For example, pOH is the negative logarithm 
of the hydroxide ion concentration, and pAg is similarly related to the concen- 


tration of silver ion. It is also common to express equilibrium constants as 
their negative logarithms, and denote such quantities by pK. 


Self-ionization of Water 


We have seen that water can act as either an acid or a base, so it is not surprising 
that the reaction 


H30 + H0 = H30* + OH- (6.3) 
acidl base2 acid2  basel 


proceeds to a small but easily measurable extent in pure water. Following the 
convention of not, writing constant concentrations explicitly, we obtain 


* : (H;O*]OH-] = Ky (6.4) 


IONIC EQUILIBRIA IN AQUEOUS SOLUTIONS | 6.3 


um 


for the equilibrium-constant expression. The quantity K» is called the ion 


- product constant for water, and has the value 10714 at 25°C, when concentra- 


tions are expressed in moles per liter. 
A solution that is neither acidic nor basic has, by definition, equal concen- 
trations of H30* and OH-. Thus if 


[H30*] = [OH ] and [H3O*][OH-] = 1074, 
we obtain 
[H30*] = [OH] = 10-7 M. 


for the concentrations of H30* and OH- in a “neutral” solution at 25°C. 
Alternatively, we can say that for a neutral solution, 


pH — pOH — 7. 
From the ion product constant expression we can also write, in general, 
pH 4- pOH — pK, — 14 


at 25°C. Thus the pOH can be obtained by subtracting the pH from 14. 

The self-ionization of water always contributes to the hydrogen ion and 
hydroxide ion concentration in a solution, but this is only rarely a complicating 
factor in calculating the hydrogen ion concentration in solutions of acids and 
bases. Consider, for example, the problem of calculating the H30 concentra- 
tion in a solution prepared by dissolving 0.1 mole of HCl in enough water to 
make one liter of solution. For simplicity, we will assume that HCI is totally 
dissociated to its ions. Is the concentration of H30 * equal to 0.1 M? Perhaps 
not, because the self-ionization of water will also contribute to the H30* 
concentration. 

It is not difficult to become convinced that the H30* contributed by the 
ionization of water is of no importance in this ease. In pure water, the con- 
centration of H30* is 1077 M, as we have noted previously. If H,0* in the 
form of HCl is added to pure water, the self-ionization of water is subjected to 
a “stress,” and the system must react in a manner that minimizes this stress, 
according to Le Chatelier’s principle. This means that as H30* is added, the 
self-ionization of water must diminish, and that the H30* contributed by the 
self-ionization of water must become less than 10-7 M. Therefore, in a 0.1 M 
solution of HCl, the concentration of H3O* is 0.1 M, because the “extra” 
amount contributed by the self-ionization of water is bound to be less than 
1077 M. 

Now that we have established that the concentration of H30* in a 0.1 M 
HCI] solution is 0.1 M, we can calculate the equilibrium concentration of OH- 
in the same solution. At equilibrium, the H30* and OH~ concentrations always 
obey Eq. (6.4): 

[H40^][OH-] = Ky = 10-4. (6.4) 
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Since [H,0*] = 0.1 M, 


EEr (gl SiN = 
[OH I= Ron eu. 18 M. 


We see that in an acidic solution the concentration H30* is greater, and the 
concentration of OH" less, than in pure water. 

The calculation of the OH- concentration can be used to further justify our 
assumption that the contribution of the self-ionization of water to the H30* 
concentration is negligible. The only source of OH™ in this solution is the self- 
ionization of water, and by the stoichiometry of reaction (6.3), one H30* is 
contributed for each OH-. Therefore, the [H30*] contributed by the self- 
ionization of water is equal to [OH], which we have seen to be 1071? M. 
"There is no question then that the contribution of the self-ionization of water 
to the H30* concentration is completely negligible. 

While we have used a solution of a strong acid as our example, it is elear that 
similar arguments can be applied to a solution of a strong base. In a 0.01 M 
solution of NaOH, the contribution of the self-ionization of water to the con- 
centration of OHT is negligible, because it must be less than 1077 M. Thus in 
this solution 


[OH] = 0.01 M, 
Kw 
[H307] = OHJ 
—14 
=f = 0 


These arguments concerning the importance of either the H30* or OHT 
contributed by water relative to the H30* or OH- contributed by a dissolved 
acid or base are very important, for they are used repeatedly to simplify cal- 
eulations dealing with weak acids and bases. Briefly, we can say that if a dis- 
solved acid itself contributes a concentration of H30* equal to or greater than 
107° M, the contribution of water to the total H30* concentration is negligible. 
A similar statement can be made about bases and the OH- concentration. 


Weak Acids and Bases 


Now let us attack the problem of calculating the concentration of H30* in a 
pure aqueous solution of a weak acid. Acetic acid is a common laboratory 
reagent, and is often taken as a “typical” weak acid. The equilibrium we deal 
with then is 


CHCOOH + H,0 = H30* + CH;COO-. 


Let us abbreviate the formulas for acetic acid and the acetate ion to HOAc 
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and OAc™, respectively. Then the equilibrium constant for the ionization is 


 [H&OUOAe] X i ; 
“Hoag ~ K = 185 x10 a | 68) 


The magnitude of this equilibrium constant lies roughly in the middle of the 
range of values that apply to weak acids, and this is the reason acetic acid is 
considered a typical weak acid. 

Suppose we have a solution made up by adding Co moles of pure acetic acid 
to enough water to make one liter of solution. Some of this acid will dissociate 
to H,0* and OAc^, leaving behind an unknown concentration of undissociated 
acid. Our problem is to calculate the equilibrium concentrations of H30*, 
OAc^7, and HOAc by using the ionization-constant expression, Eq. (6.5). To 
do this we must take an equation in three unknowns, and convert it to an 
equation in one unknown. 

The method we shall use is an intuitive approximate procedure. First, 
recognize that there are two sources of H30*: the ionization of the acid, and 
the self-ionization of water. But our experience is that the latter source is often 
unimportant compared with the former, at least when we deal with solutions of 
strong acids. As a trial procedure then, let us assume that all the H30* in 
solution comes from the ionization of the acid. As an immediate consequence, 
the stoichiometry of the ionization reaction tells us that 


[H30*] = [0Ac7], (6.6) 


since the only source of either of these ions is a reaction which produces them 
in equal amounts. 

Equation (6.6) allows us to convert Eq. (6.5) into an equation in two un- 
knowns. To complete the solution, one more relation is necessary. To obtain 
it, we recognize that the ionization equilibrium constant is small, and that 
consequently very little H30** and OAc- can exist in equilibrium with undis- 
sociated HOAc. This suggests that to a good approximation, the equilibrium 
concentration of HOAc is the same as Co, the concentration that would be 
present if no HOAe dissociated. Therefore as our second assumption we have 


[HOAe] = Co. (6.7) 


Now let us calculate [H30*] for three different values of Co, and see whether 
our assumptions are justified in typical situations. First we choose Co = 1 M. 
Then Eqs. (6.5), (6.6), and (6.7) give us 


[HsO+0Ac™] — [HsO*T. 


Ke 


[HOAe] | ^ . Co 
[H,0*] & (CK)? = (1x 1.85-x 1075)? 
£ 43 X107? M. 


6.3 | NUMERICAL PROBLEMS 


, 


221 


. This answer is not exact, because we made two approximations in deriving it. 


However, we can use this approximate answer to cheek to see if our assumptions 
were justified. 2 Wi h 
Our first. assumption was that the H,0* contributed by the ionization of 


Water was negligible compared with that derived from the acid. The concen- 


tration of H3O* from the ionization of water cannot be greater than 1077 M, 
and this is much smaller than 4.2 x 107? M, so our first assumption and the 
approximation that [H30*] = [OAc™] are justified. 

Our second assumption was that very little of the HOAc dissociated, so that 
Co = [HOAc]. Strictly, however, the concentration of HOAc at equilibrium is 
given by 

[HOAc] = Co — [OAc™] = Co — [H40*]. 


But Co = 1 M, and [H,0*] ~ 4.3 x 107°. Therefore, our second assumption 
is justified and the approximation that Co œ [HOAc] is accurate to better than 
one percent, 

Now let us try out our approximations in the situation where Co = 0.01 M, 
a rather dilute solution of acetic acid. Once again, assuming that 


{H,0*] = [Oc], 
Co = [HOAc] = 0.01 M, 
we get 
[H30*]0Ac7] n [H30t? _ 
[HOAe] = — Co 
[H30*] = (CoK)!? = (107? x 1.85 x 10-5)? 
= 43x10 * M. 


K, 


Now we must check the validity of our assumptions. As we have argued 
before, the concentration of H30* contributed by the self-ionization of water 
is less than 10-7 M, and this is considerably smaller than 4.3 x 107* M. 
Therefore, our assumption that [H30**] = [OAc7] is justified. 

The validity of the second assumption depends on the concentration of 
H,0+ being much less than Co, for only-then can we say that Co = [HOAc]. 
But we see that [H30*] is as large as 4% of Co, and therefore there is some 
question as to whether we were justified in assuming that [HOAc] = 0.01 M. 
However, while we have made an error of about 4% in the concentration of 
HOAe, the resulting error in the concentration of H30* is less than this because 
the concentration of H30* depends only on the square root of the HOAc con- 
centration. Furthermore, in practical laboratory situations we are rarely 
interested in knowing the concentration of H30* to better than a few percent, 
so our second assumption is satisfactory in this case, if only marginally. 

Our experience now suggests that if we try to calculate [H 307] for a solution 
of acetic acid in which Cy = 0.001 M, at least one of our simplifying assump- 
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tions will break down. Let us see how serious the failure is, and what can be 
done about it. We assume that [H30] — [OAc] and [HOAc] = Co = 107? M, 


P. and find 


(H,0*] = ((9K)!/? = (1.85 x 1079 10-8)" 2a 
= 1.36 x 107* M. 


Now there is no question that the first assumption is justified, but our answer 
shows that [H30*] is not small compared with Co, so the assumption that 


[HOAc] = €, — [H30] = Co 


is not justified. The error in the HOAc concentration is greater than 10%, and ? 


the resulting error in the H30* concentration is several percent. 
There are two ways by which we can avoid this difficulty. One is to use the 
accurate relation 
(HOAc] = Co — [H30*], 
Co = 107° M 


in the equilibrium constant, along with [H30*] = [OAc7]. This gives us 


[H5O*]OAc] | [HOT — y 
[HOAc] ^. Co — [H30*] ; 


which is a quadratie equation in [H30*]. Let us rearrange it to 
[H30*? + K[H30*] — CoK = 0, 
and solve it by the quadratic formula 


oO tla conce Season ot (68) 


Inserting the values for K and Co gives 
[H40*] = 1.27 x 107* M. 


We see that this answer is nearly 7% less than our approximate answer. 

From Eq. (6.8) we can deduce the condition for the validity of our approxi- 
mate expression for [H30*]. If, in Eq. (6.8), K « Co, then K? < 4KCo, in 
which case we have 


x A/K? 
Roe Res E Bess a — Es VKO, 
and so if K « Co, we can further simplify to 
[H307] = VKo; 
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which is our approximate expression for [H30*]. We see then that in order for 
this approximation to be valid, the acid must be weak (K small) and fairly 
concentrated (C, large). 

The second way to handle problems in which the simplifying assumptions 
prove inaccurate is to proceed by successive approximations to the correct 
answer. In our present example, our guess that [HOAc] = Co proved in- 
accurate. Let us use the approxhnate value of H30* that we found at first to 
improve our guess of the HOAc concentration. We have 


[HOAe] = Co — [H30*] 


and [H30*] = 1.36 x 1074. A second, or refined, approximation to [HOA] 
would be 
[HOAe] = Co — 1.36 X 1074 = 8.64 x 107* M. 


Inserting this into the equilibrium constant gives 


42 


[H30*] =S 1.26 x 107* M. 


This second approximation to the Hz0* concentration is nearly the same as 
the “exact” value obtained from the solution of the quadratic equation. If we 
did not know the accurate answer to the problem, we could check the validity 
of this second approximation by using it to further refine our guess of [HOAc], 
and repeating the caleulation. If two successive answers differ negligibly, the 
final approximation is satisfactory. 

Question. Use this second approximation of [H30*] = 1.26 x 10-* to obtain a third 


approximation for [H3O *]. What do you conclude from a comparison of the results of 
the second and third approximations? 


It might seem that the successive approximation method is inferior to the 
exact solution via the quadratic equation. Actually, the successive approxima- 
tion procedure is the more useful approach, since it is algebraically and arith- 
metically simpler, and can be applied to situations in which the exact approach 
would require the solution of a cubic or quartic equation. 

To find the hydroxide ion concentration in a pure solution of a weak base, 
we make use of approximations very similar to those we have just discussed. 
The substance methyl amine is a weak base, capable of accepting a proton from 
water by the reaction 


CH3NH; + H20 = CH,NHj + OH". 
The corresponding equilibrium constant is 


[CH;NHg][OH ] _ 
[CH43NH;] 


K = 5.0 x 107*. 
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What is the equilibrium concentration of hydroxide ion in a solution prepared 
by adding 0.1 mole of CHa3NH; to enough water to make one liter of solution? 

To reduce the problem to one unknown, we make two assumptions. The 
first is that the concentration of OH~ contributed by the ionization of water is 
negligible compared with that contributed by the base. Therefore, by the 
stoichiometry of the ionization reaetion 


[CH3NH7] = [OH ]. 
The second assumption is that most of the CH3NH remains as such, since the 


equilibrium constant for its conversion to CH3NH$ is small. Therefore, to a 
good approximation 


[CH3NH;] = 0.1 — [CHNH£] = 0.1 M. 


Note carefully that these assumptions and approximations are exactly analogous 
to those made in the treatment of weak acid ionization. Using our two approxi- 
mations and the equilibrium constant, we obtain an equation for [OH]: 
. (CHsNH#IOH=] [OH . c 
K {GNE - os m SOX 10775 
[OH] = 7.1 x 107? M. 


To justify our assumptions we note that 7 X 107? A7 is much greater than 
10-7 M, which is the maximum OH™ concentration ever contributed by the 
self-ionization of water. The second assumption, that 


(CH ,NHg] = 0.1 M, 
requires that 
(OH-] = [CHaNH3] « 0.1 M, 


which is satisfied, but rather marginally. The validity of the second assumption 
depends on K being small and the concentration of the base being fairly large. 
A second approximation to [OH] can be obtained by saying 


[CH4NH;] = 0.1 — 7.1 x 107? = 9.29 x 107? M, 
and 
NO E 
9.29 x 10-2 
[ÒH] = 6.8 x 107° M. 


= 5.0 x 1074, 


This answer differs only slightly from our first result, and therefore is a sufficient 
approximation for most purposes. 

In this section we have discussed specific examples of acid-hase equilibria to 
illustrate the general method by which similar problems can be solved. We have 
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avoided and will continue to avoid supplying general mathematical formulas 
which give an answer in one step. The reason for this is that any simple for- 
mula we might give would necessarily be approximate and might fail to apply 
in a given situation. The only way to be sure that an expression is appropriate 
for a given problem is to derive it following the procedures we have illustrated, 
taking full account of the chemical and physical peculiarities of the problem. 


6.4 HYDROLYSIS 


Hydrolysis is an aspect of acid-base equilibrium that traditionally is treated as 
a separate, distinct phenomenon, but in fact it requires no concepts beyond 
those we have already discussed. We have remarked that a weak acid and its 
anion are a conjugate acid-base pair, and that if an acid is weak, its conjugate 
base tends to be strong. For example, acetic acid is a moderately weak acid, 
so acetate ion is a moderately strong base, and will acquire protons in aqueous 
solution by the reaction 


OAc” + H20 = HOAc + OH. (6.9) 


This reaction represents the hydrolysis of the acetate ion, but we can see 
that it is nothing more than the “ionization” of a weak base. Therefore it should 
be possible to calculate the hydroxide ion concentration in a pure solution of 
NaOAc in the same way that we calculated [OH] in a pure solution of CH3NH s. 

There is one additional matter which must be dealt with, The equilibrium 
constant for reaction (6.9) is 


[HOAc][OH ] 
[OAc-] 


= Ki, (6.10) 


where K» is called the hydrolysis constant. Hydrolysis constants are not 
often tabulated, because they can be evaluated easily from the ionization 
constants of the corresponding acid. To do this, we multiply Eq. (6.10) by 
[H30*]/[H307*] to get 


[HOAcIOH"IH3O*] _ 
[OAc-]HaO*] | — 


In the numerator we recognize that the product [OH ](H3O *] is equal to Ku, 
the ion product constant for water. This gives us 


[HOAc]K v 


[H50*0Ac-] E” 


and it is now easy to see that the remaining factors are equal to the reciprocal 
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of the ionization constant for acetic acid. That is, 


2 g5 [HOAc] Izd 
dcn [H3O^]OAc-] Ka’ 
80 
m= a (6.11) 
10:2^ 
= 185 X 10-5 
= 54 x 10719, 


Equation (6.11) is of general validity. It shows that the weaker the acid, 
the smaller K, and the more extensively hydrolyzed is the anion. In other 
words, it is a quantitative demonstration that the weaker the acid, the stronger 
is its conjugate base, and vice versa. 

Now we can proceed with calculation of the hydroxide i ion concentration in 
a solution prepared by dissolving one molé of sodium acetate in enough water 
to make one liter of solution. Our method, which by now should be familiar, 
is to neglect the [OH-] contributed by the self-ionization of water and thereby 
obtain 

[OH] = [HOAc] 


from the stoichiometry of the hydrolysis reaction. Furthermore, we recognize 
that acetate ion is a weak base, so that most of it will remain as the ion, which 


means 
[OAc™] = 1.0 M. 


Substituting these relations into the hydrolysis-constant expression results in 


—2 
mr = 54 X107", 


[OH7] = 2.3 x 107? M. 


This hydroxide ion concentration is sufficiently large for our first assumption 
to be valid, but sufficiently small for our second assumption to hold, as the 
reader should demonstrate for himself. 

The salts of weak bases are themselves weak acids. For instance, ammonia 
is a weak base, as we can see from 


NH; + H0 = NH? + 0H, 


INHZ]OH ] 


= K = 1.8 X107". 
NH] C ? 


As a result, its salts such as NH4CI will act as weak acids, or be hydrolyzed 
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according to the formula 
NHt + H.0 = H,0* + NHs. 
The corresponding hydrolysis constant is 
[HO NH _ xc, 
[NHi] 
Tt can be evaluated numerically by multiplying by [OH ]/[OH ] to give 


[OH (HO INHs] 


= Ky, 
[OH-]NH1] á 


in which we recognize factors equal to K, and 1/Ky. Thus 
ke a Es: (6.12) 


Equation (6.12) is the general form that relates the ionization constant of a 
weak base to the hydrolysis constant of its salt. If the base is weak, Kj, tends 
to be large, and the salt tends to be a moderately strong acid, and vice versa. 

Now we shall find the concentration of H3O* in equilibrium with a pure 
solution of NH,Cl whose chloride ion concentration is 0.1 M. We have 


: * 
(NH3][H307] _ Ken Kw _ 56x 10719, 
[NH] Ky 


Most of the-ammonium ion will remain unchanged, so that [NHZ] z 0.1 M. 
Also, most of the H3O0* comes from the hydrolysis reaction, so [NH3] = [H30 *]. 
As a result 
[H0]? .., —10 
“ol = 5:6 X 107, 
[H30*] = 7.5 x 107° M. 


The reader should verify that the approximations are justified. 


6.5 BUFFER SOLUTIONS 


So far we have treated only solutions containing a pure weak acid or a pure 
weak base. In this section, we shall find how to calculate the equilibrium con- 
centrations for solutions which contain a mixture of a weak acid and its salt, 
or a weak base and its salt. The arguments we use are only slight extensions of 
what we have learned in the two previous sections. 
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Let us calculate the concentration of H30* in a solution prepared by mixing 
0.70 mole of acetic acid, and 0.60 mole of sodium acetate with enough water 
to make one liter of solution. The ionization constant of acetic acid, 


[H30 *][0Ac] 


Gem Z 
[HOAc] 7 189 X107, 


can be arranged to give 


[HOAc] 
[OAc-] 


[H30*] = X 1.85 x 107°, (6.13) 
and it is clear that in order to calculate (H30*], we must obtain values for 
[OAc7] and [HOAc]. 

Of the original 0.70 mole of acetic acid added to the solution, some might be 
lost by dissociation into ions. However, we have argued earlier that acetic 
acid is a weak acid, and when it is dissolved in pure water, an overwhelming 
fraction of it remains undissociated. Will this be true when we dissolve it in a 
solution that already has a large amount of acetate ion in it? Le Chatelier’s 
principle assures us that the added acetate ion will repress the dissociation of 
the acid by the common ion effect. Therefore, if it is justified to neglect the loss 
of acetic acid by dissociation in its pure solution, it is even more justified to 
assume that it is very slightly dissociated in a solution containing excess ace- 
tate ion. 

Our argument suggests that we can assume [HOAc] = 0.70.M. However, 
there is one more point to be examined. Acetic acid can be produced by the 
hydrolysis of the excess acetate ion: 


OAc” + H50 = HOAc + OH, 


and this suggests that the concentration of HOAc might be greater than 0.70 M. 
However, we have investigated the hydrolysis of pure 1 M sodium acetate, and 
found that very little HOAe (~ 1075 M) is produced. In a solution that 
already contains acetie acid, the hydrolysis will be repressed, and its contri- 
bution to the HOAc concentration will be negligible. Therefore we can conclude 
that since the amount of acetic acid added to the solution is fairly large, the amounts 
lost by dissociation or gained by hydrolysis must be comparatively small, 
and we can set. the concentration of HOAc equal to 0.70 M to a very good 
approximation. 

To obtain a satisfactory approximation for the acetate ion concentration we 
first note that its concentration will be fairly large, since sodium acetate is 
totally dissociated into ions. The loss of acetate ion by hydrolysis is small even 
in a pure solution of sodium acetate, and is bound to be smaller in a solution 
where excess acetic acid represses the hydrolysis. The gain of acetate ion from 
the dissociation of acetic acid is also very small, by a similar argument. Con- 
sequently we can set the acetate ion concentration equal to 0.60 M. 
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With satisfactory, if approximate, values for [HOA c] and [OAc™] at hand, —.- 


we can write 


0.70 


44... [HOAc} —5 _ 0.70 —5 
[(H307] = TOAc-] x 1.85 X10 ^ = 0.60 X 1.85 x 10 
—22x 10^? M. 


Thus the concentration of H30* is lower than in a pure solution of acetic acid 
at a comparable concentration. This result is consistent with Le Chatelier's 
principle, which predicts that the addition of excess acetate ion toa solution of 
acetic acid will repress the dissociation of the acid, and lower the concentration 
of H30*. $ 

Re-examination of the arguments that led to the solution of this problem 
will show that the approximations we used require that both the acid and its 
anion be present in substantial concentrations. Therefore, it is safe to use the 
procedure we have outlined only if the ratio of the acid to salt concentration 
lies between 0.1 and 10, and the absolute concentration of the acid is numerically 
much greater than its dissociation constant. 

A solution that contains appreciable amounts of both a weak acid and its 
salt is called a buffer solution, and has remarkable and useful properties. Buffer 
solutions can be diluted without changing the concentration of H,0t. The 
general expression for [H30*], of which Eq. (6.13) is a special case, is 


41. [acid] 

[Hs0;"] = [anion] ^ 

The concentration of H30* depends only on Ka and the ratio of the concentra- 
tions of acid and anion. When the buffer solution is diluted, the concentration 
of the acid and anion change, but their ratio remains constant, and [H30 *] is 
unchanged. 

Buffer solutions also tend to keep the concentration of H3O'* constant even 
when small amounts of strong acid or strong base are added to them. To illus- 
trate this phenomenon let us calculate the change in the concentration of HOt 
that occurs when 1 ml of 1 M HCl is added to 1 liter of (a) pure water and 
(b) the solution of acetic acid and acetate ion we have just discussed. 

In ease (a) we add 


0.001 liter x 1 mole/liter — 0.001 mole 


of HOt to one liter of water. The resulting solution therefore has an H0” 


concentration of 107 M. The addition produces a 10*-fold change in the 
concentration of H30*, compared to that in pure water. 

When, in case (b), we add 0.001 mole of H30* to the solution containing 
acetate ion and acetic acid, the following chemical reaction occurs: 


OAc + H30* — HOAc + H50. 
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We are certain of this because the equilibrium constant for this reaction is 


[HOA c] 1 1 


-= d dian 
MOHOA] - K, ^ L89x10-s 4X10. 


Since this equilibrium constant is large, virtually all of the added acid reacts 
with the acetate ion to produce acetic acid. "Therefore the new acetie acid 


concentration is 
[HOAc] = 0.70 + 0.001 = 0.701 M. 


Since 0.001 mole of OAc- reacted with the added H30*, the new acetate ion 


concentration is 
[OAc^] = 0.60 — 0.001 = 0.599 M. 


As a result, the new concentration of H30* is given by 


41. [HOAc] ,, . 0.701 is 
[H30*] = OAc] Ka = 959g X 1.85 x 10 
= 22x 107°. 


Within the allowable significant figures, the concentration of H3O* is un- 
changed by this addition. A similar result is obtained when the effect of adding 
0.001 mole of a strong base is caleulated. Mixtures of weak acids and their 
salts resist attempts to change the concentration of H30* by addition of strong 
acids or strong bases. By storing excess protons as the weak acid, and excess 
base as the anion, they are able to modify the effect of any added acid or base. 
This is the origin of the name buffer solution. 

Buffer solutions can also be prepared by mixing appreciable amounts of a 
weak base and one of its salts. Ammonia is a weak base and in aqueous solu- 
tion produces OH- by the reaction 


NH; + H;0 = NH? + OH-. 
The equilibrium-constant expression for this reaction can be written as 


LINH y 
Hi] by 


and we see that the concentration of OH~ depends only on the ratio of the 
concentration of ammonia to that of ammonium ion. Consequently [OH] 


[on] 


(and [H3O *]) will be unchanged by any dilution of the solution. Furthermore, . 


excess base is stored in the solution as NH and excess acid as NH}. There- 
fore, any strong acids or bases added to the solution will be neutralized and the 
OH- and H30* concentrations will be essentially unchanged. 

Question. In order for a buffer solution to work satisfactorily, the amount of weak acid 


and anion or weak base and cation present in solution must be considerably larger than 
the acid or base additions that must be offset. Explain why this is true. 
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As a practical illustration of the use of buffer solutions we can reconsider the 
separation of 0.1 M Zn** and 0.1 M Fet+, which we'treated in Section 6.1. 
We concluded there that in order to precipitate ZnS but not FeS$, a sulfide ion 
concentration of 10719 M was necessary. This concentration can be maintained 
by using a saturated solution of H;8, and an appropriate buffer. 

In aqueous solution, H$ dissociates very slightly into sulfide ions by the 
reaction 

H.S(aq) + 2H20 = 2H30* + 87. 


The equilibrium constant for this reaction is 


[H,0*P 187] _ 


115610225. 
H5] % 


In a saturated solution of hydrogen sulfide, [H28] = 0.1 M, so we can see that 
in such a solution, the concentration of sulfide ion can be controlled by setting 
the concentration of H30*. What concentration of H30* do we need if [S7] is 
to be 1071? M? The equilibrium-constant expression tells us that 

[H58] 


[H;0*]* = BT 11x 10-7". 


Therefore, if [HS] = 0.1 M, and [S7] is to be 1071? M, 


(H,0*P = D x 11x 107?! = L1x 1077, 


[H50*] = 3.3 x 107? M. 


If we maintain the concentration of H3O* at about 0.03 M, the separation 
can be accomplished. 
To choose an appropriate buffer solution, we examine the expression 


[acid] 
[salt] Ka. 


{H,0*] = 


We sce that in order to keep the concentration of the acid and its salt com- 
parable, as we should in order to have a good buffer solution, we must have 
[H30*] = Ks, 


The bisulfate ion, HSO7, is a weak acid with an appropriate jonization constant 


+ =: 
oseo k^ 15 o, 


[HSOz] 
ol [HS01] | 1 0 x 107. 
Ease rige die Y 
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We see then that in order to maintain the concentration of H30* at about 
0.03 M, we need only*dissolve amounts of NaHSO, and Na2SO, in the ratio 
of 2.5:1. This buffer will fix the Hz0* concentration at the proper value, even 
though as the ZnS precipitates, H30* is generated: 


HS Zn** + 2H50 = ZnS + 2H30*: 


Question. The solubility products of Fe(OH)s and Zn(OH)2 are 4 X 10-38 and 4.5 x 
10-17, respectively. At what pH would the precipitation of Fe(OH)3 be essentially complete 
while 0.5 M Zn++ remained in solution? From Table 6.2 choose an appropriate acid and 
give the concentrations you would use to make a buffer solution at this pH. 


Dye molecules whose color depends on the concentration of H30 * provide the 

simplest way of estimating the pH of a solution. These indicators are themselves 

weak acids or weak bases whose conjugate acid-base forms are of different color. 
For example, the indicator phenol red ionizes according to the equation 


OH 0- 


+ H0 a H,0+ + 
SOx [9] SOx [o 


Red Yellow. 


which we will abbreviate to 


Hin + H;0 = H30* + In^, 
_ [H30*]In] 
Kr — HIR] 
If only a very tiny amount of this indicator is added to a solution, the dis- 
sociation of the indicator will not affect the concentration of HOY at all. 
Quite the reverse happens. The concentration of H30* in the solution deter- 
mines the ratio of In^ to HIn by the equation 


` UE 
[HIn] - [H30*] 
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Table 6.3 pH-ranges of some acid-base indicators 


x : Color change: 

Indicator pH-interval SCIES 
Thymol blue 1.2-2.8 red-yellow 
Methyl orange 2.1-4.4 orange-yellow 
Methyl red 4.2-6.3 red-yellow 
Bromthymol blue 6.0-7.6 yellow-blue 
Cresol red 7.2-8.8 yellow-red 
Phenolphthalein 8.3-10.0 colorless-red 
Alizarin yellow 10.1-12.0 yellow-red 


The color of the solution will depend on the concentration of H30*, for if 
[H30*] is large, [HIn] > [In], and the solution will be red, but if [H30 *] is 
small, [In] >> [HIn], and the solution wiil be yellow. 

There is a natural limitation on the range of pH-values in which a given 
indicator is useful. The eye can detect changes in color only when the ratio of 
the concentrations of the two colored forms falls in the range 0.1 to 10. In the 

. ease of phenol red we would have 


Is S E solution distinctly red, 
En =1, solution orange, 


Is — 10, solution distinctly yellow. 

By referring to the equilibrium-constant expression we see that these three 
ratios correspond to [H30*] equal to 10K;, Kr, and 0.1Ky respectively. There- 
fore the indicator is sensitive to change of pH only in a 100-fold range of H30* 
concentration which is centered on the value [H30*] = Kr. In order to measure 
pH in the range of 7 + 1, we must use an indicator whose acid ionization 
constant is about 1077, and likewise for other pH ranges. Table 6.3 gives a list 
of common indicators and the ranges in which they are effective. 


6.6 EXACT TREATMENT OF IONIZATION EQUILIBRIA 


There are really only two different types of problem that arise in simple situa- 
tions of acid-base equilibria. In one case we are concerned with “pure” solutions 
of a single weak acid or weak base; or, what is the same thing, a solution of a 
salt of a weak acid, or a salt of a weak base. The second case is that of buffer 
solutions, which contain appreciable amounts of both a weak acid and its salt 
or of a weak base and its salt. We have demonstrated intuitive, approximate 
treatments of these two problems, and have emphasized that there are situa- 
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tions in which our approximations fail. In order to make the conditions for the 
validity of the approximations more clear, and to provide a means of handling 
problems for which the approximations fail, we now present an exact method 
of treating acid-base equilibria. 

Consider the ionization of any weak acid HA: 


HA + H20 = H30* + A7. 
Accompanying this reaction in aqueous solution we always have 
2H50 = H30* + OH". 


Our general problem is to calculate the four concentrations, [HA], [A7], [H307], 
and [OH-7], given that a certain amount of acid was dissolved to form a specified 
volume of solution. 

Since we have four-unknowns, we must find four equations which can be 
solved simultaneously to give the desired concentrations. Two of these equa- 
tions are the equilibrium constants 


(H,0*)[A7] _ 
OBAT. = K,, (6.14) 
[H50*]OH] = Ky. (6.15) 


We will consider the values of Ka and K» to be given. To obtain a third equation, 
we need only recognize that of the original amount of HA added to the solution, 
all must be present either as undissociated acid HA or as the anion AT. If we 
call [HA], the total amount of acid added to the solution divided by the volume, 
we can write 


[HA], = [HA] + [A] (6.16) 


This equation is called the material balance relation. It simply says that since 
no “A-material” is created or destroyed, the sum of the equilibrium concen- 
trations of HA and A` must equal the concentration HA would have had 
if none had dissociated. 

The fourth equation follows from the requirement that the solution be elec- 
trically neutral. That is, the total concentration of positive charge must equal 
the total concentration of negative charge: c 


[H30*] = [A7] + [OH]. , (6.17) 
Equation (0.17) is called the charge balance equation. 
Now let us combine our four equations to find an expression for the con- 


centration of H30* at equilibrium. We will do this by first finding expressions 
for [A7] and [HA] in terms of [H,0*], and then substituting these in Eq. (6.14). 
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From the charge balance equation we obtain 
[A7] = [H307] — [OH] 
which, by use of Eq. (6.15), becomes 


K 
—].— - + "z4 LI. r & 
This is the first of the necessary relations. Rearrangement of the material 
balance equation gives us 


[HA] = [HA], — [A]. 
Combining Eq. (6.18) with this results in 


[HA] = [HA] — [H30*] + mor (6.19) 


Now we have both [A7] and [HA] in terms of known constants and [H30 *]. 
Substitution of Eqs. (6.18) and (6.19) into Eq. (6.14) produces 


3 tye Ka : 
[H30*] ([H30°] — TOF] M (6.20) 
Kw 
(mai — [H30*] + nios) 


Equation (6.20) is a cubic equation that can be solved for the exact concen- 
tration of Hz0+. . Subsequently, all other concentrations can be found from 
Eqs. (6.15), (6.18), and (6.19). 

The direct solution of a cubic equation is never a pleasant procedure, so it is 
of interest to find the conditions under which we can simplify Eq. (6.20). First, 
note that even in solutions of very weak acid, the concentration of H30* is 
generally greater than 1079 M. This means that in the numerator of Eq. (6.20), 
the term 

+ Kw 
[H307] HOF] 
is to a good approximation just equal to [H30], for if [H30*] > 1079 M, then 


Kw e 
: o quta 


The same simplification can be made in the denominator of Eq. (6.20), so we get 


[H50*][H30*] 


[HA], — [H50*] an) 


maa p ESO o EA aor 
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. We recognize Eq. (6.21) as a quadratic equation that we encountered in Sec- . 


|^ ton 6.3. The conditions for its validity are now clear. 
Equation (6.21) can be simplified further, for if [H30*] « [HA]o, it becomes 


[H50** 
[HA]o 


= Ka, (6.22) 


which is the familiar simplest approximation to the acid ionization problem. 
In any problem of weak acid ionization we might first use Eq. (6.22) to obtain 
an approximate value for [H30*]. This approximate answer can be used to 
decide whether the approximations are valid, and if not, Eq. (6.21) or Eq. (6.20) 
may be solved by successive approximations. 


Example 6.1 Develop the exact expression for the concentration of OH~ in equilibrium 
with a weak base BOH. We have 


[B*]OH] 


Bony ^ A" [H3O [OH] = Ks, 


and the material balance equation is 
[BOH]o - [B+] + [BOH], 

while charge balance requires that 

[B+ + [H:0+ = (OH. 
Rearrangement of the charge balance equation gives 

+ Ku 
[B^] = [OH] — [H30*] = [OH] -ORT 
From this expression and the material balance equation we get 
[BOH] = [BOH]o — [OH ] + pa DES 


These equations for [BOH] and [B+] convert the ionization-constant expression to 


[0H-] — +) [084 
( si 0m Bree 


(wont — [OH T D) 


which is an exact cubic equation for [0H7]. 
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Now let us develop an exact expression for the concentration of H30* in an 
arbitrary mixture of an acid HA and its salt NaA. The equations 


mola = Ka, (6.14) 
[H,O*][OH7] = Ku, (6.15) 


still apply, but now the material balance expression is 
[HA]o + [NaAlo = [HA] + [A7], (6.23) 


where [NaA]o is the number of moles of salt added to the solution, divided by 
the volume of the sdlution. Equation (6.23) says that all the “A-material” 
added must be present either as HA or A~. The charge balance equation for 
this system is 

[Nat] + [H30*] = [A7] + [OH]. (6.24) 


Upon substitution of K,,/{H30*] for [OH-], and slight rearrangement, the 
charge balance equation becomes 


Kw 


[A7] = [Na*] + [H;0+] — m0 


(6.25) 


Equation (6.25) says that the concentration of AT is equal to that of Nat, 
except for the two correction terms [H30*] and K,/[HsO*]. These latter 
terms are often, but not always, relatively small. The material balance equation 


[HA] = [HA], + [NaA]o — [A7] 
can be altered by substitution of Eq. (6.25) for [A7] to give 
[HA] = [HA] + [Na] — [Na] — (404) + roug: 
But since the salt NaA is totally dissociated, [NaA]o = [Na+], and 
[HA] = [HA], — [H30] + Ro (6.26) 
Substitution of Eqs. (6.25) and (6.26) into Eq. (6.14) results in 
[H,0*] (ms 1: [H30*] — nm i 
ae (6.27) 
(ial — 14041 + git) 


which is an exact cubic equation for [H30 *]. 
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Equation (6.27) reduces to a simple expression if both [Na+] and [HA]p» are 
large. That is, when 
[HA]o, [Na*] > [H307] 


and 

(HAlo, [Nat] > pr = [087 
then Eq. (6.27) becomes 

iso a al e 


which is the familiar simple expression for the concentration of H30* in a 
buffer solution. We see that in order for our simple expression to be valid, both 
[Nat] and [HA], must be larger than both [H30*] and [OH-] = K,,/[H30*], 
When only one or two of these conditions are satisfied, Eq. (6.27) may be 
simplified accordingly. 

It is interesting to note that. when the concentration of Na* is set equal to 
zero in Eq. (6.27) we obtain Eq. (6.20), which is the exact expression for the con- 
centration of H,O+ in a solution of a pure acid. Likewise, setting [HA]o = 0 
gives us an exact expression of the HO% concentration in a pure solution of 
the salt NaA. Neither of these conclusions should be surprising, but they 
reaffirm our confidence that Eq. (6.27) is correct regardless of the concentrations 
of acid and salt. 


6.7 ACID-BASE TITRATIONS 


The acid-base titration is one of the most important techniques of analytical 
chemistry. The general procedure is to determine the amount of, let us say, 
an acid by adding an equivalent measured amount of a base, or vice versa. 
In order to see how to design a good acid-base titration experiment, it is useful 
to calculate the concentration of H3O* at various stages in the titration of 
50.00 ml of 1.000 M HCl with 50.00 ml of 1.000 M NaOH. 

To make our results applicable to all such titrations, we shall express the 
progress of the titration by giving the value of f, the fraction of the original 
acid that has been neutralized. If the original number of moles of HCl is denoted 
by no, f is given by 
number of moles of base added . 

no 


ges 


At the start of the titration f = 0, and f = 1 corresponds to a completely 
titrated acid, or the equivalence point of the titration: 
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Before the titration starts, [H;0+]= 1M, and pH = 0. To calculate 
[H30*] for 0 < f < 1, we let 


V = original volume of the acid, 
= volume of the base added. 


Then, since both acid and base have the same concentration, f = v/V, and the 
amount of acid at any stage in the titration is 


HOt = no(1 = f) = no x ad $ 


To obtain the concentration of H3O0*, we divide by the total volume of the 


solution l 
CMEC Sra / M) a. 1 ^ 
[H307] = no (ep m No (y » 


This expression is derived assuming that all of the H30* comes from the ioniza- 
tion of HCl, and thus it gives [H,0*] = 0 at the equivalence point. Actually, 
very near the equivalence point an appreciable amount of the H30* comes 
from the ionization of water, and at the equivalence point we have [H30*] = 
[OH-] = 10-7 M. Therefore a more accurate expression for [H30*] is 


[H30*] [H30*] (from acid) + [H30*] (from water) 
1—f i 
no GH Tm A) T [0H] 
laf), Ke | 
g te Y ? t07 
After the equivalence point is passed, we are essentially adding OH" to a 


certain volume of pure water, and the concentration of OHT ean be calculated 
accordingly. 


Question. Why is it legitimate to neglect the term K,/[H30*] when f is small? 


The clearest representation of what happens during the titration is given by 
the titration curve, a plot of pH as a function of f, which is shown in Fig. 6.1. 
These curves are drawn from calculations with the equations we have just 
derived. The most striking feature of the titration curve is the rapid change of 
pH in the vicinity of the equivalence point, In going from f = 0.999 to i= 
1.001, the pH changes by nearly 8 units, or [H30*] changes by a factor of ten 
million. Therefore, in an actual experiment any acid-base indicator that changes 
color anywhere between pH 4 and pH 10 will allow us to locate the equivalence 
point to within one part in one thousand, or one-tenth of a percent. This 
situation becomes slightly less favorable as the reagents become more dilute, as 
Fig. 6.1 shows. 
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In practical situations, many titrations involve the reaction of a weak acid 
with a strong base, or of a weak base with a strong acid. Therefore it is impor- 
tant to examine the titration curves for these cases. 


14 jB 
F " 
12 


10[- 


0.01 M 


8 
H E Equivalence 
P. à point 


0! Titration of 1-M and 0.01-M HCI with 1-M 
0 02 04 06 08 L0 12 14  andO.OI-M NaOH respectively. ` 
f, fraction titrated 


We assume that we are titrating 50.00 ml of 0.1000-27 acetic acid with 0.1000 
M NaOH. Once again we express the progress of the titration in terms of f, 
the fraction of the acid titrated, where 


.. moles of base added 
arcs i 


f 


, 


and no is the original number of moles of acid in the solution. At the start of 
the titration f = 0, and we have a 0.1000 JZ solution of a pure acid. The value 
of [H30*] is given by 


+72 
Hor = K, = 1.85 x 1075, 
[H30*] = 1.36 x 107%, 
pH = 2.87. 


As the titration progresses, 0 < f < 1, and we have appreciable quantities of 
the acid and its anion present in solution. Under these circumstances, 


H.0*] = foie Ke 


as we learned from our discussion of buffer solutions. But the amount of OAc™ 


at any point in the titration is 
OAc™ = nof, 
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FIG, 6.2 


and its concentration is 


[0Ac-] = pe. 


where V is the original volume of the acid, and » is the volume of base added. 
Similarly, the amount of HOAc at any time is 


` HOAc = no(1 — f) 


and 
I green 
[HOAc] = no Efo 
Substitution into Eq. (6.28) gives 
BnONel 4x O ET (6.29) 


f 


Thus the concentration of H30* depends only on K, and the fraction titrated, 
and not on the original concentration of the acid. 


Equivalence point 


Titration of 0.1-M acetic acid with 0.1-M 
sodium hydroxide. 0 02 04 06 08 10 12 14 
J, fraction titrated 


Equation (6.29) is not valid when f = 1, since it was derived neglecting the 
hydrolysis of the anion OAc’. When f = 1, the acid has been completely 
converted to a solution of 0.0500 M NaOAc, which hydrolyzes according to 


OAc” + H50 = HOAc + OH". 
We know that 
(OH 7][HOAc] _ Kw 


Aw _ —10 
[pie] Gr RC PA So0 


and that 
[HOAc] = [OH], 
[OAc™] = 0.0500 M. 
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Therefore [OH-? = 5 x 107? x 5.54 x 10-19, 
[OH-] = 5.26% 1079, ' 
[H30*] = 1.90 x 1079, 
pH.—:842.: ty 


We see that because of hydrolysis the solution is not neutral at the equiva- 
lence point. Beyond the equivalence point the concentration of H30* ean be 
calculated assuming that we are adding base to a solution of pure water. 

The ealeulations we have just outlined lead to the titration eurve shown in 
Fig. 6.2. It is clear that in this weak acid-strong base titration, the pH changes 
more slowly in the vicinity of the equivalence point than was the case in the 
strong acid-strong base titration. ‘Thus it is always more difficult to locate the 
equivalence point in titrations of a weak acid than in those of a strong acid. 


6.8 MULTISTAGE EQUILIBRIA 


In the problems of acid-base equilibrium that we have treated so far, we have 
dealt with solutions in which there was only one weak acid or weak base 
present, apart from water itself. However, situations in which there is more 
than one weak acid or base in solution are important, and arise naturally when, 
for example, an acid can ionize in two or more ways: 


HCO; + H,0— HCO; H0,  X4—42*X10- 
HCO; + H0 = COs + H30*, K = 48x 107") 


[H,O*][HCO3] [H4O*][COS] _ [HSO*f[COS] _ 
DOO] 7 Pee pae poi a gegen TE E 


Thus a solution of carbonic acid is really a mixture of two acids: HyCO3 and 
HCO;. The constant K, is called the first ionization constant of carbonic 
acid, and Kg is the second ionization constant. 

As an example of how a mixture of weak acids is treated mathematically, 
let us calculate the H30* concentration in a solution obtained by dissolving 
0.02 mole of CO; (H3CO3) in one liter of water. Because of the possible com- 
plications of this system, we had best base our treatment on the exact material 
and charge balance equations: 


[H2COs]o = [H2COs] + [HCO;] + [CO3], (6.30) 
[H,0*] = [HCO3] + 2[COs] + [OH 1. (6.31) 


The coefficient of [COZ] in the charge balance equation is 2, because we are 
equating positive and negative charge concentrations, and the concentration of 
charge contributed by the carbonate ion is twice the concentration of the ion 
itself. 
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To obtain an expression for [H30*], we select the charge balance equation 
and by substitution try to express [H,0*] as a function of the known equilibrium 
constants and of other concentrations that can be guessed. Using the fact that 
HCO; is a weak acid, we expect it to be very slightly dissociated, and therefore 
to have a concentration near to 0.02 M. Consequently we will try to express 
[H30*] as a function of [H2CO3]. Use of the equilibrium constants gives us 


moon = Rolk, [007] = od Kia, 
uu E 
(08 1— mos) 


Substitution of these relations in Eq. (6.31) leads to 


HCO. > [H2CO3] Kw 
[H,0*] = SI Ki+2 peor KıKə + H07] (6.32) 
_ [HCO] 2K XX 
= [os A ( B den) + [H,0*] (6.33) 


Equation (6.31) and its direct descendant, Eq. (6.32), have a simple physical 
interpretation. They say that. the observed [H30*] is equal to the sum of 
three separate contributions: 

(1) those molecules of H5CO; that have ionized once, represented by 


[H2COs] 


[HCO3] = [H,0+] 


Ki; 


(2) those molecules of H;CO; that have ionized twice, which give a con- 

tribution to [H30*] equal to 
= _ s [H2COs] A 
2[C07] = 2 [H,O*]2 KjK5; 

(8) the contribution to [H30*] that comes from the ionization of water, 
which is equal to 

a * Ke 
IE l= mos 
It is important to keep the origin of each of the terms in Eqs. (6.32) and (0.33) 
in mind in order to find a way of simplifying Eq. (6.33). 

Equation (6.33) is an exact cubic equation for [H30*] including that con- 
tributed by the ionization of water, and we have argued that in pure solutions 
of weak acids the ionization of water is a relatively unimportant source of 
H,0+. Therefore, we shall neglect K,,/{H307] as a first approximation. 

The term 2K,K;[H;COs]/[Ha3O*]? represents H3O* contributed by acid 
molecules that have ionized twice to form CO3. We can guess that this double 
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ionization is less important than the single ionization to HCO;, just by com- 
paring the values of K; and Ko. In the first place, K5 « Kj, so the removal of 
the second proton is more difficult than removal of the first. In the second 
place, K; itself is small, so the concentration of HCO3: will be small, and there 
will be relatively few HCOj ions that can dissociate to form CO7. Therefore, 
we might expect to be able to neglect the second term on the right-hand side 
of Eqs. (6.32) and (6.33). 

We can justify this approximation by another argument. Consider the factor 


in Eq. (6.33). The second term in this factor represents the contribution of the 
second ionization of HCO; to the concentration of H30+. Is 2K2/[H;0+] 
small compared to unity? We know that the solution is acidic, so that [H30*] > 
1077 M. Therefore 


E IX 061071. 


AI —3 
mo < i9 — 107? « 1. 


Thus we see that if the solution is at all acidie, the contribution of the second 
ionization to the concentration of H30 * is quite small, and Eq. (6.33) reduces to 


+) — [H2C03] 
{H307] = [H30*] Ky. (6.34) 
But this is exactly what we would have obtained if we had started with the 
expression 
[H3O*][HCOs] _ K 
[H5CO03] H 


and said that [H30+] = [HCO7]. In other words, 4f the second ionization 
constant is small enough, we can calculate the HOt concentration by pretend- 
ing that we are dealing with a monobasic acid. 

Now let us check to see if this approximation is justified. Solving Eq. (6.34) 
for [H2CO3] = 0.02 M gives us 


[H30*] = (([H3CO3]K,)"? = (0.02 x 4.2 x 1077)? 
= 9.2 x 1075 M. 
Therefore, 


OK ge BEATO pee oe iri 
mo oa door 0o 


which is much less than unity, so our simplification of Eq. (6.33) is justified. 
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Our neglect of the second ionization of HCO; in calculating [H30*] does 
not mean that the concentration of COȘ is truly zero. It can be calculated most 
easily from 


+72 = 
Od = K,Ks = 20 x 1072”, 
3 
We know that 
[H;0Ħ] = 9.2 x 1075, 
[H2C0;] = 2X hove; 
and so 
—2 
[COs] = gH x eus x 20 x 10777 
= 442x107! M. 


"Therefore very little carbonate ion exists at equilibrium. 
We should reemphasize that the validity of neglecting the contribution of the 
second ionization to the concentration of H3O * depends on the fact that Ko « 


K,. Should this inequality not hold, we would have to solve Eq. (6.33) by a: 


method of successive approximations. 


Question. Succinic acid (CH2)2(COOH)2 is a dibasic acid with Ki = 6.5 X 10-5 and 
K2 = 3.3 X 10-9. Determine whether it is justifiable to neglect the second ionization of 
the acid in calculating the H30+ concentration in an aqueous solution of 0.1 M succinic 
acid. 


Let us set up the expression for [H30*] in a solution prepared by mixing 
comparable amounts of H5CO3 and NaHCOs. The charge balance equation for 
such a solution is 


[H30*] + [Na+] = [HCOz] + 2/05] + [OH]. (6.35) 


At this point, we must realize that both [H2CO3] and [HCO3] may be large, 
and either might be guessed from the specifications of how the solution was 
made up. Therefore, we may choose to express [H3O*] either in terms of 
[H2C0;] or of [HCO;]. Choosing the former, we obtain from Eq. (6.35) 


{H2CO3] [H5C03] OK. 
[H30*] [H;0+]2 [H30 *] 


[H30*] + [Nat] K,+2 KiKs + 


(6.36) 


We can now proceed to simplify this expression. On the left-hand side, 
[Nat] > [H30*] if appreciable NaHCO, was used to make up the solution. 
On the right-hand side, the last two terms may be small if K < Kı, and if 
{H30*}] is greater than 1077 M. Neglecting the first term on the left-hand side 
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"and the last two terms on the right-hand side gives 


HCO. 
bra THO Ke dues 
mot = FX209 x. i 


l Equation (6.37) is what we would have obtained if we had treated the mixture 

_ of HCO; and NaHCO; as a simple buffer solution, neglecting the fact that 
HCO; can ionize to H30* and COF. The approximations used to deduce 
Eq. (6.37) may fail, but even so, Eq. (6.37) can be used to give a first approxi- 
. mation for [H307], which must then be refined by using Eq. (6.36). 


Question. What is the pH of a buffer solution prepared with one mole of H3PO4 and 0.5 
mole of NaH2PO, in one liter of water? For H3PO4, Ki = 7.5 X 10-3, Ko = 6.2 x 10-8, 
and K3 = 1 X 10-12, 


The calculation of the concentration of H3O0 * in a pure solution of the salt 
NaHCO; is a problem somewhat different from those we have been treating. 
In such a solution the relevant equilibria are 


HCO; + H20 = H30* + COS, 
HCO; + H20 = HCO; + OH-. 


In other words, HCOJ can act as either an acid or a base. Therefore, we can 
say that HCOj can react with itself according to 


2HCO; = H2CO3 + COŞ. 
This reaction has an equilibrium constant equal to 
[H2COsl[COs] _ g, 
[HCOST* - 


By multiplying both numerator and denominator by [H30*], and recognizing 
two familiar factors we get. 


[HsCOs][CO& I[HsO*] Ka, 
[H30*][HCO; ||HCOs ] Ki 


Therefore, if Kp & K;, the conversion of HCO} into HCO; and COF will be 
relatively small. Since K2/K, œ 1074, we can say that most of the HCO; 
remains as such, but that some (10%) does go to form HCO; and COF. 

Now let us develop an exact expression for the concentration of H30*. The 
charge balance equation for this solution is 


[Nat] + (H,0*] = [HOO3] + 2[C07] + [OH], (6.38) 
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and the material balance equation is 
[NaHCO;]o = [Na+] = [HaCOs] + [HCO3] + [COS]. (6.39) 


Note carefully that this particular material balance equation is only valid for 
a pure solution of NaHCOs. If we subtract Eq. (6.39) from Eq. (6.38), we get 


(H30*) + (H,CO3] = (COs) + [OH]. (6.40) 


We must now express [H5CO5] and (CO7] in terms of [HCO;], the largest of 
the concentrations, and therefore the easiest to guess. Using the first and 
second ionization-constant expressions in Eq. (6.40) we obtain 


[H,0* COR] [HCOg] Ke 
[H30*] + i: = [H30*] Ko + [H0] , 
(H40*)* ( + meon = (HOOFIKs + Kw, 
HCO;]K; + K 
(H,0+}? = [HCOF]K: + Ke, (6.41) 
COs 

m) 
Now, [HCO; ]/K; > 1 for the usual concentrations of HCO;. Therefore, the 
denominator in Eq. (0.41) is equal to [HCOZ]/K, to a good approximation. 
Also, Ky = 107$, but K;(HCO;] > 107'', for (HCO3] > 0.5.M, and 


under this condition the numerator in Eq. (6.41) is papae S equal to 
[HCO;]K;. Therefore, Eq. (6.41) becomes 


(H,0*] ~ IHCOrIKs _ K,K,, 
[HCOz]/K, 


[H30*] = V/KiKs. (0.42) 


Thus, if the concentration of HCO; is larger than about 0.1 M, the concentration 
of H30* in a pure solution of NaHCO; is given by the simple expression (6.42). 
However, even though the concentration of H30* is independent of the concen- 
tration of HCOF, a pure solution of NaHCO; is not a buffer solution. Should 
any strong acid or strong base be added to the solution, the material balance 
expression Eq. (6.39) becomes invalid, and therefore Eq. (6.42) no longer applies. 

A pure solution of NaHCO; or any other acid salt can be regarded as an 
equimolar mixture of a weak acid (HCO;) and a weak base (HCO;). The 
fact that the acid and the base are the same material has no particular impor- 
tance. If this is true, we should be able to treat an equimolar mixture of a weak 
acid such as NH? and a weak base like OAc^ by the method we just applied 
to a pure solution of HCO;. An equimolar solution of NH{ and OAc^ would 
be obtained by dissolving the salt ammonium acetate in water. The ions then 
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; hydrolyze according to Vacina Co d 
NH} + H0 = NH; + H50*, 
OAc™ + H,0 = HOAc + OH. 


The charge balance equation for this system would be 
[NH] + [H30*] = (OAc™) + [OH]. (6.43) 


The material balance equation states that the sum of the concentrations of 
“ammonia material” must equal the sum of the concentrations of “acetate 
material”: 


[NH] + [NH3] = [OAc] + [HOAe]. (6.44) 


This expression is a consequence of the fact that in ammonium acetate there is 
one ammonium ion for each acetate ion. 
Subtracting Eq. (6.44) from Eq. (0.43) gives 


[H30*] + [HOAc] = [NH;] + [OH]. (6.45) 


Now we can use the equilibrium constants for the ionization of acetic acid and 
ammonia to obtain 


H40*[OAc™ OH Ko (NH 
(HOAc} = o 0A7], [NH] = [ori TM] Ek 


Q0] 
Substitution in Eq. (0.45) then gives 
[H40*][OAe"] _ Ky [NH K, 
m0] EA te E A Ei 
tm,o*? (1+ (Re) = Ke part] + Ke. 


If the salt is present in appreciable concentration, (OAc7]/K, > 1 and 
[NH7]/K, > 1, we have 


(Hor? 995] _ Ke ing) 


mart Fg gt 
If Ka & Ky, then [NH7] & [OAc"], and 
[H,0*] = (E). i) 


Equation (6.46) is analogous to Eq. (6.42) and shows that when we have an 
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equimolar mixture of a weak acid and a weak base, the concentration of H30* 
is fixed, whether or not the acid and base are the same chemical species. 
Questions. What isthe principal net reaction by which both NH and OAc- are consumed? 


By using this reaction can you further justify the assertion that [NHi] = [OAc-]? Is near 
equality of Ka and Ky really a necessary condition for this assumption to hold? 


Complex lon Equilibria 


In our analysis of multistage equilibria we have been exclusively concerned with 
the ionization of dibasic acids. However, the methods we have developed are 
applicable to other equilibria, as the following example will show. 

Mercurie chloride, HgClo, dissolves in water and remains largely undissociated. 
Nevertheless, small amounts of HgCl*, Hgtt, and CI” are formed by 


HgClo(aq) = HeCit + Clr, Kr = 33 x 1057; 
HeClt = Hg^* $C, C Kp = L8 X107, 
where 
Hga] age [Hg* Ha] 
1= [gC] 2 BgCH si 


Thus the ionization of HgCl» is analogous to the dissociation of a dibasic acid. 
We can find an expression for [C17] in a pure HgCls solution by starting 
with the charge balance equation: 


[CI-] = [HgCT*] + 2[Hg+*]. 


Here we are neglecting [H+] and [OHT], which is essentially the same as assum- 
ing the solution is neutral or nearly so. The values of Kı and K3 suggest that 
HgCl, will be only very slightly dissociated, and therefore in a pure solution 
the concentration of HgCla should be relatively large and easy to estimate. 
Thus we find expressions for [HgCl*] and [Hg *] in terms of [HgCl;]: 


K[HgCla] 
[cH 


Ks4HgCl^] | KiKs[HgCl 
[Hg**] LE MS 126 1 ane 2]. 


[HgC]*] = 


Next, we substitute these into the charge balance equation to get 


K,{HgCls] , o KiKa[HgClal 


l= (oes aW 
.. Ki[HgCls] VL 2K2Y. 
pere) E 


Equation (6.47) is a cubic expression for [C17] which may be solved if [HgCl;] 
is known. 
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Let us calculate [C17] for a solution prepared by dissolving 0.1 mole of HgCls 
in enough water to make one liter of solution. Then, since K ; is small, [HgC15] = 
0.1 M. As a first approximation we neglect the term 2K5/[Cl ] in Eq. (6.47) 
and get 


[C17]? = K,[HgCl] = 3.3 x 1077 x 10-5, . [C17] = 18 x 10-4 M. 


From this answer it, appears that our approximation of letting [HgCl.] equal 
0.1 M is justified. Moreover, since 2K3/[C17] = 1.8 X 10°, neglect of this 
term compared to unity is also a good approximation. Thus, even though 
K, and Kg are nearly the same, the second ionization makes a negligible con- 
tribution to the chloride ion concentration in this pure solution of HgCl. 

To complete the problem, we note that - 


[HgClo] 

[C17]? 

88 583109 KIT 10S: 
m 3.3 x 10-8 


[Hg**] = Ki Ke 
= 18x 10-7 M, 


and since [Hg**] is so small, 
[HgCl+] = [C17] = 18 x 107* M. 


It is clear that this problem is very much analogous to the dissociation of a 
weak dibasic acid. Likewise, an equimolar mixture of HgCl; and'Hg** [from 
Hg(NO3);] is essentially a pure solution of HgCl* and is analogous to, and can 
be mathematically treated like, a pure solution of NaHCOs. In other words, 
fundamentally it does not matter whether we are faced with the stepwise dis- 
sociation of a complex species such as HgCls or of a weak acid like H5CO;. 
The procedures used to find the equilibrium concentrations are virtually 
identical. 


6.9 CONCLUSION 


In this chapter we have developed systematic procedures for calculating con- 
centrations of dissolved substances from equilibrium constants. This type of 
analysis is of practical value in a number of fields, in_particular, analytical, 
inorganic, and biological chemistry. There is more to be learned from this 
subject than mechanical facility in making equilibrium calculations, however. 
The study of ionic equilibria demonstrates how approximations, made with due 
regard to the physical situation, can ease the business of solving problems. 
This is an extremely important general idea, for the quantitative problems of 
chemistry are difficult, and most often can be solved only by use of intelligent 
approximations. Therefore, the ability to sense the useful and valid approxima- 
tions in any problem is a valuable skill that will be used repeatedly, and study 
of ionic equilibria can help develop this ability. 
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6.1 Electrical conductivity measurements give the solubility of barium sulfate, 
BaSO4, in pure water as 1.05 X 10-5 mole/liter at 25°C. Calculate the solubility 
product of barium sulfate. 

6.2 Experiments show that in a saturated solution of barium fluoride, BaF, in pure 
water at 25°C, the barium ion concentration is 7.6 X 10-3 mole/liter. What is the 
concentration of fluoride ion in this solution? What is the solubility product of barium 
fluoride? 

6.3 A saturated solution of lanthanum iodate, La(IO3)a, in pure water has & concentra- 
tion of iodate ion equal to 2.07 X 107°? mole/liter at 25°C, What is the concentration 
of Lat3? What is the solubility product of La(IOg)3? 

6.4 The solubility product of magnesium hydroxide, Mg(OH)2, is 1.8 X 10714. 
What is the solubility of Mg(OH)2 in pure water?. What is the concentration of OH - 
in the saturated solution? What is the pH of this solution? 

6.5 The solubility product of lead sulfate, PbSO., is 1.8 X 1078. Calculate. the 
solubility of lead sulfate in (a) pure water; (b) 0.10 4. Pb(NO3)o solution; (e) 1.0 X 
10-3 M Na»80, solution. 

6.6 The solubility product of calcium fluoride is 1.7 X 10-79, Calculate the solubility 
of CaF2 in a solution of 4 X 1074 M Ca(NO)2 to within 5% accuracy. The method 
of successive approximations is useful here. 

6.7 To a solution that contains 0.10 M Ca** and 0.10 M Ba++, sodium sulfate is 
added slowly. The solubility products of CaSO4 and BaSO4 are 2.4 X 1075 and 
1.1 X 10-1? respectively. What is the sulfate ion concentration at the instant the 
first solid precipitates? What is that solid? Neglect dilution and calculate the barium 
ion concentration present when the first precipitation of CaSO4 occurs. Do you think 
it should be possible to separate Cat? and Ba++ by selective precipitation of the 
sulfates? 

6.8 The solubility product of silver bromate, AgBrOs, is 5.2 X 10-5. When 40.0 ml 
of a solution containing 0.100 14 AgNOs is added to 60.0 ml of a 0.200 M NaBrOs 
solution, a precipitate of AgBrOs is formed. From the stoichiometry of the reaction, 
deduce the final concentration of bromate ion. What is the concentration of Ag* 
remaining in the solution? 
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6.9 Lead iodate, Pb(IO3)s, is a sparingly soluble salt with a solubility product of 
2.6 X 10-13. To 35.0 ml of a 0.150 M Pb(NOs)2 solution, 15.0 ml of a solution of 
0.800 Af KIO; are added, and a precipitate of Pb(IO3)o formed. What are the con- 
centrations of Pb** and IOz left in the solution? 


6.10 Formic acid, HCO2H, loses one proton upon ionization and has a dissociation 
constant of 1.8 X 10-4 at 25°C. Calculate the concentrations of HCO2H, H30+, 
HCO;, and OH- in (a) a solution made by adding 1.00 mole of HCO,H to enough pure 
water to make 1.00 liter of solution; (b) a solution made by adding 1.00 X 10-2 mole 
of HCO3H to sufficient water to make 1.00 liter of solution. Indicate the approxima- 
tions made, and show that they are justified. Obtain answers that are within 5% of 
the exact values. 3 


6.11 Ammonia, NHs, produces hydroxyl ions in aqueous solution according to the 
reaction 


NH; + H20 = NHj + 0H-, 


which has an equilibrium constant of 1.80 X 10-5. Calculate the concentrations of 
NH,, NH, H,0+, and OH- in (a) a solution prepared from 0.010 mole of ammonia 
and 1.00 liter of water; (b) a solution prepared from 1.00 X 10-4 mole of ammonia and 
enough water to make 1.00 liter of solution. Check the validity of all approximations, 
and refine the answers by successive approximation until you feel you are within 5% 
of the exact answer. 


6.12 Calculate the concentrations of H30 *, HOAc, and OAc-, and OH- in a solution 
that is prepared from 0.150 mole of HCI, 0.100 mole HOAc, and enough water to make 
1.00 liter of solution. The dissociation constant for HOAe is 1.85 X 1075, and HCl 
is totally dissociated in aqueous solution. 


6.13 In dilute aqueous solution sulfuric acid can be regarded as totally dissociated 
to H,O* and HSO;. The bisulfate ion, HSO7, is itself a weak acid with a dissociation 
constant of 1.20 X 107%. Calculate the concentration of H,0*, HSO;, SOF, and 
OH- in a solution prepared by dissolving 0.100 mole of H2504 in enough water to 
make 1.00 liter of solution. 

6.14 To 1 liter of a solution containing 0.150 Af NH4Cl there is added 0.200 mole of 
solid NaOH. What are the ionic and molecular species that are in major concentration 
when equilibrium is reached? Calculate the concentrations of NH3, OH-, and NHY 
at equilibrium if the dissociation constant for ammonia is 1.8 X 1075. 


6.15 Consider aqueous solutions of a strong (totally dissociated) acid such as HCI. 


At high concentrations, the.acid itself is the only important source of H30+, but at - 


concentrations near 1077 Af and below, the ionization of water contributes appreciably 
to the concentration of H3O0*. Use the charge balance expression and the relation 
[H30 *][OH-] = K, to derive an exact equation for the concentration of H30*. 


6.16 Calculate the hydrolysis constant for the reaction 


HCO; + H,0 = HCO,H + OH-, 


and find the concentrations of H,0*, OH-, HCO;, and HCO,H in a solution of 
0.15 M HCOzNa. The dissociation constant of formic acid is 1.8 X 1074. 
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6.17 The dissociation constant. of HON, hydrocyanic acid, is 48 X 10719. What 
is the concentration of H30+, OH-, and HCN in a solution prepared by dissolving 
0.160 mole of NaCN in 450 ml of water at 25°C? 


6.18 Calculate the solubility of FeS in a saturated solution of H2S which has a 
concentration of H30+ equal to 1.0 X 1078 M. The equilibrium constant for the 
dissociation of H58 by the reaction 


HS + 2H20 = 2H30+ + 87 
B LUX 10-25 


6.19 Calculate the solubility of lead sulfate in a solution of 0.100 J£ H30+ by taking 
account of the reaction 2 
HSO; + H,O = H40* + SOJ. 


The solubility product for PbSO4 is 1.8 X 10-8. Be sure to justify all approximations. 


6.20 The solubility of Mg(OH)» is increased by the addition of ammonium salts due 
to the reaction 


Mg(OH),(s) + 2NH} = 2NH,+ 2H,0 + Mg++. 


Calculate the equilibrium constant for this reaction if the solubility product, of 
Mg(OH)» is 5.5 X 10712, and the basic dissociation constant of ammonia is 1.8 X 1075. 
Find the solubility of Mg(OH)2 in a solution that contained 1,00 M NH4Cl before 
addition of Mg(OH)s. Refine the answer to within 5% of the exact. value. 


6.21 A solution is prepared by dissolving 0.200 mole of sodium formate, HCO2Na, 
and 0.250 moles of formic acid, HCO2H, in approximately 200(+50) ml of water. 
Calculate the concentrations of H30* and OH-. The dissociation constant of formic 
acid is 1.8 X 1074. 

6.22 Into 1.00 liter of a solution of 0.250 M HCl is placed 0.600 mole of solid sodium 
acetate. Assume that no volume change occurs, and calculate the concentration of 
OAc-, HOAc, H30*, and OH. 

623 A solution of an unknown acid was titrated with base and the equivalence point 
reached when 36.12 ml of 0.100 M NaOH had been added. Then 18.06 ml of 0.100 M 
HCl were added to the solution and the measured pH was found with a pH meter to 
be 4.92. Calculate the dissociation constant of the unknown acid. 

6.24 Consider a solution of carbonic acid, whose initial concentration is 0.04 M 
H»COs. A certain amount of base is added until the pH of the solution reaches 5. 
The first and second ionization constants of carbonic acid are 4.2 X 1077 and 4.8 X 
10-11 respectively. Calculate the following concentration ratios: [HCO; ]/[H,CO.], 
[COz]/(HCO0;1, [COF]/ [H,CO,]. Calculate the fraction of the total carbonate material 
that is present as H2COs at pH 5. Similarly, calculate the fraction of the total car- 
bonate material that is present as HCO; and as COȘ at this pH. Repeat the calcula- 
tions for pH 7, pH 9, and pH 11, and plot for each species the fraction present as a 
function of pH. 

6.25 From the second ionization constant of carbonic acid, calculate the equilibrium 
constant for the hydrolysis of carbonate ion to the bicarbonate ion, HCO;. From 
this, compute the bicarbonate and hydroxide ion concentrations in a 0.050 M Na2COs 
solution. Is the hydrolysis of HCO> to H,CO, important in this instance? Why? 


IONIC EQUILIBRIA IN AQUEOUS SOLUTIONS 


6.26 Find the concentrations of H30+ and OH- in a solution prepared by adding 
0.250 mole of NagCO3 and 0.300 mole of NAH CO to 250 ml of water. 


6.27 A carbonate buffer solution is prepared by dissolving 30.0 gm of Na2CO3 in 
350 ml of water and adding 150 ml of 1.00 M HCl. Calculate the pH of the solution. 


6.28 An unknown student takes an unknown weight of an unknown weak acid, dis- 
solves it in an unknown amount of water, and titratesit with a strong base of unknown 
concentration. When he has added 10.00 ml of base he notices that the concentration 
of H30+ is 1.0 X 10-5 M. He continues the titration until he reaches the equivalence 
point for removal of one proton. At this time his buret reads 22.22 ml. What is the 
dissociation constant of the acid? 

6.29 A solution is prepared by adding 2.05 gm of sodium acetate, NaC2H302, to 
100 ml of 0.100 M HCl solution. What is the resulting concentration of H30+? 
A subsequent addition of 6.00 ml of 0.100 M HCl is made. What is the new concen- 
tration of H3O *? 

6.30 Cuprous ion forms an ammonia complex which QUEE in stages, according 
to the reaetions 


Cu(NH3)j = Cu(NH)* -- NHs,  Ki22X1075, 
Cu(NH3)+ = Cu*--NHs, Keo = 6X 10-7. 


Consider now a pure solution of Cu(NH3)2Cl. (a) Give the relation between the con- 
centrations of NH3, Cu(NH3)*, and Cut. (b) Use this relation to express the concen- 
tration of NH3 as a function of the concentration of Cu(NHa)Z and various constants. 
(c) Calculate the concentration of ammonia in a solution of 0.01.4 Cu(NHs)aCl to a 
first approximation. Are further approximations necessary to obtain 5% accuracy? 
6.31 The three dissociation constants for the successive ionization of phosphoric 
acid, H3PO4, are Ky = 7.5 X 103, Ko = 6.2 X 10-8, and Ka = 1X 10-12. From 
the equilibrium constants, determine the principal species of phosphate material 
(H,PO,, H,POz, HPOr, or PO?) at the following values of the pH: 1, 5, 10, 14. 
What i $ the pH i a solution oF equimolar H3PO4 and H2PO;? Is the thactióh of. 
phosphate material present as HPO? and POL important in M a solution? 

6.32 What is the concentration of H30+ in a pure solution of: (a) NaH2PO4; 
(b) NagHPO4; (c) 1 M Naa3PO4? 

6.33 What is the concentration of H30+ in a solution prepared by adding to 300 ml 
of 0.500 M HaPO4 (a) 250 ml of 0.300 14 NaOH; (b) 500 ml of 0.500 M NaOH; 
(c) 40 ml of 1.00 1 NaOH? 

6.34 A solution contains a mixture of two weak acids, 0.05 M HA and 0.01 M HB, 
which have dissociation constants of 2 X 10-5 and 6 X 10-5, respectively. Find the 
charge balance equation for this system, and use it to derive an expression which gives 
the concentration of Ha30* as a function of the concentrations of HA and HB and 
various constants. What is the concentration of H30 * in this solution? 
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CHAPTER 7 


OXIDATION-REDUCTION 
REACTIONS 


In Chapter 6 we pointed out that acid-base reactions form a large class of 
chemical processes that have in common the act of proton transfer. There is an 
equally large and important group of reactions that all involve electron transfer 
in either an obvious or subtle way. We are referring, of course, to oxidation- 
reduction reactions, l'or instance, 


Zn + Cutt = Zn** + Cu (7.1) 


is an example of an oxidation-reduction reaction in which the feature of electron 


transfer is clear, while 
2CO + O2 = 2C0O; 


is also an oxidation-reduction reaction, but one in which electron transfer is not 


so obvious. 
One might ask how the term “oxidation” became generalized so as to apply 
to reactions in which electrons were transferred, regardless of whether oxygen 


was involved. Once it is recognized that in the oxidation 


Zn + 302 = ZnO, 


each zinc atom has lost two electrons and has become a zine ion Zn**, and 


that the same change occurs in 
Zn + Cl; = ZnCls, 
Zn + 2H* (ag) = Zn** (ag) + Hs, 


then it seems logical to refer to all processes in which zinc. loses electrons as 
oxidations. The same argument can be applied to the reactions of any substance, 
and so it is a useful generalization to say that a chemical substance is oxidized 
when it loses. electrons. 

The loss of electrons by one substance must be accompanied by the gain of 
electrons by some other reagent, and this latter process is called reduction. 
In reaction (7.1) the metallic zinc is oxidized to Zn**, and Cut* is reduced to 
metallie copper. It is eommon to call the substance that brings about the reduc- 
tion of another a reducing agent or a reductant, and the substance responsible 
for oxidizing another is called an oxidizing agent or an oxidant. In reaction (7.1), 
vine is a reductant (and is oxidized) and Cu** is an oxidant (and is reduced). 


7.1 OXIDATION STATES 


The oxidation state concept is derived from the necessity to describe the changes 
brought about by oxidation-reduction reactions. For simple monatomic sub- 
stances, it is convenient and direct to define the oxidation state or oxidation 
number as the atomic number of the atom minus the number of orbital elec- 
trons, or more simply, as the net charge on the atom. Thus the oxidation states 
of S7, C17, Cut, Cott, and Fet? are —2, —1, +1, +2, and +3 respectively. 
The oxidation state of an element in any of its allotropie forms is always zero. 

While there is a direct relation between oxidation state and the net charge 
on a monatomic species, the extension of the oxidation state concept to poly- 
atomic species is less clear-cut. We might ask what the oxidation state of each 
atom in H3O or NO} is, for example. If we insist that the oxidation state is 
the actual charge on an atom in a molecule, then to assign oxidation states would 


at the very least require a detailed knowledge of the exact charge distribution * 


in the molecule. This information is virtually never available. However, we 
can extend the oxidation state concept to polyatomic systems if we abandon 
the idea that the oxidation state is the true charge on an atom. We have only 
to decide arbitrarily that in a compound such as NO, the oxygen atom will be 
assigned an oxidation state of —2, just as it is in the compound ZnO. This is 
equivalent to saying that the oxygen atom in NO is arbitrarily assigned 10 of 
the 15 electrons in the molecule. The nitrogen atom must be assigned 5 elec- 
trons, 2 less than its atomic number, and consequently it has an oxidation state 
of +2. \ 

The assignment of —2 as the oxidation state of the oxygen atom in NO was 
arbitrary, and we must not suppose that there is actually a charge of —2 on 
the oxygen atom, and a +2 charge on the nitrogen atom. Indeed, the experi- 
mental evidence is to the contrary, and indicates that the 15 electrons are 
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nearly equally distributed around the two nuclei, However, even though the 
assignment of oxidation numbers in polyatomic molecules is an arbitrary pro- 
cedure, and may haye very little to do with the actual charge distribution in 


: & “these species, itis still useful, as.we Shall see. Here then is the set of rules used 


to assign oxidation States in polyatomic molecules: 
1. ‘The oxidation state of.all'elements in any allotropic form is zero. 


2. 'The oxidation state of oxygen is —2 in all its compounds except peroxides 
like H20% and Na502. 
3. The oxidation state of hydrogen is +1 in all its compounds except those with 

the metals, where it is —1. 

4. All other oxidation states are selected so as to make the algebraic sum of the 
oxidation states equal to the net charge on the molecule or ion. 

It is also useful to remember that certain elements almost always display the 

same oxidation state, +1 for the alkali metals, +-2 for the alkaline earth metals, 

and —1 for the halogens, except when they are combined with oxygen. 

‘As an illustration of the application of these rules, let us deduce the oxidation 
states of Cl and N in the ions C107, NOz, and NO;. In the case of CIO^, we 
first assign oxygen an oxidation state of —2, and then deduee the value for 
chlorine by rule 3: 


oxidation state of O + oxidation state of Cl = —1, 
YR oxidation state of Cl — —1, 
oxidation state of Cl = —1 +2 = +1. 


By a similar procedure we ean decide that in NO; the oxidation state of nitrogen 
is +3, and in NO5, it is +5. 
To see one of the uses of oxidation numbers, consider the reaction 


GO + Noz = NO; + Cl. 


The net charge on the chlorine and nitrogen containing ions is the same in 
products and reactants; so if this reaction is an oxidation-reduction process, 
the feature of electron transfer is not at all obvious. In fact, one might look 
upon this reaction as an oxygen atom transfer from C1O~ to NO7. However, 
by using oxidation numbers we can see that chlorine has been reduced from the 
--1 state in CIO~ to the —1 state in C17, while nitrogen has been oxidized from 
the +3 state in NO7 to the +5 state in NO3. 
Contrast this example with the reaction 


2CCly + KCrO; = 2ClgCO + CrO.Clz + 2KCI. 


Js this an oxidation-reduction reaction? The introduction of oxygen into a 
carbon éompound certainly makes it look so. To be sure, let us calculate the 
oxidation state of chromium in K3CrO4 and CrO2Clg. In the first instance we 
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need consider only the ion CrOy. Assignment of —2 to the four oxygen atoms 
means that chromium must have an oxidation number of +6, if-the net charge 
on the ion is —2, In chromyl chloride, CrOsCl, assignment 0f:—2.to each 
oxygen atom and —1 to each chlorine atóm requires thatthe chromium: i n 
again be in the +6 oxidation state. Therefore, chromium-has riot changed its 
oxidation state in the reaction. By following the convention that the oxidation 
state of chlorine is —1 except. when it is combined directly with oxygen, we 
conclude that chlorine has not changed its oxidation state in the reaction. 
Finally, carbon has remained in the same oxidation state, +4 in CCl, and 4-4 
in Cl,CO. Thus the reaction is not an oxidation-reduction process. 

These two examples show us that one of the important uses of the oxidation 
state concept is to provide an electron bookkeeping device that allows us to 
recognize an oxidation-reduction reaction. A second use of the concept is to 
provide a framework within which chemical similarities may be recognized and 
chemical properties correlated. For example, the acidic properties of the transi- 
tion metal ions in the +2 state are quite similar, and the same may be said for 
the +3 ions. However, the +3 ions as a group are distinctly more acidic than 
the +2 ions, and this increase of acidity with oxidation number is found quite 
generally in the chemistry of other elements. In our study of the descriptive 
chemistry of the elements we shall find other examples of the correlation 
between chemical behavior and oxidation state. Finally, the oxidation. state 
concept is useful in balancing the equations of oxidation-reduction reactions, 
as we shall see later in this chapter. 


7.2 THE HALF-REACTION CONCEPT 


A most remarkable feature of oxidation-reduction reactions is that they can 
be carried out with the reactants separated in space, and linked only by an 
electrical connection. Consider Fig. 7.1, an illustration of a galvanic cell which 
involves the reaction between metallic zinc and cupric ion: 


Zn(s) + Cut*(aq) > Cu(s) + Zn** (aq). 


The cell consists of two beakers, one of which contains a solution of Cu** and 
a copper rod, the other a Zn? * solution and a zine rod. A connection. is made 
between the two solutions by means of a “salt bridge,” a tube containing a 
solution of an electrolyte, generally NH4NOs or KCl. Flow of the solution 
from the salt bridge is prevented either by plugging the ends of the bridge with 
glass wool, or by using a salt dissolved in a gelatinous material as the bridge 
electrolyte. When the two metallic rods are connected through an ammeter, 
there is immediately evidence that a chemical reaction is occurring. The zinc 
rod starts to dissolve, and copper is deposited on. the copper rod. The solution 
of Znt+ becomes more concentrated, and the solution of Cu** becomes more 
dilute. The ammeter indicates that electrons are flowing from the zine rod to 
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far 


FIG. 7.1 


A galvanic cell. 


Cut *(aq) 
SOF(aq) 


the copper rod. This activity continues as long as the electrical connection and 
the salt bridge are maintained, and visible amounts of reactants remain. 

Now let us analyze what happens in each beaker more carefully. We note 
that electrons flow from the zinc rod through the external circuit, and that 
zine ions are produced as the zinc rod dissolves. We can summarize these 
observations by writing 


Zn = Zn**(aq)--2e- (at the zine rod). 


Also, we observe that electrons flow to the copper rod as cupric ions leave the 
solution and metallic copper is deposited. We can represent these occurrences by 


2e— + Cutt(aq) = Cu (at the copper rod). 


In addition, we must examine the purpose of the salt bridge. Since zinc ions 
are produced as electrons leave the zinc electrode, we have a process which tends 
to produce a net positive charge in the left beaker. Similarly, the arrival of 
electrons at the copper electrode and their reaction with cupric ions tends to 
produce a net negative charge in the right beaker. The purpose of the salt 
bridge is to prevent any net charge accumulation in either beaker by allowing 
negative ions to leave the right beaker, diffuse through the bridge, and enter the 
left beaker. At the same time, there can be a diffusion of positive ions from left 
to right. If this diffusional exchange of ions did not occur, the net charge 
accumulating in the beakers would immediately stop the electron flow through 


the external circuit, and the oxidation-reduction reaction would stop. Thus, 
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while the salt bridge does not participate ding. in the cell Reaction; it is 
necessary if the, cell is to operate. ^ 
The analysis of the operation of this galvanic cell duis ipei n suggests 
that the overall oxidation-reduction reaction can be separated into two- "half- 
reactions: x 
Zn = Zn**--2e- oxidation 
2e- + Cutt = Cu reduction 
Zn + Cutt = Zn** + Cu 


Many other oxidation-reduction reactions can be carried out successfully in 
galvanic cells, and it is natural to think of these cell processes as separated 
into the half-reactions which occur at the two electrodes. However, any oxida- 
tion-reduction reaction occurring under any circumstances can be conceptually 
separated into half-reactions. The benefits are these: 
1. The half-reaction concept can aid greatly in the balancing of oxidation- 
reduction equations. 
2. Half-reactions form the framework used to compare the strength of various 
oxidizing and reducing agents. 
In the next two sections we shall examine these items in detail. 


7.3 BALANCING OXIDATION-REDUCTION REACTIONS 


The “half-reaction method” of balancing. oxidation-reduction equations con- 
sists of four steps; 


Identifying the species being oxidized or reduced. 
Writing separate half-reactions for the oxidation and reduction processes. 
Balancing these half-reactions with respect to atoms and electrical charge. 


Combining the balanced half-reactions to form the overall net oxidation- 
reduction reaction. 


We shall illustrate these steps by balancing the equation for the reaction 


air 


y= 


H305 + I^ > I; + H20, 


which occurs in an acidic aqueous solution. 

Use of oxidation numbers tells us immediately that the iodide ion is oxidized 
from the —1 state.to elemental iodine, whose oxidation number is zero. Similarly, 
the oxidation state of oxygen in H20% is —1, while in H5O it is —2, so that 
hydrogen peroxide is being reduced to water. Therefore, we have 


I> Is, oxidation, 
H305 — H20, reduction. 
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.' With the oxidation and reduction processes identified, and “skeleton” half- 
reactions written, we pass to the third step f he balancing procedure. We can 
balance the oxidation of iodide chemically by writing _ 

, > Ts; 


but this is still not a balanced equation, since the net charge on the reactants 
and products is not the same. However, the oxidation process amounts to 
removing one electron from each of two iodide ions, so we have 


217 = Iz 2e , 


as a half-reaction balanced with respect to atoms and net charge. 
We can start balancing the reduction process by writing 


H202 T 2H50, 


which balances with respect to oxygen atoms, but not with respect to hydrogen 
atoms. We must add some form of hydrogen to the left-hand side; the problem 
is to decide on the appropriate reagent. Examination of the overall reaction 
shows that hydrogen appears only in the +1 state in both reactants and products. 
Since hydrogen is not oxidized or reduced in the reaction, any hydrogen we 
introduce in balancing the half-reactions must be in the +1 state. Since the 
reaction occurs in acidic aqueous solution, protons are available, so we can 
write* . 
2H* + H505 — 2H50, 


which balances the half-reaction chemically, but not electrically, since the net 
charge on each side is not the same. We can remedy this by adding two elec- 
trons to the left-hand side to obtain 


27 + 2H* + H202 = 2H30, 


which is the balanced half-reaction for the reduction process. 

Before we carry out step 4, we note that in balancing the separate half- 
reactions, we made use of the general requirements of atom and charge conserva- 
tion, but did not use the oxidation number concept. Let us see whether the 
numbers of electrons introduced into these half-reactions on the basis of charge 
balance are consistent with the changes in oxidation numbers. In the oxidation 
of iodide ion to iodine, the oxidation number change is from —1 to 0 for each 
of two iodine atoms, and this is consistent with the two electrons appearing on 
the right-hand side of the half-reaction. In the reduction of hydrogen peroxide, 
each of two oxygen atoms is reduced from the —1 to the —2 state, which means 


* Here we are reverting to the practice of writing the aqueous proton simply as H+ 
instead of H30+. This procedure simplifies the appearance of oxidation-reduction 
equations by decreasing the number of water molecules that must be written. 


OXIDATION-REDUCTION REACTIONS 7.3 


* ^ E LA grt 
that two electrons are needed for each hydrogen peroxide molecule, as we have 
found already. Therefore the half-reactions we have written are consistent with 


‘the principles of atom and charge conservation and our conventions regarding 


oxidation states. 

To write a balanced net reaction, we must combine the two half-reactions so 
that electrons do not appear as reactants or products. This can be done very 
simply in our present example; we merely add the two half-reactions as they 
stand: 

2I- = I; 4- 2e^ 
2e- + 2H* + H202 = 2H20 
2H* + 217 + H202 = 2H20 + Is 


Since each half-reaction was balanced chemically and electrically, so is the net 
reaction. 

The use of half-reactions permits us to balance equations using only the 
principles of atom and charge conservation, and to reserve oxidation numbers 
for use as a check on our work. As.a more challenging example of the procedure, 
consider 


ji 
H (0) (0) (0) 
NA \ 4 
Cc Cc 

H | H H H 

N 

+ Cr207 = + Ort 

AC A 
H H H H H H 
Benzaldehyde Benzoic acid 


It might be rather tedious to compute the oxidation numbers in benzaldehyde 
and benzoie acid, and we do not need to do so in order to balance the equation. 


We start with 
C.H;CHO — CsH;COOH 


and balance chemically by writing 
CsH;CHO + H50 — CsH;COOH + 2H*, 


which is a way of introducing the oxygen atom in the —2 state required on the 
left-hand side, The charge balance requirement results in two electrons appear- 
ing on the right-hand side, so the completed half-reaetion is 


C.sH;CHO + H;0 = CsH;COOH + 2H* 2e". 


To check, we note that the sum of the oxidation numbers of seven carbon atoms 


53.8 | BALANCING OXIDATION-REDUCTION REACTIONS 


263 


in CsH;CHO must be —(6 — 2) = —4, since there are six hydrogen atoms in 
the +1 state and one oxygen atom in the —2 state, and the molecule is un- 
charged. Similarly, the sum of the oxidation numbers of the seven carbon atoms 
in CSH;COOH is —(6.— 4) = —2, since there are two oxygen atoms in the —2 
state in benzoie acid. Therefore the net change in the oxidation numbers of the 
carbon atoms is —2 + 4 = --2, which means that the molecule loses two 
electrons as it is oxidized. This is consistent with the way in which our half- 
reaction is written. 
To complete the example, we must balance 


Cr.07 — 2€r*?. 
Introducing H* on the left and H50 on the right gives 
14H* + Cr07 — 2Cr*? + 7H30. 


To balance the half-reaction electrically we need 6 electrons on the left-hand 
side, so we get 
6e~ + 14H * + Cr;07 = 2Cr*? + 7H50. 


Finally, to eliminate electrons from the overall reactions we must add the two 
half-reactions as follows: 


3 X [C4H3CHO + H,0 = CHCOOH + 2H* + 27] 
1 X [6e + 14H* + Cr,07 = 2Cr** + 7H,0] 
3O,H;CHO ++ Cr;O7 + 8H* = 30,H,COOH + 20r** + 4H,0 


Our two examples have shown that in order to achieve material balance 
with respect to oxygen in the —2 state and hydrogen in the +1 state, we may 
introduce protons and water molecules as needed on either side of the half- 
reactions. This is true as long as the reaction being balanced is taking place in 
acidic aqueous solution. However, for reactions which occur in basic solution, 
the procedure is slightly different, as we shall see from our next example. We 
shall balance 


CIO--FCrO; — CrO; + CI™ (basic solution). 
The half-reaction involving chlorine is 
CI0- 2 CI-. 


Oxygen in the —2 state must appear in the products, and since we are dealing 
with a basic solution we might introduce it either as OH~ or H20. In order to 
avoid deciding which should be used, we first use oxidation numbers to decide 
how many electrons must appear, then use charge balance to decide where and 
how much OH- must be used, and finally complete the balancing by adding 
H20 where required by the atom conservation principle. 
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the —1 state in CI requires two electrons on the left-hand side of the equation: 
a à y 
2e7 + ClO~ > Cl. 


_ Tt is now clear that to achieve charge balance, we must add OHT to the right- 
hand side: : 
2e— + CIO- — CI- + 20H-. 


Finally, chemical balance is reached by adding water to the left-hand side, 
which gives j 
2e- + H50 + CIO- = CI + 20H-. 


It is true that we might have started with 
CIO- > Cl, 


and immediately achieved chemical balance by adding a water molecule to the 
left, and two hydroxide ions on the right: 


CIOT + H,0 — CI- + 20H^.: 


Then by charge balance two electrons are required on the left, and the balanced 
half-reaction results, without the use of oxidation numbers. However, the 
immediate introduction of OIí^ and H30 is often a confusing procedure, and, 
as we have pointed out, it can be simplified by using oxidation numbers in the 
— balancing process. 

To finish the problem, we balance 


CrOz > CrO;, 


by noting that the chromium atom changes from the +3 to tne +6 state, so 
three electrons are required on the right: 


Cr0; — CrO;z + 3e. 

Charge balance requires that 40H — must appear on the left to give 
1: 40H- + CrOg. — CrOT + 3e", 

while material balance requires 2H50 on the right: 

40H- + CrO; = CrO? + 2H20 + 3e. 

To obtain the net reaction, we combine the half-reactions by writing 


3 x [2e7 + H20 + CIO- = C17 + 20H] 
2 x [40H- + Cr0; = CrO? + 2H50 + 3e] 
20H- + 3CIO- + 2Cr0;5 = 3Cl~ + 2Cr0, + H20 
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As our final example, we choose a disproportionation reaction, where one 
substance is both oxidized and reduced: 


P,-- OH- — PH; FH POS. 


'The oxidation process is 
P, — 4H;PO;. 


In the hypophosphite anion, H5PO;, phosphorus is in the +1 oxidation state, 
so that four electrons must be produced in the half-reaction as written: 


P, — 4H,PO; + 4e-. 


We need only add 8OH-^ to the left-hand side to achieve charge and chemical 
balance: 
80H- + P, = 4H2POF + 4e". 


The reduction reaction is 
P4 T 4PH;. 


Since phosphorus changes from the 0 state to the —3 state, 12 electrons are 
needed on the left-hand side and 12 hydroxide ions must be added to the right- 
hand side of the equation. This gives us 


- 


12e- + 12H50 + P, = 4PH; + 120H^ 
when the reaction is balanced chemically. To obtain the net reaction we write 


3 X [BOH- + Py = 4H3PO; + 4e] 
1 X [12e- + 12H50 + P4 = 4PH, + 120H-] 
120H- + 4P; + 12H30 = 12H;POz + 4PH; 


The four examples we have discussed illustrate most of the difficulties that 
can arise in balancing oxidation-reduction equations. 


7.4 GALVANIC CELLS 


In Section 7.2 we used the qualitative features of galvanic cells to show the 
natural origin of the half-reaction concept. In this section we shall discuss 
electrochemical cells more thoroughly to see how they can be used to give us a 
quantitative comparison of the strengths of oxidizing and reducing agents. 

First let us examine a few of the common types of electrodes that are used in 
galvanic cells. Very often the electrodes are metals that are “active” in the 
operation of the cell. That is, the metallic electrodes are dissolved or formed 
as the cell reaction proceeds. As an example, we already have the zinc and 
copper rod electrodes which are respectively consumed and formed as the 
reaction 

Zn + Cutt = Zn** +4 Cu 


runs from left to right. 
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Also common are inert or “sensing” electrodes which are left unchanged by 
the net cell reaction. For example, consider the cell shown in Fig. 7.2. In the 
left beaker there is a mixture of ferrous and ferric ion solutions and a platinum 
strip, while in the right beaker there is the familiar copper electrode in contact 
with a solution of cupric ion. As the cell operates, copper metal is oxidized and 
ferric ion is reduced: 

Cu + 2Fe*? = 2Fe** + Cutt. 


Thus at the platinum electrode, ferric ions acquire electrons and become ferrous 
ions, while the electrode remains unchanged. In order to remain unchanged by 
the cell reaction, the electrode must be made of inert material; platinum and 
carbon are the two substances most commonly used. 


A galvanic cell. The half-cell on the 
left makes use of a platinum strip as 
an inert sensing electrode. 


Fe*3 
Te) j 
507(aq) 


A third common type is called a. “gas electrode” and is actually quite closely 
related to the inert electrode just discussed. Figure 7.3 shows a hydrogen gas 
electrode operating in conjunction with a copper half-cell. The overall cell 
reaction in this case is 


Ha(g) + Cut*(aq) = Cu(s) + 2H * (aq). 


The hydrogen gas electrode is a piece of platinum whose surface is saturated 
by hydrogen gas at 1-atm pressure: The surface of the electrode serves as a 
place where hydrogen molecules can be converted to protons by the reaction 


H2(g) = 2H*(aq) -+ 2e. 
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` FIG. 7.8 


Depending on the direction of the overall cell reaction, the reverse process may 
also occur at the gas electrode. Thus the platinum metal itself is left unchanged, 
and serves to deliver or remove electrons as needed. In order to increase the 
rate at which oxidation or reduction can occur, the surface area of the gas 
electrode is increased by the deposition of finely divided platinum. 

Now we return to the cell made up of the zinc and copper half-cells shown in 
Fig. 7.1, and this time imagine the electrodes connected to the terminals of a 
voltmeter. A few experiments would show that at a constant temperature, the 
voltage of the cell is a function of the ratio of the concentrations of the zinc and 
cupric ions. If the temperature is 25°C, and the concentrations are equal, the 
voltmeter reads 1.10 volts. If the zinc ion concentration is increased, or the 
concentration of cupric ion decreased, the voltage decreases, and vice versa. 


A galvanic cell in which the 
half-cell on the left uses a 
hydrogen gas electrode. 


Let us now imagine the copper-cupric ion half-cell replaced by a half-cell 
consisting of a silver wire immersed in a solution of silver nitrate. Once again 
experiments would show us that the voltage of the cell depends on the ratio of 
the ion concentrations, and when these are equal, the cell potential is 1.56 volts. 
This is substantially larger than the voltage produced by the zinc-copper cell 
operating under the same concentration conditions. Thus we see that the 
voltage of a galvanic cell is characteristic both of the chemical substances in- 
volved in the cell reaction and of their concentrations. To facilitate comparison 
of different galvanic cells, each should be characterized by a voltage measured 


under some set of standard conditions of concentration and temperature. The 
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standard conditions that have been chosen are 1-M concentration* for all dis- 
solved materials, 1-atm pressure for all gases, and for solids, their most stable 
form at 25°C. The voltage measured under these conditions is called the stand- 
ard cell potential, and is given the symbol A£. 

The standard cell potential is a very useful and important quantity. In the 
first place, A6" in part determines the amount of work that the galvanic cell 
can do when it is operating under standard conditions. Imagine that the ter- 
minals of the cell are connected to an electric motor of 100% efficiency. Then, 
when a current 1 flows through the voltage difference 48° for a time £, the work 
performed is 


A8? x i X t = electrical work, 
and since the product of current and time is the total charge q passed, 
8° x q = electrical work. - 


Thus the work which an electrochemical cell can do is given by the product of 
its voltage and the amount of charge it can pass. When a cell operates under 
standard conditions, its voltage A&" depends only on the chemical nature of 
the reactants and products. On the other hand, the amount of charge q that a 
given cell can deliver depends on the amount (not the concentration) of material 
available for the cell reaction. Therefore, of the factors that determine the 
ability of an electrochémical cell to do work, only 48° is directly related to the 
chemical nature of the reacting species. 

The most important aspect of the standard cell potential is that it can be 
taken as a quantitative measure of the tendency of reactants in their standard 
states to form products in their standard states. In short, AE represents the 
driving force of the chemical reaction. Figure 7.4 demonstrates the sense of this 
statement, A zinc-copper standard cell, whose A&" is 1.10 volts, is connected to 
an independent, variable voltage supply such that the variable voltage opposes 
the cell voltage. An ammeter indicates the direction of the flow of electrons. 

When the variable voltage is less than 1.10 volts, the ammeter shows that 
electrons flow from the zinc electrode through the external circuit to the copper 
electrode. Therefore the spontaneous cell reaction under these conditions is 


£n + Cu** — Cu + Zn**, 


just as it is when the electrodes are connected by a direct wire, or when metallic 
zinc is added to a solution of cupric ion. 

If the variable voltage is increased, we find that when it reaches 1.10 volts, 
no current flows through the ammeter, and no net cell reaction occurs. The 
chemical “driving force" causing reactants to go to products is opposed by an 


* Actually, not 1 molar but 1 molal. However, the difference between the two is small 
and can be neglected for our purposes. 
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(b) Cu* *(aq) 


(a) Cut *(aq) 


The effect of opposing a cell with an external variable voltage. In (a) the external voltage 
is less than the cell voltage and electron flow is in the clockwise direction. In (b) the 
external voltage exceeds the cell voltage and the electron flow is reversed. 


external electromotive force of equal magnitude. As the variable voltage is 
increased further and becomes greater than 1.10 volts, the ammeter shows that 
the direction of the electron flow is from the copper electrode to the zinc elec- 
trode. Therefore, copper is being converted to cupric ion, and zinc ion to zinc 
metal, so the cell reaction is 


Cu + Zn** — Cutt + Zn. 


This is just the reverse of the spontaneous reaction of a short-circuited cell. 

It seems reasonable to take the cell potential as a measure of the chemical 
driving force of the reaction, for when the cell is opposed by a numerically 
greater electromotive force, the spontaneous cell reaction is reversed, and an 
“electrolysis” occurs. However, we must be careful to remember that at best 
the standard cell potential measures the tendency of reactants in their standard 
states to form products in their standard states, and that the driving force of the 
reaction for any other states of the reactants and products will in general be 
different. 

We have been emphasizing the significance of the magnitude of the standard 
cell potentials, and now we must introduce the convention concerning the sign 
of As°. If a reaction proceeds spontaneously from left to right as written, its 


AE? is given a positive sign, as in 


Zn + Cutt = Cu+Zntt, A8? = 41.10 volts. 
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If the spontaneous direction is from right to left, A8? is given a negative sign. 
Therefore we would have *- 


Cu + Zn** = Cutt + Zn, A8? = —1.10 volts. 


Thus we can say that the more positive A&° is, the greater is the tendency of 
the reaction to proceed from left to right. 

In the case of the copper-zine cell, the value of A&° can be accepted as a 
measure of the tendency of zine metal to lose electrons and become zinc ion, 
and of cupric ion to accept electrons and become copper metal. In other words, 
A6é° is a simultaneous representation of the strength of zinc metal as a reductant, 
and of the strength of cupric ion as an oxidant. However, in order to compare 
the strengths of various oxidizing agents or reducing agents, it would be helpful 
if we could obtain a measure of the tendency of a given half-reaction to proceed. 
That is, we would like to have available standard half-cell potentials, rather than 
the values of As®, 

We can properly regard any value of A&° as the sum of two half-cell poten- 
tials, one associated with each of the half-reactions in the cell. But because 
every galvanic cell involves two half-reactions, we can never measure absolute 
values of the individual half-cell potentials, only the sum of two of them. How- 
ever, it is still possible to obtain numerical values for the half-cell potentials 
just by arbitrarily assigning one half-reaction a potential of zero. This pro- 
cedure is completely analogous to choosing Greenwich, England, as the zero of 
longitude, for although only differences in longitude can be measured, once one 
point is assigned a definite longitude, all other points also assume definite 
numerical values. Accordingly, it has been decided to assign the hydrogen 
gas-hydrogen ion half-reaction, 


H,(1 atm) = 2H*(1 M) + 27, 


a half-cell potential &° of zero volts, when the reactants and products are in 
their standard states. 

To assign half-cell potentials to other half-reactions we proceed in the follow- 
ing manner. We first measure the magnitude of the standard voltage generated 
when each half-cell is combined with the hydrogen half-cell. Thus, when the 
zinc-zine ion half-cell operates with the standard hydrogen electrode, we note 
that the measured voltage is 0.76 volt, and that electrons flow from the zinc 
electrode to the hydrogen electrode. Hence the spontaneous cell reaction is 


Zn(s) + 2H*(1 M) — Zn**(1 M) + Ho(1 atm). 
Similarly, measurement of the voltage of the copper-cupric ion half-cell working 


with the hydrogen electrode shows 0.34 volt, and that electrons flow from the 
hydrogen electrode to the copper electrode. The direction of the spontaneous 
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coll reaction must be — 3 TON ia 
$ Cu**(1 M) + Hall atm) — Cu -+ 2H*(1 M). 


The information we now have allows us to say that the absolute magnitude 
of the zinc-sine jon half-cell potential is 0.76 volt, and that tbe absolute mag- 
potential is 0.34 volt. But should these 


Similarly, experiments with the copper-hydrogen cell show that cupric ion 
is a better oxidant than hydrogen lon, or that the Cu**, Cu half-reaetion has a 


Ca**.-2e7 = Cu, — £* 4034 volt. 
Our table of half-cell potentials now roade 


Za** + 297 = In, B’ = —0.76 volt, 
TH? + Qe" = Hy, =” = 0.00 volt, 
Cu** + %7 = Cu, £* = 4034 volt, 


with increasing voltage indicating increasing tendency af the half-resetiom to 


potential of the reaction 
` Za + Cut? = Zn** + Cu 
from the standard half-cell potentials 
Za** -+ 207 = Yo, — t*— —070 volt, 
Cut? + 207 = Cu, — &£* 04 volt. 
We must combine these reactions such that zinc metal appears on the left-hand 
side of the equation, and electrons are eliminated, "Therefore, we reverse the 
direction of the first hallresetion, and accordingly reverse the sign of ita halj-cell 
dere “Zn = dnt? 2x7 B= 40.76 
= - 
2e7 + Cu** = Cu. tt. 
Zn + Cu* * = Cad Zo "= 110 volta 
i 
The resulting A£9 la numerically equal tò the measured. cell 
- potential. Furthermore, the of the ealeulated 359 tells us that the 
spontaneous direetion of the re b left to right as written; this is also 
found experimentally. "Thus our sign convention le internally consistent. —— 


eren TUA a py a > 


generates 0.80 volt, and the hydrogen electrode i& negative. eque oe 

the cell operates, electrons must be produced at the electrode and 

consumed at the silver eleetrode, The spontaneous cell must be 
Hy + 2Ag* — 2Ag + 2H*. sn 


The direction of the spontaneous eel] resetion tells we that silver ion jr a 
better oxidant than hydrogen lon. Thus the half-teaction 


Me = Ag 
has greater tendency to procerd ña written than does 
7H* +27 = Ay. 


Therefore the half-cell potential for the silver ion-wilver reaction must. be 
40.50 volt. 
Let us now combine the Ag*, Ag balf-eaetion with the Cu* *, Cu hali- 
Faction to obtain the voltage of the corresponding galvanie cell, We have 
Cat? 4 de" = Cu, — £* = 40.34 volt, 
Ag'*-eT Ag 6 = 4080 volt. 


n 


To eliminate electrons in the overall reaction, the direction of the Cu**, Cu 
half-reaction must be reversed, and the Ag*, Ag half-reaction itself must be 
multiplied by two: 
Cu = Cutt + 2e7 —0.34 
2e7 + 2Ag = 2Ag * +0.80 
Cu + 2Agt = Cutt + 2Ag A8’ = 0.46 volt 


This calculated voltage agrees with that obtained by direct measurement from 
the cell itself, and its sign correctly indicates that copper metal should reduce 
silver ion as the cell operates. 

Note carefully that the sign of the Cu**, Cu half-cell potential was changed 
when the direction of the half-reaction was reversed, but when the Agt, Ag 
half-reaction was multiplied by two, the half-cell potential was not. The reason 
for this is that the voltage is associated only with the driving force of a reaction, 
and is intimately connected with the direction in which a reaction proceeds. 
On the other hand, multiplying an equation by two is an operation which has 
to do only with the amounts of materials available for reaction, and not. with 
the driving force or half-cell potential. 

. Now we can summarize the conventions regarding half-cell potentials: 


1. The standard hydrogen electrode is assigned a potential of exactly zero volts. 


“2. When all half-reactions are written as reductions, that is, in the form 


Oxidant + ne^ = reductant, 


the reactions that proceed to the right more readily than the Ht, He reaction 
are assigned a positive voltage, and those that proceed with a smaller driving 
force are given negative half-cell voltages. 
3. The size (in the algebraic sense) of the half-cell potential is a quantitative 
measure of the tendency of the half-reaction to proceed from left to right. 
4, If the direction in which a half-reaction is written is reversed, the sign of its 
half-cell potential is reversed. However, when a half-reaction is multiplied 
by a positive number, its voltage is unchanged. 

We have in this discussion adopted the convention that tabulated half- 
reactions are written as reductions proceeding from left to right. This conven- 
tion, long traditional in European countries, has been recommended and largely 
adopted for international use. The convention used in the United States until 
recently has been to write half-reactions as oxidations, as for example, 


Zn = Int+-+2e-, 6° = 0.763, 
2Cl- = Cls--2e^, 6° = —1.36. 


Because the direction of writing the reaction has changed, the sign of &° has 
been reversed. Half-reactions tabulated in this way will be encountered fre- 
quently in older books. Reactions written according to either convention con- 
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Table 7.1 Standard reduction potentials at 25°C 


Half-reaction &° (volt) Half-reaction &° (volt) 
Acid solution Hg2Cl2 + 2e- = 2Hg + CI- 0.2676 

Lit 4- e- — Li —3.045 Cu** + 2e— = Cu 0.337 
Catt + 2e- = Ca —2.866 Fe(CN)g? + e- = Fe(CN)g * 0.36 ` 
Nat + e- = Na —2.714 Cut + e- = Cu 0.521 
La+3 + 3e- = La —2.52 la(s) + 2e- = 217 0.535 
Mg** + 2e- = Mg —2.36 ls + 2e- = 317 0.536 
AIFg? + 3e- = Al + 6F- —2.07 PtClT + 2e- = Pt + ACI- 0.73 
AI*3 + 3e- = AI —1.66 Fet3 4+ e- = Fett 0.77 
SiFe + 4e- = Si + 6F- —1.24 Hgi* + 2e- = 2Hg 0.788 
Vt + 2e- — V —1.19 Ag+ +e- = Ag 0.799 
Mnt+ 4- 2e%= Mn —1.18 2Hgt+ + 2e- = Het+ 0.920 
Znt+ + 2e- = Zn —0.763 Br + 2e- = 2Br- 1,087 
Crt? + 3e- = Cr —0.744 lOg + 6H* + 5e- = Hs + 3H20 1.19 
Fett + 2e- = Fe —0.44 O2 + 2H+ + 4e- = 2H20(1) 1.23 
Cr? + e- = crit —0.41 Cr07--14H*--6e- —2Crt?--7H»0 1.33 
PbSO4 + 2e- = Pb + SOT —0.359 Cle + 2e- = 2CI- 1.36 
Cot+ + 2e- = Co —0.277 PbO» + 4H+ + 2e- = Pbt+ 4- 2H20 145: 
Nit+ + 2e- = Ni —0.250 Aut? + 3e- = Au 1.50 
Pbt+ + 2e- = Pb —0.126 MnOz + 8H++5e-=Mnt+++4+4H20 1.51 
Dt + e- — D» —0.0034 03 + 2H* + 2e~ = 05 +H20 2.07 
Ht++e-= H2 0 (definition) F24-2e- —2F- 2.87 
Cutt + e~ = Cut 0.153 H4Xe0s 4- 2H* + 2e- = Xe03 + 3H20 3.0 


Half-reaction 6° (volt) 
Basic solution 

H2AlOz + H20 + 3e- = Al + 40H- —2.33 
CrOz + 2H20 + 3e7 = Cr + 40H- —1.27 
ZnOZ + 2H20 + 2e- = Zn + 40H- —1.21 
Sn(OH)s + 2e- = HSnOz + H20 + 30H-7 —0.93 
HSnOz + H20 + 2e- = Sn + 30H- —0.91 
HPbOz + H20 + 2e- = Pb + 30H- —0.54 
Co(0H)s + e- = Co(OH)2 + OH- 0.17 
103 + 3H20 + 6e- = I- + 60H7 0.26 
ClOz + H20 + 2e- = CIOz + 20H- 0.33 
Clog + H20 + 2e- = CIO3 + 20H- 0.36 
O2 + H20 + 4e- = 40H7 0.40 
HOz + H20 + 2e- = 30H- 0.88 
CIO- + H20 + 2e- = CI- + 20H- 0.89 
HXeO; + 3H20 + 6e- = Xe + 70H- 0.9 
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tain the same amount of information. We have adopted the international 
convention in anticipation of its increasingly common use. However, in using 
any table of half-cell potentials, one should at the outset ascertain the conven- 
tion that is being employed. 

Table 7.1 gives the half-cell potentials of a number of reactions. Such a 
table not only gives us a quantitative comparison of the strengths of oxidizing 
and reducing agents, it is a very compact way of storing chemical information. 
Tf the values of 8° for 50 half-cells are tabulated, it is possible to calculate from 
these the values of A&? for (50 x 49)/2 reactions. 


Example 7.1 By using Table 7.1, arrange the following substances in order of increas- 
ing strength as reductants: Zn, Pb, Al. Also, of Ag+, Clo, Os, which is the strongest 
oxidant, and which is the weakest oxidant? 

To find the order of increasing reducing strength, we note that any reductant in 
Table 7.1 is stronger than all others below it. Therefore, reducing strength increases 
in the order Pb, Zn, Al. 

Oxidizing agents appear on the left-hand side of the half-reactions in Table 7.1, 
and any oxidant is stronger than all those above it. Therefore Os is the strongest of 
the three oxidizing agents, and Agt is the weakest. 


.7.5 THE NERNST EQUATION 


Until now, we have been exclusively concerned with galvanic cells operating 
under standard concentration conditions, and have associated the sign and mag- 
nitude of A&° with the driving force for chemical reaction. We must be careful 
about this use of A£?, however. Remember that A8° tells us only whether 
products in their standard states will be formed spontaneously from reactants 
in their standard states. For example, the fact that for the reaction 


Co(s) + Ni**(ag) = Co**(aq) + Ni(s), 


A8? = 0.03 volt tells us only that if both Ni** and Cott are present at 1-M 
concentrations, nickel metal will be formed, and cobalt will be converted to 
the ion. However, experiment shows that if the concentration of Nitt is 
0.01 M, and that of Co** is 1 M, then the direction of the spontaneous reaction 
is reversed. ‘Therefore, before we can predict the direction of spontaneous 
reaction for anything other than standard concentration, conditions, we must 
learn how the voltage of a galvanic cell depends on concentration. 

Experimental measurements of cell voltage as a function of reagent concen- 
tration show that for any general reaction 


aA + bB = cC + dD, 


the cell voltage A8 is given by 


Ae 0.059, | [CI [D]^. 
A8 = As? — — log [ABI 
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Here A&? is the standard cell potential, nis the number of electrons transferred 
in the reaction as written, and the logarithm is taken to the base 10. The factor 
0.059 is common to all cells operating at a temperature of 25°C. This expression, 
called the Nernst equation, is substantiated by a wealth of experimental data, 
and also can be derived from the more fundamental principles of thermo- 
dynamics, as we shall see in Chapter 8. 

Let us apply the Nernst equation to a specific example, the reaction 


Co + Nitt = Cott + Ni, ^ A&*— 0.03 volt. 
We have 


0.059, [Co**] 
2 98 [Nitt 


A& — 0.03 — (7.2) 


where we have substituted 0.03 for A&°, and since two electrons are transferred 
in the reaction as written, n = 2. Although metallic nickel and cobalt are 
involved in the net reaction, they are not included in the concentration term, 
since their concentrations are constant. Thus in writing the concentration term 
in the Nernst equation, we follow the same conventions as in writing equilib- 
rium-constant. expressions. 

If the reaction had been written 


2Co--2Nit* = 2Co** + 2Ni, — A&" = 0.08 volt, 


then n would equal 4, and the appropriate Nernst equation would be 


2 0.059, [Cot +}? 
A& = 0.08 — — log [Nit] 


pe 0.059 [Co**] ¢ 
= 0.03 — =z log [NiF] 


We see from this that the form of the Nernst equation is consistent with the 
idea that the voltage associated with a reaction is unaffected by multiplying 
that reaction by a positive number. 

The Nernst equation shows that the cell voltage is related to the logarithm 
of the reagent concentrations. In the particularly simple situation represented 
by Eq. (7.2), when the concentration ratio [Co+*]/[Ni**] changes by a factor 
of 10, the cell voltage changes by an amount equal to 0.059/2, or 0.03 volt. If 
the reactant concentration is increased, or the product concentration decreased, 
the cell voltage becomes more positive. For example, if [Nit+] = 1 Mf and 
[Co**] = 0.1 J, then 


AE = 0.03 — 0.099 log 0.1 = 0.03 + 0.03 


= 0.06 volt. - 
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Therefore, if we continue to associate the magnitude of the cell voltage with the 
tendency for the reaction to proceed, we can decide that the driving force for 


Co E: Ni**(1 M) = Cot#O.1M) - Ni 
is greater than for 
; Co -ENi** (1M) = Qo**Q M) + Ni. 
We can also calculate A8 when [Cott] = 1 M and [Ni**] = 0.01 M: 


0059, 1 
2. 9509] 


= —0.03 volt. 


= 0.03 — 0.059 


A& = 0.03 


The negative value of A& means that the reaction 
Co + Ni**(0.01 M) = Co**(1 M) + Ni 


proceeds spontaneously from right to left. This example shows that with a 
table of half-cell potentials and the Nernst equation, we should be able to pre- 
dict the spontaneous direction of a reaction under any concentration conditions. 


A silver-ion concentration cell. 
Ag*(1 M) 


'The Nernst equation suggests that we should be able to generate a voltage 
by a concentration difference alone, even though the standard potential of à 
cell might: be zero. As an example, consider the cell shown in Fig. 7.5. One 
half-cell consists of a 1 M Ag* solution and a silver wire electrode, while in the 
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other half-cell a silver wire dips into 0.01 M Ag*. Such an arrangement is 
called a concentration cell. Experiment shows that a voltage is generated, and 
that the electrode immersed in the more dilute solution is negative. Therefore, 
the half-reactions that oecur must be [ 


Ag(s = Ag^(0.01 M) J-e- (in the dilute solution), 
e7 + Ag* (1 M) = Ag(s) (in the concentrated solution), 


and the net cell reaction is 
Ag*(1M) — Ag^(0.01 M). 


That is, the spontaneous action of the cell tends to equalize the two concen- 
trations. The standard voltage of the cell reaction is zero, but the voltage 
generated in the present circumstances is 


ag = 0 — 0999 jog 021 


= 0.12 volt. 


The fact that there is a voltage, and thus a driving force for “reaction,” 
should not be surprising. We know that if a concentrated solution is put in 
physical contact with a dilute solution, the two will mix spontaneously by 
diffusion to form a solution of uniform intermediate concentration. It is this 
natural tendency for the two solutions to mix that is measured by the voltage 
of this concentration cell. 


Cell Potentials and Equilibrium Constants 


It is informative to use the Nernst equation to predict what will happen to 
the voltage of a galvanic cell as its reactants are consumed and its products 
formed by the cell reaction, To be specific, let us imagine a nickel-cobalt cell 


|. Whose voltage initially is 0.03 volt to be short circuited by a direct connection 


between the two electrodes. Then the reaction 
Co + Nitt = Cott + Ni 


proceeds spontaneously, and the concentration of Nit* decreases while the 
concentration of Co*^ increases. We can also imagine that a voltmeter is 
periodically inserted in the circuit to measure the cell potential as the reaction 
proceeds. The Nernst equation tells us that as the concentration of Ni** 
diminishes and that of Co*+ increases, the measured cell potential will decrease, 
and this is found experimentally. 

Now, electrons will flow through the external circuit and the reaction will 
continue as long as there is a voltage difference between the two electrodes. 
However, as reactants are consumed and products formed, this voltage difference 
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becomes steadily smaller and eventually becomes zero, At this point 

flow and net chemical reaction cease, and the concentrations of reactants 
products remain constant indefinitely. These are conditions characteristic of 
chemical equilibrium, and indeed when A8 = 0, concentrations of Co** and 
Ni** have been reached such that the reaction 


Co(s) + Ni**(aq) = Co**(aq) + Ni(s) 

is at equilibrium. 
The same sort of analysis can be carried through for any reaction, so for the 
general process 


aA + bB = cC + dD, 
we can say that at equilibrium, 


= 0m ac — 2059 jog (IOD >, 
A& = 0 = A6 ^ log een). (7.3) 


where the subscript on the concentration term indicates that all concentrations 

are those found at equilibrium. 

The concentration term in Eq. (7.3) is equal to the equilibrium constant K 
for the reaction 

C 

APB 7 K. 


Therefore, Eq. (7.3) becomes 
0 = A6° — -a log K, 


I" 10n4^*/0.050. (7.4) 


Equation (7.4) is particularly interesting und important, because it is an 
exact relation between K and 46°, the two factors that we have used to measure 
the tendency of reactions to proceed toward the products. We see that if A5" is 
positive, K will be greater than unity, and the larger A&° is, the larger is K. 
Our criteria that a large K, or a large positive 48°, indicate a strong tendency 
for reactants to be converted to products are therefore consistent with each 
other, 

We have taken a negative value of A£^ to mean that reactants in their 
standard states will not. proceed spontaneously to form products in their 
standard states.: However, a negative A5" does not mean that no products 
whatsoever will be formed from reactants. As Eq. (7.4) shows, a negative A6? 
means only that the equilibrium constant for the reaction is less than unity, 
so that from reactants in their standard states, products in some concentration. 
less than the standard value will be formed. 


Example 7.2 Calculate 46° and K for the reaction i 


2Fe** +- 3I7 = 2Fe+++ Iz. 
From Table 7,1 we get n 


e7- Fot = Fett, 80 m 0.771, 
2e I7 = 3I-, 80 = 0.536, 
We combine these half-reactions by subtracting the second from twice the first to get 
2Fe*3 + 317 = 2Fett + Iz. 
To obtain 46°, we subtract £? of the second half-reaction from 8° of the first: 
A8’ = 0.771 — 0,536. — 0.235 volt. 


"Therefore, 
Ea 19"4#°/0.050 m 19/2(0:335/0.089. 9 4 X 197, 


Thus a rather modest positive cell voltage corresponds to a large equilibrium constant. 


Example 7.3 The A&? for the reaction 
Fe-+ Zn** = Zn 4- Fe** 


is —0.32 volt. What is the equilibrium concentration of Fe** reached when a piece 
of iron is placed in a 1 M Zn* * solution? The equilibrium constant is 


K = 10790710080 192(-0.32/0.050 
-04X107!*, 


x= E53. 


then when (Zn**] = 1 M, it follows that [Fett] = 1.4 1071! M; 


Since 


These examples show that connecting 48° and K allows us to measure equilib- 
rium constants that are very large or very small, by carrying out experimenta 
in which all reagents have the convenient concentration of 1 M, or 1-atm 
pressure. 

The value of the solubility product constant ean be found by measurement 
of the voltage of a type of concentration cell, Suppose, for example, that a 
cell is constructed from a standard silyer-silver ion half-cell, and another half- 
cell consisting of a silver wire immersed in a solution which contains 107% M C17 
and is saturated with respect to solid silver chloride. This combination is a 
silver-ion concentration cell, since in the second half-cell, the silver-ion con- 


centration is 


(Ae*] = (G2) = 10° Km 
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where Ksp is the solubility product constant for silver chloride. Therefore 
voltage generated by the cell will be 


0.059 [Agt] 
Ag = 0 —- —1 
1 [Ag 


3 
Hen zl tog 12 = 


= —3 X.0.059 log Kop, 


since A&° = 0 for a concentration cell. For this particular cell the measured 
value of A& is +1.69 volt, so 


1.69 = —3 x 0.059 log Ksp, 
Ky = 28 X 1071. 


Once again we see that measurement of cell voltages is a convenient way to 
obtain equilibrium constants that would be virtually impossible to evaluate by 
direct chemical analysis. 


7.6 OXIDATION-REDUCTION TITRATIONS 
Oxidation-reduction titrations are important in analytical chemistry, and a 
discussion of them provides considerable insight into the operation of galvanic 
cells as well as the use of the Nernst equation. As an example, let us consider 
the titration of ferrous ion by ceric ion: 


Fe** + Ce** — Fet? + Cet. (7.5) 


This titration can be carried out with the apparatus shown in Fig. 7.0. The 
ceric ion is added from the buret to a beaker containing the ferrous jon. Into 
this beaker are placed a salt bridge and a platinum wire, so that it may be 
operated as a half-cell against the standard hydrogen electrode. Because the 
voltage of the standard hydrogen half-cell is zero by definition, the voltmeter 
gives the half-cell potential of the solution being titrated. 

Either of the two half-reactions 


Ce** + e7 = Cet, (7.62) 
Fet? + e~ = Fett (7.6b) 


can take place at the platinum electrode. Which of them actually determines 
the potential of the platinum wire? To answer, we first assume that after each 
amount of Ce** is added from the buret, reaction (7.5) takes place and rapidly 
reaches a position of equilibrium. Now, equilibrium between Fett, Fe*?, 
Cet? and Cet means that the half-cell potentials of reactions (7.6) are 
identical. Therefore we may regard the beaker either as a Fet’, Fe** half-cell 
or as a Ce**, Ce*? half-cell, whichever is more convenient. 
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Let us see how the half-cell potential changes as the reaction proceeds. If 
we think of the beaker as a Fe**, Fe*+* half-cell, its voltage is given by 


0.059 Fe**] 
£- h — 90 og 5] 


and this is also the voltage read by the voltmeter. At the start of the titration 
[Fe*?] = 0, so the cell potential should be infinite. In fact, it never reaches 
this value, because trace impurities and the electrical operation of the cell itself 
make (Fe*?] nonzero, but even so, the initial voltage is large. 


Apparatus for perform- 
ing an oxidation-reduc- 
tion titration by mea- 
suring the — half.cell 
potential of the titrated 
solution. 


Fe* *(aq) 


Suppose now that a fraction f of the ferrous ion has been titrated. If Co and 

V are the initial concentration of ferrous ion and the initial volume of the 
solution respectively, the amount of ferrous ion left is CoV(1 — f), and the 
amount of ferric ion produced is CoVf. The resulting volume of the solution is 
V + v, where v is the volume of ceric solution added. Therefore the voltage is 

MAL CoV(1 — f)/(V +) 
& = Er, — 0.059 log CVII V Fo) 
= £f, — 0.059 log UH ; (7:7) 


That is, the cell voltage depends only on the fraction titrated. Accordingly, we 
can use Eq. (7.7) to construct the titration curve of & vs. J shown in Fig. 7.7, 
as long as 0 < f < 1. Note that when f is equal to 0.5, & = &f,. 
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Just as for acid-base titrations, the equivalence point of an oxidation-redue- ' 
tion titration requires special treatment. The reason for this is that in our 
present example, when f equals unity, the concentration of ferrous ion is not | 
really zero, but is actually some small value determined by the equilibrium .- 
between it and the other ions. However, even though some Fe** remains 
unconverted at the equivalence point, there must be an exactly equivalent —- 
amount of Ce** present in solution, if f is truly unity. Therefore, at the equiva- 
lence point a 

[Ce**] = [Fe**), (7.88) 
[Ce ?] = [Fe*3]. (7.8b) 


12 Equivalence point 


FIG. 7.7 Half-cell potential as a function of f, the 
fraction of Fe** titrated with Ce**. 0.6) 
0 02 04 06 08 10 12 l4 


f, fraction titrated 


x 


Since these two relations hold simultaneously only at the equivalence point, 
we can use them to find the corresponding potential. First, we remember that 
the half-cell potential can always be written in two ways: 


(Fe**] 
e= 826 — 0.059 log [Fer] 


+3 
= 8%. — 0.059 log [d : 
Adding these expressions gives 
Fe Cot? 
26 = eh. + et, — 0.059 log DS (7.9) 


But Eqs. (7.8) tell us that 

[cet] — [Fe**] 
[Cet] [Fet]? 
[Fett ][Cet*] ET 


[Ferier] ^ | 
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at the equivalence point. Therefore, under the same circumstance Eq. (7.9) 
becomes 
28. = Ee + Ele — 0.059 log 1, 
Sep = $ (Efe + Ebe). (7.10) 


Thus, ep, the half-cell potential at the equivalence point, is the average of the 
two standard half-cell potentials. Equation (7.10) is valid for any. situation 
which involves two half-reactions with the same number of electrons. 

To calculate the half-cell potential when f is greater than unity, it is con- 
venient to use the expression written in terms of the ceric-cerous half-reactions: 


[Cet] 
[Ce*¥4] 


& = Ege — 0.059 log (7.11) 


The reason for this is that after the equivalence point has been passed, the 
concentrations of both Ce** and Cet? are large and easy to calculate approxi- 
mately. In fact, the amount of Ce*? present is virtually constant, because 


venient ^o use the Nernst equation written in terms of the Fe**, Fe*? half-cell 
potential, because the concentration of Fe** is very small and not constant, 
and must be carefully caleulated using the equilibrium constant for the reaction 
and the concentrations of the other ions. Equation (7.11) allows a much more 
direct caleulation of the half-cell potential. 

Examination of the titration eurve shows that the eleetrode potential changes 
very rapidly in the vieinity of the equivalence point. In fact, between f — 0.999 
and f — 1.001, the voltage change is 0.48 volt. It would seem, then, that the 
equivalence point could be located with great precision by following the progress 
of the titration by a voltmeter. In fact, elaborations of this idea provide the 
most elegant and convenient ways of carrying out oxidation-reduction titrations. 

From this titration curve we can see that in order to have a large change in 
voltage near the equivalence point, a minimum requirement is that the cell 
Voltages at f = 0.5 and at f = 1 be as different as possible. Thus the quantity 

e 


E1 — 60,5 = (Efe + 80) — Ere 
= 4(6be — Fe) 
= A&"/2 
must be as large as possible. Now, A&° is just the standard potential associated 
With the titration reaction, so since 


0 
d 10745 SEL 


our requirement for a large voltage change near the equivalence point is that 
the equilibrium constant for the titration reaction must be large. For the 
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ferrous ion-ceric ion reaction we find K to be 
K = 10%84/0-059 


= x 1015 
which is large indeed. 
When the two half-reactions involved in the titration reaction have different 
numbers of electrons, the expression for the potential at the equivalence point 
is somewhat different from Eq. (7.10). Let us illustrate this for the reaction 


5Fe^* + MnOjz + 8H* = 5Fe*? + Mn** + 8H50, 
which involves the following half-reactions: 
Fet? + e~ = Fe**, 
MnO; + 8H* + 5e- = Mnt* + 4H,0. 


As we noted before, the half-cell potential for the titration mixture can be 
written in two ways: 


++ 
& = 8$. — 0.059 log rea (7.12) 
++ 
= 6, — oem log [Mn] — 5 (7.13) 


[Mn0; ][H** 
At the equivalence point we must have 
5[Mn0;] = [Fe**], 
5[Mn**] = [Fe*?], 
and therefore it follows that 


[Fe**] | [MnO1]. 
[Fe*3] — [Mn++] 


Substitution of this into Eq. (7.12) gives 


Sep = Efe — 0.059 log Peon, (7.14) 


Now we multiply Eq. (7.13) by 5, add the result to Eq. (7.14), and get 


[Mn**] [MnO;i] , 
[Mn0;] [Mn++] [H+]? 
68ep = She + 58S + 0.059 log [H+], 


Sep + 58ep = Efe + 58Ma — 0.059 log 


0 0 
Bsp re + 589m Ee 9059 log [H?]*. 


6 
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This expression shows that when the numbers of electrons in the two half- 

.. reactions are different, the potential at the equivalence point is the weighted 

- average of the two half-cell potentials. Also, we can see that the potential at 
the equivalence point may be determined by the concentrations of any species 
that appear in the net titration reaction. 


7.7 ELECTROLYSIS 


Our exclusive concern has been with situations in which the spontaneous 
reaction occurring in an electrochemical cell provides a source of voltage and 
electrical power. The opposite case is that of electrolysis, where the application 
of an external source of voltage is used to carry out a chemical change. Electro- 
lytic processes are of great importance in industry today, and as we shall see 
in Chapter 10, were influential in the development of ideas about the electrical 
nature of matter. 

Perhaps the simplest of electrolytic processes occurs when two copper strips 
connected to opposite terminals of a voltage source are both dipped into an 
aqueous solution of copper sulfate. A current passes and at the copper strip 
connected to the negative terminal, more metallic copper is deposited, while 
at the other electrode copper metal is oxidized to Cu**. The electrode at 
which reduction occurs is always called the cathode, while the anode is always 
the electrode at which oxidation takes place. Thus we have 


Cu*t--2e- — Cu at the cathode, 
Cu = Cu**--2e- atthe anode. 


1f the anode of such a cell is made out of impure copper (99.0%), it is possible 
to deposit at the cathode copper of a purity of 99.98%. Thus this and other 
electrolytic refining processes find considerable use in the preparation of large 
quantities of pure metals. 

Electrolytic techniques make possible the recovery of the most active of the 
elements from their compounds. A glance at a table of standard electrode 
potentials shows that such ions as Na+, Mg**, and AI*? are extremely difficult 
to reduce: 

Nat + e~ = Na, 6° = —2.714 volts, 
Mg**--2e- — Mg, 8° = —2.37 volts, 
Alt’ + 3e- = Al, &° = —1.66 volts. 
In fact, there is no readily available chemical reagent that can reduce these ions 
to the metals in large quantities. As a result the commercial preparation of 
the active metals involves electrolytic reduction at the cathode, as for instance 
in the electrolysis of fused MgCls: 


Mg**--2e- — Mg at the cathode, 
2Cl— — Cl + 2e— at the anode. 
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Only about 6 volts need be applied to effect such a reaction, but even this 
voltage makes the cathode of an electrolytic cell an extremely powerful reducing 
agent. ~ s : 

The quantitative aspect of electrolysis is straightforward: the number of 
moles of material oxidized or reduced at an electrode is related by the stoichiom- 
etry of the electrode reaction to the amount of electricity passed through the 
cell. For example, 1 mole of electrons will reduce and deposit 1 mole of Ag", or 
0.5 mole of Cutt, or 0.33 mole of Al*, as suggested by the following electrode 
reactions: 


Ag*--e--— Ag, 
Cut*-4-2e. = Cu, 
AIT. 3e7 = AL 


While it is convenient to “count” atoms by weighing substances, the number of 
inoles of electrons delivered to an electrode is most easily measured in terms of 
total electrical charge. Since the charge of one electron is 1.6021 x 10~'® 
coulomb (coul), the charge on 1 mole of electrons is 


1.6021 x 107!? coul/electron X 6.0225 X 10?5 eleetrons/mole = 96,487 coul. 


This quantity of electricity is called the faraday and given the symbol F. Thus 
1 faraday of electricity will reduce 1 mole of Ag* or 0.5 mole of Cut* to the 
metal. 

The number of coulombs of charge passed through a cell in an electrolysis 
can be calculated from the measured current and the length of time the current 
flows. Since 

1 ampere (amp) = 1 coul/sec, 
we have : 
coulombs passed = current (in amp) X time (in sec). 


With this in mind, we can calculate, for example, that if a solution of CuSO, is 
electrolyzed for 7.00 min with a current of 0.60 amp, the number of coulombs 
delivered is 

coulombs = amperes X seconds = 0.60 x 7.00 x 60 


= 252 coul. 
This corresponds to 
252 coul Hy A 
96,487 coul/faraday 2.61 X 10 7 faraday. 


Consequently, 1.30 x 107? mole of copper metal is deposited in this elec- 
trolysis. In the commercial production of metals like magnesium the currents 
employed are approximately 50,000 amp. This current corresponds to about 
0.5 faraday/see, or to roughly 0.25 mole of magnesium metal deposited per 
second. 
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7.8 ELECTROCHEMICAL APPLICATIONS 


Even a casual examination of the natural world reveals an almost overwhelming 
number of examples of natural processes in which oxidation-reduction reactions 
play a central role. Indeed, photosynthesis, the basic process which sustains 
life on earth, is the light induced reduction of carbon dioxide and water to 
carbohydrate plant material, accompanied by the oxidation of some of the 
oxygen in these compounds to the elemental state. The metabolism of foods by 
animals is nearly the exact reverse of this process: oxidation of carbohydrates 
and other food materials to carbon dioxide and water. In detail, the fundamental 
life processes are executed by a very large number of oxidation-reduction 
reactions which interact with one another in a subtle manner. An indication of 
the nature of some of these biologically significant oxidation-reduction reactions 
will be found in Chapter 18. For the present, however, we shall investigate the 
application of the electrochemical principles to the apparently simpler phenomena 
of the corrosion of metals, and the storage and production of energy by galvanic 
cells. 


In the United States, more than $107 a year is lost to corrosion—the loss of 
material due to chemical attack. The mechanism of this loss is in some circum- 
stances simply the solution process. However, in the case of the oxidative 
corrosion of metals, the mechanism involved is electrochemical in nature, and 
is very closely related to the galvanic cell phenomena discussed in Section 7.4. 


2Fe** +60H-—Fe.0;+3H:0 
2Fe+++40.+H,02Fe*?+20H- 


10. -H40 4-2e7—OH- (a3) Fe Fe** (aq) 4-2e7 


Corrosion of a wet iron-spike by atmospheric oxygen. Oxidation of iron takes place 
principally at the highly stressed areas near the point. 


To analyze the corrosion mechanism of iron, consider Fig. 7.8, where an iron 
spike is shown with its partially wet surface exposed to atmospheric oxygen. 
The iron spike is a highly imperfect solid: it consists of randomly oriented 
microcrystals which have imperfect lattices and which incorporate impurity 
atoms. The iron atoms near the boundaries of these microcrystals or grains are 


t 
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Corrosion 


FIG. 7.8 
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relatively weakly bound, and at some sites they may easily enter the aqueous 
phase as ions: 
Fe(s) = Fe**(aq) + 2e. 


Thus certain of these grain boundaries serve as anodes, where iron is oxidized 
to ferrous ion. This process cannot long continue unless something is done to 
remove the electrons. Since iron is a good electrical conductor, these extra 
electrons can travel to sites on the iron surface which can facilitate a reduction 
reaction. If dissolved oxygen is in the aqueous phase, the reaction 


40. + H20 + 2e- = 20H7 


can occur at microscopic cathodes distributed on the surface. The net result 
is the production of Fe** and OH™, with the disappearance of metallic iron 
and oxygen. Further direct oxidation of the ferrous ion is possible: 


2Fe** + 40. + H20 = 2Fe*? + 20H-. 


Finally, if Fet? can diffuse to the region of the cathode where OH" is in abun- 
dance, the reaction 


2Fe*? + 60H- = Fe,03 + 3H,0 


can occur, and the insoluble solid iron oxide, or rust, is precipitated. 

In ordinary iron objects, the cathode and anode regions are so close that the 
unaided eye cannot distinguish them, and rust apparently forms everywhere 
on a wet surface. However, even in these circumstances it is observed that 
corrosion is much more rapid if the aqueous phase contains dissolved electrolytes. 
The reason for this is quite straightforward: These dissolved electrolytes play 
the same'role as does the salt bridge in a galvanic cell. The charge separation 
that would result from production of Fe** at the anode regions and formation of 
OH- at the cathode region would slow and eventually stop the oxidation- 
reduction reaction. By providing a uniform reservoir of ions of both electrical 
charges, the dissolved salts prevent excess charge from accumulating at either 
electrode and thereby speed the electrochemical corrosion. 

There are a number of ways to inhibit or prevent corrosion. The most obvious 
is to cover a susceptible metal with a polymeric coating like paint, which is 
relatively impervious to moisture and oxygen. In some circumstances, the 
protective coating may be a noble metal such as gold, which cannot be spon- 
taneously oxidized by air. More commonly, the coating is a metal which protects 
itself and the substrate by formation of an impervious oxide layer. In this way, 
such metals as zine, tin, nickel, or chromium can prevent the corrosion of iron. 

For some items such as large underground tanks or pipelines, overall coating 
or plating is either impractical or not fully effective. In these cases it is possible 
to prevent corrosion by using a sacrificial anode. A block of easily oxidized metal 
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I such as zinc or magnesium is placed in the earth and connected electrically 


* to the object to be protected. The zine block serves as an anode, and as it 
dissolves by the reaction 


Zn(s) = Zn**(aq) + 2e7, 


it supplies electrons to the iron object, and prevents any part of it from being 
oxidized. Instead, the whole object acts as a cathode, where oxygen is reduced 
‘to OH~. When the sacrificial anode is consumed, it can be replaced, and the 
protection continued. 


Batteries and Fuel Cells 


Galvanic cells provide a compact, safe way of storing energy so that it can be 
delivered in a particularly useful manner: as an electrical current driven by a 
voltage difference. A large number of pairs of half-reactions have been used for 
practice: applications, with the choice of reactions being influenced by such 
considerations as the availability and expense of materials, mechanical stability, 
operating temperature, total energy stored per unit weight, and safety factors. 

The most common type of battery has been the Leclanché “dry” cell. A zinc 
can forms the anode, and is consumed as the cell operates. A carbon rod in 
contact with manganese dioxide serves as the cathode, and an electrolyte of zinc 
and ammonium chlorides in water mixed with enough starch to prevent spillage 
is used. As the cell operates, the reaction 


Zn + 2Mn0s + H20 = Zn(OH)2 + Mn203 


occurs, and produces approximately 1.2 volts. This Leclanché cell is an example 
of a “primary” cell: one that can be used once, but cannot be restored by reversing 
the current flow. Another example of a primary battery is the so-called mercury 
cell, which uses the reaction 


Zn + HgO = ZnO + Hg 


carried out in a potassium hydroxide paste electrolyte. It also produces approx- 
imately 1.2 volts. 

Secondary batteries can be conveniently recharged, or restored to nearly 
hew condition by reversing the current flow. The best known example of this 
type of device is the lead storage cell, which involves the reaction 


Pb(s) + PbOs(s) + 4H*+(aq) + 2802 (aq) = 2PbSO4(s) + 2H20. 


In operation, metallic lead is oxidized to lead sulfate at the anode, and lead 


-"* dioxide is reduced to lead sulfate at the cathode. Since sulfuric acid is consumed 
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in this process, the specific gravity of the electrolyte decreases as the cell operates, 
and is a convenient indicator of the charge state of the battery. Each cell of a 
commercial lead storage battery generates slightly more than 2 volts, and the 
common automobile battery consists of six such cells connected in series. To 
recharge the battery, an opposing voltage somewhat greater than 12 volts is 
applied to the electrodes, and the cell reaction is reversed, with lead sulfate being 
converted lead and lead dioxide. The restoration of the electrodes in the re- 
charge process is never perfect, and metallic needles and other mechanically 
unstable growths appear on the electrodes. Eventually these growths produce 
internal short circuits and the cell operation ceases. 

The major virtues of the lead storage battery are its reliability, lifetime, and 
relative simplicity. However, its liquid electrolyte is a disadvantage, as is the 
great weight of lead which is required to deliver a substantial current. Con- 
sequently, other secondary batteries are in use and under development. The 
nickel-cadmium cell, which operates on the reaction 


Cd + Ni2O3 + 3H50 = Cd(OH)2 + ZNi(OH)s 


and produces 1.3 volts, is used extensively to power small electronic devices. 
The alkali metal-sulfur cells, which use reactions like 


2Li4- S = Lis, 


produce relatively high voltages (1.9 — 2.3 volts) and have the major advantage 
that they are light in weight. Unfortunately, they operate only at elevated 
temperatures (above 350°C) and are not suitable for applications that require 
long standby and rapid starts. 

The cells mentioned so far involve the oxidation of metallic electrodes by a 
variety of oxidizing agents. While the metallic electrode is a convenient portable 
source of small amounts of energy, it is not suitable for very large scale energy 
production. For such purposes, it would be very advantageous to have a cell 
that produces electricity by the oxidation of a readily available gaseous fuel, 
such as natural gas (CH4), carbon monoxide, or hydrogen. Some notable progress 
has been made in this direction, and a few practical fuel cells have been developed. 

Fuel cells have a great intrinsie advantage in the high efficiency with which 
they can convert the energy released in combustion of a fuel into useful work. 
In an ordinary electrie power plant, fuel (usually oil) is burned to produce the 
steam necessary to drive a turbine, which in turn runs an electric generator. 
The overall efficiency of converting the energy of combustion to useful work 
has been raised to 35-40 percent, and significantly higher efficiencies cannot 
be expected. In Chapter 8, we shall find that the percentage efficiency n of steam 
turbines and other such heat engines is intrinsically limited to values given by 
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Th 


where Th is the Kelvin temperature at which steam enters the turbine, and T; 
is the lower temperature at which steam leaves the turbine. In practice, T; 
and T, are approximately 800°K and 400°K, respectively, and the maximum 
efficiency expected is only roughly 50 percent. In contrast, a fuel cell is not a 
heat engine, and does not have this intrinsic efficiency limitation. Practical 
fuel cells convert the energy of fuel combustion to useful work with an efficiency 
of 75 percent, with the principal limitation being the heat: dissipated due to the 
internal resistance of the cell itself. 


Porous Ni Porous Ni— NiO 


H; 4-20H-—2H;0 +2e— 40: -H;0 4-2e-——20H- 


A schematic diagram of an Hz-O» fuel cell operating with an aqueous KOH electrolyte. 


Because of their very high efficiency and the nonpolluting nature of their. 


operation, it would appear that fuel cells would be very desirable energy con- 
verters. Unfortunately, their application has been limited by the difficulty of 
finding suitable  fuel-electrode-electrolyte combinations which allow rapid 
oxidation of the fuel. The most successful cell uses hydrogen as the fuel; à 
schematic diagram which illustrates its operation is shown in Fig. 7.9. Hydrogen 
at 40 atm pressure is forced into a porous nickel electrode, where it is oxidized 
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to water-in the presence of an aqueous potassium hydroxide electrolyte. The 
half-reaction is 
Ha(g) + 20H~(aq) = 2H30 + 27. 


The cathode of the cell is nickel covered with nickel oxide, which catalyzes the 
reduction of oxygen: 


40.2(g) + H20 + 2e~ > 20H" (aq). 


Thus the overall cell reaction is the combustion of hydrogen and oxygen to 
liquid water. By using a very concentrated aqueous KOH electrolyte, the 
operating pressure of the cell can be lowered to nearly 1 atm, if the current 
demands are not great. Such low-pressure fuel cells have been used as power 
sources on some of the larger manned spacecraft. 
While hydrocarbons have been oxidized to carbon dioxide and water at 
platinum electrodes, the cost of such cells precludes their widespread use. The 
' most practical way to use hydrocarbons or coal in fuel cells at present is to 
provide a conversion stage in which hydrogen is generated by reaction with 
. Steam: 
C(s) + H20 = CO + Hs, 
CoHon+2 qe: nH20 = nO + (2n +1) Hs, 
CO + H20 = C0; + Ho. 


The hydrogen produced in this manner can be used after purification to power 
a conventional fuel cell. More extensive applications of fuel cells await the 
development of large coal-to-hydrogen converters or inexpensive electrodes which 
permit the direct use of carbonaceous fuels. 


7.9 CONCLUSION 


The concepts discussed in this chapter will be used throughout our study of 
chemistry. For example, a classification scheme that organizes and simplifies 
much of the descriptive chemistry of the elements is based on oxidation numbers. 
Furthermore, many of the practical operations of analytical chemistry and of 
the chemical industry involve oxidation-reduction ‘reactions. Perhaps most 
important, however, is the discovery that galvanic cell potentials provide à 
convenient way of assessing quantitatively the tendency of reactions to proceed 
as written. What is particularly significant is that through the use of half-cell 
potentials, we have a way of expressing the intrinsic ability of individual re- 
agents to perform as oxidants or reductants. Thus we are nearer to the goal of 
expressing and understanding what is meant by chemical reactivity. Another 
step toward this goal involves the study of thermodynamics, which is the 
subject of Chapter 8. 
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7.1 Complete and balance the following reactions which occur in acidic aqueous 
solution. f 

I2+ H28 = H+ +I~+ S(s) 

I- + H2804 (hot, concentrated) = I2 + SO2 

Ag + NO7 = Agt + NO 

CuS + NO; = Cutt + 807 + NO 

S,0r--I, - a AO 

Zn + NO; = Znt++ NH£ 

HS,07 = S+ HSO7 

CIO; + As,S, = CI- + H,As0; + SOT 

Cr,07 + C,H,O = C,H,0, + Cr+? 

MnO? = MnO, + MnO; 


7.2 Complete and balance the following reactions which occur in basic aqueous 
solution, 
Al-- NO; + OH- = Al(OH); + NH, 
PbO, + CI- = ClO~+ Pb(OH); 
N2H4 + Cu(OH)2 = Ne+ Cu 
Ag,S-+ CN-+ 0, = S+ Ag(CN)> 
CIO- + Fe(OH), = Cl- + FeOr 
HO; + Cr(OH); = CrO7 + OH- 
Cu(NH,)}*+ S,07 = SOF + Cu + NH, 
CIO, + OH- = ClOz + CIO; 
V+H,0 = HY,0;? +H, 
Mn(CN)54+ 0, = Mn(CN);? 
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713° Consult the table of standard electrode potentials, and select an oxidizing agent 


capable of transforming (a) C1- to Ciz, (b) Pb to Pbt*, and (c) Fe** to Fe*?. 
Similarly, select & reducing agent that can convert (d).Fe** to Fe, (e) Ag+ to Ag, 

and (f) Mn** to Mn. 

74 Which of the following oxidizing agents become stronger as the concentration of 

H+ increases? Which are unchanged and which become weaker? (a) Cl,, (b) Cr,O7, 

(c) Fe*?, (d) MnO;. 

7.5 Compare the following standard electrode potentials for the ferrous-ferric ions 

and their cyanide complexes: s 


Fett eT = Fett, 8° = 0.77 volt, 
Fe(CN)? +e” = Fe(CN)s 5, 8° = 0.48 volt, 
On this basis, which ion, Fe+* or Fe*?, is stabilized more by complexing with CN? 


7.6 From the appropriate values of &° drawn from Table 7.1, calculate A&? and the 
equilibrium constant for the reaction 


Hg** + Hg = Hep”. 


7.1 By use of appropriate half-cell potentials, calculate A&? and the equilibrium 
constant for the reaction 

Fet3 + I> = Fe**-F $I. 
State what you expect to happen when equal volumes of 2 M Fe*? and 2 M I7 are 
mixed. 


7.8 A half-cell (A) consisting of a strip of nickel dipping into a 1-M solution of Nit*, 
and a halí-cell (B) consisting of a strip of zinc dipping into a 1-M solution of Zn* * 
were successively connected with a standard hydrogen half-cell. The magnitudes of 
the individual half-cell potentials were then determined as 

(A) Ni** 4-2e- = Ni, . [8°] = 0.25 volt, 

(B) Zn**-4-2e- = Zn, . |8°| = 0.77 volt. 
(a) When both the half-cells (A) and (B) were connected with the hydrogen half-cell, 
the metallic electrode (Ni or Zn) was found to be negative. What is the correct sign 
of the electrode potentials? (b) Of the substances Ni, Ni**, Zn, Zn **, which is the 
strongest oxidant? Which is the strongest reductant? (c) Will a noticeable reaction 
occur when metallic nickel is placed in a 1-M solution of Zn **? metallic zinc is dipped 
into & 1-M solution of Ni**? (d) Zinc forms a complex ion with hydroxide ion, 
Zn(OH)z. If hydroxide ion were added to half-cell (B), would its electrode potential 
as written become more positive, less positive, or be unaffected? (e) If the half-cells 


(A) and (B) were connected together, which electrode would be negative? What would 
the cell voltage be? 


79 An electrochemical cell is constructed of one half-cell in which a platinum wire 
dips into a solution containing 1-M Fe*? and 1-M Fe*?; the other half-cell consists 


of thallium metal immersed in 1-M Tl* solution. Given the following standard 
electrode potentials, 


TI*-F e- = Tl, 80 = —0.34, 
Fet? + e= = Fett, 89 = 0.77, 
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supply the desired information. .(a) Which electrode is the negative terminal? 
(b) Which electrode is the cathode? (ec) What is the cell voltage? (d) Write the 
reaction that proceeds from left to right as the cell operates spontaneously. (e) What 
is the equilibrium constant of this reaction? .(f) How will the voltage of the cell be 
changed by decreasing the concentration of TIt? 
7.10 A galvanic cell consists of a strip of cobalt metal, Co, dipping into 1-M Co** 
solution, and another half-cell in which a piece of platinum dips into a 1-M solution of 
Cl-. Chlorine gas at l-atm pressure is bubbled into this solution. The observed cell 
voltage is 1.63 volts, and as the cell operates the cobalt electrode is negative. Given 
only that the standard potential for the chlorine-chloride ion half-cell is 
$Clo-+e- = Clo, 69 = 1.36 volts, 
supply the desired information, (8) What is the spontaneous cell reaction? (b) What 
is the standard potential of the cobalt electrode? (c) Would the cell voltage increase 
or decrease if the pressure of chlorine gas increased? (d) What would the cell voltage 
be if the concentration of Co** were reduced to 0.01 M? 
7.11 A cell consists of a standard Ag, Ag* half-cell (1-M Ag*) combined with another 
half-cell in which a silver wire dips into a solution of 1-M Br^ which is saturated and 
in contact with solid AgBr. The electrode of this latter cell is negative, and the cell 
generates 0.77 volt. What is the concentration of Ag* in equilibrium with 1-M Br- 
&nd solid AgBr? What is the apparent solubility product of AgBr? 
7.12 Two hydrogen-hydrogen ion half-cells are connected to make a single galvanic 
cell. In one of the half-cells the pH is 1.0, but the pH in the other half-cell is not known. 
The measured voltage delivered by the combination is 0.16 volt, and the electrode in 
the half-cell of known concentration is positive. Is the unknown concentration of H+ 
greater or less than 0.1 M? What is the unknown concentration of H+? 
7.13 From the following standard electrode potentials, 
Cu**--2e- = Cu, &° = 0.34, 
Cutt+ e- = Cut, 69.2 0.15, 
calculate the equilibrium constant of the reaction 
Cu+ Cu** = 2Cut. 
Would you expect to be able to form appreciable amounts of Cut by reaction of 
Cu with Cu**? Consider that CuCl is a sparingly soluble salt with Ksp = 3.2 X10-7. 
Calculate the equilibrium constant for the reaction 
Cu+ Cut++ 2Cl- = 2CuCli(s). 
7.14 Consider the titration reaction 
V(OH)Z + Cr** + 2H* = VOt+ + Cr*? +. 3H,0, 
which involves the half-reactions 
V(OH)} + 2H+-+e~ = VO+++ 3H,0, 6? = 1.00 volt, 
Crt+3-+e- = Crt+, 69 = —041 volt. 
Imagine that the titration is conducted by adding a solution of V(OH)Z from a buret 
to a solution of Cr++ in a beaker which is connected by a salt bridge to a standard 
hydrogen electrode assembly. A platinum wire dips into the solution to be titrated, 
and a voltmeter measures the potential of the solution with respect to the standard 
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hydrogen electrode. (a) Write an expression in terms of the concentrations of chro- 
mium species only that gives the potential of the titrated solution at any point during 
the titration. (b) Write a similar expression, but entirely in terms of the concentra- 
tions of vanadium species and hydrogen ion only. .(c) What is the relation between 
. these two expressions at any point in the titration? (d) What is the voltage reading 
when 0.91 of the initial Cr++ has been converted to Cr*3? (e) What is the relation 
between Cr++ and V(OH)Z, and between Crt? and VO*+ at the equivalence point 
of the titration? (f) Derive an expression that shows how the voltage at the equiv- 
alence point depends on the two standard potentials and the concentration of Ht. 
7.15 Electrolytic cells containing as electrolytes zinc sulfate, silver nitrate, and copper 
sulfate were connected in series. A steady current of 1.50 amp was passed through 
them until 1.45 gm of silver were deposited at the cathode of the second cell. How 
long did the current flow? What weights of copper and of zinc were deposited? 
7.16 In the electrolysis of sodium sulfate, the reaction that occurs at the anode can 
be written 
2H20 — 4H * + O2 + 4e-. 
If a steady current of 2.40 amp is passed through aqueous sodium sulfate for 1 hr, 
what volume of oxygen measured at 25°C and 1-atm pressure is evolved? 


OXIDATION-REDUCTION REACTIONS 


CHAPTER 8 


CHEMICAL 
THERMODYNAMICS 


The previous three chapters have been concerned with the quantitative deserip- 
tion of reacting systems. We have found two related ways of expressing the 
tendency of reactants to be converted to products: by use of the equilibrium 
constant K for the reaction, or by means of its’ standard cell potential As®. 
While we can describe the extent to which a reaction proceeds, as yet we have 
no insight into why some reactions have large equilibrium constants, while 
those of other reactions are small. A study of chemical thermodynamics will 
lead us to an understanding of chemical reactivity by showing how the equilib- 
rium constant of a reaction is related to the properties of individual reactants 
and products. The role of thermodynamics in understanding chemistry can be 
illustrated by the following diagram: 


1S Statistical 
———— 


of 
mechanics molecules 


n ag 


Note that thermodynamies wif relates the properties of bulk matter to its 
behavior in physical and chemical processes. Its great strength is that it accom- 
plishes this without making any assumptions about the molecular structure of 
matter. Because thermodynamics deals only with the macroscopic, observable 
properties of matter; without assumptions of its atomic nature, it is a subject 
of very general applicability, and immense reliability. 
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Thermodynamic reasoning is based on three laws. Two of these, the ones of 
most immediate application to our experience, are: 


The energy of the universe is constant. 
The entropy of the universe is increasing. 


These laws are not derived. They are deduced from our experiments with the 
behavior of matter in bulk, and summarize the universal features of all our 
experience. Their generality has been demonstrated repeatedly, and we expect 
conclusions based on them to hold true in whatever new experiments we perform. 

In order to use these laws, we must know what energy and entropy are—how 
they are measured and related to other properties of matter. Once we have 
accomplished this, we will be able to show how a number of things we have 
regarded as isolated empirical facts can actually be derived from these more 
fundamental laws of thermodynamics. For example, we will be able to prove 
that for a general reaction between ideal reagents 


aA + bB = cC + dD, 
there should be an equilibrium constant of the form 


[CI*tDI" 


K = (NBP 


(8.1) 


That is, the existence of Eq. (8.1) is not just an isolated experimental fact; it 
is a consequence of the laws of thermodynamics and the properties of ideal 
gases and solutions. Furthermore, we shall find that we can associate a quantity 
with each compound and element, called its standard free energy, and that the 
equilibrium constant of any reaction can be expressed in terms of the free 
energies of reactants and products. Thus thermodynamics shows how the value 
of any equilibrium constant is related to the properties of individual pure 
reactants and products. This application alone makes thermodynamics an 
immensely helpful subject to the chemist. 


8.1 SYSTEMS, STATES, AND STATE FUNCTIONS 


In performing a controlled experiment, we select the part of the universe of 
interest to us, and attempt to isolate it from any uncontrolled disturbances. 
This object, whose properties we wish to study, is called the system. All other 
parts of the universe, whose properties are not of immediate interest, are called 
the surroundings. The surroundings may influence the properties of the system 
by, for example, determining its temperature or pressure, but in a carefully 
designed experiment these influences will be controlled and measurable. 
Thermodynamics’ is concerned with the equilibrium states of systems. An 
equilibrium state is one in which the macroscopic properties of the system, such 
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as its temperature, density, and chemical composition, are well defined and do 
not change with time. Thus thermodynamics is not concerned with the rate 
at which chemical or physical processes occur, nor does it attempt to describe 
systems while these’ changes are going on. Thermodynamic reasoning can be 
used to tell us whether it is possible, in principle, to go from one particular 
state of the reactants to some particular state of the products of a reaction, but 
it cannot tell us whether that change can be accomplished in a finite time. 
This information may seem limited but it is still very valuable. If application 
of thermodynamics shows that a particular reaction is impossible, there is no 
point to attempting to make it proceed. If thermodynamics shows the reaction 
is possible, in principle, then it may be worth the effort to accomplish it in 
practice.: A notable example of this use of thermodynamies occurred in the 
efforts to convert graphite to diamond. Many attempts to accomplish this 
conversion in the laboratory failed, but thermodynamics showed the reaction 
was possible under certain conditions of high temperature and pressure. This 
assurance encouraged researchers to continue their efforts, which eventually 
were successful. 

The description of thermodynamic systems is made by giving the values of 
certain quantities called state functions. A state function is a property of a 
system which has some definite value for each state, and which is independent 
of the manner in which the state is reached. Pressure, volume, and temperature 
are state functions, and there are five others which are important in thermo- 
dynamic arguments. State functions have two very important properties. 
First, assigning values to a few state functions (usually two or three) auto- 
matically fixes the values of all others. Second, when the state of a system is 
changed, the changes of the state functions depend only on the initial and final 
states of ihe system, and not on how the change is accomplished. 

As an illustration of the first property of state functions, consider the con- 
Sequence of assigning values to the volume V and the temperature 7 of one 
mole of an ideal gas. We know that then the pressure must assume the value 
P — RT/V. Thus the value of one state function is automatically determined 
by specifying the values of the volume and temperature. All other state func- 
tions also assume definite values, although the algebraic relation between them 
and volume and temperature may be complicated. 

To demonstrate the second property of state functions, we need only consider 
a change in the state of an ideal gas from P, = latm, V; = 22.4 liters, 
T; = 273°K to a final state in which P; = 10 atm, V; = 4.48 liters, and 
T2 = 546°K. Then we say that the pressure change* AP is given by 


AP = Py — P, = 9 atm, 


m po YS ER 


* The symbol A always stands for the operation of subtracting the initial value of & 
quantity from its final value. Thus AP = P; — P; = Pz — Pi. 
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and the volume change is 
AV = Va — V, = 17.9 liters, 
while the temperature change is 
AT = T, — T, = 273°K. 


That is, the change in each of these state functions depends only on their values 
in the initial and final states of the system, and not on how the change was 
accomplished. It does not matter that during the change the pressure might 
have risen to 100 atm and the volume decreased to 0.224 liter. Changes in 
state functions are determined only by the initial and final states of the system, 
and not by the path taken between them. 4 

"This property of state functions is by no means trivial, even though it may 
seem obvious. Quantities whose values are not independent of how a change 
occurs are not state functions. For example, the angular separation between 
two points on the earth is a fixed constant which depends on the coordinates of 
the two points. On the other hand, the distance one covers in traveling between 
the points depends on the route one takes. "Thus separation is a state function, 
but distance traveled is not. State functions are important in thermodynamics 
because the subject deals only with equilibrium states, and not with how a 
change in state occurs. Therefore thermodynamic decisions as to whether a 
particular change is possible must be based on the accompanying changes of 
state functions, for only these are independent of the way changes occur. 


8.2 WORK AND HEAT 
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D acer work is defined as the product of a force times a displacement. 
tis 


mechanical work = force X distance, 
w=fXr, 
where fisa constant force applied in the direction of the displacement r. Work 
is the means by which the energy of a mechanical system is changed. ‘Thus, if 


We raise a mass m to a height h against the gravitational acceleration g, we 
apply a force mg over a distance h and do work 


w=mgxh 
on the mass. We also say that we have changed the (potential) energy of the 


mass from an arbit;ary amount taken as zero at the surface of the earth to a 
new value mgh at the height A. 
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If we apply a constant acceleration @ to a free particle of mass m over a 
distance rə — rı, the work done on the particle is w = ma(ra — rj). But 


T—n- (ex^ + u) t, 


where (və + v1)/2 is the average velocity over the distance ra — rj, and ¢ is 
the time taken to travel this distance. Also, we have 


vo — 9| = at, 
80 we get 


w = mary — 7) = m B=) x ‘on + 2L 


Lm om» (8.2) 


The right-hand side of Eq. (8.2) is just the final kinetic energy of the particle 
minus the initial kinetic energy. Once again, the work done on a simple mechan- 
ical system is equal to the change in its energy. 


Expansion of a gas against an external force fex. 


A particularly important form of work is that associated with a pressure- 
volume change. Consider Fig. 8.1, which shows a gas confined by a piston 
expanding against a constant external force fex: We can again calculate the work 
as the product of the force and*the displacement. However, in this and in all 
future applications, we want the symbol w to assume a special significance: w is 
the work done on the system by the surroundings. When a gas expands against an 
external force fex, it actually does work on the surroundings, so w, the work done 
on the gas, should be a negative quantity for this process. We therefore should 
write 

w= —fex(r2 — n) 


for the work done on the gas during the expansion. Note that since r2 is greater 
than r;, and fex is always taken to be positive, w is in fact negative for the 
expansion, This is consistent with our choice of meaning for the symbol w. 
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To find an expression for w in terms of pressure and volume, we can introduce 
the area A of the piston to give 


we -ts X30i—f. (8.3) 


But A(rg — 11) = AV, the volume change for the gas. Also fex/A is the force 
per unit area, or the external pressure, against which the gas expands. Thus 
Eq. (8.3) becomes 

w= —PAV if pressure is constant. (8.4) 


For a more general pressure-volume change in which pressure is not constant, 
we can calculate the work by first saying that an infinitesimal volume change 
dV produces an infinitesimal amount of work dw. Thus 


dw = —P.x dV. 


During this infinitesimal volume change, the pressure remains virtually constant 
at Pex. The work done in a finite displacement is the sum of such infinitesimals, 
or 


»= — Pex dV. (8.5) 


This is a general formula which allows us to compute the work, 4f we know how 
Pex depends on V. If the external pressure is constant throughout the expansion, 
we can take it outside the integral sign and write 


Va 
di Pa f BPs Vi) = Pa AV, 
Yi 


and we recover Eq. (8.4). 

Note that it is the external pressure that is used in calculating the work. 
No matter what the«gas pressure is, a volume change does no work unless the 
system is linked to the surroundings by an ezternal force represented by Pex 
It this external force is zero, there is no mechanical link between the system and 
its surroundings, and no mechanical work can be done on or by the system. 

Consideration of Eq. (8.5) shows that the work done in à process depends on 
how the change from V; to V5 is accomplished. We can see this more clearly 
by referring to Fig. 8.2. There are two particularly simple paths by which a 
system may change its state from P;, Vi, to P», Vs. In part (a), we first change 
the volume from Y, to V2 at a constant pressure Pi. Then we change the 
pressure from P; to Ps, keeping the volume constant. In part (b) we simply 
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reverse the order of changes. In Fig. 8.2 the work done in following each of 
the paths is represented as the area under each of the curves followed from the 
initial to the final state. It is clear from this drawing that the work done depends 
on the path followed, even though the initial and final states are the same. 
Consequently, we must conclude that work is not a state function, for its value 
depends on the path taken between states. 

Work is the only means by which energy can be transferred to and from the 
simple hypothetical systems of mechanics. However, we must recognize that 
there is another way in which energy can be exchanged with systems of the real 
world. If a temperature difference exists between a system and its surroundings, 
energy may be transferred by "heat flow"—radiation or conduction. 


(b) 


Work done in going from the initial to the final state depends on the path followed. 


The concept of heat is clouded by an historically based tendency to think of 
heat as “something” that “flows.” In truth, heat is not a substance. It is, like 
work, a method by which systems exchange energy. The proof of this was given 
by James Joule who showed that the same change in state (i.e., a certain rise in 
temperature) ean be accomplished either by doing work on a body, or by heat- 
ing it. Furthermore, the amount of heat, measured in calories, and the amount 
of work, measured in joules, necessary to effect any given change always stand 
in a fixed ratio. That is, one calorie of heat always produces the same change 
in the state of a system as do 4.18 joules of work. Thus heat and work are 
both methods of changing the energy of a system, and 1 calorie = 4.18 joules. 
To distinguish between them, we need only say that work is energy transferred 
by virtue of a mechanical link between systems, and that heat is energy trans- 
ferred due to a temperature difference. 

Our discussion of the nature of heat allows one more conclusion. Heat is not 
a state function. This must be so, for as Joule showed, the same change in 
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state may be brought about by using either heat or work. That means that the 
amount of heat used to make the state change depends on how the change in 
state is made. For the path in which work alone is used, the heat used is zero. 
For the path in which heat alone is used, the heat used is, of course, not zero. 
"Thus the heat used depends on the path between states, and heat is not a state 
function. 


8.3 THE FIRST LAW OF THERMODYNAMICS 


Our discussion has suggested that there is a very important difference between 
heat and work on one hand, and energy on the other. Heat and work refer to 
processes—events in which displacements occur or temperature changes. In 
contrast, energy is a property that can be associated with a single equilibrium 
state of a system. It appears then that energy is a state function. 

This can be seen most clearly by thinking about the energy of simple mechan- 
ical systems, for example, a free particle of mass m moving in a vacuum with 
velocity v. We know that such a system has a kinetic energy mv”. If it is at 
a height h above the surface of the earth, we say its potential energy relative 
to the earth’s surface is mgh. We see that the kinetic and potential energies of 
this simple system are functions of its state, that is, its velocity and position. 
Thus the energy of a simple mechanical system is definitely a state function. 

Any macroscopic amount of a chemical substance can be regarded as a col- 
lection of simple mechanical systems. Is it possible to associate an internal 
energy with a chemical system, and is this energy a state function? To answer 
this, let us consider two different states of a system, and two different paths, 
a and b, which connect them. If we say that in going from state 1 to state 2 
along path a, we must put into the system an amount of energy AE,, and if by 
making the same state change by following path b, we must put into the system 
an energy AE;, then if internal energy is a state function, 


AE, = AE. 


This must be true, since the change in a state function is independent of the 
path taken between states, 

But suppose that energy is not a state function, and that for the sake of 
argument AE, > AE, What would be the consequences? We could take the 
system from 1 to 2 along path a; this requires us to put in an amount of energy 
AE,. Then we could return the system to state 1 by path b. This would allow 
us to extract an amount of energy AEs. As a result of these operations, we would 
obtain a net amount of energy AE, — AE;, and the system would be unchanged. 
There would be nothing to prevent us from repeating the process and obtaining 
more energy. 

As attractive as this creation of energy is, all attempts to achieve it have 
failed. The failure has been so well documented that it is accepted as a general 
truth and expressed as the law of conservation of energy: energy may be neither 
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created nor destroyed, only transferred or changed from one form to another. 


_ As a consequence of the law of conservation of energy, we must conclude that 


AE, = AE, for our example, and that the energy change must be independent 
of the path taken between states. In other words, internal energy is a state 
function, and the basis for this conclusion is the overwhelming experimental 
evidence that energy is conserved. 

Now consider the effect of adding energy to a system as an amount of heat q. 
If energy is conserved, and if the system does no work, q must appear as a 
change in the internal energy of the system AE. Thus 


AE =q (no work done). 


If, in a separate experiment, we do work on a system but do not allow it to 
transfer heat to or from its surroundings, then the work done must appear as 
an internal energy change of the system. In this case 


AE — w (no heat transferred). 


In general, we can expect to find processes in which heat is added to, and work 
is done on, a system. The foregoing examples lead us to the expression 


AE — q Tw, à (8.6) 
internal energy _ heat added ss work done 
change ^. to system ' on system ` 


Equation (8.6) is a mathematical statement of the first law of thermodynamics.. 
We can say, then, that the first law of thermodynamics is just the law of con- 
servation of energy, in which specific account of heat effects has been taken. 

Note carefully that both the heat added to a system and the work done on the 
system are assigned positive symbols. This is a convention which is now followed 
by most textbooks on thermodynamics and physical chemistry. In the past, 
however, many books followed the convention that w was the work done by 
the system. If this definition of w is made, then the first law of thermodynamics 
must be written 

AE —q-— w (older convention), 


and the pressure volume work is given by 
w= f PdV (older convention). 


Therefore, when another book is consulted, it is important to ascertain which 
convention is being followed, in order to avoid confusion. 

We have remarked that thermodynamics deals only with macroscopic prop- 
erties of matter, and does not use the results of the atomic theory in any way. 
However, in order to understand the significance of the thermodynamic state 
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functions most fully, it is often helpful to use the results of the atomic and 
kinetic theories. Thus we may ask for an explanation, in terms of atomic 
properties, of what internal energy is. The internal energy of a system results 
from the kinetic energies of its molecules, the potential energy associated with 
forces between molecules, and the kinetic and potential energies of the electrons 
and nuclei in molecules. This may not be a complete list of contributions to 
the internal energy, and in fact we should add to it the energy associated with 
the existence of the mass of the system. When the internal energy of a system 
changes, some or all of these contributing energies change. The virtue of 
thermodynamics is that it shows us how to use the internal energy concept, 
without requiring that we analyze the individual contributions to the internal 
energy of a system. 


Measurement of AE 


Suppose we have a chemical process in which reactants at 25°C are completely 
converted to products at the same temperature. This is a change in the state of 
a chemical system, and there must be a definite value of AE associated with it. 
The value of AE is of interest, for it tells how the internal energies of reactants 
and products differ. It is a quantitative comparison between the mechanical 
stabilities of reactants and products. How can we measure the AE of a chemical 
reaction? 
To answer, we need only refer to Eq. (8.6), 


and recognize that when a chemical reaction occurs, under ordinary cireum- 
stances the only way the system can do work is by a pressure-volume change. 
Thus 3 


V2 Le 
w= P dV, ag qf P av. (8.7) 
Yi Yi 


But if the reaction were run in a closed container so that the volume of the 
system was constant at V, we would have 


Ya 
AE=q+ PdV 
Yi 


=q+0 (constant V) 
= gy. (8.8) 


We see that AE is numerically equal to the heat absorbed by the system when 


the process oceurs at constant volume. The subscript in Eq. (8.8) emphasizes 
this point. 


To measure AE, we need only earry out a reaction at constant volume and 
measure the heat evolved or absorbed. If heat is evolved, qv is a negative 
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number, and the internal energy of the products is lower than that of the 
reactants. Reactions in which heat is evolved are said to be exothermic. If heat 
is absorbed by the system during the reaction, gy is positive, AE is positive, 
and the products have a greater internal energy than the reactants. Reactions 
in which heat is absorbed by the system are said to be endothermic. 


Commonly, chemical reactions are run not at constant volume, but at a constant 
pressure of 1 atm. Consequently, the heat absorbed under these conditions is 
not equal to AE or gy. In order to discuss thermal effects for reactions run at 
constant pressure, it is convenient to define a new function of state by the 
equation 

H=E+ PV. (8.9) 
The enthalpy H, defined by Eq. (8.9), is definitely a state function, since its 
value depends only on the values of E, P, and V. Note also that enthalpy 
must have the units of energy. 

A change in enthalpy can be expressed as 
AH = AE + A(PV) 
=q+w+A(PY). (8.10) 


Let us restrict our attention to changes that occur only at constant pressure. 
For such changes, : 
w= —P AV 


| constant pressure only. 
A(PV) = P AV 


Using these relations in Eq. (8.10) gives us 


AH = q—PAV+PAV 
= Pp. (8.11) 
Thus the enthalpy change is equal to the heat absorbed qp when a reaction is 
carried out at constant pressure. For an exothermic process AH is negative, 


and for an endothermie process AH is positive. 
How different are AH and AE? We have 


AH = AE + A(PV). (8.12) 


For reactions in which only liquids and solids are involved, very little volume 
change occurs, because the densities of all condensed substances containing the 
Same atoms are similar. If the reactions are run at the relatively low pressure 
of 1 atm, A(PV) is very small, so we have 


AH = AE (reactions involving only solids and liquids). 
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Enthalpy 


On the other hand, if gases are produced or consumed during the reaction, 
AH and AE can be quite different. Since for ideal gases, 


PY = nRT, 


it follows that at a constant temperature, 
A(PV) = AnRT, 


where An is the change in the number of moles of gas due to chemical reaction. 
Thus we obtain from Eq. (8.12), 


AH — AE-- AnRT (constant T). (8.13) 


When AH and AE are expressed in units of calories, we must use R = 1.987 
cal/mole-deg.in Eq. (8.13). 


Example 8.1 When 1 mole of ice melts at 0°C and a constant pressure of 1 atm, 
1440 cal of heat are absorbed by the system. The molar volumes of ice and water are 
0.0196 and 0.0180 liter, respectively. Calculate AH and AE. 


Since AH = qp we have 
AH = 1440 cal = 4770 J. 


To find AE by Eq. (8.12), we must evaluate A(PV). 
Since P = 1 atm, we have 


A(PV) = PAY = P(V2— Vi) = (1)(0.0180 — 0.0196) 
= —1.6 X 107? liter-atm = —0.039 cal = 0.16 J. 


Since AH = 1440 cal, the difference between AH and AE is negligible, and we can 
say that AE = 1440 cal or 4770 J. 


Example 8.2 For the reaction 
C(graphite) + 402 = CO 


at 208°K and 1 atm, AH = —26,416 cal. What is AE, if the i 
Ass tie? yi molar volume of graphite 
We see that the net change in the number of moles of gas is An = +4. Thus (AV) 
eva riri ee rs orn = 11.2liters. This is much greater than 
caused by the disap ice of solid ite; t 
D pie seg pearan solid graphite; so we can neglec 


AH = AE + AnRT, 
—26,416 = AE + 4(1.987)(298), 
AE = —26,416 — 296 = —26,712 cal = —111,763 J. 
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Je now realize that the AH associated with any change in state can, in principle, 
e found either directly as the heat absorbed by the system at constant pres- 
üre, or indirectly from a measured qy and use of Eq. (8.12). A quantity useful 
in discussing chemical reactions is the standard enthalpy change AH?. This is 
ihe enthalpy change of the system when the reactants in their standard states 
te converted to the products in their standard states. The standard state of 
bstance is its most stable form at l-atm pressure and at a temperature 
hich is usually specified as 298°K. "Thus we can write 


C(graphite) + O2(g) = CO:(g), 
AH3og = —94.05 kcal = —393.5 kJ. 


Phis means that when one mole of carbon is completely converted to one mole 
carbon dioxide, with reactants and products at l-atm pressure and 298°K, 

94.05 kcal of heat are evolved, and the standard enthalpy change for the reaction 

is —94.05 kcal. 

_ The combustion of carbon to carbon dioxide can be carried out quantitatively 

in a calorimeter, and its accompanying AH measured conveniently. The same 

is true for the reaction 


CO(g) + 402(g) = CO»(g), 


^ 


; AH%og = —67.63 kcal = —283.0 kJ. 
n contrast, the combustion of carbon to carbon monoxide, 
C(graphite) + 402(g) = CO(g), (8.14) 


difficult to carry out quantitatively. Unless an excess of oxygen is used, the 
mbustion of carbon is incomplete, but if an excess of oxygen is used, some of 
"the carbon monoxide is oxidized further to carbon dioxide. However, using 
the fact that enthalpy is a state function, we can make the direct measurement 


Alternative paths for the conversion of 
carbon and oxygen to carbon dioxide. Since 
enthalpy is a function of state, AH, must 
equal the sum of AH; and 4H. 
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The way to accomplish this is to realize that there are two paths which, in 
principle, can be used to convert graphite and oxygen to carbon dioxide. These 
paths are illustrated in Fig. 8.3. We might carry out the reaction directly by 
step 1, for which the enthalpy AH; is known. Alternatively we could proceed 
from reactants to products by steps 2 and 3, and with these steps are associated 
the enthalpy changes AH» and AH. Since H is a state function, AH for the 
conversion of carbon to carbon dioxide is independent of the reaction path. This 
means that 

AH, = AH2 + AH3. 


Both AH; and AH have been measured; therefore 


AH, = —94.05 keal, 
AH, = —67.63 kcal, 
AH, = AH, — AH; = —26.42 keal. 


This is the desired standard enthalpy change for the conversion of carbon to 
carbon monoxide: 


C(s) + 402(g) = CO(g), ^ AH9,& = —26.42 kcal. 


The argument we have just used is a specific example of Hess’ law of constant 
heat summation: the heat evolyed or absorbed at constant pressure for any 
chemical change is the same regardless of the path by which the change occurs. 
Our use of Hess’ law is equivalent to the following procedure: We algebraically 
combine the chemical reactions whose enthalpy we know so as to obtain the 
desired reaction. To obtain the enthalpy of the reaction, we algebraically 
combine the known values of AH in the same way as the reactions. Thus 


C(s) + Os(g) = COs(g) AH? = —94.05 kcal 
—[CO(g) + 302(g) = CO2(g)] | —[AH? = —67.63] kcal 
C(s) + ł02(g) = CO(g) AH? = —26.42 kcal 


A slightly more involved calculation is needed to determine the AH? of 
C(s) + 2H2(g) = CHa(g) 
from the measured values of AH? for 


(a) C(s) + Ox(g = COx(g), AH? = — 94.1 kcal, 
(b). Ha(g) + $00(g) = H20(1), AH? = — 68.3 kcal, 
(c) CH4(g) + 205(g) = CO2(g) + 2H20(1), AH? = —212.8 kcal. 


To obtain the desired reaction, we must multiply equation (b) by 2, add equa- 
tion (a) to it, and subtract equation (c). The values of AH? must be combined in 
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- exactly the same way. ° We have 


TT 


C(s) + Os(g) = COa(g) Yovit AH? = — 94.1 kcal 
2 x [Ho(g) + 30»(g) = H30(D] - 2x[AH? = — 68.3] kcal 
= [CH,(g) + 202(g) = CO»(g) + 2H20(1)] — [AH? = —212.8] keal 
C(s) + 2H»(g) = CHa(g) AH? = — 17.9 keal 


To summarize: a AH is associated with each reaction. When any number of 
reactions are algebraically combined to yield a net reaction, the values of AH 
are combined in exactly the same way to give the AH of the net reaction. 

The use of Hess’ law permits us to avoid performing many difficult calori- 
metric experiments. A particularly efficient way to tabulate known thermo- 
chemical information is by recording the enthalpy of formation of compounds. 
The enthalpy of formation is the AH of the reaction in which a pure compound 
is formed from its elements, with all substances in their standard states. Thus 
for the reactions 


C(s) + 30(g) = CO(g), AH? = AHj(CO) —26.4 keal, 
H»(g) + 302(g) = H30(D, AH? = AH}(H20,1) = —68.3 keal, 


- Ha(g) + Oo(g) + C(s) = HCOOH(), AH? = AH?(HCOOH) = —97.8 kcal, 


the enthalpy changes are the enthalpies of formation of carbon monoxide, 
liquid water, and formic acid, respectively. The enthalpies of formation of 
elements in their standard states are zero, by definition. 
To see why enthalpies of formation are useful, let us try to calculate the 
AH? of 
HCOOH() = CO(g) + H200), AH? =? 


We can use thermochemical information available to us if we imagine that this 
reaction is conducted along a path in which formic acid is first decomposed to 
the elements C, Hs, and O5, and these elements are then used to form CO and 
H30. This path is illustrated in Fig. 8.4. 

Since AH? for the net. reaction is independent of path, we have from Fig. 


? 


8.4 
AH, = AH y+ AHs. 


Hj4-054-C 
a 


Alternative paths for the conversion of 
formic acid to carbon monoxide and water. 


d o 
HCOOH 1 H,0+CO 
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Table 8.1 Enthalpies cf formation, AH? (kcal/mole) at 298°K 


INORGANIC COMPOUNDS 


H20(g) —57.79 colg) j — 26.41 
H20(1) —68.32 CO2(g) — 94.05 
H202(g) —32.53 Ca0(s) —151.8 
Os(g) 34.0 Ca(0H)2(s) —235.6 
HCI(g) —22.06 CaCOs(s) —288.4 
SO»(g) —70.96 BaO(s) —133.5 
SOs(g) —94.45 BaCOs(s) —290.8 
H2S(g) — 481 BaSO«(s) —345.3 
N20(g) 19.49 Fe203(s) —196.5 
NO(g) 21.60 Al203(s) —399.1 
NO2(g) $ 8.09 CuO(s) — 37.6 
NHa(g) —11.04 , ZnO — 83.2 
ORGANIC COMPOUNDS : 
Gases 
Methane, CH4 —17.89 Ethylene, C2H4 12.50 
Ethane, C2H6 —20.24 Propylene, C3H6 4.88 
Propane, C3Hs —24.82 I-butene, C4H8 0.28 
n-butane, C4H10 —29.81 cis-2-butene, C4Hs — 1.36 
Isobutane, C4H10 —31.45 trans-2-butene, CaHs — 2.40 
Acetylene, C2H2 54.19 Isobutene, C4Hs — 334 
Liquids 
Methanol, CH3OH —57.02 Acetic acid, CH3COOH —116.4 
Ethanol, C2H50H —66.35 Benzene 11.72 
GASEOUS ATOMS 
H 52.1 t c 171.7 
o 59.1 N 112.5 
CI 29.0 Br 26.7 


But AH is the sum of the enthalpies of formation of CO and of H50: 
AH; = AH? (CO) + AH/(H.0, 1). 


Also, AH 2 is the negative of the enthalpy of formation of formic acid, since 
Step 2 is just the reverse of the formation of formic acid from its elements. Thus 


AH; = —AH} (HCOOH), 
and 


AH, = AH} (CO) + AH? (B20, 1) — AH} (HCOOH) 
= +3.1 kcal. (8.15) 


We can see from this example that the enthalpy of a reaction can be calcu- 
lated from the enthalpies of formation of reactants and products. The general 
expression, of which Eq. (8.15) is a specific example, is 


AH — » AH (products) — X: AH y(reactants). ` (8.152) 
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The equation is a consequence of the fact that any reaction can proceed, in 
principle, by a path in which the first step is decomposition of reactants to 
the elements, and the second step is formation of the products from these ele- 
ments. To the overall AH of reaction, the first step contributes —AH, for each 
reactant, and the second contributes AH ; for each product. 

Besides being a useful quantity in thermochemical calculations, the enthalpy 
of formation is a quantitative expression of the mechanical stability of a com- 
pound with respect to its elements. Table 8.1 gives the enthalpy of formation 
of a few common compounds. When AH? is positive, the compound is ener- 
getically less stable than its elements, and when AH? is negative, the compound 
has lower energy and is more stable than its elements. 


. Heat Capacity 


The heat capacity of a substance is the amount of heat required to raise one 
mole of material one celsius degree. Because heat is not a state function, the 
amount required to produce a given change in state depends on the path 
followed. Therefore two types of heat capacity are used: Cp for changes at 
constant pressure, and Cy for changes at constant volume. The mathematical 
definitions are 


dqp _ dH 

Cp hcl dT =, a 1, (8.16) 
.dav dE 

Cv = ar — dT (8.12) 


The amount of heat needed to change the temperature of n moles of material 
from T, to T; is therefore 


= nCp dT=nCpAT if  Cpisa constant; (8.18) 
T, 


= nCy dT = nCy AT if Cy isa constant. (8.19) 
Ti 


The difference between Cp and Cy can be found very simply. For one mole 
of material, 


dH dE , d(PV) a d(PV). 
H=E+PYV, waa dp Cp =Cy +- 
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Table8.2 Molar heat capacities at constant 
pressure, Cp (cal/mole-deg) 


Ho 690 ` CO? 8.96 
02 7.05 CH4 8.60 
N2 6.94 C2H6 12.71 
co 6.97 NH3 8.63 
Clo 8.14 H20(g) 5.92 


For solids and liquids, d(PV)/dT is generally small, so Cp & Cy. For ideal 
gases, PV — RT, and 


d(PV). ART) 


tole quede i nud on rd T ER 


The gas constant R = 2 cal/mole-deg, and by referring to the heat capacities 
listed in Table 8.2 we can see that R, the difference between Cp and Cy, is an 
appreciable fraction of the heat capacity. 


Temperature dependence of AH 


FIG. 8.5 
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We have been concerned with the values of AH for reactions at one temperature 
only. It is conceivable that AH for a reaction is a function of temperature. 
In this section we will show how application of the fact that AH is independent 


of i path supplies us with an expression for the temperature dependence 
of AH. 


Consider the general reaction 
aA + bB = cC + dD. 


The conversion of reactants to products at a temperature T; can be carried out 
by either of the two paths shown in Fig. 8.5. Let us suppose we know AH i, 
the enthalpy change when reactants and products are at temperature T;. We 


kid 5 find AH», the enthalpy change when the reaction is run at tempera- 
ure 19. 


(@A+bB) at T; (cC+dD) at T; 
AH» 
Alternative paths for converting reactants AH’ AH” 
to products. 
AH, à 
(aA+bB) at T, (cC--dD) at T 
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Referring to Fig. 8.5, we see that since AH ‘is independent of path, 
AH, = AH’ + AH, +H", 
where AH’ is the enthalpy change associated with changing the temperature 
of the reactants at constant pressure from T; to Tz, and AH” is)the enthalpy 
change which results from changing the temperature of the products from T's to 
Tı at a constant pressure. The total heat capacity of the reactants is 
Cp(reactants) = aC p(A) + bC p(B), 
so for AH’ we have 
T 
AH' = x Cp(reactants) dT. ` 
1 
Similarly, 
C p(produets) = cC (C) + dC p(D), 
and therefore 
T, i 
AH” = s Cp(products) dT. 
2 
Now AH; is the only unknown, so 


AH; = AH, — AH” — AH! 
T, T2 
= AH; = C p(products) dT: — E Cp(reactants) aT. 
Ta 1 


We can change the sign of thẹ second term on the right-hand side of this equa- 
tion if we reverse the limits of integration. Thus. 


Ta Ta ] 
AH, = AH; + Cp(products) dT — H Cp(reactants) dT. 
T; 1 


This expression can be made more compact if we define 


AC p = Cp(products) — C p(reactants) 
= cC'p(C) + d@p(D) — aCp(A) — bC p(B). 


The integrals can be combined to give 


T2 
AH = AH; + Í ACp dT. (8.20) 
1 


We see now that the difference in AH at the two temperatures depends on 
the difference of the heat capacities of the products and reactants. Often this 
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heat-capacity difference is very small, and AH is virtually independent of tem- 
perature, particularly over ‘small temperature ranges. à 


Example 8.3 Find AH? at 398°K for the reaction 
CO-+ 402 = COs AHSg = —67,640 cal = —283.0 kJ. 
From Table 8.2 we find 
Cp(CO) = 6.97, Cp(02) = 7.05, and Cp(CO2) = 8.96, 
all in cal/mole-deg. Therefore 


ACp = 8.96 — 6.97 — 7.05/2 = —1.53 cal/deg, 
AH, = AH% + ACp(398 — 298) 
= —67,640 — 153 = —67,790 cal = —283.6 kJ. 


Thus the AH of reaction is only slightly more negative at this higher temperature. 


FOR SPONTANEOUS CHANGE 


We have derived several relations from the first law of thermodynamics which 
help us make efficient use of calorimetric data. However, we have not yet 
achieved our major purpose—to learn to use the properties of individual sub- 
stances to predict the extent to which chemical reactions proceed. It is true 
that we can associate an enthalpy of formation with each compound and with 
them calculate the AH of a reaction. But the value of AH alone is not a sufficient 
criterion to decide whether a reaction will proceed spontaneously from reactants 
to products. Granted that there are many exothermic reactions that have large 
equilibrium constants, it is nevertheless an experimental fact that endothermic 
reactions can also proceed almost to completion. 

There are also physical processes that have a preferred spontaneous direction 
which cannot be rationalized on the basis of the first law of thermodynamics 
alone. An ideal gas expands spontaneously into an evacuated container. It 
does not do this in order to lower its energy, for experiments show. that the 
energy of an ideal gas is independent of its volume. The reverse process, a 
spontaneous collection or compression of the gaseous molecules, is allowed by 
the first law of thermodynamics, but it never occurs. As another example, 
consider that we always observe that heat flows from a hot to a cold body. 
This process and its reverse both obey the law of conservation of energy. How- 
ever, heat never does flow spontaneously from a cold to a hot body. It is clear, 
then, that the first law of thermodynamics alone does not explain the direc- 
tions of spontaneous physical or chemical processes. 

This conclusion should not be a surprise. In previous chapters we have 
remarked that the tendency of molecules to seek a state of minimum energy is 
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insufficient to explain the occurrence of many chemical and physical changes. 
We had to recognize an additional tendency toward maximum molecular chaos. 
In this section we will be concerned with the thermodynamic description of this 
tendency toward molecular chaos, and we will see that the spontaneous direc- 
tion of physical and chemical processes can be found by application of the 
second law of thermodynamics. First, some remarks about spontaneous and 
reversible processes are in order. 


Reversibility and Spontaneity 


A reversible process is one which is carried out so that the state functions of a 
system never differ by more than an infinitesimal amount from one moment to 
another. Since the thermodynamic functions change infinitely slowly in revers- 
ible processes, they are sometimes said to be quasistatic processes. Another 
characteristic of a reversible change is that the state functions of a system, like 
pressure and temperature, never differ from those of the surroundings by more 
than an infinitesimal amount. For example, to carry out an expansion reversibly 
we must have 


Pint = Pex dP, 


and for a reversible compression, 
Pint = Pex — dP, , 


Where Pint is the pressure of the system. Since no more than an infinitesimal 
pressure difference exists between the system and surroundings, the net accel- 
eration acting on the system is infinitesimally small, and any change will occur 
quasistatically. Likewise, for a reversible temperature change we must have 
Tex = Tin + dT, if the heating or cooling is to take place infinitely slowly. - 

A spontaneous or irreversible mechanical change takes place at a finite rate. 
If the process involves a change in pressure or temperature, these variables 
differ by a finite amount between the system and its surroundings. Thus there 
is an important practical difference between a reversible and an irreversible 
Process. The direction of a reversible process can be reversed at any time, just 
by making an infinitesimal change in the surroundings. That is, a reversible 
Compression can be turned into a reversible expansion just by decreasing the 
externally applied pressure by an infinitesimal amount. On the other hand, an 
irreversible process cannot be stopped or reversed by an infinitesimal change in 
external conditions, for any such change cannot overcome the finite differences 
in pressure, temperature, or other thermodynamic functions which are respon- 
sible for the irreversible process. 

Another of the important differences between reversible and irreversible 
Processes is that the work done on a system in a reversible process is less than in 
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the corresponding irreversible process between the same two states. In the case 
of a reversible compression, Pex and Pint differ by only an infinitesimal amount, 
80 we can write | 


pde - [Paav = — f eam awe = f Paav, 


since the product of infinitesimals can be neglected. For an irreversible com- 
pression, Pex > Pint, so we have 


Và Vi 
AMirrev = — PadY > — Pint dV = Wry. 
Y. Vi 


Note that the choice of the direction of the inequality results from realizing 
that for a compression, Va < V; so the integrals (and the work) are positive. 


Since Pex > Pint, the inequality must have the direction indicated. Thus we 
are able to conclude 


Wrey < Wirrev- (8.21) 
As an illustration of Eq. (8.21), consider the reversible, isothermal compres- 


sion of an ideal gas. Since for a reversible process Pint = Pex, and P = nRT/V 
for an ideal gas, we obtain 


V. V. V; 
rev = — "Paar =— f eRT Aap pak. 
Yi Y; yp-V 
V2 
rey = nRT. n 2. (8.22) 
Vi 


"Thus the work done on the gas in the reversible compression is the area under. 
the P — V isotherm between V; and V, as shown in Fig. 8.6. Since Vp < Vi, 
Wrev > 0, as must be true if work is done on the gas. 

Let us choose the corresponding irreversible compression to be one in which 
the external pressure is suddenly increased from Pex = Pı =nRT/V; to 
Pex = Pa = nRT/V 5, without an appreciable change in the volume of the system. 
The compression from V, to Vs then occurs with a constant external pressure 
Pex = P3 = nRT/V>. This path is also illustrated in Fig. 8.6. The work done 
by the gas in this irreversible compression is 


V2 
Wirrey = — Pex dV = —P2(V2 — V;) > 0. 
Yi 


The graphical representation of this work in Fig. 8.6 makes it clear that wrey < 
Uirrev, aS was concluded above for the general case. 
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(a) 


Work done in the isothermal compression of an ideal gas: (a) reversible path; (b) irrevers- 
ible path, for which Pex is plotted. 


Now let us compare the work done in the reversible and irreversible expansions 
of a gas. For the reversible case, Pex = Pint, and 
Le 
A rey = — Pint dV. 
Yi : 


For the irreversible expansion, Pex < Pint, and V2 > Vi, so 


Yi 3 V2 
Pee are S "i Ping dV. Wey. 
VV. Y, 


The direction of the inequality comes: about, because the integrals with their 
negative signs are negative quantities, and since Pex < Pint, the integral on the 
left is less negative (greater) than.the one on the right. Thus we again conclude 


Wrey < Wirrev 


which is algebraically the same result as we obtained earlier, but now we are 
saying that for an expansion, Wrey is more negative than Wirrey. Figure 8.7 
illustrates this point. 

In the application of the second law of thermodynamics, the distinction 
between qirrey and grev is important. We can deduce the relation between these 
two quantities from the inequality (8.21). Imagine the same change state, once 
carried out reversibly, and again carried out irreversibly. We can write 


Qrev = AE — trey; Qirrev = AE — Wirrev- 
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FIG. 8.7 


V V2 
(a) 


Comparison of work done by a gas in isothermal expansions: (a) reversible path; (b) irre- 
versible path, for which Pex is plotted. 


Since the change in state is the same, subtraction of the second of these equations 
from the first gives 


Qrev — Girrev = Wirrey — Wrev- 
But by (8.21), rey < Wirrev, 80 
: Qrev — Yirrey > 0, Qrev > Yirrev- (8.23) 


Thus there is a general relation between the heat absorbed by a system in a 
reversible process, and that in the corresponding irreversible process. This 
inequality will be used to deduce the criterion for spontaneous change. 
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Just as the first law of thermodynamics is a general statement about the 
behavior of the state function, energy, the second law tells us the general be- 
havior of another state function called entropy. The entropy change of a system 
for any change in state is defined by 


2 
2] 5e. 
AS= Í T (8.24) 


In words, Eq. (8.24) says: take the system from state 1 to state 2 by a-reversible 
path. To compute the entropy change of the system, divide each infinitesimal 


amount of heat by the temperature T at which it is absorbed by the system, 
and add all these quantities. 
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Entropy changes must always be computed by taking the system from the 
initial state to the final state by means of a reversible path. However, entropy 
is a state function, and thus AS is independent of the path. Although these two 
statements sound contradictory, they are, not, since 


dqrey _, Wirrev 

SEDE NR, ai 
The situation here is similar to that encountered in the calculation of AH; AH 
is independent of the path, but it is only equal to q when a process is carried 
out at constant pressure. The entropy change is also independent of the path, 
but it is equal to f dg/T only when the process is carried out reversibly. It is 
J dq/T which depends on how the process is done, and not AS of the system. 

The formal statement of the second law of thermodynamics is: 


The entropy S is a function of state. In a reversible process, the entropy of the universe is x 
constant. In an irreversible process, the entropy of the universe increases. 


As we have remarked, the thermodynamic laws are not derived mathematically, 
but are general expressions of experimental findings. To “prove” the first law 
of thermodynamics, that energy is a state function, we showed that to deny its 
validity would be to say that creation of energy is possible, and all other experi- 
ence tells us this is not true. To “prove” the second law of thermodynamics, 
we will demonstrate that to deny it implies that gases can spontaneously com- 
press themselves, and that heat can flow spontaneously from cold to hot regions. 


b 


Entropy Calculations 


We shall demonstrate the use of Eq. (8.24) by caleulating the entropy change 
that accompanies the isothermal expansion of an ideal gas. For an isothermal 


process Eq. (8.24) becomes 
2 
| dee 
agi i 


1 2 
ned T Í dqrev 


es Qrev 3 


where grev is the heat added to the system in going from. state 1 to state 2. 
We now wish to express AS in terms of the initial and final volumes of the gas. 
To do this we make use of the experimental fact that the internal energy of an n 
ideal gas depends only on its temperature. Before we use this fact, we might 
remark that it is consistent with the gas-kinetic theory discussed in Chapter 2, 
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where we wrote for an ideal gas, 
Frans PE $R T. 


Thus, if temperature is constant, the translational energy and the total internal 
energy of an ideal gas are constant. For an isothermal expansion, then, 


AE = 0 = q+. 
If the expansion is both reversible and isothermal, we haye by Eq. (8.22) 


Va 
1 


Qrev = —Wrey = NRT ln 
Therefore 


Ao Er — nR1n Y, t (8.25) 
Note that if V2 > Vi, the gas has expanded and its entropy has increased. 
If Vo < Vi, we have a compression and a decrease in the entropy of the gas. 

Are these last two statements consistent with the second law of thermo- 
dynamics? The restriction imposed by the second law is that the entropy 
change of the universe (system and surroundings) must be zero for a reversible 
process. Therefore, to see whether the second law is obeyed, we must find the 
entropy change of the surroundings as well as that of the system. 

In a reversible expansion, the gas absorbs an amount of heat rev, 50 its 
entropy change is 


ASgus = Ses 


The surroundings, a thermostat at the temperature T', lose an amount of heat 


equal in magnitude to Grey. Thus the entropy change of the surroundings is 


AS = dE, 


T 


where we are to take grey as a positive number, the heat absorbed by the system. 
The total entropy change is 


AS = ASgs + AS, = Yet — ir — 


As the second law requires, AS = 0 for a reversible process. 
x Consider now the irreversible isothermal expansion from V; to Vo. Since S 
Is a state function, AS for the gas is independent of the path, so we can say 


ASgas = nR ln Fa 
1 
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How then does the irreversible expansion differ from the reversible process? 
Suppose that the expansion is carried out against zero external force. Then 
w = 0, and since AE = 0 for an isothermal process on an ideal gas, q = 0. 
Therefore no heat is lost by the surroundings, which means that the entropy 
change of the surroundings is zero. For this irreversible expansion, 


AS = ASgas + ASsurr 


E Va 
sa pdarg-chids 


which is greater than zero. The entropy of the universe increases, as the second 
law states. 

Now we can examine the possibility of a spontaneous compression of an ideal 
gas from V; to V,. The entropy change of the gas would be 


Vs 
AStas — isi aa 


which, because V, < Vj, is negative. If the compression is to occur spontane- 
ously with no outside influence, then surely ASsurr = 0, since the surroundings 
change in no way. Thus for the total entropy change, we obtain 


AS = nRin}? +0 <0. 
1 


Since the total entropy change of the universe is negative, this spontaneous 
compression of a gas is impossible according to the second law. To put it 
another way: to deny the validity of the second law would be to say that 
spontaneous compressions of a gas are possible, when in fact they are never 
observed. 

Let us consider one other application of the entropy criterion for spontaneous 
change. Two blocks of material at different temperatures Ta and Te are brought 
together momentarily. The cold block absorbs a small amount of heat dg, and 
the hot one loses the same amount. The amount of heat transferred is so small 
that the temperatures of the two blocks change by a negligible amount. Does 
this spontaneous heat flow produce an increase in entropy? j 

We can find the entropy changes by realizing that if the cold body received 
the heat dg reversibly, its entropy change would be 


dq 


eX Tm 


dS 
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Likewise, if the hot body were to lose the heat dq reversibly, its entropy change 
would be 


as, = > : 


where we are still thinking of dg as a positive number, the heat absorbed by the 
cold block. These entropy changes, calculated with the assumptions of revers- 
ible transfer of heat, are equal to the entropy changes experienced by the blocks 
when they are brought together momentarily and undergo an irreversible 
transfer of heat dg. Thus the total entropy change of the blocks is 


dS = dS, + dS, 
Lda dg 
=FR? Oo 


Since T, > Te, the total entropy change is greater than zero, as the second 
law requires. If heat dg had passed from the cold block to the hot one, the 
entropy change would have been 


Thus the unaided flow of heat from a cold to a hot body violates the second 
law of thermodynamies. 

These two examples suggest how we might use the second law to find the 
direction of spontaneous changes. We should compute the entropy change 
associated with a contemplated process. If the entropy change of the system 
and its surroundings is negative, the process will not occur. If the total entropy 
change is positive, the process will occur spontaneously. This is a possible way 
of using the second law, but we shall find that there are other more efficient 
procedures. 


Temperature Dependence of Entropy 


Let us calculate the entropy change which accompanies a finite temperature 
change. We must imagine a reversible process in which the temperature of the 
surroundings is never more than infinitesimally different from the temperature 
of the system. Then, in the expression 


as f Me, 
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we can replace dgrey by 


grey. = nCp aT, 


or 
ddrey = nCy aT, 


depending on whether the process takes place at constant pressure or at constant 
volume. The results are 


T; 
Ln nce 
AS — ji pa (8.26) 
T Cy aT 
Mat vaf . 
t he (8.27) 


If the temperature interval is small, Cp or Cy can be regarded as constant, and 
we obtain 

Ts Ts 

AS = nCpIn=*; AS = nCy In 72. 

Ti Ti 
More frequently Cp and Cy cannot be taken as constants, and the exact form 
of their temperature dependence must be known before Eqs. (8.26) and (8.27) 
can be integrated. 


8.7 MOLECULAR INTERPRETATION OF ENTROPY 


While thermodynamics makes no assumptions about the structure of matter, 


our understanding of the thermodynamic functions can be deepened if we try ` 


to interpret. them in terms of molecular properties. We have seen that gas 
Pressure arises from molecular collisions with the walls of a vessel, that tempera- 
ture is a parameter which expresses the average kinetic energy of molecules, 
and that internal energy consists of the kinetic and potential energies of all 
atoms, molecules, electrons, and nuclei in a system. What molecular property 
does entropy reflect? 

To answer this question we must first recognize that there are two ways of 
describing the state of a thermodynamic system: the macroscopic description 


provided by the values of state functions like P, V, and T, and the microscopic $ 


description which would involve giving the position and velocity of every atom 
in the system. The complete microscopic description is never used for thermo- 
dynamic systems, since just to write down the 3 X 6 x 102? positional coordi- 
nates and the 3 x 6 x 10?* velocity components of a mole of monatomic 
material would require a pile of 8" x 11” paper 10 light years high. Moreover, 
this single microscopic description would be valid only for an instant, since 
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atomic positions and velocities are always changing rapidly. Thus, as we 
observe any thermodynamic system in an equilibrium macroscopic state, its 
microscopic state is changing at an enormous rate. 

Despite this molecular activity, the properties of a macroscopic state remain 
constant. This must mean that there are very many microscopic states con- 
sistent with any macroscopic state. Entropy is a measure of the number of micro- 
scopic states associated with a particular macroscopic state. 

To explore this point more thoroughly, let us use a deck of cards as an analog 
to a thermodynamic system. There are two distinct macroscopic states of the 
deck: either it is “ordered,” with the cards in some standard sequence, or it is 
“disordered,” with the cards in a random sequence. The microscopic state of 
the deck can be specified by giving the exact order in which the cards are 
arranged. We can see that there is only one microscopic state which corre- 
sponds to the “ordered” macroscopic state. On the other hand, there are many 
microscopic states associated with the “disordered” macroscopic state, because 
there are many random sequences of the cards. Since entropy measures, and 
increases with, the number of microscopic states of the system, we can say 
that the disordered state has higher entropy than the ordered state. 

By using this analysis, we can see why a deck of cards moves from an ordered 
macroscopic state to a disordered state as the cards are shuffled. Since there are 
more microscopic states associated with the disordered macroscopic state, it is 
simply more probable for the deck to end up in the more disordered condition. 
If we apply this reasoning to the behavior of thermodynamic systems, we can 
see that entropy has a natural tendency to increase because this corresponds to 
the movement of systems from conditions of low probability to states of greater 
probability. — 

It is now possible to understand why a gas expands spontaneously into a 


' vaeuum. In the larger volume, each molecule has more positions available than 


in the smaller volume. Consequently, in the larger volume, the gas has more 
microscopic states associated with it than it had in the smaller volume. The 
gas is found to fill the container because that is the most probable condition for 
it to be in. Apparently it is not impossible for the gas molecules to come 
together spontaneously, but it is overwhelmingly improbable for them to do so. 

There is another conceptual matter we must discuss. We have noted that 
there is a general tendency of systems to move toward a state of molecular 
chaos. Why is it that these more disordered states are more probable than 
ordered states? The answer lies in what we really mean by disorder. A dis- 
ordered system is one for which we have a relatively small amount of information 
about the exact microscopic state. The reason we lack this detailed knowledge 
is that the system has many microscopic states available to it, and the best we 
can do is guess that it is in some one of them at any instant. If only a few 
microscopic states were possible, we might’ be able to make an accurate guess 
lis which one the system was in, and thus make a detailed description of the 
positions and velocities of the molecules. Thus a “disordered” system is one 
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that has a relatively large number of microscopic states available to it, and that 
is why a disordered state is more probable than an ordered state. 

The values of AS associated with phase changes provide a simple illustration 
of the connection between entropy and molecular chaos. When a solid melts 
reversibly at constant pressure, it absorbs an amount of heat equal to AH ;, the 
enthalpy of fusion. Thus the entropy change upon fusion is 


which is always positive, For the ice-water transition, AH; = 1440 cal, Ty = 
273*K, and AS = 5.28 cal/deg, or 5.28 entropy units (eu). We also know that 
in a liquid the molecules are in a more disordered state than in a crystalline 
solid, and this is consistent with the increase of entropy upon melting. 

When a liquid is converted to a vapor at constant temperature, it absorbs 
heat, and therefore its entropy increases. We can also recognize that there is a 
corresponding increase in molecular chaos as a result of the evaporation. If 
the evaporation is carried out reversibly at the boiling temperature Ts to form 
the vapor at 1-atm pressure, we have 


For one mole of diethyl ether, AH,4, = 6500 cal, T; = 308°K, and AS = 
21.1eu. When similar calculations are made for a variety of other liquids, it 
is found that AS & 21 eu in virtually all cases. This means that the increase 
in molecular disorder upon evaporation is nearly the same for all liquids. 


8.8 ABSOLUTE ENTROPIES AND THE THIRD LAW 


In our use of the enthalpy, we found it helpful to select a certain state of 
matter and assign to it a definite enthalpy of formation. Our choice, that the 
enthalpy of formation of all elements in their standard states is zero, is based 
on convenience alone. Any other state of the elements might have been assigned 
zero enthalpy. In the ease of entropy, the situation is somewhat different, for 
the association of entropy with the number of microscopic states available to 
a System suggests a natural choice for the entropy zero. In a perfect crystal at 
absolute zero there is only one possible microscopic state: each atom must be 
at a crystal lattice point, and must have a minimum energy. Thus we can say 
that this is a state of perfect order, or of zero entropy. This important decision 
is expressed in the third law of thermodynamics: 


The entropy of perfect crystals of all pure elements and compounds is zero at the absolute 
zero of temperature. ; 
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FIG, 8.8 
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The third law allows us to assign an absolute entropy to each element and 
compound at any temperature. From Hq. (8.26) we have for one mole of 


material, 
T 
CpdT 
S =f NL Tee 
Sr guo A T J 


T 
eee J CET, (8.28) 
0 


since Sg = 0, according to the third law of thermodynamics. The heat capacity 
of substances depends on temperature, so in order to find the entropy at 298°K 
of a material like diamond, we would have to measure Cp as a function of 
temperature from 0°K to 298°K. Then we could evaluate the integral in 
Eq. (8.28) graphically by plotting Cp/T as a function of T, and measuring the 
area under the curve. Such a plot is shown in Fig. 8.8. 


0.05 
0.04 
EN 
d [s 0.03 
<a 
Slt 0.02 
Cp/T as a function of temperature. 
for copper metal. The area under ool 
the curve is equal to the absolute 
molar entropy of co t 298*K. 0 
py of copper at 298°, 0 100 200 300 


Suppose that we are interested in the standard absolute entropy Slos of a 
substance that melts at some temperature T; less than 298°K. Then the en- 
tropy associated with this phase transition must be included in the calculation 
of the absolute entropy. To do this, we modify Eq. (8.28) to give 


0 a Cp AH, ibe C4 
hohe ELE ELE UP 
298 v T dT 4- T, + de aT, 


where Cp and Cp are the heat capacities of the solid and liquid, respectively, 
and AH; is the enthalpy of fusion. If any other phase changes, such as vaporiza- 
tion, occur between 0°K and 298°K, their contribution to the entropy must be 
included in a similar fashion. 
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Ag 

B 

Ba 

C (graph) 
C (diam) 
Ca 

Cu 


Solid elements 


10.20 
17 

15.1 
1.37 
0.6 
9.95 
7.97 
6.49 
7.62 
9.95 


Monatomic gases 


Table 8.3 Absolute entropies, S? (cal/mole-deg) at 298°K 


He 
Ne 
Ar 
Kr 
Xe 
H 
F 
CI 
Br 


| 

N 
c 
o 


30.13 
34.95 
36.98 
39.19 
40.53 
27.39 
37.92 
39.46 
41.80 
43.18 
36.61 
37.76 
38.47 


Methane, CH4 


Ethane, C2H6 
Propane, C3H8 
n-butane, C4H10 
Isobutane, C4H10 
Acetylene, C3H2 


Methanol, CH30H 
Ethanol, C2H50H 


Solid compounds Liquids 
BaO 16.8 Bre 36.4 
BaCO3 26.8 H20 16.73 
BaSO4 31.6 Hg 18.17 
CaO 9.5 
Ca(OH)2 17.4 
CaCO3 22.2 
CuO 10.4 
Fe203 21.5 
ZnO 10.5 
ZnS 13.8 
Diatomic gases Polyatomic gases 
H2 31.21 H20 45.1 
D2 34.6 CO2 51.1: 
F2 48.6 SO» 59.4 
Cl2 53.3 H2S 49.1 
Bro 58.6 NO2 57.5 
co 47.3 N20 52.6 
NO 50.3 NH3 46.0 
N2 45.7 O3 56.8 
02 49.0 
HF 41.5 
HCI 44.6 
HBr 47.4 
HI 49.3 
Organic compounds 
Gases 
44.5 Ethylene, C2H4 52.45 
54.8 Propylene, C3H6 63.80 
64.5 1-butene, C4H& 73.48 
74.10 cis-2-butene, C4H8 71.9 
70.42 trans-2-butene, C4Hg 70.9 
49.99 Isobutene, CaHs 70.2 
Liquids 
30.3 Acetic acid, CH3COOH 38.2 
38.4 Benzene, CeHe 48.5 


Table 8.3 gives the absolute entropies of a few elements and compounds. 
Note that the substances of similar molecular structure have nearly the same 


entropy. For example, among the solids the substances having the lowest 
entropies are hard rigid crystals with light atoms. This occurs because the 


entropy or disorder of à crystal is related to the amplitudes of vibration of its - 
atoms about their lattice points. In soft crystals composed of heavy atoms the 
amplitude of vibration is relatively large, and in effect each atom moves in a 
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larger volume and has more freedom than is available in a more rigid crystal. 
Just as in the ease of gases, this larger volume available to atoms means larger 
entropy. 

We can see also that the entropies of all monatomic gases are nearly the 
same, and tend to increase with atomic mass. The entropies of diatomic gases 
are greater than those of the monatomic gases, and the entropies of the tri- 
atomies are higher still. In general, as molecular complexity increases, entropy 
increases, for in a complex molecule the atoms can vibrate about their equilib- 
rium positions, and just as in solids, this motion contributes to the number of 
possible microscopic states and to the entropy. It is also true that the ability 
of a polyatomic molecule to rotate about its center of mass contributes to the 
entropy, and this contribution becomes larger as the molecule becomes more 
complex. 

The relation between molecular structure and entropy can be made quanti- 
tative; it is possible to calculate the entropy of a substance from the values 
of certain of the mechanical properties of its molecules. This is the subject 
material of statistical mechanics, which was mentioned at. the beginning of this 
chapter. We shall discuss some of the quantitative aspects of this procedure 
in Section 8.14. For the present, however, we shall find it useful to remember 
the qualitative relation between entropy and molecular complexity. 

It is possible to calculate the entropy changes that accompany chemical 
reactions by using the table of absolute entropies. For the general reaction, 


oA +bB = cC + dD, 
AS? = eS" (C) + dS°(D) — aS°(A) — bS°(B), 
= X8? (products) — 338? (reactants). 


This procedure is of course, similar to the procedure used to find AH? from 
enthalpies of formation. 


Example 8.4 Calculate the AS? for each of the following reactions: 


(a) 2No(g) + 202(g) = NO(g), 
(b) Cals) + 402(g) = Ca0(s), 
(c) iH» = H. 

For reaction (a), we have 


AS? = SONO) — 389(N5) — 4500) 
= 50.3 — $(45.7) — 3(49.0) 
= 3.0 eu. 


The entropy change is small, since reactants and produets have similar structures. 
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inked. 


rential 


m another, there are more microscopi 


š ; * : PH, X 
AS? = S? (Ca0) — S0(Ca) 


- —249. i k 


AS? = SH) — $8°(He) 
= 11.9. 


AS = 0, reversible process, 
AS > 0, irreversible process, 


G=H —TS. 


dG = dH — T dS — S dT. 


E 


ere is a substantial decrease in entropy here because the oxygen is being converted 
m a form in which there is considerable disorder (02), to a form in which the atoms 
re well localized at crystal lattice points. For reaction (c), 


low we have an increase in entropy, because when one hydrogen atom is dissociated’ 
c states available to them than when they 


8.9 FREE ENERGY 


t flow. While these relations allow us to decide whether a contemplated 
rocess will be reversible or irreversible, they are not always very convenient 
to use. In particular, the entropy change referred to is that of the system and 
surroundings. If the criterion of spontaneity were expressed in terms of the 
perties of the system alone, it would be much easier to use. 

To accomplish this, all we need do is define a new function of state called 
Gibbs free energy, G: 


find the criterion of spontaneity in terms of G, we first write down its 


us restrict our arguments to the conditions most common in chemical 
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But by the definition of entropy, T dS = dqrev; therefore 
dG = dq—dqrey (constant P, T). 
There are now two possibilities. If a process is reversible, dg = dgrev, so 
dG —0 (reversible process, constant P, T) (8.29a) 


If a process is irreversible, g < grev, and dq < dgrev, by our arguments in 
Section 8.5. Therefore, 


dG = dq — dgrev, 
d@<0 (irreversible process, constant P, T). (8.29b) 


Equations (8.29a) and (8.29b) apply to infinitesimal changes. For finite changes 
they become 
AG — 0, reversible process, (8.302) 


AG « 0, irreversible process. (8.30b) 


To decide whether a given process will be spontaneous when carried out at 
constant temperature and pressure, we have only to caleulate the AG of the 
system alone. If AG is negative, the process will be spontaneous. If AG is zero, 
the initial and final states can exist at equilibrium with each other, with no net 


change. If AG is positive, the process will not occur spontaneously, but its 


reverse will. 
Let us test this criterion on a simple phase change, the evaporation of water 
to form vapor at 1-aim pressure. The free energy change is given by 


G-—H-—TS, 
AG — AH — T AS, (8.31) 
for a process at constant temperature. For the reaction 
H30() = H;O(g (P = 1atm), 
AH — 9710 cal, and AS — 26 eu. We then have 


AG = 9710 — 267. (8.32) 


Let us find the temperature that makes AG = 0, for when this is true, liquid 
water and water vapor at 1-atm pressure will be in equilibrium with each other. 
To make AG — 0, we must have 
0 = 9710 — 267, 
: T = 373°K. 
This temperature is, of course, the normal boiling point of water, the tempera- 
ture at which the liquid and vapor at 1-atm pressure are in equilibrium. 
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To find the conditions under which the evaporation of water to the vapor 
at latm is spontaneous, we return to Eq. (8.32) and require that AG < 0. 
This will occur if 

9710 s 
T» 796 ^ 373°K. 
Therefore, at temperatures greater than 100°C, the formation of water vapor 
at l-atm pressure is spontaneous. Thus the conclusion reached by thermo- 
dynamic argument is consistent with our intuitive expectation that water 
heated above its boiling temperature will evaporate irreversibly to vapor at 
l-atm pressure. 

Finally, we note from Eq. (8.82) that if T « 373°K, then AG is positive. 
This means that at temperatures below the normal boiling point, the evapora- 
tion of water to form the vapor at J-atm pressure will not occur. On the other 
hand, for the reverse process, water vapor at 1 atm going to liquid water, AG is 
negative when T < 373°K. -Thus the condensation of a supersaturated vapor 
is a spontaneous irreversible process. 


8.10 FREE ENERGY AND EQUILIBRIUM CONSTANTS 


To decide whether a certain change of state is spontaneous, we have only to 
evaluate the accompanying free-energy change and apply Eq. (8.30). Note, 
however, that entropy and, consequently, free energy depend on pressure. 
Therefore we must be careful to specify the pressure or, in general, the concen- 
tration conditions for which a free-energy change is evaluated. Hence, it is 
convenient to tabulate the standard free-energy change AG? of a process, where 
AG? is the free-energy change that accompanies the conversion of reactants in 
their standard states to products in their standard states. 

In discussing thermochemical problems, we associated a standard enthalpy 
of formation with each compound in its standard state. In a similar manner we 
can define a standard free energy of formation AG? as the free-energy change 
that occurs when one mole of a compound in its standard state is formed from 
its elements in their standard states. It is not difficult to obtain values of AGP, 


since this quantity is related to AH? and AS? by 
AG? = AH? —T AS$, 


where all the thermodynamic quantities are evaluated at a single temperature T. 
Table 8.4 gives the values of AG? at 298°K for several compounds. The stand- 
ard free energy of formation of all elements is defined to be zero. 

Once we have the value of AG? for each compound, we can compute the 


standard free-energy change for any reaction 


aA + bB = cC + dD 
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it Table 8.4 Free energy of formation, AG? (kcal/mole) at 298°K 


` GASES SOLIDS 
H20 —54.64 BaO —126.3 
H202 —24.7 BaSO4 —350.2 
03 39.06 BaCO3 —272.2 
HCl —22.77 CaO. —144.4 
S09 . —71.79 CaCO3 —269.8 
$03 —88.52 Ca(OH)2 —214.3 
H2S — 7.89 Fe203 177.1 
N20 24.9 Al203 —376.8 
NO 20.72 CuO — 30.4 
NO» 12.39 Cu20 — 34.98 
NH3 — 3.97 SiO2 —192.4 
co —32.81 ZnO — 76.05 
CO2 —94.26 PbO2 — 52.34 


ORGANIC COMPOUNDS 


Gases 
Methane, CH3 —12.14 Ethylene, CoH4 16.28 
Ethane, C2H6 — 7.86 Propylene, C3H6 14.90 
Propane, C3Hs — 5.61 1-butene, C4Hs 17.09 
n-butane, C4H1o — — 3.75 cis-2-butene, CaHs 15.74 
Isobutane, CaHio — 4.3 trans-2-butene, C4Hs 15.05 
Acetylene, C2H2 50.00 Isobutene, CaHg 13.88 
Liquids 
Methanol, CH30H  —39.73 Acetic acid, CH3COOH  —93.8 
Ethanol, CoH50H — —41.77 Benzene, C6H6 29.76 
GASEOUS ATOMS 
H 48.57 l 16.77 
F 14.2 c 160.84 
cl 25.19 N 81.47 
Br 19.69 [e] 54.99 


by the expression 


AG? = cAGP(C) + d AGP(D) — a AGP(A) — b AGf(B). 


In general, 


AG" = I AG? (products) — > AG/ (reactants). (8.33) 


i AG for a chemical reaction is negative, the reactants in their standard 
states will be converted spontaneously to products in their standard states. If 


AG? is positive, this conversion will not be spontaneous; howeyer, the cor- 
responding reverse reaction will be. 
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is positive does not mean that no products 

formed from reactants in their standard states. Some products can be 

ormed, but not in concentrations as great as that of the standard state. Our 

blem now is to find out how the magnitude of AG is related to the actual 

amounts of reactants and products present when a reaction reaches equilibrium. 

" To accomplish this, we must have an expression for the dependence of free 
energy on pressure. From the definition of free energy, 


G=H—TS=F+PV—TS, 
je obtain z 
dG = dE + PdV + V dP — T dS — SaT. 
E t for a situation in which only pressure-volume work ean be done, dE = 
dg — P dV, so 
i dG = dq + V dP — T dS — 8S dT. 
5 uating 7' dS and dq then gives us i 


dG = V dP — SdT. 


x 


r à pressure change at constant temperature, 
dG — V dP. (8.34) 


n the following discussion, quantities that apply to one mole of material 
be denoted by a bar superscript, as in V = RT/P. Then for one mole of 
in ideal gas, Eq. (8.34) becomes 


dG = P T ap 
us integrate this expression, taking as one limit of pressure P? = 1 atm, 


standard pressure. Then the corresponding limit for G will be G°, the 
andard free energy of one mole of the ideal gas. We get 


Peol 


G—G xps RT n P, 


re G is the molar free energy at any pressure P (in atm) and G? is the 
ndard free energy. If, instead of 1 mole, n moles are considered, we get 


nG = nG? + nRT In P. (8.35) 
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Equation (8.35) is just what we need to relate AG? to the equilibrium con- 
stant. The next step is to calculate AG for the general reaction between ideal 


gases, 
aA(P4) + bB(Pg) = cC(Po) + dD(Pp), 


where Pa, Ps, etc., are the pressures of the reactants and products. We have 


AG — E G(produets) — J G(reactants) 
= cG(C) + dG(D) — aG(A) — bG(B). 


"Use of Eq. (8.35) gives 


AG = [cG (C) + dG*(D) — aG*(A) — bG*(B)] + cRT In Pc 
--d RT1n Pp — a RT ln Pa — b RT ln Pg. 


The bracketed terms are equal to AG?, and the remaining terms can be com- 
bined to give 

(Po) (PY . 
(PA)«(Pp)* 


This is an important equation. It relates the free-energy change for any ideal 
gas reaction involving arbitrary pressures of reactants and produets to the 
standard free-energy change and the pressures of the reagents. 

Suppose that the pressures in Eq. (8.36) are those that exist when reactants 
and products are in equilibrium with each other. Then AG — 0, since initial 
and final states are in equilibrium, and 


a (Po)*(Pp)? 
De Age aru [99] 


AG = AG? + RT In (8.36) 


Because the pressures are those that exist at equilibrium, the term in brackets 
is equal to the equilibrium constant K, so 


AG? = —RT ln K. (8.37) 


Equation (8.37) is the quantitative relation between the standard free-energy 
change and the equilibrium constant that we have been seeking. 

The importance of Eq. (8.37) cannot be overstated. In the first place, it 
constitutes a proof that there is such a thing as the equilibrium constant. That 
is, since G is a state function, AG? must be a fixed constant whose value depends 
only on the temperature and the nature of the reactants and products in their 
standard states. Therefore Eq. (8.37) says that at a fixed temperature, the 
concentration ratio : 

(Pc) (Po)? — K 
(Pa)2(Pp)> 


is a fixed constant at equilibrium. 
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The second important feature of Eq. (8.37) is that it supplies the bridge 
between properties of individual substances and the extent to which reactions 
proceed. The standard free-energy change can be calculated from the values 
of AG? for reactants and products, and these quantities can be obtained from 
the values of AH? and 8°. Therefore Eq. (8.37) is the final step in the calcula- 
tion of chemical reactivity from the “thermal” properties, AH? and S, of pure 
substances. 

Finally, Eq. (8.37) permits us to make a more thorough interpretation of the 
meaning of the sign of AG?. The use of antilogarithms gives 


K = eA@URT _ 10-46*/2.3RT. (8.38) 


We can see now that if AG? « 0, the exponent will be positive, K will be 
greater than unity, and will increase às AG? becomes more negative. Thus 
reactions with the largest negative values of AG? will tend to proceed to com- 
pletion to the greatest extent. Conversely, if AG? > 0, K will be less than 
unity, and although some products will be present at equilibrium, most material 
will be in the form of reactants. The special and rare case in which AG? — 0 
corresponds to an equilibrium constant of unity. 

Writing Eq. (8.38) in a slightly expanded form gives more insight into the 
“driving forces” of chemical reactions. We use 


AG? = AH? — TAS®, (8.39) 

Which with Eq. (8.38) gives us 
K = eS -ABIRT (8.40a) 
= 10459/2.3819—AH/2.3RT. (8.40b) 


We see that the larger AS? is, the larger K is. Thus the tendency toward maxi- 
mum molecular chaos directly influences the magnitude of the equilibrium 
Constant. It is also clear that the more negative AH ° is, the larger K is. In 
this way, the tendency of atoms to seek the state of lowest energy helps deter- 
mine the equilibrium constant. 

Since the standard state for gases was chosen as l atm, the concentration 
Unit to be used in the equilibrium constants of gaseous reactions is the atmo- 
Sphere, However, application of the general relation Eq. (8.37) is not restricted 
to gases. To deal with reactions in solution, the free energy of any “ideal” 
Solute can be expressed as 


=O + RTH A, 


Where C is any appropriate concentration unit, and C? is the standard con- 
centration, for example 1 M. Using this equation, a derivation can be carried 
through to yield Eq. (8.37) with K expressed in concentration units. Thus, 
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provided care is taken to specify correct concentration units, Eq. (8.37) can be 
applied to any reaction taking place under ideal conditions in solution or in 
the gas phase. 


Example 8.5 Calculate the standard free energy of formation for ozone at 298°K 
from the values of AH} and S? given in Tables 8.1 and 8.3. The formation reaction is 


$02(g) = Osl). 
We will calculate AG?(O3) by the expression 
AG? = AH? — TAS). 


The value of AH? obtained directly from Table 8.1 is AH}(O3) = 34.0 kcal. The 
entropy of formation must be calculated from 
AS? = S'(05) — $8°(02) 
= 56.8 — $(49.0), 


AS/(O3) = —16.7 cal/mole-deg. 
Therefore 


AG? = 34,000 — (298)(—16.7) 
= 34,000 + 4980 
= 39,000 cal/mole. 


Example 8.6 Calculate AG? and K for the reaction 


NO + 03 = NO» + 0». 


Ts the size of the equilibrium constant principally a consequence of the AH ° or of the 
AS? for this reaction? For AG? we have from Table 8.4, 


AG’ = AGP(NO2) + AG/(02) — AGP(NO) — AGP (03) 
-.1239--0 — 20.7 — 39.0 
= —47.3 keal. 
By Eq. (8.38) 
K = 10-569/2327 — 19 +(47,300)/1360 _ 5 X 1034, 
The equilibrium constant greatly favors the products. By Eq. (8.40a) 


Ki = eAS°/Re—aH RT 1 
We can evaluate the contribution of enthalpy and entropy to the equilibrium separately: 


0 
AH" = AH?(NOz) + AH}(O2) — AH(NO) — AH?(0s) 
= 8.09-+ 0 — 21.60 — 340 
—47.5 keal. 
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For AS? we have à 

AS? = §°(NOo)'+ $*(05) — SNO) — S9(03) 
57.5 + 49.0 — 50.3 — 56.8 
—0.6 cal/deg. 


M 


Thus by Eq. (8.40b) 


K = 10*557/2.3819—AH9/2.3RT 


i 


= 10-1319 +34.8 


The entropy change for the reaction is very small, since the geometrical molecular 
structures of products and reactants are very similar. Thus the real “driving force” 
for this reaction is the fact that the products are energetically more stable than the 
reactants. 


8.11 ELECTROCHEMICAL CELLS 


We have already at our disposal one method of obtaining standard free-energy 
changes for chemical reactions: the use of Eq. (8.39). In this section we will 
show that measurement of the standard cell potential A&? can give us AG? for 
a reaction. This should not be surprising, since we know that AG? and the 
standard cell potential are both related to the equilibrium constant; they 
certainly should be related to each other. 

To. establish the relation between AG? and AE, we must first find the con- 
nection between free energy and electrical work. From the definition of free 
energy we get 


dG = dH — T dS — § dT 
=dgtdwt+PdV+V dP — T d8 — S dT. 


Once again we restrict our argument to a reversible process at constant tem- 
perature and pressure, and let dg = T dS. This gives us 


dG = dw + P dV. 


The term P dV is the work done by volume changes, while dw represents all 
the work done by the system. If the system is an electrochemical cell, dw 
includes pressure-volume work and the electrical work, so we can say. 


=wpy + elec, 


dG = dw+Pdv 
= dwpy + dwaec + PdV i 
E dWelec, 
AG =-+telee (P, T constant). x (8.41) 


Thus AG for a process is the reversible electrical work done on the system. 
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Our second step is to express the electrical work as the product of an amount 
of charge times the voltage difference through which it is transferred. For n 
moles of electrons, this is given by 


Weles = —n X F X AE, 


where F is the faraday, the charge on one mole of electrons. The minus sign 
appears here for the same reason it appears in the expression for the pressure- 
volume work. If the system is capable of producing a potential difference A& 
between electrodes, it does work on the surroundings as the charge n passes. 
Hence w, the work done on the system must be negative, and the minus sign 
accomplishes this. Therefore the relation between AG and A68 is 


AG = —n$ A8. (8.42) 
If the change is between standard states, then 
AG? = —n$ A&P. (8.43) 


Equation (8.43) shows that measurement of the standard cell potential can 
give us the value of AG? directly. This measurement is in fact one of the most 
convenient ways to obtain free energies of formation. If AG? is known for all 
substances in the cell reaction except one, measurement of A&° gives AG?, and 
then use of Eq. (8.33) allows\calculation of the unknown AG). 

In Chapter 7, we introduced the Nernst equation, 

A& = A8? — 2.058 log Q, 
where Q is the quotient formed by the product of the concentrations of the 
products, each raised to its stoichiometric coefficient, divided by a similar 
product of reactant concentrations. We can now derive the Nernst equation 


from the more general relation Eq. (8.36). First we rewrite Eq. (8.36) in terms 
of concentrations: 


[Co] [Co]? 


AG = AG? Wel vp) 
+ RT C Ca) 


or 
AG = AG°+ RT In Q. 
We introduce Eqs. (8.42) and (8.43) to give 


RT 
A& = Ag? — —— 
& Ing. 
Converting to base-ten logarithms results in 


23RT 
Ag = Ag? NNI VET 
A& ns log Q. 
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To evaluate the constant terms we let 


R = 1.98 cal/mole-deg, 
T = 298°K, 
$ = 23,061 cal/volt,* 


and find that 


A& = A8? — 9.039 og Q, 


which is the usual form of the Nernst equation. 

Equation (8.42) shows that the voltmeter connected to an electrochemical 
cell is really a free-energy. meter. A cell reaction proceeds so long as A6 or AG 
is not zero. When A& = 0, the cell has “run down” or reached equilibrium; 
that is, the reactants and products have reached concentrations at which their 
. free energies are the same. 


8.12 TEMPERATURE DEPENDENCE OF EQUILIBRIA 


While Le Chatelier’s principle provides a qualitative guide for predicting how 
equilibria are affected by changes in temperature, we can obtain a quantitative 
relation between K and T by using the thermodynamic concepts available to 
us. To derive this expression, we combine two fundamental relations, Eqs. 
(8.37) and (8.39), 


AG? = —RT ln K, (8.37) 
AG? = AH? — T AS, (8.39) 
to give 
AH? , AS? 
nK = —pp tp (8.44) 


This equation says that if AH? and AS? are constants independent of tem- 
perature, In K is a linear function of 1/7. But are AH? and AS? independent 
of temperature? Equation (8.20) shows that if the difference in the heat 
capacities of reactants and products is very small, then AH is essentially 
independent of temperature. Likewise, since AS? at any temperature T can 
be expressed as x 
as? = ashe+ |, Sar, 
298 


* This value is derived by writing 


F = 96,487 coul = 96,487 volt-coul/volt 
= 96,487 joules/volt, 
1 cal = 4.1840 joules, 
F = 96,487/4.1840 = 23,061 cal/volt. 
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if ACp & 0, AS? is also independent of temperature. If we accept this approxi- 
mation, then Eq. (8.44) teaches us that for an exothermic reaction, K decreases 
as T increases, and for an endothermic reaction, K increases as T increases. 
These facts are consistent with the qualitative conclusions based on Le Chatelier’s 
principle. 

Not only does the sign of AH 0 indicate the direction in which K changes; 
for a given temperature variation, the magnitude of AH 9 determines how rapidly 
K changes as a function of temperature. According to Eq. (8.44), plotting In K 
as a function of 1/T should give a straight line whose slope is —AH 9/R. Thus 
the more negative AH 9 is, the faster In K should decrease as T increases, and 
vice versa. Figure 8.9 demonstrates the validity of these conclusions. 


0.8;- 


or 

cud 

02 
X 
E00 


—0.20| 


—0.40 


Log K versus 1/T for two reactions. 06 i 
(a) COx(g) + H2(g) = CO(e) + H20(8), =o) 
AH = —9.1 kcal; (b) SOs(g) = SO2(g) + —0.90 

JOs(g), AH = 22 kcal. pe Cae 


a 3 L zi 
080 0.90 10 11 1.2 13 


(1/7) x 1073 


j Another form of Eq. (8.44) that is particularly useful for numerical calcula- 
tions can be obtained by writing 


AH? AS? 0 0 
Ese Bae bp ln Ka = -it 


and then subtracting the first of these expressions from the second. The 


Ke TaS e og 3 vu 
n= ae > 
K. R (3; i) (8.45) 


Equation (8.45) shows that if we know the value of AH ° and of the equilibrium 
constant at one temperature, we can calculate K at any other temperature. 
Also, if we measure K at two temperatures, we can calculate AH ? by Eq. (8.45). 
Thus it is possible to obtain AH? for a reaction without ever doing a calori- 
metric experiment. 


' result is 
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" Example 8.7 For the reaction |... E ERE E Ak : 
NO(g) + 402) = NOz(e), . 


AG? = —8.33 kcal and AH? = —13.5 kcal at 298°K. Calculate the equilibrium 
constant at 298°K and at 598°K. 
By Eq. (8.38), 
K = 19-36*/G.3RT) 


= 10) +8330/(2.3)(1.99)(298) 
= 1.28 X 10°. 


To find the equilibrium constant at 598°K, we cannot use Eq. (8.38), since we do not 
know AG? at this temperature. However, we can use Eq, (8.45): 


K2 _ Ke | AH? (5 "n 
In Ei 2.3 log E wn SR’ 
E 13,500 / 1 1 
2.3(log.K2 — 6.12) = C99 (as = " ; 
log K2 = 1.16, n 
K3 = 144. 


The equilibrium constant, of this exothermic reaction is smaller at the higher tem- 
perature, which is consistent with Le Chatelierts principle. 


Example 8.8 For the reaction 
4No(g) + $Ho(g) = NHa(g), Cs 


K = 1.3 X 107? at 673°K, and K = 3.8 X 10-3 at 773°K. What is AH? for this 
reaction in this temperature range? We simply substitute the values of K and T in 


Eq. (8.45) to give 
38x 107° a (a L) 


-2.3 log 73x102 ^ 199 \773 673 
AH? = —12.7 keal. 


8.13 COLLIGATIVE PROPERTIES 


The equations that we have developed will be very useful in our subsequent 
discussions of the descriptive chemistry of the elements. However, it is worth 
noting that Eq. (8.45) in particular can be used to analyze the physical processes 
of boiling-point elevation and freezing-point depression by dissolved substances. 
By using Eq. (8.45), we can find out how the empirical constants for boiling- 
point elevation and freezing-point depression are related to more fundamental 
properties of the solvent. 
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Let us first consider the boiling-point elevation phenomenon in an ideal solu- 
tion of a volatile solvent and a nonvolatile solute. The equilibrium is between 
liquid solvent at a mole fraction zı, and its vapor at a pressure of 1 atm. The 
corresponding reaction is 


liquid (concentration z1) = vapor (1 atm). 
The equilibrium constant for this reaction is 


K [vapor] latm 1 


Since we are always interested in the normal boiling point of the solution, the 
_vapor concentration is always 1 atm. 
Depending on the concentration xı, the solution boils at different tempera- 
tures. To connect x, and the boiling temperature, we must find the temperature 
dependence of the equilibrium constant. Our general expression is 


ne = AY (rer). es 


Let us choose T, as the boiling point T, of the pure solvent; thus x; = 1, and 
Kı = 1 at T; = Ty For Ke we substitute 1/z;, the value of the equilibrium 
constant at the arbitrary temperature T; — T. Also AH ? must be the enthalpy 
of vaporization. With these substitutions, Eq. (8.45) becomes 


The boiling-point elevation AT is just 
AT = T — T, 


and if the solution is dilute, AT is small and T c Tp. Therefore we can set 
TT, equal to Tj, and get 


In X17 — 
We can simplify this expression further. If we have a two-component 
mixture, then z; = 1 — 2», and 


Inz, — In (1 — $3) S — T2, 
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where the last equality holds if zg is small. Consequently we can write 


2 
Alp in) gp al RTs 


EM 
& RT? AB yap 


X2. 


Let us recall that in Chapter 4 we showed that for dilute solutions, zy was 
related to the molality m by 


m MP 
Zar 1000. 
where M is the molecular weight of the solvent. Using this relation gives 


AT = (area) m (8.46) 


Equation (8.46) provides us with an explicit expression of the boiling-point 
elevation constant K, in term of Tj, My, and AHyap. All of these are properties 
of the solvent alone, so Ke should be applicable to any ideal solution of a 
particular solvent. 

The same type of analysis can be applied to the freezing-point depression 
phenomenon. In this case, the equilibrium is between a pure solid solvent and 
the same material as a liquid of concentration 71. The reaction we consider is 


solid (pure) = liquid (concentration 21). 


Since the concentration of the pure solid is contant, the equilibrium constant 
is simply 
K= [nl 


Once again we are interested in the temperature at which equilibrium is 
reached for solutions of various concentration, and therefore we must find the 
- relation between K and T. We start with Eq. (8.45) and choose Ty eT, 
the freezing point of the pure solyent. Therefore at T, zı = 1 and K; = 1. 
The equilibrium constant at the arbitrary temperature T = T; has the value 
Kz = K = 2, and AH ° is the enthalpy of fusion. Thus 


We realize that the freezing-point depression AT’ is equal to. Ty — T, and 
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that TT iu, = T2, for small AT. As a result we get 


Setting In zj = In (1 — xg) = —z2 as before gives us for AT 


2 
RT 
os fus Zo. 


AT 
AH fus 


Conversion of x2 to molality results in 


2 1 
AT = (En) m (8.47) 
1000 AH fus 


EE 


Equation (8.47) shows that the freezing-point depression constant K; is & 
function only of the properties of the solvent itself. 

We turn now to the phenomenon of osmotic pressure, which) has been 
described in Section 4.4. As pointed out there, we are dealing with an equilib- 
rium between a pure solvent and the same solvent in a solution to which some 
external pressure has been applied. This equilibrium will be reached only when 
the molar free energy of the solvent in solution is the same as that of the pure 
solvent. The molar free energy of an ideal solvent of mole fraction z, is 


G-— G?-- RT In z;, 


where G is the free energy of the pure solvent. Since z; is less than unity, 
In x is negative, and the solvent in solution has a smaller free energy than the 
pure solvent. 

If an external pressure is applied to the solution, the free energy of the solvent 
may be increased to the point at which it is equal to the free energy of the pure 
solvent. According to Eq. (8.34), the effect of pressure on free energy is given by 


dG = V dP 


for a process at constant temperature. Since the osmotic pressure 7 is the 
pressure on the solution in excess of that exerted on the pure solvent, the 
increase of the molar free energy due to this pressure is 


a= 7 [ dP = q7. 


We have assumed that the solvent is virtually incompressible, so that themolar 
volume V is independent of pressure. 
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The combined effects of dilution and of external pressure on the free energy 
of the solvent are given by 


G— G^ RTInzi + TV. 


When the solvent in solution is in equilibrium with the pure solution, G — Go d 
and inc cR csi 
TV = —RT ln zi. 


Substituting z; = 1 — za and expanding the logarithm as before gives 
TV = RT zo. 


If the solution is dilute, £2 = n/m, and V = V/n;, where V is the volume of 
the solution and nı and n; are the numbers of moles of solvent and solute, 
respectively. Therefore 


SR C ER nz E 
^i ny 
r= E ng = cRT, (8.48) 


where c is the concentration of solute in moles per liter.’ Thus we have arrived 
at the expression used in Section 4.4 to relate the osmotic pressure 7 to the 
concentration and temperature of the solution. 


8.14 HEAT ENGINES 


Early work in thermodynamics was very much concerned with the operation 
and efficiency of devices for converting heat into useful work. Indeed, there are 
two common statements of the second law of thermodynamics which have to do 
with the existence of natural limitations on the conversion of heat to work. 
In this section, we shall use our understanding of the second law to deduce the 
limiting efficiency with which heat can be converted to work in cyclical or 
repetitive processes such as occur in practical engines. To do this, we shall 
analyze the behavior of an idealized device called the Carnot heat engine. — 
The first component of a Carnot heat engine is a source of heat which is 
maintained at a constant high temperature T. In an actual engine, this source 
of heat might be a combustion chamber or nuclear reactor. The second com- 
ponent of the Carnot engine is a heat sink, maintained at a low temperature 
Te, which receives any heat which might be discarded by the engine as it operates. 
Ina real working engine this heat sink might be the atmosphere or a cooling 
bath. The engine operates by carrying a working substance through a cycle, 
or by a sequence of changes which converts heat into work and returns the 
working substance back to its original state. The working material is most 
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FIG. 8.10 


>0 AS,,—0 AS, =E <0 AS, =0 
(b) (e) (d) 


The operation of a Carnot heat engine: (a) Isothermal expansion at Tj. (b) Adiabatic 
expansion. (c) Isothermal compression at Te. (d) Adiabatic compression to original state. 


commonly a gas, but it may be any substance. For convenience, we shall refer 

to the working substance as a gas. 

The cycle used in the Carnot engine is shown in Fig. 8.10. There are four 

Steps, each of which is carried out reversibly: 

1, The working gas absorbs q, units of heat from the hot reservoir; while doing 
80, the gas expands isothermally and reversibly and does work. The value of 
qı is positive, but wi, the work done on the gas, is negative. 

2. The working substance is thermally isolated from the surroundings. The 
gas expands, and does work. However, qo = 0, since the gas is thermally 
isolated. Such a process is called an adiabatic expansion. Since the gas does 
work without receiving heat, its internal energy and temperature decrease. 
The adiabatic expansion continues until the temperature of the gas has 
dropped from Th to Te; the temperature of the heat sink, or cold reservoir. 

3. The gas is brought into thermal contact with the cold reservoir and then 

compressed isothermally. This process deposits heat into the cold reservoir, 
80 qa, the heat absorbed by the gas, is » negative number. Work is done on the 
gas as it is compressed, so wz is a positive number. 

. In the final step, the gas is again thermally insulated and compressed 

adiabatically. Therefore, q4 = 0, and w4 is a positive number. During the 
compression, the gas temperature rises to Th. 


At the end of the cycle the gas has returned to its initial state. Therefore, 
ASgas = 0, AE gas = 0, and so 


x 


dı ga = —w| — wz — w3 — w4 = —w. (8.49) 


CHEMICAL THERMODYNAMICS | 8.14 


"Here w is the net work done on the gas, so —w is the net work done by the gas. 
‘Also qi + qs is the net heat added to the gas, so Eq. (8.49) is a statement of the 


"conservation of energy. 


d 
of thermodynamics, the total entropy change of the gas and the two reservoirs 
- must be zero, because the whole cycle is carried out reversibly. That is, 


To find the limitations on the net work done by the gas, we must consider 
the entropy changes that occur during one cycle. According to the second law 


ASgas + ASres = 0. 


i But ASgas = 0, because the final state of the gas is the same as the initial state, 
© and therefore ASres = 0. Thus we can write the entropy change of the reservoirs 
as 


The minus signs appear here, because when qi (or ga) is absorbed by the gas, 


"the same amount is lost by the reservoirs, Now we use 


$ qid da — —w 
7. to find that 
: 2m ,m-T«v. 
TU Te 
a Re c (8.50) 
qi T, 


| The quantity —w/q; is just the net work done on the outside world, divided by 
-. the heat extracted from the high temperature source. Therefore, it is the efficiency 


n of the reversible Carnot engine. j i 
Equation (8.50) shows that in order for the efficiency n to approach unity, 


| the temperature ratio T./T) must approach zero. It can be proved that no 
_ other heat engine can exceed the efficiency of the Carnot engine, and thus Eq. 


(8.50) provides the limiting value of the efficiency of any heat engine operating 


l between the two temperatures T, and Te. Clearly, it is advantageous to make 


Tras large, and T as small as possible, but there are practical limitations imposed 


j by nature of heat sources, the properties of working materials, and the avail- 
ability of cold reservoirs. In commercial steam heating plants, Ta and T. can be 


Maintained at values such that the efficiency is 45 percent even with friction 
and heat losses included. In contrast, the automobile engine operates at an 
efficiency of only 15 percent, partly because of a rather high exhaust manifold 


temperature. 
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In Section 8.7 we advanced the qualitative, intuitive argument that entropy + 
was related to our lack of detailed knowledge or information about. the micro- 
scopic state of a system. In this section we shall make this idea somewhat more 
precise, and thereby indicate how entropy can be calculated from the mechanical 
properties of the molecules which make up the system. To begin, we must 
specify what we mean by information. 

The various sources of information such as clocks, radio dials, stop lights, 
etc., which we encounter in our lives ean be thought of as devices which send 
messages to us. How much information is in each message? A little reflection 
suggests that the amount of information in any one message decreases as the 
probability that that particular message might be sent increases. For example, 
a railroad gate has two possible messages: if it is up, no train is coming in the 
immediate future; if it is down, a train will be along sometime soon. The 
message that the gate is closed may be very interesting, but does not contain 
much information, since there is only one other possibility. The message that 
the gate is open contains even less information, since this is the usual or more 
probable situation. Contrast this situation with the information conveyed 
by a 24-hour digital clock that gives the time to the nearest minute. If we 
have absolutely no information concerning the time, we know that there are 
24 X 60 = 1440 messages which might be sent, and consequently the informa- 
tion in any one of them is quite large. If we know, by virtue of some previous 
experience, that the time is 12 o'clock plus or minus 15 minutes, then the 
amount of information in a message is correspondingly less. We assert, then, 
that if p; is the probability that a message will be sent, the information J; in 
the message is a function J;(p,) of p;, and increases as pi decreases. 

Suppose two messages and j are sent quite independently of each other. 
It is reasonable to require that the total information received, J;;, is the sum 
of the information contained in the separate messages: 


Llp) = Ip) + Lv). 
Here pj; is the probability that the two messages 7 and j will be sent. If mes- 


sages 7 and j are truly independent, the probability of both being sent is just 
the probability of one times the probability of the other. Thus 


Dij = Di X pj 
We see, then, that information is a function of the probability of a message, 
that independent information is additive, and that independent probabilities are 


multiplicative. How then does information depend on probability? "The only 
funetion that satisfies these conditions is the logarithm, and só we must have 


I; = —kln p; = k ln (1/pj, (8.51) 
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where k is, for the moment, an arbitrary positive constant. Since p; < 1, the 
minus sign is inserted so that J; will be a positive quantity. We see from the 


- definition that - 


I I; = —k(ln p: + In p;) = k In pip;, 
and since p;; = p; X p; for independent probabilities, it follows that 
I;+ 1; = —klhnpg- li. 


This shows that, as we required, information is indeed additive if the: proba- 
bilities of the messages are independent, 

Now we can start to apply this analysis to the problem of the entropy of 
thermodynamic systems. The microscopic state of a system of independent 
molecules such as; an ideal gas can be regarded as a message. This message 
would consist, if we were to use quantum mechanics, of all the quantum num- 
bers which specify the motion of all the atoms, If we were to use classical 
mechanics, it would consist of a list of the positions and momenta of all the 
atoms. Clearly, with as many as a mole of atoms, the number of different 
microscopic states possible is enormous. The probability that any one of them 
will occur is, therefore, very very small, and the information contained in the 
message that a particular one has occurred is very great. Since we never do 
know the microstate of a thermodynamic system, we can regard —k In p; as 
a piece of missing information about the system. Of course, other microstates 
occur, and the missing information associated with them may be different 
from —k In p;. The average missing information would be 


= king: = —k X piln pi. 


That is, we take the missing information associated with each microstate; 
weight it with the probability that the microstate occurs, and add these quan- 
tities together. 

We now make a major assertion: the entropy of a system is proportional to 
the average missing information associated with it, and is given by — 


s= —kY piln pi, 


where k has the value of Boltzmann's- constant, 1.380 X 10-!* erg/degree. 
Clearly, in order to test this assertion we would have to calculate the entropy 
of a system and compare it to an experimental measurement. To do this cal- 
culation, we must know the values of p;. This is achieved by saying that in the 
absence of any information concerning the microscopic state of the system, 
each microscopic state has the same probability of occurring. Therefore, if 


there is a total of Q microscopic states available to the system, the probability: 
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of each is 1/9. We can then deduce that 


S=—k>i pilnp; = +E puni 


= king Y p= (Ingo x 5, 
i 
Sik In) (8.52) 


since there are 2 microstates, each with probability 1/2. We have now arrived 
at a fundamental equation of statistical thermodynamics: the entropy is Boltz- 
mann’s constant times the natural logarithm of the number of microscopic 
states available to the system. When Q is calculated correctly, this equation is 
in exact agreement with experiment. We have found in Eq. (8.52) the origin 
of our statement that entropy is a measure of the number of microscopic states 
associated with a macroscopic state. 

It appears that it was necessary to make two postulates in order to derive 
Eq. (8.52). The first was that entropy was equal to the average missing infor- 
mation associated with a system, and the second was that the probability of 
each microstate was the same. Actually, it is possible to show that the quantity 


È piln p; 
t 


has its maximum value when all the p; are equal. Thus we can condense our 
postulates and say that entropy is proportional to the maximum missing 
information associated with a system. 

The actual evaluation of 9 has been carried out for the ideal gas, the ideal 
solid, and other systems of chemical interest. Such calculations are moderately 
involved, and will not be carried out here. We can, however, show how Q for 


. an ideal gas depends on the state parameters V and T, and use this result to 


oe ai AS for an isothermal expansion and a temperature change at constant 
volume. 

Consider an isothermal expansion of an ideal gas. The initial and final 
entropies | Si and S; are different, and so the microstates Q; and Q; associated 
with the initial and final macroscopic states are different, Thus 


AS = S;— S; = kin Qs — kIn Q; 


2n X 
=kin a,’ 
and so we have to calculate only the ratio 0;/Q; rather than their absolute 
values. Suppose that there were only one moleeule in the gas. The number of 
microstates available to this molecule should be proportional to the number 
of places the molecule can be, and hence to the volume of the container. This 
is also true for each molecule in a system of N molecules. The number of micro- 
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. states available to the whole system is the number of states available to mole- 
cule 1 times the states available to molecule 2, and so on. Thus for an ideal 
* gas of N molecules, we have 


Q « V, 
Consequently, for an isothermal expansion, 


9/0; = (V/V), (8.53) 
and therefore 
AS = k ln (0/05) = k In (V;/V)" 
= Nk ln (Vj/Vj) 


or 
AS = nNok In (V;/V;) = nR ln (Vj/V.) (8.54) 


if the number of molecules N is expressed as the number of moles n times 
"Avogadro's number No. Equation (8.54) is the same as the result we obtained 
earlier by using thermodynamic reasoning, and helps to confirm the idea that 
our probabilistic or statistical interpretation is correct. 

Our analysis reenforces the explanation given in Section 8.7 of why a gas 
expands spontaneously from a small volume into a large volume. The value of 
Q for the gas in the small volume is smaller than the value of Q; for the gas in 
the larger volume. We can say, therefore, that because the gas in the large 
volume can exist in that state in many many more ways than it can exist in the 
small volume, it is overwhelmingly more probable for the gas to occupy the 
large volume. To see how enormously more probable the occupation of the 
larger volume is, consider the situation in which one mole of an ideal gas is 
given the opportunity to double its volume. By Eq. (8.53), for one mole of gas, 


0/4 = (V/V = 2N0 = 00x10, 


Thus the chance that the gas will remain in the smaller volume is less than 
about one in 1019", which is rather negligible. We can attribute the “spon- 
taneous” free expansion of a gas to the fact that the molecules are just doing 
what is overwhelmingly probable for them to do. 

We shall now give a heuristic demonstration of how statistical considera- 
tions can be used to calculate the entropy change of an ideal monatomic gas 
which is heated at constant volume. As energy is added to the gas, the average 
momentum of the molecules increases. Since the range of momenta in which 
we would find molecules increases with increasing energy of the gas, we can 
deduce that the number of microscopic momentum states increases with 
increasing temperature. j 

For one molecule, the number of momentum states should increase propor- 
tionally to p°, the cube of the average linear momentum, since each molecule 
has three independent momenta along the three coordinate axes. This depen- 
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dence of the number of mierostates on p° is completely analogous to the " 
dependence of the number of microstates on L? = V. For N molecules, the | 
number of microstates is proportional to p°. Since p « &'? « TU?, where 
€ is the average molecule energy, we have , 


Qax T3NI2. 


Thus for a temperature increase at constant volume, 


AS = kin (84/2), — 9/0; = (T;/T)9N'?, 
AS = k In (T/T) 
= 3NkIn (Tj/T)), 
AS = n&R In (T/T): 


But for the monatomic gas we are treating 


Cy = ÈR, 


AS = nCy In T , 
which is identical with the result obtained by thermodynamic reasoning. 
Our demonstrations of how AS can be calculated for a volume change or 
temperature change of an ideal monatomic gas suggest another way of stating 
the relationship of entropy to molecular properties. We can say that since S 
increases as Nk In V, entropy increases as the logarithm of the volume available 
to molecules in coordinate space. Also, since S increases as Nk In (p)*, we can 
say that entropy increases as the logarithm of volume available to molecules in 
momentum space—a three-dimensional space in which the coordinates are the | 
Cartesian components of momentum. The concept of available volume in 
coordinate space and momentum space is very important in understanding how 
entropy depends on the mechanical properties of molecules, The combined 
six-dimensional space made up of coordinate space and momentum space is 
called phase space. Thus it is true that as V or T increases, the available . 
volume in phase space increases, the number of microstates of the system i 
increases, our lack of knowledge of the detailed microstate increases, and the — | 
entropy of the system increases. 
Having encountered the statistical interpretation of why entropy increases 
with increasing volume and temperature, we now analyze, in a similar manner, 


the problem of the dissociation of diatomic molecules. We ask for the entropy 
increase associated with 


AB(g) — A(g)+ B(g) 


for an ideal gas at constant temperature. We shall continue to use arguments 
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based on the available number of microstates, or the available volume in phase 
space, and to assume that classical mechanics rather than quantum mechanics 
applies. | 

If the dissociation occurs at constant temperature, the number of momentum 
microstates, or the available volume in momentum space, is the same for 
products and reactants. Each atom, whether bound or free, has three indepen- 
dent Cartesian momentum coordinates and, at the same temperature, has the 
same momentum states available to it. Thus to find the entropy change upon 
dissociation, we need to consider only the change in available positional micro- 
states or the change in coordinate space available to the atoms. y 

We treat the products first. Since the number of positional microstates for 
one atom is proportional to V, the value of €, for N a A-atoms and Nx B-atoms 
is proportional to V¥aV%s = V?N, since all the 2N product atoms move 
independently of one another. : 

For the reactant molecules, the positions of the bonded pairs of atoms are 
not independent, but are correlated by the chemical bond force. We can regard 
the motion of one of the atoms (say A) in the molecule as independent, however, 
since it can go anywhere in the container, dragging the other atom B along. 
The number of microstates available to atom A is proportional to V. 


The volume available to atom B when 
atom A is held fixed is a spherical shell 
of radius R equal to the bond length, 
and thickness AR equal to the amplitude 
of bond oscillation. 


We now seek the positions available to the second atom in the diatomic 
molecule which are independent of the position of the first atom. As Fig. 8.11 
shows the volume independently available to atom B lies in a spherical shell 
about atom A. The radius of the shell is R, the bond length of the diatomic 
molecule, and the thickness is AR, the amplitude of oscillation of the bonded 
atoms, ‘The associated volume available to the second atom is, therefore, 
4r R? AR. The number of microstates available to one molecule is proportional 
to the product of V and 4zR? AR, and for N molecules we have 


9, « (Vx 4rR? AR)". 
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The entropy change for the dissociation reaction can now be given as 


Ope (Vy 
AS — king = kln (aR? ARN 
ry 
= Nk ln (RAR 


Thus the entropy change is proportional to the logarithm of a simple volume 
ratio: V, the volume an atom has when it is free, divided by 4rR? AR, the 
independent volume that the atom‘has available to it when it is bonded. It is 
clear that since V >> 4 R? AR, the entropy of dissociation is positive. We see 
that the larger E is, the larger is the volume available to the atom in the 
molecule, and the smaller is the entropy of dissociation. Also, the larger the 
vibrational amplitude AR, the smaller the entropy of dissociation. Further 
analysis shows that this vibrational amplitude can be expressed as (2ak7'/f)1/?, 
where f is the spring or Hooke’s law constant for changing the bond distance 
slightly from its most favorable position. Therefore, the stiffer the bond, the 
smaller AR, and the larger the entropy gained upon dissociation. 

Although our analysis applies directly to the dissociation of diatomic mole- 
cules, the physical idea that entropy increases with an increase in the freedom 
or yolume available to atoms for independent motion is of general validity. The 
positive entropy changes associated with melting of a crystal, evaporation of 
a liquid, and dissociation of diatomic and polyatomic molecules are immediate 
consequences of this principle. 
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Thermodynamics is a subject of great scope and enormous utility. It proceeds 
from certain experimentally determined laws that concern the behavior of 
systems in general, and shows how to make conclusions or predictions about 
specific changes that a particular system may undergo. From the first law of 
thermodynamics, we learn how to use in a systematic and efficient way the 
measured energy changes that accompany chemical reactions. By measuring 
the AH of relatively few reactions we can tabulate enthalpies of formation of 
compounds and from these calculate AH for any reaction that involves com- 
Pounds in the table. By doing this we avoid having to perform many calori- 
metric experiments, some of which may be very difficult or impossible. From 
the second law of thermodynamics, we learn the criteria for the spontaneity of 
any chemical or physical process. By developing these criteria we discover the 
utility of AGP, the standard free energy of formation. This quantity gives us à 
measure of the intrinsic stability of a substance with respect to chemical change- 
If AG? is very negative, the compound is more stable than its elements, and will 
in general tend to be formed rather than consumed by any chemical reaction in 
which it is involved. In contrast, a compound with a large positive AG? repre- 
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sents a relatively unstable arrangement of atoms, and will have a tendency to 
be converted to other, more stable arrangements—either elements or other 
compounds of them. Thus in AG? we have a quantitative expression of the 
intrinsic chemical reactivity of a substance. 

We must be careful to recognize the limitations of thermodynamics. While 
we can measure values of AG? for various compounds and use these to predict 
equilibrium constants, thermodynamics does not contain explanations of why 
one molecule is more stable than another. Such explanations are drawn from 
the quantum theory of molecular structure, an interesting and complex subject 
that is still growing and being refined. But even the proper predictions of 
thermodynamics are sometimes of a conditional nature. We may calculate that 
the equilibrium constant of a particular reaction is large, but thermodynamics 
offers no guarantee that this reaction ‘will proceed fast enough to be observed. 
Thus thermodynamics provides a way of predicting what is possible in principle; 
it tells us what can happen rather than what is certain to happen. Despite 
this limitation, thermodynamics is of substantial help in organizing and under- 
standing chemical phenomena, as we shall see in subsequent chapters. 
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8.1. Calculate the enthalpy of formation of Ca(OH)o(s) from the following data: 


Hs(g) + 302(g) = H20(D, AH = —68.3 kcal; 
CaO(s) + H20(l) = Ca(OH)a(s), | AH = —15.3 kcal; 
Ca(s) + 302(g) = Ca0(s), AH = —151.8 kcal. 


8.2 From the data contained in Table 8.1, calculate AH for each of the following 
reactions: 
Fe203(s) + 3CO(g) = 3CO(g) + 2Fe(s), 
2NOo(g) = 2NO(g) + 02(8), 
N(g) + NO(g) = Na(g) + O(g)- 
8.3 A sample of solid naphthalene, CioHs, weighing 0.600 gm is burned to CO2(g) 
and H20(l) in a constant-volume calorimeter at 7 = 298°K. In this experiment, the 
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observed temperature rise of the calorimeter and its contents is 2.270*C. In a separate 
experiment, the total heat capacity of the calorimeter was found to be 2556 cal/deg. 
What is AE for the combustion of one mole of naphthalene? What is AH for this 
reaction? By using the tabulated values for AH?(CO2) and AH}(H20, 1), calculate 
the enthalpy of formation of naphthalene. 
8.4 One mole of an ideal gas at 300°K expands isothermally and reversibly from 
5 to 20 liters. By remembering that, for an ideal gas, E is constant at constant tem- 
perature, calculate the work done and the heat absorbed by the gas.. What is AH for 
this process? 
8.5. Ethylene, C2H4, and propylene, ‘C3Hg, can be hydrogenated according to the 
reactions 

C2Ha(g) + Ha(g), = CoHo(g), 

OsHo(g) + Ho(g).= CaHs(g), 
to yield ethane, C2H6, and propane, C3Hs, respectively. From data contained in 
"Table 8.1, calculate AH for these reactions.) Do these answers suggest that AH for 
any reaction of the type 

C,H»,-- Ho = CrHongo 


might be approximately equal to a constant? Test this idea with another such reaction 
involving compounds in Table 8.1. 


8.6 Calculate AS? for the following chemical reactions, all carried out at 298°K. 


Ca(s) + 202(g) = CaO(s), 
CaCOs(s) = CaO(s) + CO»(g), 
H»(g) = 2H(g), 
N»(g) + O2(g) = 2NO(g). 


Explain the sign and/or magnitude of AS? for each reaction by qualitatively evaluat- 
ing the change in molecular chaos or disorder that accompanies the reaction. State 
whether or not the attendant entropy change tends to favor production of the products 
of the reaction. 


8.7 (a) One mole of an ideal gas expands reversibly from a volume of 2 to 20 liters. 
Calculate the entropy change of the system and of the surroundings. (b) The same 
isothermal expansion takes place irreversibly such that no work is done on or by the 
ideal gas. Caleulate the entropy change of the system and of its surroundings. 
(c) Using the answers you have accumulated, show numerically that the spontaneous 
contraction of an ideal gas in an isolated system would violate the second law of 
thermodynamies. 


88 Compute the entropy of vaporization of the following liquids at their normal 
boiling points. 


To(°K) AHvap T.CK) AHvap 
(keal) (kcal) 
Cla 238.5 4.87 PbCl; 1145 
E 24.8 
Cote 353 7.35 H20 21373 9.72 
CHCI; 334 7.02 C2H50H 351 9.22 


The fact that Tor most liquids, ASvap at the boiling point is nearly always 21 eu is 
called Trouton’s rule. In liquid water and ethyl alcohol, molecules are linked by 
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relatively strong hydrogen bonds between the hydrogen of one molecule and the 
oxygen atom of another. Is this “ordering” effect consistent with the way in which 
water and ethanol deviate from Trouton’s rule? Explain. 


8.9 When a mole of water supercooled to —10°C freezes isothermally, what is its 
entropy change? The process as deseribed is irreversible, so in order to calculate AS, 
a reversible path between initial and final states must be found. One such path is 
H20(1), —10°C — H30(D, 0°C, 

H30(D, 0°C — H30(5, 0°C, 

H20(s), 0°C — H3506), —10°C. 
The molar enthalpy of fusion of ice at 0°C is 1440 cal, the molar heat capacity of ice 
is 9.0 cal/mole-deg, and the molar heat capacity of water is 18.0 cal/mole-deg. Use 
these data to compute AS for the water when it freezes at —10°C. 

The enthalpy of fusion'of ice at —10*C is 1350 cal/mole. Find the entropy change 
of the surroundings when 1 mole of water freezes at —10°C. What is the total entropy 
change of the system and surroundings for this process? Is the process irreversible 
according to the second law of thermodynamies? 

8.10 From the data given below, calculate the absolute entropy of solid silver at 
300*K by plotting Cp/T as. function of 7 and determining the area under the curve 
by counting squares on the graph paper, 


TCK) 15 20 30 40 50 70 
Cp(cal/mole-deg) | 0.16 0.41 1.14 201 2.78 3.90 
T(K) 90 130 170 210 250 300 


Cp(cal/mole-deg) 4,57. -5.29 5.64, 5.84 5.91 6,09 


8.11 From each of thé following pairs of substances, choose the one which you would 
expect to have the greater absolute entropy. Except where specified, assume one mole 
of each material at the same temperature and pressure. 

(a). C(graph), Ag(s) (b) B(298°K), B(398°K) 

(c) Bra(g), 2Br(g) (d) Ar(1 atm), Ar(0.1 atm) 
8.12 At the normal boiling temperature of water, AH ys = 9.72 keal/mole. By 
assuming that the volume of 1 mole of liquid water is negligible, and that water vapor 
is an ideal gas, calculate g, w, AE, AS, and AG, for the reversible vaporization of 1 mole 
of water at a constant pressure of Í atm and at a temperature of 873°K. 
8.13 Calculate AG? and K at 25°C for the reaction — 

NO(g) + 302(g) = NOz(e) 

from data tabulated-in this chapter. » Which factor, enthalpy or entropy, makes K 
greater than unity and thereby provides the principal driving foree for the reaction? 


8.14 Tabulated below are AH}, AG?, and S? for four substances: 


“AHYoa(kcal) AG3os(kcal)  SZoa(eu) 


co 26.42 —32.79 47.3 
CO2(g) —94.05 —9424 51.1 
H20(g) —57.80 —54.64 = 

Ha(g) 2s = 312 
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From these data only, calculate AH 0, AG®, and AS? for the reaction 
H20(g) + CO(g) = H»(g) + CO2(g). 
If these substances are perfect gases, what is AES, for this reaction? Finally, com- 
pute the absolute entropy of H20(g) at 298°K. 
8.15 For the reaction 
SO»(g) + $02(g) = SOs(g), 
calculate AG? and AH ? from data tabulated in this chapter. Compute the equilibrium 
constant at 298°K and at 600°K by assuming that AH is independent of temperature. 
8.16 For the reaction 
í $Na(g) + $02(g) = NO(g), 
the equilibrium constant is 1.11 X 10-? at 1800°K and 2,02X 10-? at 2000°K- 
Calculate AG, the standard free-energy change at 2000°K, and compare it with 
AG%_ which you can obtain from Table 8.4. From the two values of the equilibrium 
constant, compute AH for the reaction. : 
8.17 The equilibrium vapor pressure of water over BaClg- H20 is 2.5 mm at 25°C. 
What is AG for the process 
BaCle - H20(s) — BaClo(s) + H20(g), 
where the water vapor is imagined to be a 1-atm pressure? What is AG for the process 
if water vapor is produced at 2.5 mm? 
8.18 For the reaction 
BaSO,(s) = Ba**(aq) + SOz(aq), 
AH = 5800cal Does barium sulfate become more or less soluble in water as tem- 
perature increases? At 25°C the solubility product of barium sulfate is 1.1 X 10-19. 
What is its value at 90°C, given that AH for the reaction is constant? 
8.19 For the reaction 
N204(g) = 2NO»(g), 
the following values of logioK have been obtained at different temperatures: 


logyoK —1.45  —1.02  —0.587  —0.036 0.379. 0.903 
TCK) 282 298 306 325 343 362 


Plot log K as a function of 1/T, and determine AH for the reaction in this manner. 
Is the slope of the line obtained from these data equal to —AH/R or to —AH/2.3R? 
$20 For water, AH, = 1.44 kcal/mole, and AH,,, = 9.72 kcal/mole. From these 
data, calculate the molal freezing-point depression constant and the molal boiling- 
point elevation constant. Do they compare well with the direetly measured values 
of 1,86 and 0.52, respectively? 


8.21 In the Daniel] cell, the reaction 

Zn(s) + Cut*(aq) = Zn++(aq) + .Cu(s) 
oceurs spontaneously, and the cell delivers 1.10 volts when all Substances are at 1-M 
concentration. What is AG? for this reaction, expressed in units of (i) joules and 


(ii) calories? Calculate the equilibrium constant of th TE^ he value 
of A&? and (b) the value of AG?. E ee oO) the va 
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822 Consider the following half-reactions and. their standard electrode potentials: 

1. Fe++-+ 2e- = Fe, &9 = —0.440 volt; 

2: Fe*3-F e- — Fett, — &0 = 0.771 volt; 

3. Fet3+ 3e- = Fe, &° = —0.036 volt. 
Although half-reaction 3 is the sum of half-reactions 1 and 2, the electrode potential 
of half-reaction 3 is not equal to the sum of the first two electrode potentials. In 
general, it is not possible to combine 6s for half-reactions directly to obtain the 6° 
of a third half-reaction. Strictly, only free energies, and not electrode potentials, may 
be combined in these instances. With this in mind, execute the following: (a) Find 
AG? for half-reactions 1 and 2 by using AG? = —n$69. (b) Add these quantities in 
order to obtain AG? for reaction 3. (c) From the result of part (b), calculate 6° for 
reaction 3, and compare it with the value given. (d) Use this type of analysis to 
decide why it is legitimate to calculate A&? for a net reaction in which electrons do 
not appear, simply by algebraic combination of the &9's of two half-reactions. 
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CHAPTER 9 


CHEMICAL KINETICS 


A chemical reaction has two general characteristics of foremost importance: 
the position of equilibrium and the reaction rate. In considering chemical 
equilibrium, we are concerned only with the relative stabilities of products 
and reactants and their relative concentrations at equilibrium and not with 
the pathway from the initial to final state. On the other hand, in treating 
reaction rates, we are concerned not only with how fast reactants are converted 
to products, but also with the sequence of physical and chemical processes by 
which this conversion occurs. Indeed, reaction rates are studied in order to 
obtain a detailed picture of what molecules do to each other when they react. 

The behavior of a chemical system may be determined either by equilibrium 
effects or by reaction rates. For example, when a small amount of aqueous 
silver ion is added to an equimolar solution of chloride and iodide ions, we 
immediately obtain a small amount of solid silver iodide, and no silver chloride. 
This occurs because the reaction 


Agt --I- = AgI 
has a much larger equilibrium constant than the reaction 
Agt + CIT = AgCl, 


so that silver iodide is the product favored by the equilibrium constants. In 


contrast, consider the two ways in which ethyl alcohol, CH;CH.OH, may be 
dehydrated: 
H2804 


CH;CH;0H ——— CH.CH, + H,0 (concentrated acid, 170°C), 


2CH4CH40H => CH,CH,0CH.CH; + H,0 (dilute acid, 140°C). 


her ethylene or diethyl ether can be the principal product of the dehydra- 
, depending on the temperature and acid concentration. This selectivity is 
Bue to a change in equilibrium constants. Rather, ethylene is obtained at 
the higher temperature because under these conditions it is formed faster than 
ethyl ether. At the lower temperature, the situation is reversed; the rate of 
ormation of diethyl ether is greater than that of ethylene. In general, when 
any two compounds are mixed, there may be a large number of reactions which 
ire possible, but the reaction or reactions which are actually observed are the 
"ones which proceed fastest. 
Our example shows that it is possible to influence the products of chemical 
nge by controlling factors which affect reaction rates. Naturally the rates 
eactions are in large measure determined by the nature of the reactants, 
ut there are other factors, more at our disposal, which are also influential. 
our example suggests, the first of these is concentration—both of the re- 
ants themselves, and of other added reagents called catalysts. The latter 
ct rates even though they may not be involved in the stoichiometry of the 
rall reaction. Temperature also is an important parameter; the rates of some 
eactions increase profoundly when temperature is raised, while the rates of 
hers are almost insensitive to temperature changes. Two additional factors 
pply only to reactions which take place at the boundary surface between two 
ses. These reactions are classified as heterogeneous, and include the com- 
ustion of solid particles, the dissolution of metals in acid, and the evaporation 
condensed materials. In such systems, reaction rates increase as the avail- 
ble surface area increases, and may be further augmented by agitation, which 
eeds the transport of fresh reagents to the phase boundary. We now turn to 
à detailed discussion of each of these rate-controlling factors. 


Time dependence of the concentrations 
of reactants and products in a chemical 
reaction. 


Figure 9.1 shows the usual behavior of the concentration of a reactant and a 
'oduet as a chemical reaction progresses. The concentrations at first change 
idly and then more slowly approach the limiting concentrations found when 
reaction comes to equilibrium. Not only does the concentration of a reactant 
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diminish but the rate of change of its concentration (the slope of the concen- 
tration-time curve) also decreases as the reaction progresses. Since this rate of 
change of concentration is not constant, it is best expressed as a time derivative, 
dc/dt, which gives the change:in concentration per unit time, at a particular 
instant or at a particular concentration of reactants. We shall use such time 
derivatives of concentration to express reaction rates quantitatively. 
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In general, as reaction products are formed, they react with each other and 
re-form reactants. Therefore the net rate at which the reaction proceeds from 
left to right is 


net reaction rate = forward rate — reverse rate. 


When the reaction reaches equilibrium, the net reaction rate is zero, and the 
forward rate equals the reverse rate. When the reaction mixture is far from 
its equilibrium composition, either the forward or reverse rate is dominant, 
depending on whether reactants or products are in excess of the equilibrium 
value. To simplify our initial discussions, we shall limit ourselves to cases in 
which only the reaction rate in the forward direction is important. This is the 
situation when the reactants are first brought together and the mixture is far 
from equilibrium. 
With this restriction in mind, let us consider the reaction 


NO + Os a NO: + 05, 


Where the arrow means that only the reaction from left to right is important. 
What algebraic relations connect the various derivatives d[NO]/dt, d[Os]/dt, 
d[NOg]/di, and d[O;]/dt? The stoichiometry of the reaction shows that the 
concentrations of nitric oxide and ozone must decrease at the same rate, which 
in turn is exactly the rate at which the concentrations of nitrogen dioxide and 
oxygen inerease. Since the concentrations of nitric oxide and ozone are dimin- 
ishing, d(NO]/dt and d[Os]/dt are negative numbers, while d[NO;s]/di. and 
d{O2]/dt are positive. Thus we have 


d[NO] — ..diOs]  d[NOs]  d[O;] 3 
di NE Gale E tao reaction rate. 


As another illustration of the relations between concentration derivatives, 
consider the reaction 


2HI(g) — Ho(g) + Iz(g). 


Since 2 moles of HI disappear for each mole of Hy formed, the rate of change 
of the HI concentration must be twice the rate of change of the Hz concentra- 
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mbering that d[HT]/dr is a negative number, we can write 


D 


at different rates. What, then, is the rate of this reaction? Is it the 
which the concentration of HI changes, or the rate at which the con- 
ion of Hs changes? 


We can solve this problem by applying our arguments to the general reaction 
aA + bB — cC + dD. 


reflection shows that the relation between the various derivatives is 


rate of reaction” as the time derivative of a concentration divided by 
ropriate stoichiometric coefficient and converted to a positive number. 
e rate of the HI decomposition reaction is equal to any of the expres- 
in Eq. (9.1). Application of these ideas to the reaction 


30CH30H + ByoHis4 — 10B(OCH;)s + 22H; 


rate of reaction = — 5 i Fes a 
_ 1 qB(OCHs)s] _ 1 dH], 
= 10 dt 22 dt 


the derivatives of concentration, appropriately modified, may be used 
ess the rate of reaction. 

mathematical expression which shows how the rate of reaction depends 
ncentration is called the differential rate law. In many instances, it is 
le to express the differential rate law as a product of reagent concentra- 
each raised to some power. Accordingly, for the reaction 


1dA]. C] BJ”. 
- 1241. 22... wari 


onents n or m are generally integers or half-integers; n is called the order 
reaction with respect to A, and m is the order of the reaction with respect 
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to B. The sum n + mis called the overall order of the reaction. It is important 
to realize that n and m are not necessarily equal to the stoichiometric coefficients 
of A and B in the net reaction. The order with respect to each reagent must be 
found experimentally and cannot be predicted or deduced from the equation for 
the reaction. For example, experiments show that the differential rate law 
for the reaction H5 + I; — 2HI is 


d[H 
— 203 — ki] 
Since each concentration is raised to the first power, we say that this reaction 
is of first order with respect to Ho, first order with respect to Iz, and second 
order overall. In contrast, the differential rate law for the apparently similar 
reaction H5 4- Br; — 2HBr is 


— 2053 — viae, 


that is, first order with respect to hydrogen, one-half order with respect to 
bromine, and three-halves order overall. Although these two reactions have 
the same stoichiometry, and despite the similarities of iodine and bromine, the 
rate laws of the reactions are different. 

The constant k which appears in the differential rate law is called the 
rate constant or more formally, the specific-reaction rate constant, since it is 
numerically equal to the rate the reaction would have if all concentrations 
were set equal to unity. Each reaction is characterized by its own rate constant 
whose value is determined by the nature of the reactants and the temperature. 
From the numerical value of the rate constant, we can caleulate the rate of à 
reaction under particular concentration conditions. In essence, the rate con- 
stant is a numerical expression of the effeet of the nature of the reactants and 
the temperature on reaction rate. Consequently, one of the goals of theoretical 
chemistry is to be able to understand, or better, to predict the values of rate 
constants from a knowledge of the electronic structure of reactants and products. 
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The differential rate laws show how the rates of reaction depend on the con- 
centrations of reagents. It is also useful to know how the concentrations depend 
on time; this information can be obtained from the differential rate law by 
integration. The decomposition of dinitrogen pentoxide provides us with our 
first example: 


N205 — 2NOz + 305. 
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i 
The natural logarithm of the con: 
centration of N20s, plotted as a 
function of time. TI The. slope of the 
line is the negative of the first- 
order rate constant. 


Time (sec). j 


Experiments show that the reaction is first order with respect to the concen- 
tration of N2Oz, 


NGO amigo esos 
if we let c stand for the concentration of N35, the differential rate law is 
dc 
a hs 
hich we can rearrange to 
urn 
c 


The left-hand side of the equation is a function of c only, and apart from a 
tant, the right-hand side contains only the differential of time. "Therefore 
can integrate both sides, taking as limits co, which is the concentration at 
0, and c, the concentration at time ¢. Thus 


L [dro dt 


— In e$, = ktl 
—in£- — kt. 
Co 


this equation shows that for a first-order reaction, the logarithm of the reactant 
Oncentration decreases linearly as time increases. It suggests that if we plot 
as a function of t, we will obtain a straight line whose slope is —k. Figure 9.2 
Ws that the data for the decomposition of N20; do indeed sop a edis 
hen plotted this way. 
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The reciprocal of the concentration of E 140] 
butadiene, plotted as a function of time. ct 
The slope of the line equals the rate con- E 
stant for the dimerization reaction. = 

mie 
100 
0 4000 8000 1200 


Time (sec) 


Tf a reaction is second order, the time dependence of the reactant concentra- 
tion is different. Our example for this case is the dimerization of butadiene, 
C4Hs: 

CsHo(g) > 3CsHis(g) 


which follows the second-order differential rate law 


diC4H 
= Aee] = HCH). 


If we substitute c for the concentration of C4Hg, we can rearrange the equation 
to read 


dc 
SUAE k di, 


and once again each side can be integrated between the limits co, c and 0, t: 


Thus for a second-order reaction, the reciprocal of the reactant concentration 
is a linear function of time, so that a plot of 1/c as a function of t should be a 
straight line with a slope k and an intercept 1/co. Figure 9.3 shows how well 
the dimerization of C,H, conforms to this prediction. 
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These are but two examples of how the differential rate law can be converted 
to an expression which gives the time dependence of concentration. Other 
more complicated differential rate laws can be integrated, but the process is 
sometimes difficult and often produces cumbersome algebraic expressions. This 
is not a serious drawback, since virtually all the interesting information about 
reaction rates can be obtained by using the differential rate law expressions. 


Experimental Determination 


The order of a reaction and its rate constant must be found experimentally, 
and the differential and integral rate laws which we have discussed suggest how 
this can be done. The differential rate law for the reaction 


aA + bB — cC 
is often of the form 


ld[A] irap 
—s. 4 -MA [B]". 


Our first object is to determine the exponents n and m. One way of determining 
the order with respect to A is to make up a series of mixtures which contain the 
same concentration of B but different concentrations of A. Then the initial 
rate of reaction is found for each of these mixtures by measuring the change in 
concentration of one of the reactants or products which occurs in the first small 
time interval after the reagents are mixed. For instance, A[A]/At is a good 
approximation to d[A]/dt if the time interval is short enough, and from it we 
can calculate the rate of reaction. Since in the series of experiments the only 
variable is the initial concentration of A, the experimentally determined initial 
rates should vary as the initial concentration of A, raised to the power n. If the 
reaction rate doubles when A is doubled, the rate depends on the first power of 
the concentration of A, and n is equal to one. If the reaction rate increases by 
a factor of four when the concentration of A is doubled, n must equal 2, and the 
reaction is second order. Once the order with respect to A is determined, the 
procedure can be repeated. This time we hold the concentration of A constant, 
vary the concentration of B, and deduce the order of the reaction with respect 
to B. When the order with respect to each reagent is known, we can calculate 
k by dividing the measured rate of reaction by the concentrations of the 
Teactants, each raised to the appropriate power: 


p — =a Alan 
77 TAB) 


The success of this procedure depends on our ability to accurately evaluate 


‘the initial rate. Since it is difficult to measure accurately the small change in 


concentration A[A] which occurs in a small time interval At, the method we have 
outlined is not always satisfactory. As an alternative, we can make use of the 
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integrated rate laws to find both the order and rate constant of a reaction. The 
only integrated rate laws we are familiar with pertain to reactions in which 
there is only one reactant, as in 


N20; — 2NOs +402 
and 
2HI — Hə + I5 


where the differential rate law has the form 
LIA _ yap 
a dis. MAT 


To deal with such a reaction, we must determine the concentration of A at 
various times as the reaction proceeds. Then we prepare two graphs: one a 
plot of In[A]/[Ao] as a function of time, the other a plot of 1/[A] as a function 
of time. If the logarithmie graph is linear and the reciprocal plot curved, we 
can conclude that the reaction is a first-order process like the decomposition of 
N505. Moreover, since the general integrated rate law for a first-order process 
is In c/co = —kt, the slope of the logarithmic graph can tell us the rate con- 
stant. On the other, hand, if the logarithmic plot is curved and the reciprocal 
plot linear, the reaction has.a second-order rate law. The reaction rate constant 
ean be calculated from the slope of the reciprocal plot, since the general equation 
of the line is 1/e = 1/co + kt, 

It is possible that neither In c nor 1/c will be linear functions of time; this 
merely shows that the reaction does not follow the simple rate laws we have 
discussed. The procedures used to identify which of the more complicated rate 
laws does apply are analogous to the methods we have just outlined and only 
involve the use of slightly more complicated algebraic expressions. 
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We now attack the problem of obtaining a complete chemical description of 
how reactant molecules are converted to products. In some reactions this con- 
version occurs in one step; two reactant molecules collide and as a result form 


the observed product molecules. An example of such a one-step conversion of 
reactants to products is 


NO+ O3 => NO: + Oo. 


On the other hand, most chemical reactions do not follow such a simple path 
from reactants to products. For example, the reaction 


H305 + 2Br~ + 2H* — Br; + 2H;0 
is not the result of the simultaneous collision of two hydrogen ions, two bromide 


ions, and a hydrogen peroxide molecule. The chance of having five species come 
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to the same place at the same time is very small, so small that such a process 
could never produce. products at the rate which is experimentally observed. 
The actual reaction path consists of two successive processes, neither of which 
involves the collision of more than three particles: 


Br^ + H* + H50; — HOBr + HG, 
H+ + HOBr + Br- > H;0 + Bro. 


Other reactions may involve a great many steps. For example, the decom- 
position of N30; follows the path 


N20; + N205 > N20% T N305, 
N20} — NO: + NOs, 
NOEN NANO + 05; 
NO + N0; — 2N05, 


where N20% stands, for an. energized molecule capable of dissociating. Each 
one of the steps is called an elementary process, since each is a simple event in 
which some kind of transformation occurs. The collection of elementary proc- 
esses by which an overall reaction oceurs is called a reaction mechanism. The 
mechanism of a reaction must be determined experimentally; to understand 
how this is done we must’ first discuss the three types of elementary process. 


IIK 


Elementary processes are classified according to the number of molecules which 
they involve. An event in which only one reactant molecule participates is 
called a unimolecular process. The decomposition or rearrangement of an ener- 
gized molecule is a unimolecular elementary process: 


ide 05 t- 0,... j te soleil 
CH3 i 
ANE © iOH CHCH 
Cit, cH, 


A bimolecular process always involves two reacting molecules. : For example, 
Alb 

NO 4-03 > NO: + Os, 

CI + CH, — CH; + HCl, 

and jd) 102: x 

ANOR qn apap. dida satoon 

re al] bimolecular processes. No chemical change occurs in the last, process, 

but the collision between Ar and Qs does supply the ozone molecule with excess 


Internal energy which can eventually cause it to dissociate, as we have noted 
above, 
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Elementary processes in which three particles participate are said to be 
termolecular. Most termolecular processes involve the association or combina- 
tion of two particles which is made possible by à third particle whose role is to 
remove the excess energy produced when a chemical bond forms. As examples 
we have 

O 4- 0; - Nz — 03+ No 
and 
O 4- NO 4- N; > NO; 3- Ns. 


By the conservation of energy, an ozone molecule formed by association of an 
oxygen atom and molecule has enough energy to redissociate. Only if some of 
this energy is removed by a third particle, the nitrogen molecule, can a stable 
product be formed. Elementary processes with molecularity greater than 
three are not known, since collisions in which more than three particles come 
together simultaneously are very rare. 

We have emphasized that the order of a reaction cannot, in general, be pre- 
dicted from the stoichiometry of the overall reaction. However, the order of an 
elementary process is predictable. For example, consider the general bimolecular 
elementary process 

A+B—>4C+D. 


Now in order for a molecule of A and a molecule of B to react, they must at the 
very least collide with each other. The rate at which collisions between A- and 
B-molecules occur is directly proportional to the concentrations of A and of B. 
Therefore any bimolecular elementary process must follow the second-order 
rate law 
— dA). 
dr = MANB). 

A similar argument applies to the problem of finding three particles in 

collision and leads us to conclude that a termolecular elementary process, 


A+B+C—>D+E, 


follows a rate law which is overall third order, and first order with respect to 
each reactant: 


d(A] 
— -gr ^ MAIBIICI. 


Finally, let us consider the unimolecular process. Here we deal with a col- 
lection of molecules, each rearranging or decomposing independently of the 
others. Jt seems clear that as the number of molecules increases, the number 
that decompose in & given time interval will also increase. Thus the rate of 
reaction will be proportional to the first power of the concentration, and the 
unimolecular process 

A*—B 
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j will follow a first-order rate law: 
oa j = KA"). 


Our general conclusion is that for elementary processes the molecularity and 
order are the same; a unimolecular process is first order, a bimolecular process is 
always second order, and a termolecular process is third order. However, it 
is important to realize that the converse is not true: not all first-order reactions 
are unimolecular elementary processes, second-order reactions are not all bi- 
molecular, and third-order reactions are not-necessarily termolecular. We 
have had one illustration of this point already; the decomposition of N30; is 
a first-order reaction, but it proceeds by a complex mechanism which consists 
of both unimolecular and bimolecular elementary processes. We, will find an 
explanation for this by examining the relation between reaction mechanisms 
and rate laws. 


Mechanisms and Rate Laws 


We now have to find how the experimentally observed order and rate of an 
overall reaction are related to the order and rates of the elementary processes 
which comprise its mechanism. Fortunately this question has an answer which 
is simple and direct for most reactions, Consider the hypothetical reaction, 


3A + 2B — C+D, 
which we will assume follows the mechanism 


A+B—-E+F 
A+E-H 
. ALF OG 
H+G+B—>C+D 
3A+ 2B > C+D 


The products C and D are the result of a sequence of four elementary processes, 
and it is indisputable that the products can be formed no faster than the rate of 
the slowest step in this sequence. Therefore, if one “of the steps is much slower 
than all the others, the rate of the overall reaction will be limited by, and be 
exactly equal to, the rate of this slow step. Consequently, the slowest ele- 
mentary process in a sequence is called the rate-determining step. Suppose that 
the first step in the above mechanism is the slowest, and that its rate constant 
is ki. Since it isa bimolecular elementary process, its rate is overall second order: 
first order with respect to A and first order with respect to B. As a result the . 
Observed rate law for the overall reaction will be 


Iq. i[AJOBI 
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Thus a complicated mechanism can result in a very simple rate law. In this 
argument we also find the explanation of why all reactions which follow second- 
order rate laws are not necessarily bimolecular elementary processes. The 


overall reaction, - 
3A--2B > C+D 


is not an elementary process, it is complex; yet it follows a second-order rate 
law, because its slowest step is a bimolecular process. 

To turn from the abstract to the concrete, let us examine a few complex 
reactions which follow simple rate laws. For instance the reaction 


2NO2+ Fə — 2NOF 
follows a second-order rate law: 


v Ain ee Trot aa ONTT]. 


The rate.law indicates that both NO and F» are involved in the rate-deter- 
mining step, but stoichiometry shows that any reaction between NO» and Fs 
must produce something besides NOF. These two facts suggest that the most 
likely mechanism for the reaction is 


donot Inoiisdtya v NOY 3» Foo] NOt F (slow), 
2; FENO NOF (fast). 


The first bimolecular process is the rate-determining step. Its rate law, and 
thus that of the overall reaction, is second order. Since the overall reaction 
proceeds at exactly the rate of reaction 1, Kexp must equal ky. 

We have already said that the mechanism of the reaction 


2Br- 4: 2H* H302 — Bra + 2H.O 


L H+ + Br-+H,0, > HOBr + H;0, 
2. HOBr + H* Br Bra + H20. 


lo sine 34 


How was this eonelusion reached? "The most important clue to the mechanism 
of a réaction is the rate law; which in this case is 
r, "olg ad , 


rng’ aum or clie s, rorem 


This tells us that.only H303, H+, and Br- are involved in the rate-determining 
step. To decide what the produets of the rate-determining step are, we must 
use imagination, and be guided by our knowledge of descriptive chemistry and 
the principles of atom and charge conservation. Stoichiometry shows that 
H20 and HOBr are at least possible products of a reaction between Ht, Br’, 


CHEMICAL KINETICS, |. 9.2 


A 
'H305. Furthermore, HOBr isa Nein chemical species, ouek it is quite 
‘able. Consideration of the molecular structure of the reactants shows that 
HOBr and H20 can be formed from the reactants without serious departures 
rom normal molecular Iomeuy Miei dm we BAIN penre ‘the “ab! ‘Step as 


EU. p. d j^ GE ut 
O20 fo esa ngs CU curd 
Br- HS Bre 4 SB] SUBE H 


species in braekets represents the intermediate situation in which the 
|—O bond is breaking while the Br—O and H—O bonds form. Such unstable 
tructures are called activated complexes, and last for only about 107+? sec. 

To justify the final step of the mechanism, we must use some supplementary 
wledge of descriptive chemistry. It is possible to prepare neutral or slightly 
kaline mixtures of HOBr.and Br-, and when these solutions, are acidified, 
romine is formed very rapidly. iss is independent evidence that the reaction 


HOBr + Ht 4 Br- — H304- Bre 


very fast. In other words, the second step of our mechanism is consistent 
ith our chemical experience. 

The mechanism of a reaction may change if the conditions under which it is 
n are altered. The reaction between carbon monoxide and nitrogen dioxide, 


Ù 
NO; + CO — CO: + NO, 


h aloo: _ = MNOJJ[CO] 


lower temperatures the rate law changes to ' 
Aa 


= INO, ja 1 


ich does not involve the concentration of carbon monoxide at all. The 
planation is that the low: “temperare mechanism is 3 


NO: + NO. — NOs--NO (slow), 
NOs&--CO — NOs--OC0, (fast). 
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The first of these reactions is the slower, rate-determining step, and accordingly 
the rate is independent of the carbon monoxide concentration, as long as some 
is present. At high temperatures, this pair of reactions is slower than the direct 
reaction between NO and CO, but the reverse is true at lower temperatures. 
This is the reason that the mechanism changes; the reaction goes by the fastest 
path available. 

As another example of a complex reaction mechanism, we select the reaction 
between gaseous hydrogen and bromine: 


H,(g) + Bro(g) — 2HBr(g). 
This reaction is interesting because it follows a three-halves-order rate law: 


5 AEBS] gps], 


and our analysis so far does not suggest how half-integer rate laws come about. 
Considerable experimentation has shown the mechanism to be 

Bro +M —+> 2Br+M 

2Br+M —> Br, +M 

Br 4- H5 s HBr + H (slow), 

H--Br, —— HBr+Br (fast). 


| (fast equilibrium), 


The first two elementary processes result in a rapidly established equilibrium 
between molecular bromine and its atoms. The symbol M stands for any 
molecule capable of both colliding with Br; so as to cause its dissociation and 
removing the excess energy from a pair of atoms so that they may combine. 
The third and fourth processes convert hydrogen and bromine to hydrogen 
bromide, without a net consumption of bromine atoms. The rate-determining 
step is the reaction between a bromine atom and a hydrogen molecule; hence 
the rate of thereaction is given by 


5 223 = HBB. (92) 


To find the rate law expressed in terms of the bromine-molecule concentration, 
we make use of the equilibrium relation between atomic and molecular bromine: 


Bry =2Br, Bl g KB 
, [Bro] = eq [Br] = Keq|Bro] ` 


Substituting this into Eq. (9.2), we find 


1 d[HBr 
3 a di ] — kK YDB”, 
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which has the same form as the experimentally determined rate law. Further- 
more, we see that the experimental rate constant is actually the product of a 
rate constant k and the square root of an equilibrium constant, Ke4”. This 
shows how important the determination of reaction mechanisms is, for in order 
to understand or interpret the size of an experimentally determined rate con- 
stant k, we must know whether it is equal to the rate constant of an elementary 
process, or whether it is actually some algebraic combination of rate constants 
and equilibrium constants. 

While we have stressed the importance of the rate law in the determination 
of reaction mechanisms, the rate law alone often does not allow us to make a 


` unique choice when several mechanisms are possible. An outstanding example 


of this fact is provided by the reaction between nitric oxide and oxygen: 


2NO + 0, — 2NO;. 
The rate law is 


d(Os] _ 
= Ms = k[NOP [05]. 


Two possible mechanisms, both consistent with the rate law, are 


NO--NO É N,0, (fast, at equilibrium), 
N202+ Oz = 2NO; (low), 
— 2031 — HN,05)[03] = EKINO} O»; 
and 
NO + 02 € 00NO (fast, at equilibrium), 
NO + OONO + 2N0; (slow), 


— 203 _ yppoojtNo] = E"INOP'TOJI. 


The difficulty is that the rate law really tells us only the atomic composition 
of the activated complex, and for both of these mechanisms, it is the same, 
OuN». A definite choice between the two mechanisms will be possible only 
when the structure of the intermediate is discovered through use of molecular 
spectroscopy. In general, not only the rate law, but information from every 
Possible source must be used to select a reaction mechanism. 


The Steady-State Approximation 


The mechanisms that we have discussed so far have been of two types. The 
simplest situation is one in which the first step is slow and rate-determining, 
and is followed by very rapid subsequent reactions. The other situation, also 
quite simple, occurs when the first step of the mechanism is a rapid equilibrium 
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which produces an intermediate which reacts slowly in the rate-determining 
step. We must anticipate the occurrence of the intermediate case, in which 
all steps of the mechanism proceed at comparable rates. The exact deduction of 
the rate law for this situation can be quite complicated. Fortunately, however, 
the steady-state approximation provides us with a simple means of finding the 
rate law under most conditions. 

Consider the following general mechanism, which applies to many thermal 
decompositions and isomerizations: 


A+M RES A* 4M, 
ki 
A* > BHC: 


In the first step, the molecule of interest A undergoes a collision with any 
molecule M, and the result is that A*, a molecule with a considerable amount 
of internal energy, is produced. The reverse process in which A* is deactivated 
by collision with M can also oceur. Finally, if A* is left alone, it decomposes 
to products B and C. We know that if the first step is slow and rate-determining, 
the rate law is 


oO AIME (9.3) 


On the other hand, if k_, is large, and thus A* is in rapid equilibrium with A, 
we have 


A" n. 
[A] ka 
uB kalA*] Te la), ; (9.4) 


We will use the steady-state approximation to find the general rate law for 
this system. 

The excited molecule A* begins to be formed when the A-molecules are 
heated in order to start the reaction. At first the concentration of A* may 
increase fairly rapidly, but as its concentration builds up, it starts to be de- 
activated and to decompose to products. Thus we can anticipate reaching a 
condition in which the rate at which A* is created is,just. balanced by the rate 
at which it is destroyed. At this point, the concentration of A* will be finite, 
and very nearly constant in time. We ean find this steady-state concentration 
by writing 4 

rate of production of A* = rate of destruction of A* 
Ry(A}[M) = ka [AM] + ko[A"], 
[A*] — BAIM] 


MEE Mis 


CHEMICAL KINETICS || 9.2 


V 


Now, since the rate of reaction is I 


we can substitute the steady-state expression for A* and get 


d(B] __kyko( AJM] 
"E I EM E Ge 


for the general form of the rate law. 

We shall now find the conditions under which the general expression, 
Eq. (9.6), reduces to either of the two simpler rate laws, Eq. (9.3) and Eq. (9.4). 
Suppose we work at gas pressures low enough so that k. [M] « ks. Physically 
this means that virtually every A* formed will proceed to products, and that 
reaction 1 is the rate-determining step. From Eq. (9.6) we can write 


dB]  RykofAJIM)  kika[A]M] : 
= FA Ekg ke AGE E, 


which is the rate law we expect if step 1 is rate-determining. The opposite 
situation is k_,[M]>> ks, which we can achieve by making the pressure quite 
high. Physically this means that few of the A* decompose to products, and 
that A* is essentially in equilibrium with A. In the denominator of Eq. (9.6) 
we can neglect ko, and get 

d[B] ^ kik[A][M] — kıka[A][M] 


dt k-a[M]d- ke 7 ` k-a( M] 


which is just what we expect if A* is in near equilibrium with A. Thus the 
general expression for the rate, Eq. (9.6), includes as special cases the simple 
situation where either the first or second step of the mechanism is rate- 
determining. F 

The steady-state approximation consists, as we have seen, of selecting an 
intermediate in the reaction mechanism, and caleulating its concentration by 
assuming that it is destroyed as rapidly as it is formed. This procedure cannot, 
be strietly accurate for all times during the reaction, since it implies that the 
concentration of the intermediate is constant. This is not true at the beginning 
of the reaction, when the concentration of the intermediate rises from zero 
toward its steady-state value. Nevertheless, when the concentration of the 
intermediate is small, the approximation is sufficiently accurate to be of very 
great use and importance in the analysis of mechanisms. 
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As a practical example of the application of the steady-state approximation, 
we can consider the decomposition of gaseous N 305: 


2N205 et 4NOs oe 05, 
which has the rate law 


(6) 
309 _ ktN,0j] 
A great deal of evidence shows that the mechanism is 


N0s == NO, + NOs, 
NO; + NO; —*> NO + NO, + Os, 
NO; + NO —> 2N0,. 


The molecule NOs is an intermediate whose concentration is small and can be 
calculated by the steady-state approximation. The same can be said for NO. 
In the latter case we have 


rate of production of NO = rate of destruction of NO, 
ke[NO2][NO3] = ka[NO][NO3], 
[NO] = (kz/ks)[NO;]. (9.7) 


For NO; we proceed as follows: 


rate of production of NO; = rate of destruction of NOs, 
kilN205] = (k_a[NOo] + k3[NO3] + ks[NO])[NOg]. 


If we substitute Eq. (9.7) for [NO] and solve for [NO3] we get 


EIN O] 
[N03] = x N0;] + 2, NO;] 


for the steady-state concentration of NOs. Now, the rate of production of 
oxygen, which is also the rate of reaction, is 


22) — | [NOJ]ENOJI. 


With the steady-state approximation for [NO;] this becomes 


Oo] — kiks[N30;] 
dt ky Eke’ 


which is of the same form as the experimental rate law. Note that the relation 
between the experimental rate constant k and the rate constants for the 
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individual steps is 
pe hike 
k_y + 2k; 


Question. The steady-state approximation is applied to a reaction intermediate, but never 
to a reactant or product. Why? 


Chain Reactions 


We have encountered reaction mechanisms which involved intermediates that 
were created in one step, and consumed in another step to give the reaction 
products. However, there are a very large number of so-called chain reactions 
of the type exemplified by 


Ha(g) + Clo(g) — 2HCl(g) 
which has the mechanism 


Cl; + light — 2Cl 
Cl+H, > HCl -- H, 
H+ Cl, > HOL 4 Cl, 
201 + M 25 Cl +M. 


We see that in step 1, the reactive intermediate Cl is produced, and this in turn 
reacts by step 2 to produce a product HCl molecule. However, the hydrogen 
atom also produced by step 2 can react with Cl, to give another HCl molecule 
and a chlorine atom. Thus the net result of steps 2 and 3 is formation of two 
molecules of HCl, without consumption of the intermediate chlorine atom. This 
mechanism is analogous to that encountered for the H;-Bro reaetion. The 
possibility that steps 2 and 3 can be repeated indefinitely is responsible for the 
name “chain reaction.” Step 1, which first produees the chain carrier Cl, is 
called an initiation reaction, while step 4 is a chain termination reaction. Steps 2 
and 3 are said to be chain propagation reactions. , 

Chain reactions occur in flames, explosions, and atmospheric and life pro- 
cesses, and are important in the production of synthetic polymers. Examples of 
the latter are found in the polymerization of ethylene (CH2CH2) and vinyl 
chloride (CH;CHCI) to make polyethylene and polyvinyl chloride, respectively. 
The direct reaction 


2n(CH,CHCl) — (—CH,CHCH,CH—), 
Cl 1 


is very slow. If, however, a small amount of a substance which will produce 
atoms or free radicals is present, the polymerization proceeds via a chain 
reaction. Benzoyl peroxide is a convenient initiator, for it decomposes to 
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benzoyl radicals (CgHsCO2 -) and benzyl radicals (CgH; -): 


ur l 
C O Qc. ARO O.F CoH o. C0». 


These radicals (R+) then react with vinyl chloride, and a radical chain is 


propagated: 
R- + CH;—CH — RCH;—CH ;, 


i 1 Cl 
RCH;—CH : + eh => RCH,CHCH,CH ., 
Cl Cl Cl Cl 


R(CH2CHC)), - + CH2CHCl — R(CH2CHCI),41 -. 


The chain termination step occurs when two such polymer radicals combine 
with each other. 

The number of intermediates or chain carriers in a reaction mixture is 
usually determined by the relative rates of the initiation and termination steps. 
A good example of this is the H»-Br reaction, which we discussed earlier. The 
relative rates of dissociation of bromine and recombination of bromine atoms 
determine the bromine atom concentration 


Br. + M — Br} M 
M-+2Br = Bry -+M 
[Br] — (k1/k_1)"/*[Bro}!/?, 


and the chain is propagated by 


| fast equilibrium, 


Br+H,— HBr + H, 
H + Bro — HBr + Br, 


which produce as many atoms as they consume, There are, however, chain 
reactions in which some steps produce more radicals or chain carriers than they 
consume. Such, steps are called, chain-branching reactions, examples of which 
occur in the hydrogen-oxygen reaction: 


Os; -- M — 20 initiation 

O--H, —^ OH+H branching 

H-4-0,— 0H+0 branching 
OH + H; > H.0+H propagation 


H +0:+M— HO;-M 


2HO; > H50, +03 termination 
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If the rate of the branching reaction is greater than the rate of the termination 
reactions, the concentration of chain carriers grows steadily, and hence the rate 
of propagation increases essentially without limit. This nearly unbounded 
reaction rate is what produces an explosion. The slow, controlled reaction can 
be maintained if the termination step is made fast enough so that branching 
reactions cannot produce ever-increasing numbers of chain carriers, or if the 
rate at which reactants are fed into the reaction mixture is limited. 

To summarize our discussion of concentration effects and reaction mech- 
anisms, we note that the investigation of a reaction rate involves the following 
steps: 

1. The rate law is determined by studying the effect of concentration of 
reactants on the rate of reaction. 

2. The rate law, together with imagination, general chemical experience, and 
the principles of stoichiometry and molecular structure, is used to deduce a 
mechanism for the reaction. 

3. The mechanism is used to show that the measured rate constant is either the 
rate constant for one of the elementary processes, or is an algebraic combina- 
tion of elementary rate constants and equilibrium constants. 

4. The temperature dependence of the rate constant is determined. This 
information permits us to interpret the magnitude of the rate constant in 
terms of the nature of the reacting molecules. 

The last step has not yet been discussed. We will turn to it after a brief analysis 

of the relation between reaction rates and chemical equilibria. 


9.3 REACTION RATES AND EQUILIBRIA 


We noted in Chapter 5 that in'a state of chemical equilibrium, the rates of the 
forward reaction and its reverse are exactly equal. This principle allows us to 
establish a relation between equilibrium constants and rate constants. Let us 
first consider the reaction 


CO.2- NO, — CO: 4- NO 
and its reverse 
NO + €05 > NO3+ CO. 


Both of these reactions are elementary processes and, at temperatures above 
500°K, are the only reactions responsible for the interconversion of CO», NO, 
NO», and CO. When a mixture of these molecules reaches chemical equilibrium, 
the rates of the two reactions must be equal. At equilibrium, then, 


ky[CO].[NOo]. = k—i[CO2]-[NO]., 


where the subscript e indicates that the concentrations are those found at 
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chemical equilibrium. We can rearrange this expression to 


Ay _ [COSINO], . 
ki (COleNOzle 


The quotient of the equilibrium concentrations is equal to the equilibrium 
constant, so this equation shows us that 


key 
Ey Ka 


This is the general relation which connects the equilibrium constant and the 
rate constants for the forward and reverse of any elementary process. 

It is not difficult to extend this argument to reactions which proceed by a 
multistep mechanism. Our example now is 


NO; + F5 “> NOF +F, 
F4 NO; + NOF. 
The condition for equilibrium in such a system is that each elementary process 
and its reverse proceed at the same rate. The reverse reactions of our mech- 
anism are 
F + NOF => NO, +P, 
NOF => NO; +F. 
The equilibrium condition requires that 
ki [NO] [Fol P k 4 [NO2F]AF],, 
ko[NO2[F], = Kk 9[NO2E].. 
Now we combine these two expressions in a way which will eliminate the con- 


centration of fluorine atoms. Multiplication of the left- and right-hand sides 
respectively gives 


kiks[NOS]S [Fa] [F], = K..1 5 [NOSF]P[F],. 


iet of the fluorine atom concentration and rearrangement leave us 
wi 
kiks [NOF] - 
kik_s [NOF]. 


Once again, the concentration quotient is equal to the equilibrium constant, so 
we conclude that 


hk; _ 
Kaka ^ fe 
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The principle that at equilibrium, each elementary process and its reverse 
proceed at the same rate establishes the connection between the equilibrium 
constant of a reaction and the rate constants of its elementary processes. This 
idea that at equilibrium, each elementary process is exactly balanced by its 
reverse reaction is called the principle of detailed balancing, or sometimes the 
principle of microscopic reversibility. 


9.4 COLLISION THEORY OF GASEOUS REACTIONS 


Now that the connection between reaction mechanism, rate constants, and 
equilibrium constants has been found, we can begin a theoretical analysis of 
the factors which determine the magnitude of the specific rate constant. We 
will treat gaseous bimolecular reactions, for which the theory is best established. 

It is a fundamental idea of the collision theory of reactions that a minimum 
condition for two molecules A and B to react is that their centers of mass must 
come to within a certain critical distance of each other. We will call this dis- 
tance p. Its exact value depends on the nature of the molecules which react, 
but we would expect that, in general, p is not much larger than the length of a 
chemical bond, that is, about 2 or 3 A. In Section 2.6 we found the expression 
for the number of collisions experienced by one molecule in one second: 


collisions/molecule-sec = mp7én, 


Where n is the number of molecules per cubic centimeter, and ¢ is the average 
relative speed of the molecules in centimeters per second. We can adapt this 
expression to calculate the total rate at which A-molecules collide with B- 
molecules. If the concentration of B in molecules/cm? is ng, then the number 
of collisions that one A-molecule makes per second with B-molecules is Tp? Cp. 
If the concentration of A-molecules is 24, then the total number of A-B col- 
lisions/sec-cm? is 

collisions/em?-sec = mp7énanp- (9.8) 


This is the total collision rate, and if molecules reacted upon every collision, it 
would be equal to the chemical reaction rate. Although we have expressed this 
rate as a number of collisions/em?-sec, we see that the combined units on the 
right-hand side of Eq. (9.8) are concentration/sec: 


2 d lecules 
2 em emY/moleculesY — |. 2 mo : 
TP king (en) (@)( cm? = TP URATIB cera seg 


Strictly, the units are molecules that react (collide) per second per cubic centi- 
meter. 

. Because Eq. (9.8) apparently represents a maximum possible reaetion rate, 
it is interesting to evaluate it for a typical situation. If we take both gases oe 
be at l-atm pressure and 0°C, then na = ng = 2.8 X 10!? molecules/em?. 
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Common values of p and @ are 3 X 1079 em and 5 x 10* cm/sec, respectively. 
"Therefore i 


collision rate = (3.14)(3 X 10-3)*(5 x 104)(2.8 x 1019)? 
= 1.1 X 10?° molecules/em*-sec 
= 1.8 X 10? moles/liter-sec. 


The total collision rate corresponds to an enormous reaction rate. If the two 
reacting gases, each at 1 atm, could be mixed, they would be almost entirely 
consumed by. reaction in 107? sec. A few reactions actually are nearly this 
fast; among them are 

N-NO 9 N2+0, 

O -- NO; ^ NO 4- Oo. 


On the other hand, there are many common reactions used in laboratory and 
industrial preparative chemistry whose rates are 107 or 10^? moles/liter-sec, 
or 10-!? to 1071+ times as fast as the total collision rate. There are other 
reactions that proceed even more slowly. Therefore, there must be criteria for 
reaction, other than those considered so far, that are responsible for this enor- 
mous variation in reaction rate. 

The clue that led to the discovery of the most important criterion for chemical 
reaction is the fact that reaction rates are in general very sensitive to tem- 
perature. Although the rates of some reactions are virtually independent of 
temperature, a temperature change of 10° increases the rate of most bimolecular 
reactions by factors which commonly lie between 1.5 and 5.. The total collision- 
rate formula, Eq. (9.8), does not account for this behavior, for it suggests that 
the only way in which temperature affects reaction rate is through the mean 
speed Z, which is proportional to T!/?, Thus 


total collision rate « & « T!/?, 


If T is initially 300°K, increasing it to 310°K increases the collision rate by a 
factor of 


We see that the average molecular speed is rather insensitive to temperature, 
and its variation cannot account for the temperature dependence of reaction 
rates. 

What feature of a gas is sensitive to temperature? If we consult Fig. 9.4, the 
answer is clear. In Fig. 9.4, we find the Maxwell-Boltzmann energy distribution 
function plotted for two temperatures. The area under either one of these curves 
corresponding to energies equal to or greater than the value E, is equal to the 
fraction of molecules that: collide with kinetic energy of relative motion equal 
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to or greater than E,. As the temperature changes, the area under the dis- 
tribution curve for energies greater than E, changes. If E, lies in the tail of 
the distribution eurve, the area may change by a large factor as temperature 
changes. Thus, if we suppose that the only molecules which react are those that 
collide with energy greater than a certain minimum, we can explain why chem- 
ical reaction rates are generally smaller and more temperature sensitive than 
total collision rates. The minimum energy of relative motion necessary for 
reaction is called the activation energy, and is a faetor of foremost importance 
in determining the magnitude of the reaction rate. 


The distribution of molecular kinetic 
energies at two temperatures. The num- 
ber of molecules with energy Ea or 
greater is proportional to the shaded 
area for each temperature. 


Relative number of molecules 
with a particular energy 


In any collision that leads to reaction, some chemical bonds are broken and 
Some new bonds may be formed. During any individual reactive collision, the 
total energy of the colliding particles remains constant, but this total energy can 
be interconverted between kinetic energy and potential energy of the partici- 
pating atoms. The origin of the activation-energy requirement is most easily 
explained if we assume that between the atomic arrangement we call products 
and that called reactants, there is an atomic arrangement which has a potential 
energy greater than that of reactants or products. In order to pass from re- 
actants to products, a colliding pair of molecules must possess a total energy 
at least equal in magnitude to the potential energy of this intermediate atomic 
configuration. 

Let us consider a specific example. The reaction 


Br+H, > HBr + H 


is of the simplest type, since it involves only three atoms. For simplicity, we 
shall assume that the reactants collide such that the nuclei of the three atoms 
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FIG. 9.5 


lie on the same straight line at all times. The potential energy of this linear 
system of atoms is plotted in Fig. 9.5 as a function of a “reaction coordinate” 
that represents the progress of the three atoms from the form of reactants to 
that of products. When Br and H5 are many angstroms from each other, the 
reaction coordinate is simply the distance between their centers of mass. In 
this region, the potential energy is essentially constant. As the bromine atom 
nears the hydrogen molecule, there may be at first a slight lowering of the 
potential energy due to van der Waals attractive forces, but as the bromine 
atom moves still closer, the potential energy of the system rises. 


HBr+H 


The potential energy as a function of the re- 
action coordinate for the linear system of 
atoms in the reaction Br + Hz — HBr + H. 


Potential energy 


Br+H3 


Reaction coordinate 


In the region where all three atoms are close, the reaction coordinate repre- 
sents a simultaneous shrinking of the Br—H distance and expansion of the 
H—H distance. Theoretical calculations suggest that the maximum potential 
energy is reached when the Br—H and H—H distances are comparable, both 
approximately 1.5 A. In this situation the central hydrogen atom is partially 
bonded to both terminal atoms. This configuration of maximum potential 
energy is the activated complex. The activated complex decays as the external 
hydrogen atom moves away and the molecule of HBr is formed. To the right 
of the potential-energy maximum, the reaction coordinate is the distance 
between the centers of mass of HBr and H, and the potential energy along this 
coordinate is substantially constant. 

We can now ask how the potential-energy profile is changed when the three 
atoms do not all lie on a straight line. In the particular case we are discussing, 
the potential energy is unaffected for configurations that are removed from the 
potential-energy maximum, but the height of the maximum increases as the 
activated complex becomes bent, as shown in Fig. 9.6. Therefore, while it is 
possible for collisions in which the three atoms are not collinear to lead to 
reaction, the energy requirement for such collisions is greater than for those in 
which the atoms are collinear. 
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Similar considerations apply to other, more complicated reaction processes. 
The reaction . = 
CO 4- NO; — NO + CO, 


involves an activated complex for which the geometry of lowest energy is 
zigzag: 


N 
Sf way 
oc +0 (oye c Sao) 0] > OCO + NO. 


Jf the collision occurs in a way that forces the geometry of the activated com- 
plex to depart seriously from this most favorable arrangement, the energy 
barrier between reactants and products is higher and fewer collisions can meet 
this requirement. In the extreme case it is difficult to see how a collision with 
the orientation 

(0) 


va 
0—C N 


(0) 


can lead to reaction at all, since the atoms that must eventually become bonded 
are separated from each other. 


The potential energy as a function of the 

reaction coordinate for the reaction Br + 

Ha — HBr +H. The solid line represents 

Br+H. the linear system of atoms, and the dashed 
i line a nonlinear configuration of atoms. 


Reaction coordinate 


Potential energy 


Our discussion has revealed two related factors that influence reaction rates. 
Not only must molecules collide, they must collide with a restricted range of 
relative orientations, and with enough initial kinetic energy of relative motion 
to be able to pass over the potential-energy barrier to products. The energy 
and orientation factors are related because it is the orientation of the colliding 
molecules that determines, to a certain extent, what the energy requirement, is. 
When the energy and orientation criteria are applied, the theoretical expression 
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Table 9.1 Dependence of exponential factor e-7«/77 on E, and T ` 


E 10 kcal 20 kcal 30 kcal 
TCK) 
298 4.6 X 10-8 2.1x 10-15 9.9 x 10—23 
400 3.4 x 10-6 1.2.x 1071! 4.0 X 10-17 
600 2.356104 5.2 X 10-8 1.2:«10—11 
800 1.8 x 10-3 3.4 X 10—68 6.4 X 10-9 


for the rate of a bimolecular gas reaction becomes 


j Uain 
rate = p (=) peT ETnanp, (9.9) 


where u is a combination of molecular masses given by 


— mama 
= ———} 
ma + mg 


k is Boltzmann's constant, and R is the ideal gas constant in units of cal/mole- 
deg. The quantity p is called the steric factor and is related to the orientation 
requirement. Its value depends on the complexity of the reacting molecules 
and on how sensitive the height of the potential-energy barrier is to distortions 
of the activated complex. Methods are available for estimating p from the 
mechanical and geometric properties of the activated complex. In general, p is 
approximately 1077! for reactions between atoms and simple molecules, but may 
be as small as 10—5 for a reaction between two complicated molecules. 

The factor e 7*7 arises from the energy requirement, since E, is the activa- 
tion energy, the minimum energy required to form the activated complex from 
the reactants. Table 9.1 gives the value of this exponential factor for several 
choices of temperature and activation energy. It is clear from these numbers 
that the activation-energy requirement can have a profound influence on the 
reaction rate. Table 9.2 lists a few reactions and their experimentally deter- 


Table 9.2 Activation energies of some bimolecular reactions 


Reaction E, (kcal/mole) 
NO +03 > NO2 +02 2.5 
H+D2 > HD+D 8 
Br + H2 — HBr+H 17.6 
Cl+H2 — HCI +H 55 
H + Bro — HBr + Br 1.2 
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mined activation energies. Differences in the activation energies are largely 
responsible for the large range of the magnitudes of chemical reaction rates. 

Figure 9.7 shows how the activation energy for a reaction and its reverse 
are related to the overall energy change for the reaction. Any reaction and its 
reverse have the same activated complex, so if we call Ha, the-activation energy 
for the forward reaction, and Ear the activation energy for the reverse process, 
we get 

AE — Eas gr Ear 


for the overall energy change for the forward reaction. 


The relation between the activation energy 
of a forward reaction Eas, that of the reverse 
reaction Ear, and AE, the net internal energy 
change. 


Products 


Let us return to Eq. (9.9) and set the rate of the bimolecular reaction equal 
to k’n,np, where k’ is the bimolecular rate constant. This gives us 


l. 1/2 
k'nang = p (er) pre E! nane. 


Canceling the concentrations leads to 


yi p (Emery cam (9.10) 
u 


as the expression for the bimolecular rate constant. ‘Equation (9.10) shows that 


the rate constant is determined by the temperature and by the nature of the 
reactants through the factors p, p, uand Ba. Now that we have identified the 
principal factors. that determine a bimolecular rate constant, we might ask 
whether it is possible to predict reaction rates theoretically. In principle this is 
possible; in practice itis not often done satisfactorily. To predict a reaction 
rate, one must know all the mechanical properties of the activated complex. 


9.4 | COLLISION THEORY OF GASEOUS REACTIONS 


FIG. 9.7 


There are some methods that can be used to estimate geometric properties of . 
activated complexes, but it is virtually impossible to predict activation energies 
accurately. Since reaction rates are so sensitive to the value of the activation 
energy, it is not possible at the present time to make very useful predictions 
of the magnitudes of many reaction rates. 


5.0 
4.0 
3.0 
ES 
= 2.0 
FIG. 9.8 The natural logarithm of the rate con- 
4 stant as a function of reciprocal tem- 10 
perature for the dimerization of 5 
butadiene. The slope of the line 
equals —E,/R. 1.5 1.6 17 1.8 mE 


i X 10? (deg!) 


9.5 TEMPERATURE EFFECTS 


"Inasmuch as it is usually not possible to predict the activation energies of 
chemical reactions, these quantities must be obtained experimentally. To see 
how this is done, let us first note that in Eq. (9.10), the factors other than 
e EalRT are rather insensitive to temperature. In particular, we demonstrated 
in Section 9.4 that T”? changes by only a very small factor when T is changed 
by 10 K°. On the other hand, reference to Table 9.1 shows how rapidly the 
factor e-7«! FT varies with temperature. With these ideas in mind, we can 
rewrite Eq. (9.10) in the form 

k= Ae ERT (9.11) 


and regard the pre-exponential factor A as virtually independent of tempera- 
ture. Taking the natural logarithm of Eq. (9.11) gives 


= x E, 2 ü 
Ink — 1n A z RT (9.12) 
Ink = — 57. + constant (9.18) 
aided i ^ 


Equation (9.13) suggests that a plot of In k as a function of 1/T should be à 
straight line, and as Fig. 9.8 demonstrates, this is found experimentally. Our 
analysis shows that the slope of this plot is —E,/R, and experimental activa- 
tion energies are obtained by measuring k at several temperatures, plotting the 
data as in Fig. 9.8, and calculating E, from the slope. 


394 CHEMICAL KINETICS | 9.5 


If the activation energy and the value of the rate constant at one temperature 
are known, it is possible to calculate the rate constant for any other-temperature. 
To show this, we need only write Eq. (9.12) for two temperatures: 


d Ea 
Ink; = hn A — RT;' 


HT 
RT, 


Ink; =In A — 
Subtracting the second of these from the first gives 
I EA : (9.14) 


Thus if Tı, kı, and E, are known, kz can be calculated for any choice of T3. 


Example 9.1 For the reaction, 
CoHsI + OH- — C2H50H + I7, 
k = 5.03 X 1072 M-1 - sec-! at 289°K and k = 6.71 M-!- sec! at 333°K. 


What is the activation energy of the reaction? What is its rate constant at 305°K? 
By Eq. (9.14), 


3^ (289)(333) 6.71 
= 1.99 44 2.3 log 503X102 


= 21,200 cal = 21.2 kcal. 


To find the rate constant at 305°K, we use E, and the rate constant at 333°K to get 


2sog hy = 23101 — e (TZ?) 
apos ane 
1.99 |(333)(305) 
log k2 = 0.826 — 1.28 = —0.45, 

kg = 0.35 M7! sec}. 


= 2,3 log 6.71 — 


The experimentally measured value is 0.37 Af 1. sect, | 
Our discussion of the effect of temperature on reaction rate has dealt ex- 


clusively with bimolecular elementary reactions. Now let us consider some 
other cases. A unimolecular rearrangement reaction always involves collisional 
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processes that produce and destroy energized species. For the rearrangement 
of cyclopropane to propylene, the important steps are 


CH2 A | zm Jem 
HG- "OH; à 


where M is any molecule, including cyclopropane itself. Only the cyclopropane 
molecules with considerable internal energy of vibration can rearrange to 
propylene. The role of the collisions with the molecules M is to maintain a 
certain concentration of the cyclopropane molecules in this energized condition, 
and the ratio of k; to Kp is the equilibrium constant for the formation of energized 
molecules: 

[eyclopropane"] — kı 

[cyclopropane] ^ kj. 


General thermodynamie considerations suggest that this equilibrium constant 
should be proportional to e~¥a'®7, where E, is the minimum energy a cyclo- 
propane molecule must have in order to be considered activated; that is, in 
order to be able to react by step 3. The decomposition of the activated mole- 
cules occurs with some rate constant ks characteristic of the structure of the 
molecule, and kg is not strongly temperature dependent. Thus for the tem- 
perature dependence of the overall first-order reaction we get 


‘k= Eh = constant x e-P«!^7, 


Where kis the experimental rate constant defined. by 


d 
J dlevelopropane) = k[eyclopropane]. 


Thus for reactions that involye a unimolecular decomposition step we again 
obtain an exponential relation between the rate constant and temperature. 

s It is not always true that the rate of a reaction increases as temperature 
increases. For example, the recombination of iodine atoms, - 


I+1+ Ar The 12 + Ar, 


is faster at lower temperatures than at higher temperatures. The same is true 
for other atomic recombinations. The explanation of this behavior lies in the 
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mechanism of the reaction: |... ^... | 


259g, qois $ i? ž 
I+ Ar-+ Ar ER IAr -+ Ar, . fast equilibrium, 
TAr ++I "> I, E Ar, slow. 


- The weakly bound complex IAr is in equilibrium with iodine and argon atoms. 
Thus t 


Man = (ika ana 90b s rra] 


give us 
dll] _ kı 2 
uu du ka[I]" [Ar]. 


| — Since kı/k—ı is the equilibrium constant for what must be an exothermic asso- . 
' ciation reaction, it must decrease as temperature increases. Now ke is the rate 
constant for a bimolecular process, and if there were any activation energy 
© required for reaction 2, kọ would increase with temperature. However, for 
_ virtually all atom recombinations there is no activation energy for step 2, and 
| the overall rate of recombination follows the behavior of k,/k_1, and decreases 
— as temperature increases, j i à 
- . To summarize our discussion of the effect of temperature on reaction rates, 
- We can remark that the rate constants of bimolecular elementary reactions 
_ generally increase with increasing temperature at a rate determined by the 
activation energy of the reaction. However, the behavior of the overall rate 
. Constant of a reaction that follows a complex mechanism is difficult to predict. 
- Depending on the nature of the mechanism, the overall rate constant may 
increase, decrease, or stay virtually constant as the temperature is changed, 


9.6 RATES OF REACTIONS IN SOLUTION 


- Reactions in the gas phase occur by processes in which no more than three 
molecules collide at the same time. The situation is quite different for reactions 
which take place in solution. Any reactant molecules brought together in 
— Solution not only collide with each other, but are constantly subjected to forces 
due to their several neighboring solyent molecules. It would appear, then, that 
- any reaction in solution is a complicated event in which the behavior of not 
only the reactants but 10 or 20 surrounding solvent molecules must be con- 
sidered, Despite this apparent complexity, we can achieve a good understanding 
_ of solution reactions by analyzing three general factors which affect the reaction 

‘Tate. They are: 
—— 1, The rate at which initially separated reactant molecules come together and 
become neighbors. This is called the rate of encounters. 
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2. The time that two reactants spend as neighbors before moving away from 
each other. This is called the duration of an encounter. During this time 
the two reactants may collide or vibrate against each other hundreds of 
times. 

3. The requirements of energy and orientation which two neighboring reactant 
molecules must satisfy in order to react. 


The first and third factors are similar to the concepts which entered our discus- 
sion of gas-phase reactions, while the second involves a phenomenon which 
occurs only in dense phases. Any one of these three factors may determine the 
rate at which a reaction occurs, and we shall now consider each of them in 
more detail. 

"There are several reactions in which there are no activation-energy or orienta- 
tion requirements; the molecules react as soon as they become neighbors. 
Consequently the reaction rate is limited only by our first factor—the rate at 
which encounters occur. Two examples of such reactions are 


I+I ok (in CCl, solution), 
H,0+ + HSO; — H580,-- H9O (in H,0 solution). 


Since the reactants are of very simple structure, and since the products are 
energetically much more stable than the reactants, it is not surprising that 
there are no orientation or energy restrictions for reaction. The reactant mole- 
cules move together through the liquid by diffusion. Since the rate of the 
reaction is determined only by the rate at which reactant molecules can diffuse 
together, these reactions are said to be diffusion controlled. The rate at which 
diffusion occurs depends on the nature of the solvent. If the solvent molecules 
are Jarge and exert strong forces on one another, they will impede the motion 
of reactant molecules and diminish the rates of diffusion-controlled reactions. 
Therefore, diffusion-controlled reactions are fastest in solvents of low viscosity, 
where the solvent molecules are easily pushed aside by the diffusion reactants. 

Diffusion-controlled reactions are very rapid, and consequently it is difficult 
to measure their rate constants. However, considerable effort and ingenuity 
have been applied to this problem, and Table 9.3 contains only a few of the 
measured rate constants for diffusion-controlled reactions. The neutralization 
reaction between H,0* and OH- is the fastest of all reactions that take place 
in aqueous solution, because H,O* and OH diffuse through water faster than 
any ae ions. The rate constant for the corresponding reaction between 
H30* and I~ is smaller, since F` diffuses through water more slowly than 
does OH™. Comparison of the rate constants of the last three reactions is 
interesting because it shows how the charge on the reacting species affects the 
reaction rate. We would expect the rate at which two ions of opposite charge 
diffuse together to be greater than the rate of encounters of an ion and a neutral 
species, or of two ions of the same charge. The data substantiate this expecta- 
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Table 9.3 Rate constants for diffusion controlled reactions 


Reaction : k(liters/mole-sec) 
H30+ + OH- — 2H20 ds dX LOU 
H30* + F- — HF + H20 1 x 1011 
H30* + HS- — H2S + H20 7.5 x 1010 
H30+ + N(CH3)3 — H20 + HN(CH3) 2.6 x 1010 
H30* + CuOH* — Cu++(aq) + H20 1x 1019 
H30+ + (NH3)sCoOH*? — (NH3)sCoH20+3 + H20 4.8 x 10? 


tion, since the rate of these neutralizations decreases as the like charge on the 
reactants increases. 

'The second of the rate-controlling factors also involves the effect of the 
solvent on the motion of reactant molecules. Consider, for example, an iodine 
molecule which hàs somehow received enough energy to dissociate into atoms. 
If this molecule is in the gas phase, this dissociation occurs immediately, and 
within 107!! sec the two atoms may be separated by several hundred ang- 
stroms. However, if the dissociating molecule is in a solution, it is surrounded 
by solvent molecules which impede the separation of the atoms, and which 
thereby may prevent the dissociation. In essence, the iodine molecule is held 
in a “cage” of solvent molecules, and the action of the solvent which prevents 
dissociation is known as the “cage effect." In our example, the cage effect 
diminishes the net rate of dissociation of iodine molecules. However, there are 
situations in which the cage effect can work to increase the reaction rate. Sup- 
pose two molecules diffuse together but find upon their first collision that they 
do not satisfy the energy or orientation requirements for reaction. Then, in- 
stead of immediately separating, they are held as neighbors by the solvent cage. 
The duration of such an encounter may be 10 !? sec, and during this time the 
molecules may acquire the energy or orientation required to react. This argu- 
ment shows one essential difference between reactions in the gas and liquid 
phases. In the gas phase, molecules collide and, if no reaction occurs, separate 
immediately. In solution, molecules make an encounter during which they may 
collide several hundred times. If no reaction occurs, they eventually separate. 

The third of the rate-controlling faetors, the energy-orientation requirement, 
is primarily determined by the nature of the reacting species. Even here, how- 
ever, the solvent may play a role. A good example is the reaction 


(CH3)3CCl + OH- — (CH3)3COH + C17, 
which proceeds by the mechanism 


(CHg)sCCl — (CHa)sC+ + CI (slow), 
(CHi,C*--OH- — (CHa)sCOH (fast). 
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Of the reactants, only (CH3)3C0Cl is involved in the rate-determining step, 
and consequently the reaction is first order with respect to (CH3)3CCl, and 
does not depend on the concentration of OH~. This reaction can be studied 
in aqueous solution and in solvents which are mixtures of water and organic 
liquids. The result is that the rate of the reaction depends profoundly on the 
nature of the solvent and increases with increasing water concentration. The 
explanation of this behavior is that the rate-determining step involves the 
production of a pair of ions, and this step would be expected to proceed more 
easily or more frequently in a solvent in which ions are more stable. In other 
words, a polar solvent to which ions are strongly attracted should increase the 
rate of ionization. This is precisely what is found: the reaction is 10* times 
faster in a 90% water-10% acetone mixture than in 10% water-90% acetone. 
In general we can expect a reaction to be fastest in a solvent in which the 
activated complex is most stable. If, as in the above example, the activated 
complex is highly polar, the reaction should be fastest in a solvent of polar 
molecules. On the other hand, a reaction in which polar or ionic molecules 
form a nonpolar or neutral activated complex will be fastest in a nonpolar 
solvent, 


9.7 CATALYSIS 


We observed earlier that there are many reactions which, while having large 
equilibrium constants, proceed at extremely small rates. In order io take 
advantage of these reactions, particularly for industrial processes, it is impor- 
tant to find ways to increase their rates. This is the general problem of catalysis. 
According to the usual formal definition, a catalyst is a substance which increases 
the speed of a chemical reaction without itself undergoing change. In practice 
this definition proves too restrictive. There are many instances in which a 
substance not required in the overall stoichiometry will increase the reaction rate 
and be changed at the same time. A simple example occurs in the hydrolysis of 
an ester; the overall equation is 


CH30000;H; + H20 -+ C.H;OH + CHgCOOH. 


Hydroxide ion is not required by the stoichiometry of this reaction, but its 
addition does increase the reaction rate. However, one of the reaction products 
is an acid, and any added hydroxide ion is consumed as the reaction proceeds. 
Even go, we call the hydroxide ion a catalyst, for according to common usage; 
a catalyst is any reagent which can increase the rate of reaction while not being 
actually required for the stoichiometry. 

How do catalysts increase reaction rates? The general answer is that they 
provide new faster paths by which a reaction can proceed. ‘This can be done in 
a variety of ways. Consider, for instance, the reaction between ceric and 
thallous ions: 

2Cet44 TI* — 2Ce*3 + TIH, 
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This reaction is slow because in order to remove two electrons from TI'* simul- 
taneously, a three-body collision between ions of the same charge is required. 
However, the reaction is catalyzed by Mn**, which acts in the following way: 


Cet4 di Mnt+ > Cet3 d Mnt’, 
Cet# + Mnt? — Cet? + Mn**, 
Mn**-- Tit 5 TI*? + Mn*+, 


That is, the presence of Mn** permits a new mechanism or reaction path, 
whereby the single slow termolecular process is replaced by three faster bi- 
molecular reactions. 

Catalysts can also act by modifying the electronic structure of the reactants. 
For example, the conversion of an alcohol to an organic halide is catalyzed by 
hydrogen ion. The reaction is 


Br7 + C,H;0H — C2H;Br + OH". 


The role of the hydrogen ion seems to be to facilitate the ejection of the OH 
group in the following way: 


H+ 
H+ + C2H;0H = Cun (rapid equilibrium), 
CH; H+ CH; 
Br- + No Ae = Broere 0 +++ OH, > CH,CH2Br + H20 (slow). 
g^. H H H 


The presence of the proton on the hydroxyl group of the aleohol apparently 
lowers the activation energy of the second slow step. 

The reactions we have discussed are examples of homogeneous catalysis, since 
the catalytic processes occur in one phase. Phase boundaries or surfaces also 
can increase reaction rates; this is called heterogeneous catalysis. One of the 
most outstanding examples of heterogeneous eatalysis is the hydrogenation of 
unsaturated organie compounds. The reaction 


Hy + C2Hy > C2H6 


is immeasurably slow at moderate temperatures in the gas phase, but occurs 
readily at the surface of metals such as nickel, platinum, and palladium. Sep- 
arate experiments show that these metals can “dissolve” or absorb large 
quantities of hydrogen, apparently by incorporating it in the metallic lattice 
as hydrogen atoms. We might represent this process by 


H.(g)--M — M-H 
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where M represents the metal, and MH stands for the “pool” of atomic 
hydrogen in the metallic lattice. Hydrogen atoms are known to be more reactive 
than hydrogen molecules, and thus the hydrogenation of C,H, may take 


place by 
at surface 


2M - H + CH, CoH. 
In effect, the metal provides a new reaction path of low activation energy by 
dissociating the molecular hydrogen to atoms. 
Metal oxides are often effective catalysts for oxidation reactions. Two 
examples are 
Cu20 V205 


CO 4-40, —— CO, 50: + 402 —— 803. 


An outstanding feature of these metal oxide catalysts is their specificity—an 
oxide particularly effective as a catalyst for the oxidation of carbon monoxide 
may have no effect on the rate of sulfur dioxide oxidation. Presumably this is 
due to differences in the interaction or bonding which can occur between the 
surface and the various substances to be oxidized. However, since the nature 
of surfaces and their interactions with gaseous molecules is one of the most 
complicated problems in chemistry, the detailed explanation of much of surface 
catalysis has not yet been found. 


Enzyme Catalysis 


In living systems, a great many very complicated molecular transformations are 
catalysed by large protein molecules called enzymes. These catalysts can be 
quite specific: for example, the enzyme urease catalyzes the hydrolysis of urea, 
(NH3)2 CO, by the reaction 

urease 


(NH3)s CO + 2H;0 ——> 2NH7 + CO3, 


but has no effect on the hydrolysis rate of any other molecule, even those whose 
molecular structure is very similar to that of urea. This specificity is a very 
important feature of enzyme action. It provides a mechanism for allowing the 
highly selected reactions which are necessary for the function of living cells to 
occur rapidly at moderate temperatures. The specificity of enzymes varies, 
however. The enzyme a-chymotrypsin, which is secreted by the human pancreas, 
can catalyze the hydrolysis of esters, amides, and polypetides (see. Chapters 
17 and 18), and is used by the body to speed the digestion of small protein 
molecules. 

Enzymes function by forming an association or complex with the molecule 
(called the substrate) whose transformation they catalyze. This enzyme-sub- 
strate complex may dissociate back to reactant substrate and free enzyme, or to 
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enzyme and product molecules. Thus we have the general mechanism 
s 1 
E+ = ES, 
-1 
kz 
ES — E4- P, 


yhere E stands for the enzyme molecule, $ for the substrate, ES for the enzyme- 
ibstrate complex, and P for the product molecules. This simple three-step 
echanism does not deal with the detailed questions of how the enzyme and 
bstrate are bound, and what atomic motions lead to product formation. Such 
tions are currently of very great interest to biochemists, and in some cases, 
i ery detailed picture of enzyme action can be built up. Nevertheless, the 
general behavior of most enzyme-catalyzed reactions can be understood in 
terms of the simple three-step mechanism. 
Let us find the rate law given by this mechanism. To conform to common 
usage in biochemistry, we write V for the rate at which products appear. Then 


V = k«(ES), (9.15) 


and to proceed we must find an expression for the concentration of enzyme- 
substrate complexes. In the steady-state, when the rates of formation and 
destruction of ES just balance, we have. 


ki[E][S] = (ki + Ez) [ES]. (9.16) 


This equation might be solved for the concentration of the enzyme-substrate 
complex [ES], but it contains the concentration of free enzyme [E], which is 
unknown. There is a way around this difficulty, however. We can write the 
material balance equation for the enzyme as 
[Eo] = [E] + [ES], 
9 where [Eo] is the total concentration of enzyme material. Solving this equation 
_ for [E], and substituting the result in Eq. (9.16), we get 
ky {S][(Eo] — [ES]) = 1 + E3)[ES], 
ky[Eol[S] 
Eg] = 
[58] pat ka + Bl 


for the concentration of the enzyme-substrate complex. Substituting this in 


v= kiık[Eo]S] — 
ka + ke + kilS] 
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Now we divide numerator and denominator by kı, and make the definition 


The result is 


— kg[EolIS] 
i ond (9.17) 


This expression is known as the Michaelis-Menten equation, after the first two 
scientists who used it to represent the kinetics of enzyme-catalyzed reactions. 
By taking the reciprocal of both sides, we obtain another common form of the 
Michaelis-Menten rate law: 

1 1 Kn 


Vemm det SS Eh 4; MIR 9.18. 
Y^ EE EJ v 


Thus the reciprocal of the reaction rate is a linear function of the reciprocal of 
the substrate concentration when the total amount of enzyme is held constant. 

Let us analyze the dependence of the reaction velocity V on the concentration 
of the substrate molecule S given by Eq. (9.17). At sufficiently low concentration 
of substrate, we can satisfy the inequality 


I8] « Km, 


and therefore the concentration of substrate can be neglected compared to Km 
in the denominator of Eq. (9.17). Thus we get 


= E [EjS] — (S]« Ky, 


and we see that at low substrate concentrations, the rate is first order with 
respect to both substrate and enzyme. 

: Now consider the contrasting situation in which the substrate concentration 
is so high that 


[S] > Kn. 
In this case, we can neglect Km compared to [S] in the denominator of Eq. (9.17). 
The result is that the concentration of the substrate cancels from the rate law 
expression, and we get 


= = Eo}  [BS» Kw. 


Thus the rate law is now first order with respect to the enzyme, but zero order 
with respect to substrate. 
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What is the physical reason why the reaction rate changes from first to zero 
with respect to substrate as the substrate concentration is increased? Each 
enzyme molecule has one or more “active sites” at which the substrate must 
be bound in order for the catalyzed transformation to products to occur. When 
the concentration of substrate is low, most of these active sites are unoccupied 
at any time. Increasing the substrate concentration increases the number of 
these active sites which are occupied and the rate of reaction therefore increases. 
When very high substrate concentrations are reached, virtually all the active 
sites of the enzyme are occupied at any time, and further increases of the 
substrate concentration cannot increase the number of enzyme-substrate com- 
plexes. The rate is therefore unaffected by changes in the substrate concentra- 
tion. Examination of the expression for the enzyme-substrate complex 
concentration, $ 


[EJS] 
8) = ER 


-confirms this picture. At low substrate concentrations we have 


[ES] = Fale) s BIK Kn 


so that [ES] increases linearly with [S]. At high substrate concentrations, we 
find 


[ES] = [Ed], IS] > En; 


which means that all active sites on the enzyme are occupied by substrate 
molecules. 

One way of affecting the pattern of cell functions is to inhibit the action of 
specific enzymes with chemical agents. This is in fact the basis for the action 
of several chemotherapeutic agents. Some molecules which act as inhibitors 
of an enzyme are chemically and structurally very similar to the normal sub- 
strate molecule and can occupy the active sites on the enzyme, but do not react 
to give the normal products. Such agents are known as competitive inhibitors, 
since they compete with the substrate for the active sites on the enzyme. 

Let us determine the form of the rate law for an enzyme-catalyzed reaction 
subject to competitive inhibition. The basic rate law is still 


v= k;[ES], 


but now we must find how the inhibitor affects the concentration of the enzyme- 
substrate complex. Let the inhibitor molecule be designated by I. For the 
formation and destruction of an enzyme-inhibitor complex EI by the reactions 


E--I- EI 
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there is an equilibrium constant defined by 
sis z 
Ka eny 
[E][I] 
The material balance equation for the enzyme is 


[Eo] = [E] + [ET] + [ES] 
= [E] + KM) + [ES]. 


Solving this for the enzyme concentration [E], and substituting the result into 
the steady state expression for [ES], 


ki[E][S] = (k-1 + k2)[ES], 


we can find the concentration of the enzyme-substrate complex, 


sd (EollS] 
ae K,(1 + K[I])) + [S] 


The rate of reaction is therefore 


zd ka[E JS] (9.19) 
Ks + KD) + [S] 


We can see from this that if K[I] is large compared with unity, the rate of reaction 
is diminished. Since 


this condition occurs when an appreciable fraction of the active sites on the 
enzyme are occupied by inhibitor molecules. 
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The chemical reactions we encounter range from the almost instantaneous to 
the imperceptibly slow. It is possible, nevertheless, to understand the existence 
of this great variety of rates in terms of reaction mechanisms and the nature of 
elementary processes. In analyzing reaction rates, we have found that very 
many chemical reactions proceed by a series of steps. For any chemical reaction, 
there may be more than one possible sequence of steps leading from reactants 
to products, and consequently, the reaction mechanism must be determined 
experimentally by studying the concentration dependence of the reaction rate. 
A marked change in the temperature, introduction of a catalyst, or some other 
change in the conditions of the reaction may cause the mechanism of a reaction 
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"to change. In some circumstances, reactións proceed by two or more mechanisms 


simultaneously. In any case, a reaction proceeds by the fastest mechanism 
available to it. 

The elementary processes of a mechanism are events which involve from one 
to three molecules. In an elementary process, energy may be transferred from 
one molecule to another, bonds may be broken or formed, or electrons may 
be transferred. In order for a bimolecular reaction, in which some bonds are 
broken and others are made, to occur, the molecules must collide with a certain 
orientation and with a certain minimum energy. Because of the orientation 
and energy requirements, the reaction rate is generally less than the total 
collision rate. While it is possible to predict the influence of the orientation 
requirement from the structures of the reacting molecules, it is considerably 
more difficult to predict what the activation energy of a reaction will be. As 
the techniques of quantum-mechanical calculation improve, it will prove pos- 
sible to calculate activation energies, and then we will be able to predict the 
rates of many elementary processes. In the meantime, however, analysis of 
experimental rate studies provides us with a description of what molecules do 
to each other when they react. 
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9.1 If concentrations are measured in moles per liter, and time in seconds, what are 
the units of the rate constant for (a) a first-order reaction (b) a second-order reaction 


and (c) a third-order reaction? 
9.2 For the reaction between gaseous chlorine and nitric oxide, 
2NO + Cl; — 2NOCI, 
it is found that doubling the concentration of both reactants increases the rate by a 


factor of eight, but doubling the chlorine concentration alone only doubles the rate. 
What is the order of the reaction with respect to nitric oxide and chlorine? 
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9.3 The following terms are grouped in pairs which are sometimes confused with each 
other. Give a brief definition and explanation of each term that distinguishes one. 
member of the pair from the other. 


reaction rate reaction rate constant 
order molecularity 
activation energy activated complex 


9.4 The reaction I--- OCl- — Cl-+ OI- follows the rate law d[OI-]/dt = 
k'[L-]J[OCI-], but k’ proves to be a function of the hydroxide-ion concentration. For 
hydroxide concentrations of 1.00 M, 0.50 M, and 0.25 M, k' is equal to 61, 120, and 
230 liters/mole-sec, respectively, at 25°C. What is the order of this reaction with 
respect to hydroxide ion? 

The mechanism of this reaction is 


OCI--4- H20 = HOCI+ OH- (fast equilibrium), 
HOCI+ I- — HOI4- Cl- (slow), 
HOI + OH- > H20 + OI- (fast). 
Show that this is consistent with the rate law for the reaction. 
9.5 The reaction between carbon monoxide and chlorine to form phosgene (Cl2CO), 


Clo 4- CO — CleCO, 
has the rate law 


d[Cl2CO 
gioco] = H{Cl}*"(Co}. 


Show that the following mechanism is consistent with this rate law: 
Cle+ M Es 2Cl4- M, * (fast equilibrium), 
Cl 4- CO-- M = CICO 4- M, (fast equilibrium), ` 
CICO 4- Cl + ClecO+ Cl . (slow). 
9.6 In acid solution the rate of the reaction 
NH} + HNO, > N,4- 2H,0 + H+ 
is consistent with the mechanism 
HNO2+ H+ = H20+ NO* (rapid equilibrium), 
NH} = NH,+H* (rapid equilibrium), 
NO+ + NH3 > NH3NO+ (slow), 
NH3NO+ — H20-+H+t+ No (fast). 


Write the rate law which is consistent with this mechanism by expressing d|NH4]/d! 
as a function of [NH7], [HNO,], and [H+]. 


9.7 Consider the set of reactions 
k 
Ac BEL 04D, 
ki 
Cibo F 
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[hat relationships between the magnitudes of k1, k_1, and ke and reagent concentra- 
ons will lead to the following rate laws? dr 

dF] _ , [AIBITE] wre ae y 

m [D] b) Pew E'[A][B] 
.8 The following data give the concentration of gaseous butadiene as a function of 
time at 500°K. Plot them as In c vs. f and as 1/c vs. t. Determine the order of the 
reaction, and calculate the rate constant. : 


t (sec) C (moles/liter) t (sec) C (moles/liter) 
195 1.62 x 107? 4140 0.89 x 10-7? 
604 1.47 X 107? 4655 0.80 x 107? 

1246 1.29 x 107? 6210 0.68 X 107? 

2180 1.10 x 107? 8135 0.57 X 107? 


9.9 The following data give the pressure of gaseous N50 as a function of time at 
P 45°C. Plot them first as 1/P vs. t, and then as In P vs. t. Ascertain the order of the 
- reaction, and calculate the rate constant. 


t (sec) P (mm) t (sec) P (mm) 


p o] 348 3600 58 
1 600. 5247 4800 ` 33 
1200 185 6000 518 
2400 105 7200 10 


9.10 The following data give the temperature dependence of the rate constant for the 
reaction N20; — 2NOz+ 30». Plot them and calculate the activation energy of 
— the reaction. 


T(K) k (sec!) TCK) k (sec ^!) 
338 4.87 X 107? 308 1355c610-* 
328 1.50 x 10-? 298 3.46 X 1075 
318 4.98 x 10-4 273 7.87 X 1077 


9,11 It is often stated that near room temperature, a reaction rate doubles if the 
temperature increases by 10°. Calculate the activation energy of a reaction that obeys 
- this rule exactly. Would you expect to find this rule violated frequently? 

9.12 An endothermic reaction has a positive internal energy change AZ. In such & 
- Case, what is the minimum. value that the activation energy can have? (Refer to 
| Ki Fig. 9.7). wee 


9.13 An electronically excited atom can either fluoresce or lose its energy by collision 7 
with some other molecule. For example, 


Hg* 44> Hg + hv, 
Hg* + Ar oh, Hg+ Ar. 


. These reactions are elementary processes. What is the rate law of each?. What is the 
_ expression for the fraction of atoms lost by fluorescence at a given pressure of Ar? 
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9.14 Nitramide, O2NNHs, decomposes slowly in aqueous solution according to the 


reaction 3 "i 
O2NNH2 — N20 + H20. 


The experimental rate law is 


d[N»O] _ p Q2NNH3], 
dt [H*] 
2) Which of the following mechanisms seems most appropriate? 
1. OsNNH2 > N20+H20 ^ (slow) 
k 
2. O2NNHa-- H* 4— aa O2NNH} (fast equilibrium) 
O2NNH} —> N20 + H30* (slow) 
9. O2NNH» — = OsNNH- + H+ (fast equilibrium) 
O;NNH- —2> N20 + OH- (slow) 
H++ oH- > H20 (fast) 


b) What is the algebraic relation between the k in the experimental rate law and the 
rate constants in the mechanism you chose? (c) What is the algebraic relation 
between the equilibrium constant for the overall reaction and the rate constants for 
the elementary process and their reverse reactions? 
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CHAPTER 10 


THE ELECTRONIC 
STRUCTURE OF ATOMS 


The strength of a science is that its conclusions are derived by logical arguments 
from facts that are the results of controlled experiments. Science has produced 
a picture of the microscopic structure of the atom, but it is a picture so detailed 
and so subtle of something which is so removed from our immediate experience 
that it is difficult to see how many of-its features were constructed. This is so 
because many experiments have contributed to our ideas about the atom; even 
now as more experiments are done, the picture is being refined and revised. 
Yet among all the experiments used to form the theory of atomic structure, 
there stand a few which have been most influential in shaping its major features. 
In this chapter we shall examine these experiments and see how they contributed 
to the development of the atomic theory. Then, equipped with this logical 
background, we shall discuss the detailed features of the atomic theory itself. 
We shall examine the development of the theory of atomic structure in an 
historical context, for the order in which the most significant experiments were 
done is, surprisingly, the order in which the logic of the theory of atomic struc- 
ture is most clear. There were essentially three great steps: the discovery of 
the electrical nature of matter and the nature of electricity itself (1900), the 
discovery that the atom. consists of a nucleus surrounded by electrons (1911), 
and the discovery of the mechanical laws which govern the behavior of electrons 
in atoms (1925). 
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10.1 ELECTRICAL NATURE OF MATTER” 


Experiments of J. 3.) Thomson” 


The first important clues to the nature of electricity and the electrical structure 
of atoms came in 1833 as a result of Faraday’s investigations of electrolysis. 
His findings can be summarized by two statements: 


1. The weight of a given material deposited at an electrode by a given amount 
of electricity is always the same. 


2. The weights of various materials deposited, evolved, or dissolved at an 
electrode by a fixed amount of electricity are proportional to the equivalent 
weights of these substances. 


The second of these laws is particularly revealing, if we remember that the 
equivalent weight of any substance contains the same number of molecules, or 
an integral multiple thereof. Then we see that the laws of electrolysis are analo- 
gousto laws of chemical combination: which originally suggested the exist- 
ence of atoms. If a fixed number of atoms reacts only with a certain fixed amount 
of electricity, it seems reasonable to suppose that electricity itself is composed 


Aena, ngly, an elementary electrode process must involve one 
molecule combining w 


with or losing a small integral number of these electrical 
ihr cl Tolle Maday did not realize this implication of his work, he did 
sense the relation between electricity and chemical bonding, for in his writings 
we find: “I have such conviction that the power which governs electrodecom- 
position and ordinary chemical attractions is the same.” 

The implications of Faraday’s experiments were recognized in 1874 by G. J. 
Stoney, who first suggested the name electron for the fundamental electrical 
particle. However, it was not until 1897 that any firm experimental evidence 
for:therexisterigeland {properties of the electron was found... The source of the 
decisivednformeticnavas the investigation of the electrical conductivity of gases 
Ablow ipressureoiGasésiare ordinarily electrical insulators, but. when subjected 
to highqvoltages:at ptessures below 0.01 atm they “break down,” and electrical 
conduétién Accompanied by. light:emission ensues. When the gas pressure is 
lowered: 1077*:8trà; the electrical conduction persists, the luminosity of the 
gas-deeréases|antbifothe voltages involved are high enough (5000 to 10,000 
yolts),;the glassicontainer begins to glow or fluoresce faintly. By 1890 various 
experimentérs;had shown that this fluorescence is the result of bombardment of 
glassdby ofrays/\ which-originating at the cathode or negative electrode, travel 
inostrdight! lines: untilthey strike either the positive electrode or the walls of 
theaitubesod Otheniexpériments showed that these “cathode rays”. could be 
deflected: by. aimagnetic field, just as a wire is which carries an electric current. 
Stow &)qontiiaqzo taeoitir 

jg to v 


X 19v0o3en Sy :9q 933 J 
In)1897)di J;fEhomsor-demonstrated that when the cathode rays were deflected 
onto;an electrode of; am.electrometer, the instrument acquired a negative charge. 
Furthermore, he, was-the first to:show that the rays could be.deflected by the 
application of an electric field that caused them to move away from the negative 
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electrode. All of these results were found, irrespective of thé gas:presentivithe 
materials used to construct the discharge tube. Thomson provides us with a 
succinct summary and assessment of the results: 


“As cathode rays carry a charge of negative electricity, are deflected by an electrostatic 
force as if they were negatively electrified, and are acted on by a maghetia force ihi just. 
the way in which this force would act on a negatively electrified, body, moving along the, 
path of the rays, | can see no escape from the conclusion that they are charges of ne ative, 


electricity carried by particles of matter.” AE au : 
dT vd boaigido 6s ss 


What was the nature of these particles? The fact fhat they, were; found, 
regardless of what gas was used in the discharge tube suggested that they were 
not one particular type of electrified atom, but rather a universal fragment 
found in all atoms. The ratio of charge to mass of various ions had been obtained 
from electrolysis experiments, and Thomson recognized that à determination of 
the charge-to-mass ratio for the cathode-ray particle would help identify it as 
either an ion or some other charged fragment. Accordingly, he determined the 
charge-to-mass ratio (e/m) by two different methods. 

In his first determination Thomson bombarded an electrode with cathode 
rays and measured both the current delivered to the electrode and the tempera- 
ture rise produced by the bombardment. From the temperature rise and the 
heat capacity of the electrode he calculated the energy, W, which the cathode- 
ray particles delivered ; this he took as equal to the kinetic energy of the particles: 


N-m? 


W= 2 


Here N is the number of particles of mass m and velocity o whic ariived "at 
the electrode during the experiment. Since mv?/2 is the kinetie energy of one 
particle, Nmv?/2 is the total kinetic energy of the particles which struck the 
electrode. The total charge, Q, collected at the electrode during the experiment 


is related to N and e, the charge on'each particle, by 2 viüneup s nodW 
sqmi boobmi raqo1q 
Q= Ne. betizob of} eonesort 
"i 4 R vw 9nO .oolitta 
Combining these two equations gives ati S 
jd ah 
$£-&( AT atin GON 


As we have said; Thomson could measure Q and W; td’ ciilculate €/m he 
needed only to measure the velocity of the particles. He accomplished this by 
measuring’ their deflection by a magnetic field of known strength, An's 
magnetic field, particles of charge e and mass m moving with! Velocity v travel 
in a circular path of radius r; the relation between these ‘quantities is 

Igtitos sitio est 
erH it Sifengact odi of opb 
= 


v 


10.1 | ELECTRICAL-NATURE'OF MATTER 


toi OW 


413 


FIG, 10.1 


414 


» THE ELECTRONIC STRUCTURE OF ATOMS | 10.1 


Combining this with Eq. (10.1) gives 
= 2W E 
= mH 


e 
m 


‘All the quantities on the right-hand side of this equation can be measured, 
since the radius of curvature r produced by the known magnetic field H can be 
determined from the fluorescence produced by the particle beam. The value of 
e/m so obtained by Thomson is in acceptable agreement with the best modern 
determinations of the charge-to-mass ratio of the electron. 


Accelerating 
electrodes 


Deflecting 
plates 
vacuum 


Schematic representation of Thomson's apparatus for measuring e/m. Coils for pro- 
ducing a magnetic field perpendicular to the page are not shown. 


When a quantity such as e/m is determined for the first time, it is quite 
proper, indeed imperative, to ask whether the experiment performed really 
measures the desired quantity, and not some other unsuspected experimental 
artifaet. One way to answer this question is to repeat the determination by & 
second experimental method which is as different from the first as possible. 
Agreement between the two methods suggests, but does not prove, the validity 
of the result. Thomson’s second procedure for determining e/m involved the 
apparatus shown in Fig. 10.1. A beam of cathode-ray particles passed through 
a region in which they could be subjected to electric and magnetic fields. Either 
field applied alone could deflect the beam from its horizontal trajectory, but 
the direction of the magnetic deflection was opposite to that, produced by the 
electric field. Thus, if the electric field was applied and held constant, the 
magnitude of the magnetic field could be adjusted so as to return the beam to 
its original horizontal trajectory. In this condition, the force on the particles 
due to the magnetic field, Hev, was equal to the force due to the electric field, 


eH. Thus 


and so 
Dies n 1 (10.2) 


The velocity of the particles could be calculated from measurements of E 
and H. 

The second step of the experiment was to remove the magnetic field and 
measure the deflection of the beam produced by the electric field alone. As the 
particles pass between the plates, the electric force eE produces a deflection ô 
which, as Fig. 10.1 shows, can be caleulated by the method of similar triangles 
from the displacement of the spot observed at the end of the tube. The electric 
force eE is related, by Newton's second law, to an acceleration, a: 


eE = force = mass X acceleration = ma, 


Le, 
Sioa (10.3) 


The deflection à can be related to a and t, the time the particles spend between 


the plates, by 
3 = 4al?, (10.4) 


which is a well-known result of elementary mechanics. Finally, ¢ can be ex- 
pressed in terms of the length of the plates / and the velocity of the particles v: 


L 
botes (10.5) 


If we now combine Eqs. (10.3), (10.4), and (10.5), we obtain 


sz LeE(ly. 
«2 mN, 
But vis given by Eq. (10.2); introducing this relation and rearranging the 
expression gives us 


Everything on the right-hand side of this equation can be measured experi- 
mentally, and thus e/m can be found. The currently accepted value for e/m is 
1.76 x 108 coul/gm, or 5.27 x 10?" electrostatic units per gram (esu/gm). 

The significance of e/m for cathode rays became apparent when its value was 
compared with the charge-to-mass ratios of ions, which had been obtained from 
electrolysis experiments. The charge-to-mass ratio of the cathode ray was 
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FIG. 10.2 


over 1000 times larger than that of any ion. Furthermore, while the charge-to- 
mass ratios of various ions were different, €/m for cathode rays was a constant 
independent of the gas used in the discharge tube. These facts led Thomson 
to conclude that cathode rays were not electrified atoms, but corpuscular frag- 
ments of atoms; in our modern terminology, electrons. 


(Ca 


Microscope 


Schematic diagram of Millikan's apparatus for measuring the fundamental unit of charge. 


Millikan’s Contribution 
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The ultimate demonstration of the particulate nature of electricity came from 
the famous oil-drop experiment of R. A. Millikan. Using the apparatus shown 
in Fig. 10.2, Millikan proved that all electric charges are multiples of one definite 
elementary unit whose value is 1.6 X 1077? coul or 4.80 X 107 !? esu. To per- 
form the experiment, spherical oil drops from the atomizer are led into the 
observation chamber. "There they become charged by a collision with gaseous 
ions produced by the action of radium or x-rays on air. A charged oil drop is 
recognized by its response to an electric field, and its motion observed through 
the microscope. When the electric field is zero, the drop is subject only to the 
force of gravity and falls: because of air resistance the drop does not continually 
accelerate, but reaches a constant velocity given by 


^ mg gravitation force 
OTT ~ viscous resistance’ 


where g is the acceleration of gravity, m and r are the mass and radius of the 
drop, and is the viscosity of air. This equation, together with the expression 


density = m/$rr?, 


which relates the known density of the oil drop to its mass and its radius, allows 
the calculation of m and r from the measured velocity and density. 
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If the same drop contains an amount of charge q, and is subjected to a field 
E, the electrical force causing an upward motion of the drop is gE. Due to the 
action of gravity, the net force on the drop is gE — mg, so its velocity in the 
upward direction is i 

ya am. 
6anr 


Since v’ and E are measurable, and m, g, n and r are known, g can be calculated. 
Millikan found that q was always an. integral multiple of 4.8 X 10771? esu. 
This result shows that electricity is particulate, and the fundamental unit of 
charge is 4.8 X 10719esu. The assumption that this fundamental unit is equal 
to the charge on the electron, together with the measured value of e/m, gives 
9.1 x 10728 gm for the mass of the electron. 

The experiments of Millikan and Thomson have been discussed in detail, 
for they show how extremely important fundamental quantities can be deter- 
mined by the use of fairly simple apparatus and the most elementary laws of 
physics. They are, without question, two of the greatest experiments in all 
of physical science. 


10.2 THE STRUCTURE OF THE ATOM 


While the nature of electricity was being established, scientists began to formu- 
late a detailed picture of the atom. It was not difficult to estimate the atomic 
size, for the molar volume of a solid expressed in cm?/mole, divided by Avo- 
gadro's number, gives the atomie volume as roughly 107-24 em?. Taking the 
cube root of the volume shows that the characteristic size of an atom is approxi- 
mately 1078em. But Thomson’s experiments demonstrated that small as an 
atom was, it contained even smaller particles of negative electricity. Since 
atoms were ordinarily electrically neutral, it was clear they must also contain 
positive electricity. Furthermore, since electrons were so light, it seemed proper 
tovasséciate most; of the mass ofan atom with its positive electricity. If the 
positive electricity contained most of the atomic mass, it was reasonable that 
it should occupy most of the atomic volume. Consequently, Thomson proposed 
that an atom was a uniform sphere of positive electricity of about 1075-em 
radius, with the electrons embedded in this sphere in a way which would give 
the inost stable electrostatic arrangement. Thomson tried to relate thé relative 
stabilities of various numbers of charges in the atom to the periodic chemical 
properties of the elements, and even developed a theory of chemical bonding. 
Appealing as this simple model was, and despite its occasional successes, it had 
to be abandoned in 1911, when E. R. Rutherford showed that it was completely 
inconsistent with his observations of the scattering of a-partieles by thin metal 
foils, : 
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The Rutherford Scattering Experiment - 


FIG. 10.3 
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The a-particle scattering experiment, perhaps the most influential single experi- 
ment used in the development of the theory of atomic structure, is shown 
schematically in Fig. 10.3. A narrow parallel beam of o-particles impinges on a 
thin metal foil (10* atoms thick), and the angular distribution of the scattered 
particles is obtained by counting the scintillations, or light flashes, produced on 
a zine sulfide screen. The significant qualitative result of the experiment is that 
while most of the e-particles pass through the foil either undeflected or deflected 
by only small angles, a few particles are scattered at large angles, up to 180°. 


Microscope 


Beam defining 
slits 


Schematic diagram of Rutherford's a-particle scattering experiment. The region tra- 
versed by a-particles is evacuated. 


At the time the experiment was first performed, Rutherford knew that 
a-particles were.doubly ionized helium atoms with an atomic mass of 4; more- 
over, their velocities had been measured by the method of magnetie deflection 
diseussed earlier. Consequently, Rutherford knew that the kinetie energy of 
the a-particles was very large, and he realized that in order to produce a large 
deflection of such an energetic particle, the atom must be the seat of an enormous 
electrical force. It was also clear that this force had to be exerted by a body of 
considerable mass, for a light body such as the electron would be swept aside 
by the heavier a-particle. Finally, the fact that only a few a-particles received 
large deflections suggested that the large electrical force was confined to very 
small regions of space which were missed by most of the a-particles. In other 
words, instead of being a sphere of uniform mass and charge density as Thomson 
had proposed, the atom was highly nonuniform. While the electrons might 
occupy the volume associated with the ~10~8-cm dimension of the atom, the 
positive electricity had to be concentrated in a tiny but weighty “nucleus.” 

By assuming that the force between the nucleus and the o-particle was given 
by Coulomb’s law, Rutherford showed that the trajectory of the a-particle 
deflected by an atom should be a hyperbola. As shown by Fig. 10.4, the deflec- 
tion angle 6, which is the external angle between the asymptotes of the hyperbola, 
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depends on the aiming error, or impact parameter b. The mathematical analysis 
shows that ` 
2Ze 

tan $0 = m6’ 
where z and Z are the atomic numbers* of the o-particles and the nucleus, e is 
the magnitude of the electronie charge, and and v are the mass and velocity 
of the a-particle. Thus we see that when b = 0, 6 = 180°, which is just what 
we expect for a head-on collision. In a given scattering experiment, z, Z, m, 
and v are constants, and since a relatively wide beam of a-particles is used, all 


values of b occur, and scattering is seen at all engles. 


+Ze 


Trajectory of an a-particle passing near a nucleus of charge Ze. The a-particle has veloc- 
ity v, mass m, charge ze, and impact parameter or aiming error b. 


e-particle 


HELLE 


The probability of an a-particle passing between b and b + db is proportional to the area 
of the ring, 2rb db. 


As shown in Fig. 10.5, the probability that the impact parameter b will lie in 
the range b, b + db is proportional to the area of a ring of radius b and width db. 
This area is equal to 2rb db, the product of the circumference of the ring, 275, 
and its width, db. The area increases as b increases, and consequently large 


* The atomic number is the number of fundamental units (4.8 X 10-19 esu) of positive 
charge on the nucleus. 
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values of b are more probable than small values. Thus most of the scattering 
will be in the forward direction (b large, @ small), and few particles will be 
deflected through large angles. This is just a sophisticated way of saying that 
there are more ways of missing a small target than of hitting it. 

By using the probability of the various values of b, Rutherford deduced that 
the fraction, f(6), of the initial a-particles scattered through an angle @ is given by 


2\2 3. 
AO) = 2mtp (25) ae 3) (10.6) 


where t is the thickness of the foil and p is its density expressed in atoms/cm’. 
This expression for the angular distribution of particles is valid only if the force 
between the nucleus and a-particles is given by Coulomb’s law. Geiger and Marsden, 
working in Rutherford’s laboratory, showed that the experimental distribution 
of seattered particles followed Eq. (10.6) within experimental error. Further- 
more, the quantity (2Ze?/2mv?) could be evaluated from the experiments, and 
since z, e, m, and v were known, the atomic number Z of the scattering nucleus 
could be evaluated. For the gold nucleus, Rutherford calculated Z to be 
100 + 20; this is a reasonable approximation to 79, which we know is the cor- 
rect value. Thus the a-particle scattering experiment was one of the first ways 
of estimating the atomic number of an atom, and as the experiment was refined, 
it became possible to measure Z exactly. ; 

We have pointed out that the nucleus is small compared with 1078 cm, but 
just how small is it? The scattering experiment can tell us. When an o-particle 
is deflected through 180°, it has made a head-on collision with a nucleus. In 
such a collision the a-particle approaches the nucleus until the Coulomb poten- 
tial energy of repulsion, zZe?/r, becomes equal to its initial kinetic energy, 3m? 
Thus the equation ze 

2 € 
D R 
allows us to calculate fmin, the distance of closest approach, if all other factors 
are known. 

For a-particles obtained from the disintegration of radium, 


v = 1.6 X 10? cm/sec, 
e = 4.8 X 1071? esu, 
m = 6.68 X 107* gm, 


and if the scattering nucleus is copper, 


Z.—.99. 
Thus 
Apa aZe 2x 29 X (4.8 x 10 19)? 
(1/2)mv? ~ (1/2)(6.68 X 10-24) x (1.6 x 109)2 


= 1.6 X 107? cm. 
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Since particles can come to within nearly 1071? em of the nucleus and still . 
be scattered according to Coulomb's law, the nucleus itself must be smaller 
than 107}? em. Other experiments with faster o-particles and lighter nuclei 
(Z smaller, min smaller) show that the Coulomb scattering law is not obeyed if 
the a-particles come closer to the nucleus than about 0.8 x 10-!? cm; this 
does indeed imply that the positive charge on the nucleus occupies a sphere of 
approximately 107+? em radius. Thus the a-particle scattering experiment not 
only provided a qualitative indication of the existence of the nucleus, but also 
produced quantitative measurement of the nuclear charge and size. 


10.3 ORIGINS OF THE QUANTUM THEORY 


There was a serious difficulty with Rutherford's model of the atom: According 
to all the principles of physies known in 1911, the nuclear atom should have 
been unstable. If the electrons were stationary, there was nothing to keep them 
from being drawn into the nucleus; if they were in circular motion, the well- 
documented laws of electromagnetics predicted that the atom should radiate 
light until all electronic motion ceased. Only two years after Rutherford’s 
proposal, Niels Bohr attempted to resolve this apparent paradox by analyzing 
atomic structure in terms of the quantum theory of energy which had been 
advanced by Max Planck in 1900. Before discussing Bohr’s ideas about the 
behavior of electrons in atoms, let us examine the experiments which led to the 
development of the principles which Bohr used. 


Classical Theory of Radiation 


Before 1900, it was generally accepted that light was electromagnetie wave 
motion. That is, all experiments with light could be understood if it was pic- 
tured as oscillating electric and magnetic fields which were propagated through 
space. In Section 3.3 we discussed the electromagnetic wave theory and one of 
its most successful applications, the diffraction of x-rays. For our purposes now 
we need to call attention to only one more feature of classical radiation theory. 
According to electromagnetice theory, the energy contained in, or carried by, 
an electromagnetic wave is proportional to the squares of the maximum ampli- 
tudes of the electric and magnetic waves: 


energy « (E2..---Hgax) « light intensity. 


The important feature of this equation is that the energy of a wave depends 
only on its amplitude, and not on its frequency or wavelength. 

The electromagnetic wave theory was eminently successful in explaining 
optical phenomena such as diffraction and scattering, which occur when waves 
encounter particles whose size is roughly the same as the wavelength. Yet 
despite many reassuring successes, the classical wave theory of light could not 
explain the nature of the radiation from a heated solid body. Experiments 
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demonstrated that this radiation was distributed at different frequencies accord- 
ing to the curves shown in Fig. 10.6. As the temperature of the radiating body 
is increased, the frequency at which most of the light is emitted becomes higher. 
This corresponds to the body passing through the stages of red, yellow, and 
white heat as its temperature is raised. The distribution of radiated frequencies 
predicted by the wave theory is shown by the dashed line in Fig. 10.6, and it 
obviously disagrees with the experimental findings. 


Frequency (sec!) 
3x10! _1x10!4 0.5x 1014 


Predicted 
\ for 1500 *K 


\ 
\ 


Relative intensity 


The relative intensity of radiation from a 
heated solid as a function of frequency or 
wavelength. The dashed line represents 


prediction of the classical theory of matter. iy 1 rm A EOD 


Wavelength (units of 10-*cm) 


In 1900 Planck resolved this discrepancy, but only by making an extreme 
departure from usual laws of physics. Planck had to assume that a mechanical 
system cannot have any arbitrary energy, but only certain selected energy values. 
Let us see how Planck applied this assumption. An electromagnetic wave of 
frequency v was thought to be radiated from the surface of a solid by a group 
of atoms oscillating with the same frequency. Planck’s assumption was that 
this group of atoms, the oscillator, could not have an arbitrary energy, but had 
to have an energy € = nhv, where n is a positive integer, v is the oscillator 
frequency, and h is a constant to be determined.* This expression is known as 


* Subsequently, spectroscopic measurements have shown that without question, the 
energy of a molecular oscillator is quantized. The allowed energy levels are given by 
e = (n+ $)hy, which is very nearly what Planck assumed. 
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Planck's quantum hypothesis, since it proposes that a system has discrete bits, 
or quanta, of energy. When such an oscillator radiates it must lose energy; 
thus, if the oscillator is to radiate, n, the quantum number of the oscillator, 
must be greater than zero. How does this explain why the high-frequency 
radiation from a body is so feeble? 

Planck assumed that the oscillators were in equilibrium with each other, and 
consequently that their energies were distributed according to the Boltzmann 
distribution law. That is, the relative chance of finding an oscillator with energy 
nhv was given by e^"""*7, Now this expression shows that the chance of finding 
an oscillator of high frequency which has enough energy to radiate (n > 0) 
is very small, since as v increases, e~"”/*? decreases. This explains why there 
is very little radiation at high frequencies: at equilibrium, the high-frequency 
oscillators rarely possess the minimum energy, hv, which they need in order to 
radiate. Hence the assumption that the energy of an oscillator cannot have 
continuous values leads to excellent agreement between theory and experiment. 
It should also be noted that the Planck quantum hypothesis was used by 
Einstein to explain the temperature dependence of the heat capacities of solids, 
as we discussed in Section 3.5. The success of the Einstein theory also substan- 
tiates the idea of quantized energy levels for oscillators. 

The existence of separated energy “levels” is a concept that is difficult to 
accept, for it is contrary to all ordinary experience with macroscopic physical 
systems. Therefore, it is not surprising that scientists, including Planck, were 
initially suspicious of the quantum hypothesis. It had been designed to explain 
radiation from heated bodies; it could not be accepted as a general principle 
until it had been tested by other applications. One consequence of the quantum 
hypothesis which was tested almost immediately concerned the nature of light. 
If an oscillator could radiate only by a discrete act in which its energy changed 
from nh» to (n — 1)hy, then was it not reasonable that the light itself was 
composed of discrete entities of energy hv? This idea found application and 
support in Einstein’s explanation of the photoelectric effect. 


The Photoelectric Effect 


By 1902 it was known that light impinging on a clean metallic surface in vacuum 
caused the surface to emit electrons. The existence of this photoelectric effect 
was not surprising; it was to be expected from the classical theory of light that 
the energy of the electromagnetic wave could be used to eject an electron from 
the metal. However, the wave picture of light was completely incapable of 
explaining the details of the experiment. In the first place, no electrons were 
emitted unless the frequency of the light was greater than some critical value vo, 
as shown in Fig. 10.7(a). Second, the electrons emitted had kinetic energies 
which increased as the frequency of the light increased, as shown in Fig. 10.7(b). 
Finally, increasing the light intensity did not change the energy of the electrons, 
but did increase the number emitted per unit time. According to the wave 
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theory the energy of light is independent of its frequency; hence the wave theory 
could explain neither the frequency dependence of the kinetic energy nor the 
existence of a photoelectric threshold frequency, vo. Furthermore, the wave 
theory predicted that the energy of the electrons should increase as the light 
intensity increased, and this was in conflict with the experimental results. 


Electron energy 


vo 


Photoelectric current 


Frequency » ——» Frequency » ———- 


(a) (b) 


The photoelectric effect: (a) emitted current as a function of frequency; (b) maximum 
kinetic energy of electrons as a function of frequency. 


In 1905, Einstein pointed out that the photoelectric effect could be explained 
if light consisted of discrete particles or photons of energy hv. He proposed 
that a photon of frequency v and energy hv impinges on the metallic surface 
and gives up its energy to an electron. A certain amount, e, of this energy is 
used to overcome the attractive forces between the electron and the metal; 
the rest is available to the ejected electron and appears as kinetic energy, 4mv?. 
The law of conservation of energy yields 


hy = € + 4m’. 


It is clear that e represents a minimum energy that the photon must have to 
eject, the electron. If we express e in terms of a frequency, that is if we write 
€ = hv, then our equation becomes 
hy = hyo + 3mv?, 
dmv? = hy — hyo. 


Thus, if the energy of the ejected electrons is plotted as a function of frequency, 
there should result a straight line whose slope is equal to Planck’s constant h, 
and whose intercept is Avo. We have already seen in Fig. 10.7(b) that this is 
indeed found. The additional fact that the number of photoelectrons increases 
with the intensity of light indicates that we should associate light intensity w. ith 
the number of photons arriving at a point per unit time. 
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The success of the photon theory was impressive, but by no means did it 
clarify the nature of radiation. Is light really composed of particles or of waves? 
There is support for both pictures. We will reserve a discussion of this problem 
until later; for the moment we need only note that by 1905 the association 
between energy and frequency of radiation was clear, and this, together with 
Rutherford’s picture of the atom, allowed Niels Bohr to propose in 1913 a 
detailed model of the behavior of electrons in atoms. S 


The Bohr Atom 


The work of Bohr was the first application of the quantum hypothesis to atomic 
structure which was in any way successful. Bear in mind, however, that Bohr’s 
theory was incorrect; it was abandoned after twelve years in favor of our present 
quantum theory of atomic structure. Nevertheless, there was enough substance 
in Bohr’s ideas to enable him to explain why only certain frequencies of light 
were radiated by atoms, and in some cases to predict the values of these fre- 
quencies. Furthermore, Bohr’s proposals greatly helped Moseley to understand 
his measurements of the frequencies of emitted x-rays and to use them to deter- 
mine atomic numbers. ‘Thus, although it was eventually abandoned, this 
early theory was an important step in the understanding of atomic structure. 


High voltage 


Photographic 
plate 


Schematic diagram of the essential elements of a spectrograph and light source, 


The first success of the Bohr theory was in explaining the light emission or 
spectra of atoms. An apparatus for the measurement of atomic spectra is shown 
in Fig. 10.8... The light source is an electrical discharge through the gas to be 
investigated. In the case of hydrogen, the bombardment of the hydrogen 
molecules with electrons results in the production of hydrogen atoms. Some of 
these atoms acquire excess internal energy which they radiate as visible, ultra- 
violet, and infrared light. The light from the discharge tube passes through a 
slit and a prism which disperses the radiation into its various frequencies. 
These appear as lines (images of the slit) at different positions on the photo- 
graphic plate. Such devices, called spectrographs, were available after 1859, 
and by 1885 Balmer recognized that the frequencies emitted by the hydrogen 
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FIG. 10.8 
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atom could' be expressed by the formula 


y= G — i) X 3.29 x 1015 cycles/sec, 

where n is an integer greater than or equal to three. The simplicity of this for- 

mula was intriguing, and other empirical relations among the frequencies 
emitted by other atoms were sought, but none were found that involved integers 
in such a simple way. 

Bohr developed a model of the hydrogen atom which allowed him to explain 
why the frequencies emitted obeyed such a simple law. His reasoning involved 
the following postulates: 

1. The electron in an atom has only certain definite stationary states of motion 

allowed to it; each of these stationary states has a definite, fixed energy. 

2. When an atom is in one of these states it does not radiate; but when changing 
from a high-energy state to a state of lower energy the atom emits a quantum 
of radiation whose energy hy is equal to the difference in the energy of the 
two states. 

- In any of these states the electron moves in a circular orbit about the nucleus. 

4. The states of allowed electronic motion are those in which the angular momen- 

tum of the electron is an integral multiple of h/27. j 

Of these four postulates, the first two are correct and are retained in the 
modern quantum theory. The fourth postulate is partially correct; the angular 
momentum of an electron is fixed, but not in quite the way Bohr proposed. 
The third postulate is entirely incorrect, and does not appear in modern quantum 
theory. 

The derivation of the expression giving the energies of the allowed states of 
an atom is very simple. First, mechanical stability of the electron orbit requires 
that the Coulomb force between the electron and nucleus be balanced by the 
centrifugal force due to the circular motion: 


e 


Coulomb force — centrifugal force 


Here m and v are the mass and velocity of the electron, Z is the number of units 
of elementary charge € on the atomic nucleus, and r is the electron-nucleus 
separation. Canceling one power of r gives us 


Z 2 
ah = mf. (10.7) 


Bohr’s postulate for the angular momentum, mur, Was 


h 
UW = D c uo a, (10.8) 
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where h is Planck’s constant, 6.626 x 107?” erg-sec. That is, the angular 
momentum had to be an integral multiple of h/27. Eliminating v between 
Eqs. (10.7) and (10.8) gives 

n2? 


= Bama’ Maen WP HS KORAT (10.9) 


It would appear from this that only certain orbits whose radii are given by 
Eq. (10.9) are allowed to the electron. 

Now let us consider the total energy E of the electron, which is the sum of 
the kinetic energy, mv?/2, and potential energy, —Ze?/r: 


2 
qp 9 ames 
2 T 


But by Eq. (10.7) we can write 


Substitution for r, using Eq. (10.9), gives us 


EN 2z?mZ?e* 


ES 7h? 


, nc 12/8: 


This expression shows that the consequence of the postulates is that only 
certain energies are allowed to the atom. Figure 10.9 indicates how these 
energies depend on n for the simplest case of the hydrogen atom Z=: 


kcal/mole ergs/molecule 


3 —19.6 —1.86x 10-12 
—34.8 —241x10-12 
2 
—784 —542x 10-1? 
le An energy-level diagram for the hydrogen 
DN i atom. The spacing between energy levels is 
—313.5 —21.7X 10-12 not drawn to scale. 


The energies are negative only because the energy of the electron in the atom 
is less than the energy of a free electron, which is taken as zero. The lowest 
energy level of the atom corresponds to n = 1, and as the quantum number 
increases, E becomes less negative. When n = oo, E = 0, which corresponds 
to an ionized atom: the electron and nucleus are infinitely separated, and at rest. 
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FIG. 10.9 
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FIG. 10.10 


According to Bohr's second postulate, the energy of any photon radiated by 
the atom should be equal to the difference in the energy of two levels. To 
ensure that the energy of the photon is positive, we take the absolute value of 
the energy difference and write 


hy = |E; E = 


2T mZ^*(1 1 
ix B sus 001 
v 


or 


If n; is set equal to 2, and the constant term evaluated, this expression is in 
numerical agreement with the formula which Balmer had found from the experi- 
mental hydrogen-atom spectrum. In other words, the Bohr expression was 
in agreement with the known experimental spectrum of the hydrogen atom. 


n=1 


Some of the predicted transitions between energy states of the hydrogen atom. 


Furthermore, if ns, the quantum number of the final state, is set equal to 1, 
Bohr’s formula predicts a set of spectral lines for which n; > 2, n; = 1. Simi- 
larly, if n; = 3, there should be a series of lines for which n; > 4. These 
predicted transitions between states of different n are shown in Fig. 10.10, and 
subsequent to Bohr’s work, all the predicted spectral lines have been found at 
the expected frequencies. Further application of Bohr’s formula was made to 
other one-electron atoms, such as Het and Lit+. In each case of this kind, 
Bohr's prediction of the spectrum was correct. 


X-ray Spectra and Atomic Number 
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The visible spectra of atoms arise from changes in the energy of the most 
weakly bound atomie electrons. However, under conditions of extreme electrical 
excitation, atoms can emit x-rays, high-energy radiations which result from 
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energy changes of the electrons closest to the nucleus. Even though Bohr’s 
theory was designed to explain the visible spectra due to the outer, or “valence,” 
electrons, it was of great help in the first interpretations of x-ray spectra. 


Tonization 
chamber 
X-ray tube 
X-ray beam 
ok ee 
4 N 
iy Pih 2 
Scale 
Schematic diagram of a spectrograph for measuring the wavelengths of x-rays emitted FIG. 10.11 


from the anode of an x-ray tube, 


Figure 10.11 shows à simplified x-ray spectrograph. When a metallic anode 
is bombarded with electrons of very high velocity, x-rays which are characteristic 
of the anode material are emitted. As explained in Chapter 3, the wavelength 
of an x-ray can be found by measuring the angle @ through which the x-ray is 
diffracted by a erystal of known interatomic spacing d, and then using the 
Bragg law equation, n = 2dsin6. By employing various elements as his 
anode, Moseley observed in 1912 that each element emitted a different charac- 
teristic x-ray spectrum, and that the frequencies emitted increased regularly as 
the atomic weight increased. Using the Rutherford-Bohr model of the atom as 
a guide, Moseley realized that the x-ray frequency should be characteristic of 
the charge on the nucleus of the emitting atom. Accordingly, he found that he 
could fit all his observed frequencies by an empirical formula of the form 


v= eZ — b)’, 


where c and b were universal constants, valid for all elements, and Z was an 
integer whose value increased regularly by one unit for successive elements, 
taken in the order in which they appeared in the periodic table.. Moseley then 
correctly concluded that the Z in his empirical formula was the atomic number, 
or the charge on the nucleus of the emitter. According to the theory of Bohr, 
the frequency emitted by a one-electron atom should be proportional to Z?, 
the square of the charge on the nucleus, as Eq. 10.10 shows. Moseley suggested 
that the reason the x-ray frequencies were proportional to (Z — b)? and not Z? 
was that the electrons in the atom tended to shield one another from the nucleus. 
Thus, so far as any single electron was concerned, the effective nuclear charge 
is not Z, but Z — b. This interpretation is quite in accord with our present 
ideas of the origin of x-ray spectra and the behavior of electrons in atoms. 
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If entered in the periodic table strictly in order of their atomic weights, the 
elements Ni-Co, Ar-K, and Te-I appear in an order inconsistent with their 
chemical properties. Moseley found that when the elements are arranged in 
the order of their atomic numbers, these discrepancies are removed. In short, 
he showed that nuclear charge, and not nuclear mass, is most fundamental to 
chemical properties. 


10.4 QUANTUM MECHANICS 


he 


It may seem surprising that the Bohr theory, initially so successful, had to 
be abandoned after only twelve years. Yet despite its successes a theory must 
be refined or rejected if it cannot explain all the relevant experimental facts. 
Even after the most searching refinements, the Bohr theory could not explain 
the details of the spectra of atoms with many electrons, nor. could it provide a 
satisfactory pieture of chemical bonding. These and other failures made it clear 
that Bohr's ideas could only be steppingstones or approximations to a univer- 
sally applicable atomic theory. 

There were two particularly objectionable features of theoretical physies in 


the early 1920's. One was the conflict between the wave and photon models of 


light. The other was that the idea of quantized energy had to be imposed on 
Newtonian mechanies, almost às an afterthought. It seemed necessary to set 
up a new mechanics which would relieve the wave-particle conflict, and which 
would introduce quantized energy as a consequence of some more basic principle. 


Wave-Particle Duality 


The first step in the development of the new quantum mechanics was taken by 
Louis de Broglie in 1924. His reasoning was somewhat as follows: Electro- 
magnetic radiation had been thought of as a wave phenomenon for some time, 
yet the work of Einstein had shown that in certain experiments these “waves” 
had the properties of particles, or photons. Could the converse be true? Would 
things ordinarily called particles show the properties of waves in some experi- 
ments? The phenomena associated with wave behavior are diffraction and 
interference, and as we have mentioned, the appearance of these effects depends 
on how the length of a wave compares with the dimensions of the object it 
strikes. The task was to estimate the wavelength of the waves associated with 
particles. Starting with the Einstein relation between the energy and frequency 
of a photon, de Broglie wrote 


hv = E, 
v= c/d, 
,he/A = E. (10.11) 
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From the theory of relativity he drew a relation between the momentum of 
light p, its velocity c, and its energy, E = cp. Combining this with Eq. (10.11) 
gives 

h/d = p, (10.12) 


which we can interpret as the relation between the momentum of a photon and 
its wavelength. De Broglie suggested that this equation could be used to caleu- 
late the wavelength associated with any particle whose momentum was p = mv. 

Table 10.1 gives the results of calculations using Eq. (10.12). The greater 
the mass and velocity of the particle, the shorter is its wavelength. The wave- 
length associated with any macroscopic particle is smaller than the dimensions 
of any physical system; thus diffraction or any other wave phenomena can 
never be observed with baseballs or even dust particles. On the other hand, 
electrons and even atoms can have such small momenta that their wavelengths 
are of the same dimension as the interatomic spacing in crystals. Therefore, 
when a beam of electrons impinges on a crystal, diffraction should be observed, 
as indeed it was, first in 1927, three years after de Broglie had advanced his 
ideas. i 


Table 10.1 Wavelengths of particles 


> Mass Velocity Wavelength 
pea (gm) (cm/sec) (A) 
Electron at 300°K 9.1 X10728 1.2 X 107 61 
1-volt electron 9.1 10-28 5.9 x 107 12.3 
100-volt electron 9.1x10-?8 5.9 x 108 1.2 
He atom at 300*K 6.6 x 10-74 1.4 X105 0.72 
Xe atom at 300°K 2.2x10-?? 2.4 x 104 0.12 


Instead of relieving the waye-particle conflict, de Broglie’s proposal seemed 
to deepen the problem. Yet it was a progressive step, for the generalization of 
de Broglie’s ideas produced a totally successful quantum mechanics. Today 
the almost universally accepted interpretation of the wave-particle conflict, is 
that it is not really a conflict at all. In speaking of the behavior of atomic 
Systems, we use the words of a language designed to describe the macroscopic 
world, and we have no right to suppose that only one of these words, wave or 
particle, will always characterize all properties of things which are not part of 
our macroscopic world. Therefore, we just accept the fact that whatever elec- 
trons and photons are, they have a dual nature; in some experiments their 
wave properties will be most obvious, and in others they will behave like 
particles, 
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The Uncertainty Principle 


The terms position and velocity are used to describe the behavior of macro- 
scopic particles. Is there any restriction to their application to subatomic 


` “particles” which have wave properties? To see that there is, let us consider 


the problem of determining the position of an electron. If we use light to locate 
the electron, the general principles of optics tell us that we cannot resolve or locate 
the electron much more accurately than +), the wavelength of light used. 
Naturally we would try to make ^ as small as possible, and so in principle locate 
the electron to any required degree of accuracy. But can we determine the 
momentum of the electron at the same time as we determine its position? The 
answer is no, for in determining the position of the electron we inevitably 
change its momentum by an unknown amount. To understand that this is so, 
we need only recognize that in order to locate an electron with a photon, there 
must be a collision between the two. A photon of wavelength à has a momentum 
p = h/d, and in the electron-photon collision, some unknown fraction of the 
momentum of the photon will be transferred to the electron. Thus the result 
of locating-the electron to within a distance Az ~ =A is to produce an uncer- 
tainty in its momentum which is roughly Ap ~ h/d. The product of these two 
uncertainties is 


Ap Az e hy =h. (10.13) 


This is a crude derivation of Heisenberg's Uncertainty Principle, which states 
that there is a limit to the precision to which the position and momentum of a 
particle may be determined simultaneously. A more involved argument gives 
the precise form of the Uncertainty Principle as Ap Az > A/47. 

A simultaneous and exact determination of position and momentum is just 
what is required to describe a trajectory, and thus the Uncertainty Principle 
tells us that there is a limit to the accuracy with which a particle trajectory can 
be known. Let us see how much the Uncertainty Principle allows us to say 
about the trajectories of electrons in atoms. In order to have a good idea where 
the electron is, we might wish to locate it to within 0.05 A, or 5 x 1071? em. 
According to the Uncertainty Principle, any such measurement of the electron 
position would have associated with it an uncertainty in momentum given by 


Wieser ONO 


Ap = Irar 6X 10-0 = 1 X 1071? gm-em/sec. 


Since the mass of an electron is 9 x 10728 gm, the uncertainty in the electron 
velocity is 


[-18 
Fo see) prety 


m FX = 10° cm/sec. 


According to this crude calculation, the uncertainty in the electron velocity 
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would be nearly as large as the velocity of light, or as great as or even greater 
than what we might expect the actual electron velocity to be. In short, we 
have to say that the-electron velocity is so uncertain that no possibility of 
specifying a trajectory exists. Here we find another failure of the Bohr theory. 
Its sharply defined electron trajectories can have no real meaning, for in view 
of the Uncertainty Principle, their existence can never be demonstrated 
experimentally. 


The Schrödinger Equation 


The de Broglie wave relation is the basis for predicting the behavior of freely 
moving particles. Shortly after it was proposed, Erwin Schrédinger demon- 
strated that the de Broglie expression could be generalized so as to apply to 
bound particles such as electrons in atoms. The heart of Schrédinger’s theory 
is that the allowed energies of physical systems can be found by solving an 
equation which so resembles the equations of classical wave theory that it is 
called the wave equation. For the motion of one particle in one (the x) direc- 
tion, the Schrédinger wave equation is 


h? dy 3 
E a Vy = Ey. (10.14) 


The “knowns” in this equation are m, the mass of the particle, and V, its 
potential energy expressed as a function of z. The “unknowns” to be found by 
solving the equation are E, the quantized or allowed energies of the particle, 
and y, which is called the wave function. The quantity d?^//dz? represents the 
rate of change of dy/dx, the rate of change of y. When this equation is applied 
to real systems such as the hydrogen atom, it is found that it cannot be solved 
unless E takes on certain values which are related by integers. Thus quantized 
energy and quantum numbers are an automatic consequence of the Schrédinger 
theory, and do not have to be tacked on to Newtonian mechanics as was done 
by Bohr. 

What isy? By itself, it has no physical meaning. However, the square of the 
absolute value of y, |y|?, does have an important physical interpretation. It is 
a mathematical expression of how the probability of finding a particle varies 
from place to place. Thus the exact trajectories of Newtonian mechanics and 
the Bohr theory do not appear in the results of the Schrédinger quantum 
mechanics; this, according to the Uncertainty Principle, is as it should be. 


The Particle in a Box 


As an example of the quantum mechanical description of matter, we shall solve 
the simplest of problems, the motion of a particle confined by impenetrable 
walls—the so-called particle in a box. This example will allow us to examine 
the properties of a simple wave function, and to see how quantized energies 
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come about. In addition, the results will help us to understand qualitatively 
many types of more complicated quantum-mechanical problems. 

A particle in any real box moves in three dimensions. To analyze the 
mechanics of its motion, however, it is often sufficient to deal only with one 
dimension (say the z-coordinate), since motion in the other directions is in 
principle no different. We consider then, a particle of mass m moving with a 
positive total energy Æ along the z-coordinate. There. is an impenetrable wall 
at « = 0,and another at v = L. For 0 < x < L, the potential energy is zero, 
and outside these limits it is taken to be infinite, due to the presence of the 
impenetrable walls. 

Starting with the one-dimensional Schrédinger equation, and letting the 
symbol ñ stand for h/27, we have 


A? dy 
73m dii t VY = By. 
We note that since V is zero for 0 < x < L, for this region we can write 
dy 2mE E 
Ta E (10.15) 


From the qualitative features of this equation we can get a picture of what our 
wave function y. will look like. The second derivative d^V/dz? is the curvature 
of the wave function. Equation (10.15) says, therefore, that since m, E, and h 
are positive quantities, whenever y. is positive, its curvature is negative, or Y 
is concave downward. Similarly, whenever y is negative, its curvature is posi- 
tive, and y is concave upward. Whenever y is zero, its curvature is zero. 

If we attempt to sketch a function y which has these curvature properties, 
we find that it begins to look like a wave. There are many functions that have 
this general appearance, and the simplest of them, the sine function, is in fact 
the solution of the Schrödinger equation for the particle in the box. To verify 
this, we assume y is equal to A sin bz, where A and b are constants. Then we 
differentiate twice: 

y — Asin bz, 


a = bA cos bz, 
ay 
dz? 
d^y 
da? 


= —0°A sin bz, 
= b. 
We see that this last equation has exactly the same form as Eq, (10.15), and 


would be identical to it if b? were equal to 2mE/h2. "Thus the function that 
satisfies Eq. (10.15) is 


1/2 
v= Asin (5) a (10.16) 
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Up to this point we have not made any use of the fact that the walls are 
actually located at x = 0 and x = L. Thus the wave function we have found 
applies to a free parti¢le, and not yet to one confined to a box. Note that 
the energy E of this free particle may be any positive value we please. That is, 
there is not yet any sign of quantized energies, or energy levels. This is an 
important observation, since it is part of a demonstration that quantized 
energy levels occur only when we confine a particle by potential energy barriers, 
or when we make its motion periodic in some manner. 

We now consider the consequences of the walls of the box. If the walls are 
impenetrable, and if the square of the wave function represents the probability 
of finding a particle at a point, then it is reasonable to suppose that the wave 
function vanishes at the walls. More precisely, the wave function vanishes 
within the walls, and a general property that V is a continuous function then 
requires that y vanish at the walls. We have then the conditions 


¥@=0)=0, ¥@=L)=0 


to impose on our free-particle wave function. These two requirements are 
called the boundary conditions for the problem. 

The first boundary condition, ¥(0) = 0 is satisfied automatically, since 
setting z = 0 in Eq. (10.16) gives y = 0 = sin (0). The second boundary 
condition can be satisfied only if E has certain values. We can deduce these 
values by noting that sin na = 0, where n is an integer. Thus if E is such that 


ENY? 
(22) L-nm, n= 1,2,3..., 


the second boundary condition will be satisfied. Calling the values of E that 
satisfy this relation Ej, we square and transpose to get 


22 
E, = gp n=1,2,3... (10.17) 
These are the allowed or quantized values of the energy. The corresponding 
wave functions are EN 
V. = Asin (m ») z (10.18a) 
or 
n= Asin E. (10.18b) 


It is of interest to note that the quantized energy levels can be obtained by 
asserting that our wave function must have the form of a standing wave 
between x = 0 and z = L. A standing wave has zero amplitude at the walls, 
and in order for this to be true, the distance L must be an integral multiple of 
half the wave length: 


L=’ MHA, 2; 3 
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We now use the de Broglie relation à = h/p, where p is the momentum mp»: 


n h nh 

Seo m i4 REST Hu 
12 (mo)? 001 (no ww 
27" = 2m .2mML2) T 8mL2 


Since all the energy is kinetic, E, = mv? and 


nh? 
n= gml?’ 


which is the correct expression for the allowed energy levels. Also, the mathe- 
matical representation of a standing wave of amplitude A between z = 0 and 
z= Lis 

vn = Asin EA , 
which is the correct wave function. Only in the simple cases where the potential 
energy is constant can the allowed energy levels and wave functions be deduced 
Írom the de Broglie relation. 

Our wave function still contains the undetermined constant A. We can 
evaluate A by using the fact that ¥2(x) dz is the probability of finding the 
particle in state n in an interval dz at x. Therefore the sum (integral) of all 
such probabilities from z = 6 to z = L must equal 1, since it represents the 
probability of finding the particle anywhere between 0 and L. Thus we must 
have - 


L 
Í ydr = 1 (10.19) 


if Yn is to be a proper wave function. We can force this to be true by adjusting 
the value of the constant A in our wave function. That is, we substitute 
Eq. (10.18b) for Y, to get 


L 
2 >» [NTE em 
A ji sin (222) ae = 


The value of the integral is L/2, so 


This then is the value that A must have if the wave function is to be used to 
calculate a probability of finding a particle. The procedure we have used to 
find A is called normalization, and a wave function that obeys Eq. (10.19) is 
said to be normalized to 1. 
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Our final results for the particle in a one-dimensional box are 


)2,2 1/2 
nh 2 . (nor 
Un ma ae G) em (55) ; 
These energy levels, the wave functions, and their squares are plotted in 
Fig. 10.12. 
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(a) The wave functions for a particle in a box, and (b) their squares or the probability 
density of the particle as a function of position. The height at which the zero line for each 
state lies is proportional to En, the energy of the state. 


There are several properties of the energy levels and wave functions of the 
particle in a box which should be very carefully noted, since they appear 
qualitatively in solutions of more complicated problems. 


1. Quantized energy levels appeared only when we confined the particle with 
the potential barriers. We can expect quantized energy levels whenever 
particle motion is confined or is periodic, as in a rotating molecule. 


2. Equation (10.17) shows that the spacing between energy levels increases as 
the mass of the particle decreases, and as the space to which the particle is 
confined decreases. We can expect, in general, that effects of spacing of 
energy levels will be more prominent for systems of small mags confined to 
small regions of space. This is the qualitative reason why electrons confined 
to atoms have much more widely-spaced energy levels than atoms moving 
in a large box. It is also the reason why the motion of macroscopic systems 
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10.5 THE HYDROGEN ATOM 


- Table 10.2 Characteristic masses, lengths, and energy-level spacings 


RS Characteristic ^ Characteristic Eu 
mass (gm) length (cm) (kcal/mole) 
Nucleons in nucleus io-** 10-13 7107 
Atom in solid 10-?3 10-9 ~0.3 
Electron in atom 10-27 10-8 ~100 
‘Atom in a box 19755 10 710-9 


does not show quantum effects. Table 10.2 compares the energy-level spa 
of several systems and shows how it is correlated with mass and degn 
confinement. 


3. The wave functions may have regions in which they are positive, and othet 
regions in which they are negative.’ The sign of the wave function in vario 
regions of space will prove to be important in our subsequent discussions. 
chemical bonding. Between the positive and negative regions, the 
functions pass through zero. These points are called the nodes of the w: 
function. In general, for wave functions of a given type, the one with b 
greater number of nodes will have the higher energy. The locations of tl 
nodes of the electronic wave functions in molecules are very important 
determining the bonding properties of electrons. 


A complete theoretical treatment of the hydrogen atom using the Schrédii 
equation has been accomplished, and the results agree with experimental infor- 
mation in every detail. Besides being an important test of quantum mechanics, ^ 
the theoretical treatment of the hydrogen atom has another importance: the ^ 
information derived from this simplest of all atomic systems is used to discuss 
and predict electron behavior in more complicated atoms and molecules. Th 
in order to understand the periodicity of atomic properties and the nature of © 
chemical bonding, it is necessary to thoroughly understand the behavior of the ~ 
electron in the hydrogen atom. 

In the old quantum theory of Bohr, it was necessary to postulate or assume - 
the existence of quantum numbers. This is not so in modern quantum mechanics, — 
All we need assume is the much more general principle that the Schrödinger - 
equation correctly describes the behavior of any atomic system. When the | 
Schrédinger equation is applied to the hydrogen atom, the quantum numbers 
appear as an automatic consequence of the mathematics, just as was true for M 
the particle in a box. For the hydrogen atom, there are four of these quantum ~ 
numbers which specify the allowed energies and general behavior of the atomic | 
electron. These are listed on page 423 in decreasing order of importance. 
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1. The Principal Quantum Number n 


This is à number which can assume any positive integral value, excluding only 
zero. As its name implies, it is most important, for its value determines the 
energy, of the hydrogen atom (or any other one-electron atom of nuclear 
charge Z) by the formula 

2x?^me*Z? i 


EX (10.20) 


E = 


where m and e are the electronic mass and charge. Equation (10.20), obtained by 
solution of the Schrödinger equation, is the same expression as Bohr had ob- 
tained earlier from his incorrect postulates. 


2. The Angular-Momentum Quantum Number | 
As its name implies, the value of l determines the angular momentum of the 

electron, with higher values of | corresponding to greater angular momentum. 

Now, if an electron has angular momentum, it has kinetic energy of angular 

motion, and the amount of this angular kinetic energy is limited by the total 

energy of the electron. Thus it is not surprising that the theory restricts the 

allowed values of | according to the value of n. Theory and experiment both 

show that | may assume all integral values from 0 to n — 1 inclusive: that is, 
01,...,»—2,n —1 


3. The Magnetic Quantum Number m; 


An electron with angular momentum can be thought of as an electric current 
circulating in a loop, and consequently a magnetic field due to this current is 
expected and observed. The observed magnetism is determined by the value 
of mı. Since this magnetism has its eventual source in the angular momentum 
of the electron, it is reasonable that the values allowed to m; depend on the 
value of J, the angular-momentum quantum number. Theory and experiment 
both show that m; can assume all integral values between —1 and +, including 
zero. That is, m; can equal —l, —I+1,...,0,1,...,7—1, l. 


4. The Spin Quantum Number m, 


Besides the magnetic effect. produced by its angular motion, the electron itself 
has an intrinsie magnetic property. A charged particle spinning about its own 
axis also behaves like a small magnet; hence we say that the electron has a spin. 
The quantum number associated with this spin has only two possible values: 
T and —4. 
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Since the value of n restricts the possible values of l, and the value of l in 
turn restricts the allowed values of m;, only certain combinations of the quantum 
numbers are possible. For example, let us consider the lowest energy state, or 
ground state, of the hydrogen atom, for which n = 1. Since / is restricted to 
integer values between n — 1 and zero, it has only one possible value: | = 0 if 
n= 1, The value of / determines the allowed values of vi; since only integers 
between +l and —/ are permitted, only m; = 0 is possible if 1 = 0. Finally, 
irrespective of the three other quantum numbers, m, may be equal to +-4 or —3. 
Thus we find that there are two ways in which the hydrogen atom can be in its 
ground state, and these correspond to the choices of 1, 0, 0, +4 and 1, 0, 0, 
—4 for n, l, mi, and m,, respectively. 


Table 10.3 Quantum numbers and orbitals 


Number of 
n I Orbital mi Ms combinations 
qub 1s 0 Th-i 2 
2/550 2s 0 TÀh-i ds 
2 r 2p +1,0, —1 +4,-4 6 
SIN 3s 0 +4,-3 2 
3poot 3p *1,0,—1 th-i 6, 18 
3 2 3d +2, +1, 0, —1, —2 Th-i 10 
4 0 0 Th-i 2 
hee sol 4p +1,0, —1 th-i 6132 
4 2 4d +2, +1, 0, —1, —2 th-i 10 
dur 4f +3, +2, +1, 0, —1, —2,—3 +} —} 14, 


Other combinations of the quantum numbers correspond to the excited 
electronic states of the hydrogen atom. If the electron is excited to the energy 
corresponding to n = 2, its angular-momentum quantum number may be equal 
either to n — 1 = 1, or ton — 2 = 0. If 1 — 0, the only allowed value of m; 
is zero, and as before, m, may be +4 or —4. If | = 1, m; can assume any one 
of the values —1, 0, 1, and for each of these three values m, can be +4 or —4. 
These possibilities are enumerated in Table 10.3, which shows that there are 
eight different ways in which an electron in the hydrogen atom can be in the 

= 2 state. All of these eight combinations of quentum numbers correspond 
to the same energy. When the electron is excited to the n = 3 state, l can be 
0, 1, or 2, and accordingly, a greater number of combinations of quantum 
numbers, 18 in all, is allowed. In general, the number of possible combinations 
of quantum numbers all with the same value of n is 2n?. 

Each set of quantum numbers is associated with a different type of electronic 
motion, and now we must see how the behavior of electrons in atoms is described. 
Quantum mechanics provides us with |/|?, a mathematical expression of the 
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probability of finding an electron at all points in space. This probability func- 
tion is the best indication available of how the electron behaves, for as a con- 
sequence of the Uncertainty Principle, the amount we can know about the 
electron is limited. While quantum mechanics can tell us the exact probability 
of finding an electron at any two particular points, it does not tell us how the 
electron moves from one of these points to the other. Thus the idea of an elec- 
tron orbit is lost; it is replaced with a description of where the electron is most 
likely to be found. This total picture of the probability of finding an electron 
at various points in space is called an orbital. 

There are various types of orbitals possible, each corresponding to one of 
the possible combinations of quantum numbers. These orbitals are classified 
according to the values of n and l associated with them. In order to avoid 
confusion over the use of two numbers, the numerical values of | are replaced by 
letters; electrons in orbitals with Z = 0 are called s-electrons, those occupying 
orbitals for which Z = 1 are p-electrons, and those for which | = 2 are called 
d-electrons. The numerical and alphabetical correspondences are summarized 
in Table 10.3. Using the alphabetical notation for 1, we would say that in the 
ground state of the hydrogen atom (n = 1, l = 0) we have a 1s-electron, or 
that the electron moves in a 1s-orbital. 


The relation of the spherical polar coordinates r, 
0, and ¢ to cartesian coordinates x, y, and z. 


To make the concept of an orbital more meaningful, it is helpful to examine 
the actual solutions of the wave function for the one-electron atom. Because 
of the spherical symmetry of the atom, the waye functions are most, simply 
expressed in terms of a spherical polar-coordinate system, shown in Fig. 10.13, 
which has its origin at the nucleus. It is found that the wave functions can be 
expressed as the product of two functions, one of which (the “angular part” x) 
depends only the angles @ and ¢, the other of which (the “radial part” R) 
depends only on the distance from the nucleus. Thus we have 


V(r, 6, 6) = R()x(6, $). 
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FIG. 10.13 


Table 10.4 Angular and radial parts of hydrogen-atom wave functions. 


Angular part X(0, $) Radial part Rn,2(r) 
1/2 JNS 
x6) = (2) R(Is) = 2 (2) am 
1/2 3/2 
XP) = 2j sin 6 cos } R(2s) = x (2) (2 —c)e—/2 
0, 
1/2 3/2 
3 poz 7/2 
Xi =(— in 0 sin R(2p) = ——|— 
mi wie (ERR) 
3\12 
X(p.) = (3) cos 6 
1/2 
X(d2) = (& (3 cos" @ — 1) 
1/2 3/2 
X(dz2) = Ee sinOcosOcos  R(3)— ew (2) (6 — 6c + ce 7 
9V3 N80, 
1/2 3/2 
X(dy;) = 2) sin@cos@sind  R(3p)= sud (2) (4- ojos ^? 
9v6 
1/2 3/2 
15 .2 1 z. 2-0/2 
X(d22_y?) = | — 4 ee 
(dz2—,2) n sin 0 cos 2p R(3d) Ns (2) oe 
/15\"2 
X(dzy) = 25) sin? 0 sin 26 
HO i M. 
^ nag’ 30 — az2me2 


"This factorization helps us to visualize the wave function, since it allows us to 
consider the angular and radial dependences separately. 

"Table 10.4 contains the expressions for the angular and radial parts of the 
one-eleetron-atom wave functions. Note that the angular part of the wave 
function for an s-orbital is always the same, (1/47)!?, regardless of principal 
quantum number. It is also true that the angular dependence of the p-orbitals 
and of the d-orbitals is independent of principal quantum number. Thus all 
orbitals of a given type (s, p, or d) have the same angular behavior. The table 
shows, however, that the radial part of the wave function depends both on the 
principal quantum number n and on the angular momentum quantum number l. 

To find the wave function for a particular state, we simply multiply the 
appropriate angular and radial parts together. Thus the wave function for a 
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1s-orbital is 


1 Z 3/2 ze 
vs) = 1 (2) ron 


where ao is the Bohr radius, 0.529 x 1075 em. By squaring this function, we 
obtain an expression which gives the probability of finding the electron in & 
unit volume as a function of r, the distance from the nucleus: 


3 
ys) = i(2) Celene 
0, 


From this expression we can see that the probability of finding an electron in a 
1s-orbital is independent of the angular coordinates @ and ¢, and decreases 
monotonically as r increases. 


(18) 


r 


(a) (b) 


Representation of the hydrogen 1s-orbital: (a) V? as a function of r, and (b) contours of 
constant Ųų? measured relative to V? at the origin. 


For purposes of qualitative discussion, it is often useful to have a graphical 
representation of an orbital. One possible way to show what an orbital looks 
like is to plot a “cross section” of the probability of finding the electron, That 
is, we imagine starting at the nucleus and proceeding outward along a radius, 
plotting the probability of finding the electron as a function of the distance 
from the nucleus. This type of graph is shown in Fig. 10.14(a) for a hydrogen 
atom in the n = 1, 1=0 state. We see that there is a finite probability of 
finding the electron at any value of r between zero and infinity. This contrasts 
sharply with Bohr’s theory, which pictured the electron as fixed at one radius. 

The “cross-section” representation of the orbital does not tell us how the 
probability of finding the electron depends on the angular coordinates, which, 
along with r, specify the location of a point in space. One way to represent the 
angular properties of an orbital is to plot contour maps of the probability of 
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FIG. 10.14 


finding an electron, as shown in Fig. 10.14(b). The fact that regions of con- 
stant probability are concentric shells shows that for the ground state of the 
hydrogen atom, the orbital has a spherical shape. A somewhat simpler way to 
represent the shape of the orbital is to-draw a single surface along which the 
probability of finding the electron is a constant; for a hydrogen atom in its 
ground state this surface of constant ||? is a sphere. 

Now let us examine the radial parts of the 2s- and 3s-orbitals. Apart from 
a constant multiplier, the 2s wave function behaves as 


¥(2s) « (2 ~2) dra" 
ao 


The fact that Zr/2a appears in the exponential shows that as r increases, the 
2s-function decreases in amplitude more slowly than does the 1s-function, which 
has Zr/ag in its exponential factor. This is one of the reasons that the 2s-electron 
tends to stay farther from the nucleus, and has higher energy than does the 
1s-electron. 

The factor (2 — Zr/ag) in the 2s wave function controls the sign of the 
function. For small values of r, Zr/a is smaller than 2, and the wave function 
is positive, but for large values of 7, Zr/ao is greater than 2, and the function is 
negative. At r = 2a9/Z, the pre-exponential factor is zero. Since the radial 
function vanishes on the circle of radius r = 2a9/Z, this is said to be the locus 
of a radial node. 

A similar analysis can be applied to the 3s-function. The exponential factor 
is now e-7"/ 97) which decreases even more slowly with increasing r than the 
exponential factors for y(1s) and y(2s). Therefore, the 3s-electren is, on the 
average, farther from the nucleus than a 1s- or 2s-electron. Again, the radial 
nodes for V(3s) are found at radii for which the pre-exponential factor vanishes. 
Thus solving the equation (see ¥(3s) in Table 10.4) 

4Zr 4 Zr? 


pog 


will give the positions of the radial nodes. Since this is a quadratic equation 
in r, we expect two solutions, and thus two radial nodes. In general, for an 
ns-orbital, there are n — 1 radial nodes. Notice that the number of nodes 
increases with increasing energy, just as was true for the functions for the 
particle in a box. 

Let us now examine the 2p wave functions in detail. Table 10.4 shows that 
the radial part of V(2p) is 


R(2p) — ds (Z/ao)*!? (Zr Jape 7! «9 


Thus the 2p wave function has no nodes at finite values of r. In contrast to 
the s-functions, which were nonzero at r = 0, the p-functions vanish at r = 0. 
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This difference is important, and is sometimes described by saying that the 
s-electron has a greater ability to penetrate to the nucleus than does the 
p-electron. We shall find that a d-electron has even less ability to penetrate to 
the nucleus. This difference between the s, p, and d-electrons is used to explain 
one of the important features of the energy levels of many-electron atoms, as 
we shall see subsequently. ; 

In contrast to s-orbitals, the p-orbitals are not spherically symmetric. This 
is most simply seen by examining the angular part of the 2p,-function. We 
see from Table 10.4 that ¥(2p,) is proportional to cos 0. Thus it has an angular 
maximum along the positive z-axis, for there @ = 0, and cos (0) = +1, which 
is the maximum value of the cosine. Similarly, along the negative z-axis, the 
pz function has its most negative value, for there 0 = 7, and cos (x) = —1, 
the most negative value of the cosine. The fact that the angular part has its 
maximum magnitude along the zaxis is responsible for the designation p, for 
the function. Everywhere in the zy-plane 0 = 7/2, and cos 0 = 0. Thus the 
zy-plane is the locus of an angular node of the p, function. 


(a) (b) 


The angular part of the 2p,-orbital. (a) A plot of cos @ in the zx-plane, which represents the 
angular part of the 2p, wave function. Note the difference in the sign of the function in 
the two lobes. (b) A plot of cos? @ in the zx-plane, which represents the square of the wave 
function, and hence the probability density for finding an electron. 


A similar analysis is possible for the other 2p-functions. The p; function 
has the yz-plane as an angular node, since the function is proportional to 
sin 6 cos ¢, and cos ¢ = 0 everywhere in the yz-plane. The maximum values 
of 1 for sin @ and cos ¢ occur along the positive z-axis. The p, function, pro- 
portional to the sin 0 sin ¢, vanishes in the zz-plane, where sin ¢ = 0, and has 
a maximum along the positive y-axis, where both sin 6 and sin ¢ are unity. 

Two of the ways of representing the angular part of the p, function are 
shown in Fig. 10.15. In the first instance, cos 0 is plotted as a function of 8, 


10.5 | THE HYDROGEN ATOM 


FIG, 10.15 


FIG. 10.16 


- and the result is two tangent circles. The node in the zy-plane (perpendicular 


to the page) is clear, as is the maximum magnitude along the z-axis. The cosine 
function is positive for positive z and negative for negative z, as is indicated. 
If the square of the angular part, cos? 0, is plotted as in Fig. 10.15b, a double 
teardrop appearance results. The node and the location of the maxima in the 
function are perhaps clearer than in the cos 0 plot. Both these representations 
of the angular part of the p-functions are encountered frequently. 


The 2p-orbitals of the hydrogen atom. (Adapted from K. B. Harvey and G. B. Porter, An 
Introduction to Physical Inorganic Chemistry. Reading, Mass.: Addison-Wesley, 1963.) 


The simultaneous representation of the radial and angular parts of |y|? for 
the p-orbitals is more difficult, but is shown in Fig. 10.16. The surfaces of 
constant |V|? are two spheroidal lobes, with the nucleus located between them 
in the nodal plane, The three p-orbitals are identical except for the direction 
of their symmetry axes, which, as we have indicated above, lie along the axes 
of a cartesian coordinate system. Accordingly, it is often convenient to distin- 
guish between the orbitals by labeling them pz, py, and pz. 

For an electron with n — 3, | may be 0, 1, or 2. Thus we might have a 3s-, 
3p-, or 3d-electron. Corresponding to the fact that when / = 2, m, can assume 
one of five values, there are five d-orbitals. The approximate shapes of these 
orbitals are shown in Fig. 10.17. The significant feature is that two of these 
orbitals point along the coordinate axes, while the symmetry axes of the other 
three are in the coordinate planes, but pointing between the cartesian axes. 
The labeling of the d-orbitals as given in Fig. 10.17 is derived from the direc- 
tions or planes in which the orbitals have their maximum density. 

We have now seen instances where the wave function depends only on the 
radial distance r (s-orbitals) and on both r and the angles ¢ and @ (p- and d- 
orbitals). One way of remembering the general behavior of the wave functions 
is to systematize their nodal properties. For a hydrogen atom wave function 
of principal quantum number n, there is à total of n — 1 nodes which occur at 
finite values of the radial distancer. Of thesen — 1 nodes, some are encountered 
as we proceed radially out from the nucleus at any fixed angle. These are called 
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radial nodes. Others are encountered as we proceed around the atom at a fixed 
distance from the nucleus. These are called angular nodes. Examination of the 
wave functions shows that the number of angular nodes is just equal to l, the 
angular momentum quantum number. Thus we have 


total nodes = n — 1, 
angular nodes = 1, 
radial nodes = n — 1 — 1. 


With these relations in mind, it is easier to interpret the various qualitative 
pictures of orbitals that are encountered. Also, the nodal properties of the wave 
functions prove to be very important in the theory of chemical bonding, so it is 
advisable to analyze and understand these properties thoroughly. Finally, 
we should note that it is sometimes stated that the total number of nodes in 
an atomic wave function is n, rather than n — 1. In this case, the node which 
always occurs at r = oo is being included in the count. 


E] 


The 3d-orbitals of the hydrogen atom. Note the relation between the labeling of the FIG. 10.17 
d-orbitals and their orientations in space. (Adapted from K. B. Harvey and G. B. Porter, 
An Introduction to Physical Inorganic Chemistry. Reading, Mass.: Addison-Wesley, 1963.) 
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FIG. 10.18 


Now that we have the general shape or angular properties of the orbitals in 
mind, we can examine what is called the radial probability distribution of the 
electron: the probability of finding the electron anywhere in a spherical shell 
of radius r and thickness dr. This radial probability differs from the probability 
we used earlier to plot the "cross section" of the atom. Previously we asked 
only for the probability of finding the electron at one particular point a distance 
r from the nucleus; for the radial probability we ask what is the chance of 
finding the electron at any of all the points which are a distance between r and 
r+ dr from the nucleus. Thus the radial probability function is |R|?, the 
radial part of the wave function squared and multiplied by the volume of a 
spherical shell, 47r? dr. 


Is 
3s 
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Radial probability density for some orbitals of the hydrogen atom. Ordinate is propor- 
tional to 4zr?R?, and all distributions are to the same scale. 


Figure 10.18 shows how this radial probability depends on the distance from 
the nucleus for various orbitals. This probability of finding an electron very 
near the nucleus is small, for in this region 47r? is small. The maxima in the 
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radial-probability curves occur at radii where the electron is most likely to be 
found. For the 1s-electron of the hydrogen atom, this radius of maximum 
probability is 0.529 A. The curves show that on the average the 2s-electron 
spends its time a greater distance from the nucleus than does a 1s-electron. 
This is qualitatively consistent with the relative energies of the 1s- and 2s-states, 
for the electron which on thé average is close to the nucleus is bound to have 
the lower energy.. Comparison of the radial probability curves of electrons with 
the same n but different | shows that their average distance from the nucleus is 
approximately the same. However, an s-electron has a greater chance of being 
very close to the nucleus than does a p-electron, which in turn is more likely 
to be near the nucleus than is a d-electron. The different abilities of s-, p-, and 
d-electrons to penetrate to the nucleus should be noted carefully since they 
persist in atoms with many electrons, and are responsible for many of the details 
of the structure of the periodic table. 

To eharacterize the orbitals of the one-electron atom further, we draw upon 
two equations that result from the quantum-mechanical treatment. For a 
single electron moving around a central nuclear charge Ze in an orbital whose 
quantum numbers are n, l, the average value of the reciprocal of the electron- 
nucleus separation is $ 

l 4rêmezZ 
San BS (10.21) 


Note that this expression does not contain the quantum number l. This begins 
to reveal the reason that the orbitals with the same n but different / have the 
same energy in the one-electron atom. The average potential energy of the 
electron-nucleus system can be obtained by multiplying Eq. (10.21) by —Ze? 
to give 


If, as was true in the Bohr treatment of the atom, the total energy is one-half 
the potential energy, we might write 


B= 


which is in fact Eq. (10.20), the correct expression for the allowed energies. 
Thus while we can make the general observation that the energy of an orbital 
increases as its size increases, the important factor which determines the energy 
is the average of 1/r. 

This conclusion is further supported by the following expression for the 
average value of r, again derived from the quantum-mechanical treatment of 
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the one-electron atom: 


; "li ‘ alpes BN 

IZ Nee n? A4q?me? ? 

while F increases as n increases, it decreases as | increases. The form of the 

orbital at distances far from the nucleus is impórtant in determining the value 

of T. Since F is less for a p-orbital than for an s-orbital, it must be that the 

electron density in a p-orbital decreases faster at great distances than does the 

density of the eorresponding s-orbital. Reference to Fig. 10.18 shows that this 
is true. 
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The application of quantum mechanics to atoms with many electrons is a 
difficult mathematical procedure, but theoretical results which are in extremely 
good agreement with experiment have been obtained. Consequently, we are 
confident that quantum mechanies provides a completely satisfactory descrip- 


tion of even the most complicated atoms. The simplest procedures used for. 


the approximate qualitative description of multi-electron atoms are natural 
extensions of those used to describe the hydrogen atom. Electrons are asso- 
cated with atomic orbitals which are qualitatively similar to the orbitals of 
the hydrogen atom. Each orbital is labeled with a set of quantum numbers 
which are just the same as those used for the hydrogen atom. As before, the 
principal quantum number n is most important in determining the energy of 
the orbital, and once again the value of / determines its shape or angular prop- 
erties. However, the value of / for an electron in a multi-electron atom also 
affects the energy. Thus in a multi-electron atom a 2p-electron has a higher 
energy than a 2s-electron, and the energy of a 3d-electron is greater than that 
of a 3p-electron, which is in turn greater than the energy of a 3s-electron. This 
is illustrated in Fig. 10.19, which compares the allowed energy states of the 
lithium and sodium atoms with those of the hydrogen atom. While the energy- 
level patterns of the various atoms differ in their quantitative details, all are 
at least qualitatively similar to those of lithium and sodium. 

Another important qualitative feature of multi-electron atoms is that each 
electron in the atom has a unigue set of quantum numbers. That is, each elec- 
tron has a combination of n, l, mı, and m, which is in some way different from 
those of all other electrons in the atom. This important universal observation 
is called the Pauli Exclusion Principle. It is an experimental fact which really 
has no fundamental explanation, just as there is no explanation of why two like 
charges repel each other with a force given by Coulomb’s law. Another way 
of stating the Pauli Principle is that no more than two electrons can occupy 
the same atomic orbital. Two electrons in the same orbital have the same 
values of n, J, and mj; thus in order for each electron to have a unique set of 
quantum numbers, one must have spin +4, the other spin —3. In short, two 
electrons can occupy the same orbital if and only if their spins are different. 
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Comparison of the energy levels of the hydrogen atom, lithium atom, and sodium atom. FIG. 10.19 


Energy Levels 


The energy-level patterns of the lithium and sodium atoms reflect some impor- 
tant features of the behavior of electrons in multi-electron atoms. For example, 
why is it that the valence electron of sodium, normally in the 3s-orbital, has 
higher energy when it is excited to the 3p-orbital, and still higher energy when 
it is in the 3d-state? 


Aeg 


3p 


The radial distribution of electron density in the sodium atom in its ground and excited FIG. 10.20 
States. The shaded area represents the core electrons. The distribution of the valence 
electron when it is in the 3s-, 3p-, or 3d-orbitals is also shown. 
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The answer can be deduced from Fig. 10.20, which shows the radial distri- 
bution of the ten core electrons in the sodium atom, and for the valence electron 
in the 3s-, 3p-, or 3d-orbitals. We see that when the electron is in the 3d-orbital, 
it spends virtually all its time relatively far from the nucleus, well outside the 
regions where the ten core electrons spend most of their time. As a result, the 
3d-electron is shielded or screened from the full nuclear charge of +11 by the ten 
core electrons. To a fairly good approximation, the 3d-electron moves under 
the influence of an “effective” nuclear charge of approximately 11 — 10 = 1. 
Consequently, the 3d-electron in the sodium atom has nearly the same energy 
as a 3d-electron in a hydrogen atom, as Fig. 10.19 shows. 

Figure 10.20 also shows that an electron in the 3p- or 3s-orbital of sodium 
also spends most of its time outside the inner core of ten electrons. However, 
in contrast to the 3d-orbital, the 3p-orbital has a subsidiary maximum at a 
fairly small distance from the nucleus, and has'a noticeable density in regions 
even closer to the nucleus, well within the distribution of core electrons. When 
the valence electron penetrates the inner-core electrons, it is no longer shielded 
or screened from the nucleus, and feels an increasing amount of the full +11 
charge, the nearer it gets to the nucleus. This causes a lowering of the energy 
of the electron. The effect is even more extreme for the 3s-electron, which has 
two subsidiary maxima at small radii, and which penetrates to the nucleus 
most effectively. Consequently, the energy of the 3s-orbital is lower than that 
of the 3p-, which is in turn lower than that of the 3d-orbital. The type of 
orbital-energy splitting which occurs in sodium prevails in every multi-electron 
atom, and for the same reason. 

Why, as Figure 10.19 shows, do the energies of the s-, p-, d-, f-, ete., orbitals 
of a very high principal quantum number in sodium and lithium lie very close 
to each other, and very close to the hydrogen atom level of the same principal 
quantum number? The answer again involves the penetration effect. An elec- 
tron excited to the 6s-state of Na spends most of its time very far from the 
nucleus, and thus is very well sereened from the full nuclear charge by the inner 
core. Because it is so far from the nucleus, its penetration of the core is ex- 
tremely rare, and so virtually all the time this electron is moving under an 
effective nuclear charge of +1. Consequently its energy is very close to that 
of an electron in the hydrogen atom with n — 6. The same argument applies 
to the electron in the p-, d-, f-, ete., orbitals of the same principal quantum 
number. Electrons in any of these orbitals are far from the nucleus, do not 
penetrate the core, and have approximately the same energy. 


Electron Configurations 


452 


A number of aspects of the properties and behavior of atoms can be understood 
in terms of the number of electrons they have, and the relative energies of the 
orbitals they occupy. To see how this comes about, we need the electron 
configurations of the gaseous atoms of the elements, which tell us the atomic 
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orbitals that are occupied by electrons. To obtain these electronic configura- 
tions, we first imagine an atomic nucleus of appropriate charge surrounded by 
empty atomic orbitals. Then we feed electrons into these orbitals, filling them 
in order of increasing energy, always remembering that according to the Exclu- 
sion Principle, each orbital can accommodate only two electrons whose spins 
must be opposite. The order of increasing energy for the atomic orbitals is 
shown in Fig. 10.21. This diagram is qualitatively correct for almost every 
neutral atom, and can be used to find the electron configuration of all but a 
very few elements. 

A word of caution concerning the interpretation of Fig. 10.21 and the idea 
of "feeding" electrons into orbitals is in order. While it is useful to describe 
atoms qualitatively by saying that there are electrons "in" certain orbitals, and 
while it is sometimes helpful to think of atoms as being built up by "placing" 
electrons into a set of vacant orbitals, this language must not be taken too 
literally. The orbitals of an atom are not a permanent set of “boxes” rigidly 
placed on an energy scale as Fig. 10.21 might seem to suggest. When we say 
an electron is "in an orbital" we are saying only that an electron is behaving 
in a certain manner, and in this sense an orbital exists physically only if an 
electron is “in” it. Moreover, each atom and ion has a unique set of energy 
levels determined by its nuclear charge and number of electrons. Consequently, 
the energy associated with a given orbital depends on what other orbitals are 
oceupied, and is not the same for all atoms. Thus the pattern of orbital energies 
shown in Fig. 10.21, while useful, has only qualitative significance. 
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Schematic valence-orbital energy diagram for 
neutral atoms. 
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Let us consider some specific examples. The oxygen atom has a nuclear 
charge of eight, so the first two electrons would fill the 1s-orbital, the third and 
fourth electrons would then have to go into the 2s-orbital, and the remaining 
four electrons would be distributed among the three 2p-orbitals. The resulting 
configuration is deseribed by writing 1s72s?2p‘, where 1s, 2s, 2p denote the type 
of orbital, and the exponents give the number of electrons occupying these 
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FIG. 10.21 
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Table 10.5 Electron configuration of gaseous atoms 


Atomic Electronic Atomic Electronic 
number Bone configuration number penent configuration 
1 H 1s 27 Co —3d74s? 
2 He 1s? 28 Ni —3d84s? 
3 Li [He] 2s 29 Cu —3d!04s 
4 Be —2s? 30 Zn —3d!045? 
5 B —2s?2p 31 Ga —3d!04s?4p 
6 c —2s?2p? 32 Ge —3d1045s24p2 
7 N —2s72p3 33 As —3d!04524p3 
8 o —2s?2p* 34 Se —8d!04524p* 
9 F —2s?2p5 35 Br —3d! 0452455 
10 Ne —2s?2p8 36 Kr —3d104s24p8 
11 Na [Ne] 3s 37 Rb [Kr] 5s 
12 Mg —3s? 38 Sr —5s? 
13 Al —3s?3p 39 Y —4d5s? 
14 Si —3s?3p? 40 Zr —4d75s? 
15 P —3s?3p3 41 Nb —4d45s 
16 S —3s?3p* 42 Mo —4d55s 
17 cl —3s?3p5 43 Tc —Ad55s? 
18 Ar —3s?3p9 44 Ru —Ad'5s 
19 K [Ar] 4s 45 Rh —Ad85s 
20 Ca —As? 46 Pd —4q10 
21 Sc —3d4s? 47 Ag —Ad!05s 
22 Ti —3d?4s? 48 Cd —Ad!05s? 
23 V —3d34s? 49 In —Ad!05s?5p 
24 Cr —3d54s 50 Sn —4d195s75p? 
25 Mn —3d54s? 51 Sb —Ad! 0552553 
26 Fe —3d94s? 52 Te —4d!05s25p* 


orbitals. In the same manner, we find that the electron configuration of the 
sodium atom is 1s°2s?2p°3s. In discussing an atom with many electrons, it is 
often convenient to omit writing the assignments of all but the valence electrons. 
Thus for iron we could write the important part of its electron configuration as 
4s°3d°, and assume that it is known that the 1s-, 2s-, 2p-, 3s-, and 3p-orbitals 
are filled. Table 10.5 gives all the known configurations of the lowest energy 


states of the free gaseous atoms of the elements. 


The Periodic Table 


Table 10.6 is intended to show how the structure of the periodic table is related 
to the electron configurations of the atoms. Each of the periods starts with an 
element which has one valence electron in an s-orbital. The first period is only 
two elements long, since the 1s-orbital can accommodate only two electrons. 
The third electron in lithium must enter the 2s-orbital, and the second period 
begins. Since there are one 2s-orbital and three 2p-orbitals, each capable of 
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Table 10.5 (Continued) 


Atomic Electronic Atomic Electronic 


number if. configuration number Bement configuration 
53 | —Ad!05s2555 78 Pt —Af!*5d96s 
54 Xe —4d1955?5p8 79 Au [ ]6s 
55 Cs [Xe] 6s 80 Hg —6s? 
56 Ba —6s? 81 TI —6s?6p 
57 La —5d6s” 82 Pb —6s?6p? 
58 Ce —Af?es? 83 Bi —6s?6p3 
59 Pr —Af36s? 84 Po —6s?6p* 
60 Nd —Af*es? 85 At —6s?6p5 
61 Pm —Af*es? 86 Rn —6s?6p9 
62 Sm —4f%6s? 87 Fr [Rn] 7s 
63 Eu —Af76s” 88 Ra —7s? 
64 Gd —Af'5des? 89 Ac —6d7s? 
65 Tb —Af96s? 90 Th —6d?7s? 
66 Dy —4f!06s2 91 Pa —5f?6d7s? 
67 Ho —4f!16s? 92 U —5f36d7s? 
68 Er —4f!?6s? 93 Np —5f*6d7s? 
69 Tm —4f136s2 94 Pu —3f975? 
70 Yb —4f}46s? 95 Am —5f!7s? 
71 Lu —Afl^5des? 96 Cm —bf'6d7s? 
72 Hf —4f!45d?6s? 97 Bk —5f97s2 
73 Ta —Af!45g36s? 98 Cf —bf107s? 
74 w —4f!45dt6s? 99 Es —bf117s? 
75 Re —Afl*5d56s? 100 Fm —5f1275? 
76 Os —Afl*5d96s? 101 Md —5f18752 
77 Ir —4f!45d76s? ^ 102 No —5f14752 


103 Lr —bf!*6d7s? 


accepting two electrons, 2 X (1 + 3) = 8 elements enter the table before the 
2s- and 2p-orbitals are filled in the element neon. The third period is also eight 
elements long and ends when the 3s- and 3p-orbitals are filled in argon. 

Since the 4s-orbital is lower in energy than the 3d-orbitals, a new period 
starts with potassium before any electrons enter the 3d-orbitals. After the 4s- 
orbital is filled in caleium, the five 3d-orbitals are the next available in order of 
increasing energy. These five orbitals accommodate ten electrons, and there- 
fore there are 10 transition-metal elements which enter the table at this point. 
Once these 10 elements have entered, the fourth period is completed by filling 
the 4p-orbitals. In the fifth period the 5s-, 4d-, and 5p-orbitals are filled in 
succession. The sixth period is different in that after the 6s-orbital is filled, 
and one 5d-electron enters, the 4f-orbitals are the next available in order of 
increasing energy. Since an f-orbital corresponds to | — 3, the quantum num- 
ber m can assume integral values from —3 to +3, for a total of seven different 
choices. Thus there are seven 4f-orbitals, and we expect 7 X 2 — 14 elements 
to appear before any more 5d-orbitals are filled, as is observed. 
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After the 14 rare-earth elements have entered the table, the last transition 
metals appear as the 5d-orbitals are occupied. These in turn are followed by the 
six elements required to fill the three 6p-orbitals, and the sixth period ends with 
radon. The seventh period starts by filling the 7s-orbital and after one 6d- 
electron appears, subsequent electrons enter the 5f-orbitals. Thus the periodic 
table ends with the actinide series, a group of 14 elements analogous in prop- 
erties and electronic structure to the rare earths. 


The gaseous atoms of elements in the same column of the periodic table have, | 


for the most part, the same configuration for their valence electrons, and as is 
well known, the elements in the same column resemble one another chemically. 
Furthermore, whenever “horizontal” chemical similarity exists, such as among 
the rare earths or transition metals, the elements which are chemically similar 
differ only by the number of electrons in a particular type of orbital, such as 
4f, or 3d. In addition to these general relations between electron configuration 
and chemical properties, there are many more detailed correlations which we 
shall examine in our later discussions of the chemical properties of the elements. 

The structure of the periodic table reises some interesting questions about 
electronic behavior. Why is it that the third short period stops with argon in 
the. valence electron configuration 38°3p°, and the 4s-electrons are added before 
the 3d-orbitals start to fill? The answer lies in the penetration effect discussed 
earlier. The 3d-orbital in the potassium atom is concentrated outside the inner 
core of 18 electrons, and an electron in this orbital is very well screened from 
the nucleus. Since the 4s-orbital penetrates the core, an electron in it can feel 
nearly the full nuclear charge some of the time, and thereby lower its energy. 
This effect is so pronounced that despite its higher principal quantum number, 
the energy of the 4s-orbital is lower than that of the 3d-orbital. Therefore, the 
elenient 19, potassium, has the configuration [Ar]4s, and displays the general 
chemical properties of an alkali metal. 

Why do the 3d-orbitals suddenly become lower in energy and begin to fill 
immediately after the 4s-shell is coripleted? The qualitative explanation is 
based on the fact that even though the 4s-electrons penetrate the core and the 
3d-eleetrons do not, the major parts of these orbitals occupy approximately the 
same region of space. Because the two 4s-electrons are not any closer to 
the nucleus, they do not screen the 3d-electrons from the nuclear charge. As a 
result, once the nuclear charge is increased to accommodate the two 4s-electrons, 
the effective nuclear charge ready to act on the 3d-electrons increases noticeably. 
In short, the increase in the nuclear charge which occurs in the sequence Ar, K, 
Ca, is not sereened from the 3d-orbital by the added 4s-electrons because these 
electrons are not part of the inner core. Consequently, electrons added to the 
3d-orbitals after the 4s-orbital is filled feel an increased nuclear charge, their 
energy is lowered, and the first transition series begins. We can make use of a 
similar argument to explain the occurrence of the second and third transition 
Series. 

Because the 4s- and 3d-electrons have somewhat similar energies in the first 
half of the transition series, these elements generally show a number of different 
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FIG. 10.22 


oxidation states in their compounds. However, the lowering of the energy of the 
3d-electrons relative to the 4s-electrons continues through the transition series. 
As the nuclear charge increases, the energy of the 3d-electrons falls well below 
the energy of the 4s-electrons, and becomes low enough so that in the latter 
half of the transition series, the typical oxidation state displayed is +2, which 
corresponds to removal of the two 4s-electrons only. Higher oxidation states 
of these elements (Fe-Cu) are produced only with difficulty. When we reach 
the element zinc, the energy of the 3d-electrons becomes so low that they no 
longer are directly involved in the chemistry of this and subsequent elements. 
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Schematic diagram of the variation of orbital energies with atomic number. 


We see that the variation of the relative energies of the orbitals is responsible 
for the detailed structure of the periodic table. These energy variations can 
be summarized conveniently in a diagram like that in Fig. 10.22. We see that 
as atomic number increases, the energy of all orbitals tends to fall. The dif- 
ferences in penetrating power cause a splitting of the energies of the s-, p-, d-, 
and f-orbitals of a given principal quantum number: In the valence shell, the 
d-orbitals sometimes are of higher energy than the s- and p-orbitals of the next 
higher principal quantum number. The 4f-orbitals for a time lie higher in 
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energy than the 6s-orbitals, and at a point fall rapidly to begin the rare earth - 


series. As orbitals become part of the core, the differentiation in their energies 
caused by penetration decreases, and although the order of energy is still 
s< p< d « f, orbitals of a given value of n are lower in energy than all of 
those orbitals with principal quantum number equal to n + 1 or greater. 


lonization Energies 


We have made use of Fig. 10.21, a qualitative indication of the relative energies 
of the various orbitals in a multi-electron atom. To understand the finer details 
of the periodic table and chemical behavior we must have a more quantitative 
indication of the energy with which an atom binds its electrons. This we obtain 
from measurements of the ionization energy: the minimum energy required to 
remove an electron from a gaseous atom to form a gaseous ion. Since in the gas 
phase the atom and the ion are isolated from all external influences, the 
energy necessary to effect the ionization is exactly the energy with which the 
atom binds its electron. Thus the magnitude of the ionization energy gives a 
quantitative measure of the stability of the electronic structure of the isolated 
atom. The ionization energies of the gaseous atoms of the elements are given 
in the first column of Table 10.7, and these energies are plotted as a function of 
atomic number in Fig. 10.23. 
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First ionization energy of the elements as a function of atomic number. (Adapted from 


K. B. Harvey and G. B. Porter, Physical Inorganic Chemistry. Reading, Mass.: Addison- 
Wesley, 1963.) 
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Table 10.7 ionization energies of gaseous atoms (kcal/mole) 


Atomic Element h 12 ls l4 
number 
1 H 313.5 
2 He 566.9 1254 
3 Li 124.3 1744 2823 
4 Be 214.9 419.9 3548 5020 
5 B 191.3 580.0 874.5 5980 
6 c 259.6 562.2 1104 1487 
7 N 335.1 682.8 1094 1786 
8 ie) 314.0 810.6 1267 1785 
9 F 401.8 806.7 1445 2012 
10 Ne 497.2 947.2 1500 2241 
11 Na 118.5 1091 1652 2280 
12 Mg 176.3 346.6 1848 2521 
13 Al 138.0 434.1 655.9 2767 
14 Si 187.9 376.8 771.7 1041 
15 P 254 453.2 695.5 1184 
16 S 238.9 540 807 1091 
17 cl 300.0 548.9 920.2 1230 
18 Ar 363.4 637.0 943.3 1379 
19 K 100.1 733.6 1100 1405 
20 Ca 140.9 273.8 1181 1550 
21 Sc 151.3 297.3 570.8 1700 
22 Ti 158 314.3 649.0 997.2 
23 V 155 328 685 1100 
24 Cr 156.0 380.3 713.8 1140 
25 Mn 171.4 360.7 777.0 
26 Fe 182 373.2 706.7 
27 Co 181 393.2 772.4 
28 Ni 176.0 418.6 810.9 
29 Cu 178.1 467.9 849.4 
30 Zn 216.6 414.2 915.6 
31 Ga 138 473.0 708.0 1480 
32 Ge 182 367.4 789.0 1050 
33 As 226 466 653 1160 
34 Se 225 496 : 738 989 
35 Br 273.0 498 828 
36 Kr 322.8 566.4 851 
37 Rb 96.31 634 920 
38 Sr 131.3 254.3 1300 


By examining Fig. 10.23, we find that there is a periodicity in the value of 
the ionization energy that parallels the periodicity in the chemical properties 
of the elements. Starting with one of the alkali metals, there is a general tend- 
ency for the ionization energy to increase until a maximum is reached at the 
subsequent rare gas; this is repeated along each row of the periodic table. 
Superimposed on this general trend is a “fine structure,” subsidiary maxima 
and minima, which we shall explain in terms of electron configurations. 
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Table 10.7 (Continued) 


len Element h l2 l3 l4 
39 Y 147 282.1 473 
40 Zr 158 302.8 530.0 791.8 
41 Nb 158.7 330.3 579.8 883 
42 Mo 164 372.5 625.7 1070 : 
43 Tc 168 351.9 
44 Ru 169.8 386.5 656.4 
45 Rh 172 416.7 716.1 
46 Pd 192 447.9 759.2 
47 Ag 174.7 495.4 803.1 
48 Cd 207.4 389.9 864.2 
49 In 133.4 435.0 646.5 1250 
50 $n 169.3 337.4 703.2 939.1 
51 Sb 199.2 380 583 1020 
52 Te 208 429 720 880 
53 I 241.1 440.3 
54 Xe 279.7 489 740 
55 Cs 89.78 579 
56 Ba 120.2 230.7 
57 La 129 263.6 442.1 
72 Hf 160 344 
73 Ta 182 374 
74 w 184 408 
75 Re 182 383 
76 Os 200 390 
77 Ir 200 
78 Pt 210 4280 
79 Au 213 473 
80 Hg 240.5 432.5 789 
81 TI 140.8 470.9 687 1170 
82 Pb 171.0 346.6 736.4 975.9 
83 Bi 168.1 3847 589.5 1040 
84 Po 194 
85 At 
86 Rn 247.8 
87 Fr 
88 Ra 121.7 234.0 
89 Ac 160 279 
It is easy to understand why the ionization energy of helium is greater than 
that of hydrogen, particularly if we refer to Eq. (10.20), the expression for the 
binding energy of a one-electron atom. It is clear that the binding energy is 
Sensitive to the nuclear charge if n is a constant. While this expression does 
not apply quantitatively to atoms with more than one electron, we can use it 
as a qualitative indication that as we go from hydrogen to helium, we expect 
the increase in nuclear charge to increase the binding energy or ionization energy 
10.6 | MULTI-ELECTRON ATOMS 


FIG. 10.24 


of the 1s-electron. If Eq. (10.20) were correct, changing Z from 1 to 2 should 
increase the ionization energy from 314 to 1254 kcal. The fact that the observed 
ionization energy of helium is only 567 is a result of the repulsion of the two 


„ electrons, which makes the He atom less stable than might be expected from 


Eq. (10.20). Thus in thinking about ionization energies we must keep in mind 
the effects both of increasing nuclear charge and of repulsion between electrons. 


Relative radial probability 


0 1.0 2.0 3.0 40 
r(A) 


The electron distribution in the lithium atom. The first maximum corresponds to the 
1s-electrons; the second, to the 2s-electron. 


Why is the ionization energy of lithium, with a nuclear charge of three, so 
much smaller than that of helium? The electron configuration of lithium is 
1s?2s, so in order to form the ion a 2s-electron must be removed. Equation 
(10.20) shows that if all else is held constant, the binding energy of an electron 
decreases as n increases, and this factor alone would tend to lower the ionization 
energy of lithium relative to helium. But why doesn’t the increased nuclear 
charge of lithium offset the change in principal quantum number? The reason 
can be found in Fig. 10.24, which gives the radial distribution of the electrons 
in the lithium atom. It is clear that the 1s-electrons spend most of their time 
very close to the nucleus, while the 2s-electron is for the most part found at 
much greater radii. This effect is so extreme that it is reasonable to say that 
the 1s-electrons “screen” the 2s-electron from the nucleus. That is, most of the 
time the 2s-electron feels not a charge of +3, but a net positive charge of ap- 
proximately 3 — 2 = 1. Only rarely when the 2s-electron moves very close to 
the nucleus does it “see” the full +3 nuclear charge.. This screening effect by 
the inner electrons, together with the increase in the principal quantum number, 
provides a satisfactory explanation of the relative ionization energies of helium 
and lithium. 

Let us continue to analyze the trends in ionization énergies shown in Fig. 
10.23. We find that the ionization energy of beryllium is somewhat greater than 
that of lithium, a fact which we can now attribute to the increased nuclear 
charge. Yet we find that increasing the nuclear charge one more unit and adding 
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one more electron to form the boron atom produces a slight decrease in ionization 
energy. The electron configuration of boron is 1s°2s°2p, and the surprisingly 
low ionization energy is an indication that p-electrons tend to be slightly higher 
in energy than s-electrons of the same principal quantum number, and thus. 
require less energy for their removal. This effect, too, can be understood in 
terms of the screening effects of the 1s-electrons. As we noted earlier in examin- 
ing the form of the hydrogen orbitals shown in Fig. 10.18, a 2s-electron has a 
greater probability of being very close to the nucleus than does a 2p-electron. 
This means that a 2s-electron is better able to penetrate the 1s-screen than is a 
2p-electron. Thus 2s-electrons feel the full nuclear charge more often than do 
2p-electrons, and consequently the energy of the 2s-electrons is always lower 
than the energy of the 2p-electrons. 

The addition of the second and third 2p-electrons in carbon and nitrogen is 
accompanied by increases in ionization energy which we once again attribute 
to the increasing nuclear charge. To understand the slight drop in ionization 
energy which oceurs at the oxygen atom, we must investigate the filling of the 
2p-orbitals more carefully. Because of the repulsion between like charges, 
electrons try to avoid each other as much as possible. This can be most effec- 
tively accomplished if each of the first three p-electrons is placed in a different 
p-orbital. Thus the outer electron configuration of carbon is 25?2p12p1, and 
that of nitrogen is 2s72p}2p}2p}. When the fourth p-electron enters in oxygen, 
it must be placed in a p-orbital which already has an electron in it. Apparently 
the extra repulsion which results from two electrons occupying the same orbital 
offsets the inereased nuclear charge, and the ionization energy of oxygen is 
slightly less than that of nitrogen. As the fifth and sixth p-electrons are added, 
the effect of increasing nuclear charge overcomes electron repulsion, and the 
ionization potential rises to a maximum at neon. 

Figure 10.23 shows that the third period repeats the behavior found in the 
second period. In the fourth period, a new feature is introduced. After the 
two 4s-electrons have appeared in potassium and calcium, the ionization energy 
rises very slowly as electrons are added in the transition-metal series. It would 
appear from the order in which the 4s- and 3d-orbitals are filled that the 3d- 
orbitals are the higher in energy of the two. Yet, when one of the transition 
metals is ionized it is a 4s-electron which is removed. This indicates that the en- 
ergies of the 4s- and 3d-orbitals are very close, and that a slight change in the 
structure of the atom can change their relative energies. Note that while the 
electron configurations of most of the transition metals are of the type 3d"4s?, 
chromium has the configuration 3d54s!, and copper 3d'°4s!. The fact that the 
energy of the 3d-orbitals is nearly the same as that of the 4s-orbitals is in large 
measure responsible for the large number of oxidation states displayed by the 
transition metals. 

The features found in the fourth period are repeated in the fifth. In the 
sixth period we find that the ionization energies of the transition metals are 
higher than the corresponding elements in the fourth and fifth periods. The 
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cause of this is the appearance of the fourteen rare-earth elements immediately 
before the 6d-orbitals are filled. Thus the ionization energies of the transition 
metals of the sixth period reflect an “extra” amount of nuclear charge introduced 
„with the rare-earth elements. 
So far we have been exclusively concerned with the energy necessary to 
remove the most weakly bound electron from the atom. This is called the first 
ionization energy of the element. That energy required to remove the second 


electron, as in 
Li*(g) > Lit*@) +e, 


is called the second ionization energy, and values for the elements are given in 
the second column of Table 10.7. The magnitudes of the second and higher 
ionization energies can also be understood in terms of electronic configurations 
and nuclear charge. Consider, for example, that He, Lit, and Be** all have 
the electron configuration 1s?; we say that they are isoelectronic. Comparison 
of their ionization energies should give us a good indication of the effect of 
nuclear charge on the binding energy of an electron. The required data from 
Table 10.7 are the first ionization energy of He, 567 kcal; the second ionization 
energy of Li, 1743 keal; and the third ionization energy of Be, 3547 kcal. These 
are the energies required to remove one of the two 1s-eleetrons. The effect of 
nuclear charge on binding energy of an electron is quite clear. 

To see how changing the principal quantum number affects the binding 
energy of the electron, we need only compare the first and second ionization 
energies of any of the alkali metals. For lithium we have 124 and 1743 kcal, 
for sodium 118 and 1090 kcal, and so on. There is an enormous difference 
between the energy required to remove the outermost s-electron (~100 keal) 
and the 1000 kcal needed to eject an electron of next lower principal quantum 
number. Since such a huge energy is required to remove an inner electron it is 
not surprising that the highest positive oxidation states of the metals are never 
greater than the number of valence electrons. 

Ionization of the transition elements displays what may seem at first to be 
a surprising feature* In the sequence K, Ca, Se, the 4s-orbital fills before the 
3d-orbitals. However, when scandium is ionized sequentially, the following 
electron configurations occur 


Se(4s?3d) — Set(4s3d) + e7 
Se*(4s3d) — Se^ (3d) + e- 
Sc*^(3d) > Sc*? Fe~ 


"That is, when seandium is ionized sequentially the s-orbital is emptied before 
the d-eleetron is removed. This merely indicates that in Sc**, the 3d-orbital 
is lower in energy than the 4s-orbital. This same phenomenon occurs through- 
out the transition series. Thus, vanadium, whose neutral atom has the con- . 
figuration 4s?3d?, gives V* with a configuration 3d*, and when Co(4s?3d") is 
ionized, Co*(3d5) is formed. 
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To understand the explanation of the increasing stability of the 3d orbitals 
with increasing ionic charge, it helps to refer to Fig. 10.25, which shows the 
relative energies of the 4s-, 4p-, and 3d-orbitals in the isoelectronic sequence K, 


Cat, Sct*, and Tit’. In the potassium atom, the 4s- and 4p-orbitals lie lower - 


in energy than the 3d-orbital because of the penetration effect discussed earlier, 
The ion Ca* has the same number of electrons as K, but has an increased 
nuclear charge. As a result, the electron core of Cat is somewhat contracted. 
As the core contracts, the 4s- and 4p-orbitals lie more and more outside the 
region occupied by the core electrons, and consequently their ability to lower 
their energy by penetrating the more compact core decreases. In Cat the 
penetration of the 4p-orbital is no longer sufficient to lower its energy below 
that of the 3d-orbital, and we find the 3d-orbital above the 4s-, but below the 
4p-orbital. Further contraction of the core occurs upon passing to Sc**, and 
in this case the penetration of even the 4s-orbital is small. Consequently the 
3d-orbital lies lower in energy than 4s- and 4p-, because of its smaller principal 


quantum number. These effects occur again in Ti *?. 
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Thè energies of the 4s-, 4p-, and 3d-orbitals in the isoelectronic sequence K, Ca*, Sctt, 
and Ti*3, 


In essence, the reason that the d-orbitals become more stable with increasing 
ionic charge is the same as the reason why d-orbitals become increasingly stable 
as one proceeds sequentially through the transition elements: the contraction 
of the core diminishes the importance of penetration, and increases the impor- 
tance of the principal quantum number in determining the energy. 

There are several useful generalizations we can draw from our study of 
ionization energy that will help us understand the behavior of electrons in 
atoms and molecules. First, it is apparent that as electrons are added to orbitals 
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of the same principal quantum number in successive elements, the ionization - 
energy increases due to the increase in nuclear charge. This explains the general 
trend in ionization energy along any row of the periodic table. Second, electrons 
* of the highest principal quantum number are shielded from the nucleus by the 
inner or core electrons. This is one of the reasons that the ionization energies 
of the alkali metals are so low. Third, when several p- or d-orbitals are available, 
one electron enters each orbital until all are half-filled. It is found that the 
electrons in these half-filled orbitals all have the same spin. This half-filled set 
of orbitals with all spins the same seems to be particularly stable, for addition 
of another electron often results in a decrease in the ionization energy. Fourth, 
among elements in the same periodic column or.group, with the exception of 
the transition metals, there is a tendency for the ionization energy to decrease 
as the atomic number increases. Thus among elements of the same periodic 
family, the ones with higher atomic number tend to be oxidized more easily. 


Electron Affinities 


The electron affinity is the amount of energy required to remove an electron 
from a gaseous negative ion, as in 


Cl“(g) — Cl(g) + e (g). 


Table 10.8 Electron affinities of gaseous atoms (kcal/mole) 


Atomic number Element Affinity 
1 H 17.4 
3 Li (14)* 
5 B (7) 
6 c 29 
7 N (0.9) 
8 o 34 
9 E 79.5 

11 Na 12.5 
13 Al 12 
14 Si (32) 
15 P (18) 
16 S 48 
17 Ci 83.4 
19 K 11.5 
29 Cu 28.3 
34 Se 46.6 
35 Br 77.3 
47 Ag 30.1 
53 l 70.5 
78 Pt 49.1 
79 Au 53.1 


*Values in parentheses are estimated by quantum mechanical 
calculation and have not been verified experimentally. 
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As its name implies, the energy necessary to effect this electron detachment is 
a measure of the affinity, or attraction, of the atom for its extra electron. A 
positive electron affinity means energy is required to remove the electron from 
the ion, and a negative electron affinity means the isolated negative ion is un- . 
stable. Table 10.8 shows that the electron affinities of the halogen atoms are 
greater than those of the other elements. In the halogens, there is one vacancy 
in the valence p-orbitals. As the ionization energies of these elements show, the 
large nuclear charge binds the p-electrons strongly, so it is not surprising that 
there is a large residual affinity for an extra electron. This argument also 
accounts for the electron affinity of the oxygen, sulfur, and hydrogen atoms. 
In contrast, the rare gases have no vacancies in their valence orbitals, and any 
electron added to them would have to be placed in an orbital of next higher 
quantum number. Because of the screening of the inner electrons, this added 
electron would feel very little net attraction of the atom, and consequently the 
electron affinities of the rare gases are essentially zero. This argument helps 
to show why the rare gases tend to be so inert. Since their electron affinities 
are so small, they never enter compounds as electron acceptors. On the other 
hand, their ionization energies are so high that they are oxidized with great 
difficulty, and consequently they form only a limited number of compounds. 


10.7 CONCLUSION 


In Chapter 1 we learned that the general acceptance and development of the 
atomic theory of Dalton was the result of the performance and critical analysis 
of a large number of experiments. Here in Chapter 10 we have found that the 
same can be said of our theories of the electronic structure of atoms. It took 
many years and many experiments to ascertain the particulate nature of elec- 
tricity, the qualitative arrangement of electrical particles in the atom, and the 
quantitative laws of behavior of atomic systems. Today we can regard the 
problems associated with the gross features of atomic electronic structure as 
having been solved. However, chemists maintain an active interest in this 
subject, because of the obvious, but incompletely understood, relation between 
the chemical and physical properties of matter and the electronic structure of 
atoms. - Our hope is to be able to understand or to explain quantitatively much 
of the chemistry of the elements in terms of the electronic properties of their 
atoms. The subsequent chapters of this book will discuss some of the progress 
that has been made in solving this fascinating problem. 
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10.1 Energy of 118.5 kcal/mole is required to ionize sodium atoms. Calculate the 
lowest possible frequency of light that can ionize a sodium atom and the cori responding 
wavelength. One kcal/mole corresponds to 6.95 X 10-!*ergs/atom, and Planck’s 
constant h is equal to 6.62 X 107?7 erg-sec. 


10.2 In the classical wave theory of light, intensity was associated with the squares 
of the maximum amplitudes of the electric and magnetic fields. In the particle theory 
of light, what property of the model is associated with the intensity of light? 


10.3 When light of 4500-A wavelength impinges on a clean surface of metallic sodium, 
electrons whose maximum energy is 0.4 ev, or 0.64 X 107!” erg, are ejected. What is 
the maximum wavelength of light which will eject electrons from metallic sodium? 
What is the binding energy of an electron to a sodium crystal? 


10.4 Plot the angular part of f(@) for the scattering of a-particles as given by 
Eq. (10.6), by calculating the value of sin @/sin* (6/2) at a few angles. Is most of the 
scattering in the forward or backward direction with respect to the original beam? 
When all other factors are constant, are more particles scattered from a high-velocity 
beam or from a low-velocity beam of a-particles? Does the scattering increase or 
decrease as the nuclear charge of the target atoms is increased? 


10.5 Write the electronic configurations of the following species and indicate those 
that are isoelectronic, or have the same number of electrons: Ne, Al, O7, C17, K*, 
Ti, Ar. 


10.6 Without consulting the periodic table; deduce the atomic numbers of all the 
inert gases from the fact that except for helium, all have a valence-electron configura- 
tion ns?np$. 

10.7 Without referring to the periodie table, write the electron configurations and 
give the group of the periodic table to which the elements path the following atomic 
numbers belong; 3, 14,8, 17, 37, 56. 


10.8 Plot a graph of the square roots of the ionization energies versus the nuclear 
charges for the series Li, Bet, B++, C*?, and Na, Mgt, Al**, Si*?. Explain the 
observed relationship with the help of Bohr's expression for the binding energy of an 
electron in a one-electron atom. 


10.9 By using the mathematical expression for a 2p.-wave function, show that the 
probability of finding a 2p,-electron anywhere in the zy-plane is zero. 


10.10 Use the expressions in Table 10.4 to show that when one electron occupies 
the 2p,-orbital, and another the 2p,-orbital, the resulting electron distribution 
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(pz) + ¥7(p,)] is cylindrically symmetric about the z-axis. Show also that if there 
is an electron in each of the 2p,-, 2p,- and 2p,-orbitals, the atom is spherically 
symmetric. 


10.11 In the previous problem it was shown that if the p-orbitals are each equally 
occupied, the charge distribution in the atom is spherically symmetric. A similar 
conclusion can be reached concerning d-orbitals: a filled or half-filled set of d-orbitals 
is spherically symmetric. Which of the following species has spherical symmetry: 
Na, Nat, Al, Zn, N, F, 07, Cr? 

10.12 The 2s-orbital has a node, or a region where the probability of finding the 


electron is zero. From the expression for ¥(2s) given in Table 10.4, find the value of 
r in terms of ao at which this node occurs. 


10.13 What is the difference in energy between the 1s- and 2p-orbitals in the hydrogen 
atom? In the x-ray spectrum of copper, radiation of 1.54-A wavelength is emitted 
when an electron changes from the 2p- to the 1s-orbital. What is the energy difference 
between these orbitals in copper? 


10.14 From the table of second and third ionization energies, cite some examples 
showing that a half-filled set of p- or d-orbitals has a noticeable extra stability. 


10.15 The following are a few elements and their characteristic x-ray wavelengths: 


Mg 9.87 A Cr 2.29 A 
S 5.36 A Zn 1.43 A 
Ca 3.35 A Rb 0.93A 


Convert these wavelengths to frequencies, and then plot the square root of the fre- 
quency as a function of the position of the element in the periodic table. Determine 
the constants c and b which occur in Moseley’s relation between v and Z, the atomic 
number. Compare your value of'c with the evaluated factor 2x2me/h®, which is 
taken from the Bohr expression for the frequencies emitted by a one-electron atom. 
Here m is the electron mass in grams, and ¢ is the electron charge in electrostatic units. 
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CHAPTER 11 


THE CHEMICAL BOND 


The existence of stable polyatomic species, whether elemental or compound, 
implies that atoms can act upon each other to form aggregates which have 
lower energy than separated fragments. When this energy lowering exceeds 
approximately 10 kcal/mole of atoms, we say that chemical bonds exist, since 
stabilization energies of this magnitude produce species which have distinct 
and characteristic chemical properties. The existence of structural isomers like 
ethyl alcohol and dimethyl ether, which both have the same molecular formula 
(C2H60) but very different chemical and physical properties, emphasizes that 
the properties of a compound are dictated not only by its empirical composition, 
but by the way its atoms are bonded. A chemical reaction is really just a process 
which exchanges one bonding arrangement for another. Consequently an under- 
standing of chemical bonding is necessary if we are to understand the chemica 
and physical properties of elements and compounds. 

In science “understanding” means being able to predict or rationalize 8 
variety of facts in terms of a few general principles. Before we start developing 
principles of chemical bonding, we should specify what facts we must explain. 
Perhaps the minimum requirement of a chemical bonding theory is that it show 
why compounds have their particular formulas. If we approach this problem 
historieally, we encounter one of the most primitive concepts associated with 
chemical bonding: valence. According to the definition introduced in 1850, 
valence is the combining capacity of an element; the number of atoms of hydr a 
gen or chlorine with which one atom of the element combines. By using this 


definition, it was possible to characterize some elements with a valence which 
aided in predicting the formulas of some of their compounds. But to say that 
sodium has a valence of one explains nothing; it is just a restatement of the fact 
that sodium and chlorine form a compound whose formula is NaCl. We want 
to know why this formula is NaCl and not something else. We shall find that 
our theory of chemical bonding can relate molecular formulas to the electronic 
structures of the constituent atoms. Thus the concept of valence as just defined 
is not really needed, and it has been largely abandoned and replaced by more 
specific and informative terms. The modern use of the word “valence” is not 
as a noun, but as an adjective meaning “associated with chemical bonding.” 
Thus we speak of valence electrons, meaning the electrons most weakly bound 
to the atom which may be involved in the formation of chemical bonds. 

As a second requirement, a satisfactory theory should tell us why chemical 
bonds form. We have already given the general answer to this question. Chem- 
ical bonds are formed because in so doing atoms can follow the universal 
tendency of all mechanical systems to reach the state of lowest energy. Since 


by forming a bond, a pair of atoms release a certain amount of energy to their | 


surroundings, this same amount, called the bond dissociation energy, must be 
delivered to the molecule in order to break the bond. We expect to find in our 
theory of chemical bonding an explanation of how and why bond formation 
lowers the energy of a system of atoms. We should even hope to be able to 
calculate this bond dissociation energy, or at least to be able to understand its 
magnitude qualitatively. The caleulation of bond energies has in fact been 
accomplished, but it is a difficult process. A qualitative rationalization of bond 
energies is more nearly within our grasp. 

Another feature that a theory of chemical bonding should explain is the 
geometry of molecules. Why do carbon dioxide and water have the structures 


210 
faa 
02C—O H H? 
What is it that makes one molecule linear and the other bent? "We shall find 


_ that there are qualitative answers to this question. 


11.1 PARAMETERS OF MOLECULAR STRUCTURE 


Although the complete quantitative theory of the chemical bond involves the 
rigorous application of quantum mechanics, the ideas about chemical bonding 
which most chemists work with are primarily qualitative in nature and have 
been developed by trying to use the qualitative concepts of quantum mechanics 
to understand experimental facts. This is what we shall attempt to accomplish 
here. In the process of developing a simple theory of chemical bonding, the 
experimental facts about molecular structure have been extremely important 
guides. Therefore, before we approach the theory of chemical bonding, let us 
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examine some experimentally determined values of bond energies, bond lengths, 
and bond angles to see whether there are any obvious regularities that will aid 
in constructing and understanding our theory. 


Bond Energies 


472 


For a diatomic molecule, the bond dissociation energy D is the enthalpy change 
of the reaction in which the gaseous molecule is separated into gaseous atoms. 
For example, 


Ha(g) = 2H(g), D(H—H) — AH — 104 kcal/mole. 


Usually bond dissociation energies are given in units of kilocalories per mole of 
bonds broken. Table 11.1 contains a list of the bond dissociation energies for 
some common diatomic molecules. 


Table 11.1 Dissociation energies of 
diatomic molecules (kcal/mole) 


Lig 25 LiH 58 
Na» 17 NaH 47 
K2 12 KH 43 
Rb2 11 RbH 39 
Cs2 10.4 CsH 42 
F2 37 HF 135 
Clo 59 HCl 103 
Bro 46.1 HBr 87.4 
12 36.1 HI 71.4 
N2 226 NO 150 
02 119 co 256 
H2 104 


Some groups of molecules have similar dissociation energies which display 
an obvious trend among successive members of the group. For example, con- 
sider the diatomic molecules of the alkali metals. The bond energy of each 
member of the series is comparatively small and decreases as the atomic number 
of the alkali atom increases. Among the hydrogen halides, the bond energies 


are comparatively large and again decrease as the atomic number of the halogen . 


increases. In contrast to these smooth trends among chemically related mole- 
cules, there can be notable differences between molecules of atoms that are 
near to each other in the periodic table. The dissociation energy of O is only 
slightly over half that of its neighbor Ns, but is more than three times as great 
as the dissociation energy of Fy. We shall find that there are remarkably simple 
explanations for some of the relations between bond energies, while others are 
not understood and offer us a fine chance to use our imagination. 
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It is also possible to define bond dissociation energy for the bonds in poly- 
atomic molecules. The dissociation may involve fragmenting the molecule into 
an atom and a group of atoms, called a radical, as in 


H,O(g) = H(g) + OH(g), | D(H—OH) = 119.7 kcal. 
In other cases, the dissociation may be into two radicals: 
HO—OH(g) = 20H(g, | D(HO—OH) = 48 kcal. 


Now a bond between two particular atoms such as.O and H may occur in a 
variety of compounds, and it is interesting to see what effect these different 
environments have on the bond dissociation energy. We already know that 
D(H—OH) = 119.7 keal, and other experiments show that 


OH(g) = O(g) + H(g), D(0—H) = 101.5 keal; 
HOOH(g) = HOO) +H(@), D(HOO—H) = 103 keal. 


It is clear that the dissociation energy of the O—H bond is sensitive to its 
environment, but still the fractional variation in the di:sociation energy usually 
is not very large. Variations of a similar magnitude occur in a series of C—H 
bonds: 
CH, (2) = CHa(g) + H(g), D(H—CH;) = 103 kcal; 
CH3CH;(g) = CH3CH2(g) + H(g), | D(H—CH2CH3) = 96 kcal; 
(CH3).CH = (CHs)sC(g) + H(g), | D(H—O(CHsg)s) = 90 keal. 


Other C—H dissociation energies lie near or in the range between 90 and 
103 keal. 

The approximate constancy of bond dissociation energies is very significant, 
for it suggests that the principal factors that determine the energy of a par- 
ticular bond are the intrinsic properties of the two bonded atoms and are to 
only a lesser extent properties of the environment provided by the rest of the 
atoms in the molecule. Consequently we can hope to build a theory that 
explains most of the features of chemical bonding in terms of the properties of 
the bonded atoms. 


Use of Bond Energies 


The near constancy of the dissociation energy of a particular type of bond has 
an important practical consequence. It is possible to characterize the C—H 
bond, or any other chemical bond, by an average bond energy € which is the 
approximate energy needed to break that bond in any compound in which it 
occurs, This average bond energy e is different from the bond dissociation 
energy D which refers to the energy needed to break a particular bond in a 
Particular molecule. Table 11.2 is a short list of average bond energies. 
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Table 11.2 Average bond energies (kcal/mole) 


C—H 98.7 ` c—c 82.6 
C—F ~110 : c=c 145.8 . 
c—Cl 80 c=c 199.6 
C—Br 69 c—o 85 
c—1 55 £9 178 


C—N 80 O—H 110.6 


By using average bond energies, it is possible to estimate the energy released 
when a gaseous molecule is formed from its gaseous atoms. For example, AH, 
the energy released at constant pressure for the reaction 


3H(g) + C(g) + Cl(g) = CH;Cl(g), 


is the sum of the energies of three C—H bonds and one C— CI bond, all taken 
with a negative sign because energy is released. That is, 


= —3e(C—H) — e(C—Cl) 
= —296 — 80 
—376 kcal/mole. 


To find the AH for the formation of CHCl from the elements hydrogen, chlo- 
rine, and carbon in their more usual forms, we must write 


$H3(g) + $Clo(g) + C(graphite) = CH3Cl(g). 
This reaction is the sum of two processes: 


3H2 + 3Cl; + C(graphite) = 3H(g) + Cl(g) + C(g), 
3H(g) + Cl(g) + C(g) = CHsCl(g). 


We have already computed the AH for the second of these processes. For the 
first, AH can be expressed in terms of the Hs and Cl, bond dissociation energies 
and the heat of vaporization of graphite to carbon atoms. That is 


AH = $D(H—H) + $D(Cl—Cl) + AH,(C) 
= $(104) + 4(57.9) + 170.9 
= 356 keal. 


Finally, for the overall reaction, 


#H2(g) + 3Clo(g) + C(graphite) = CH3Cl(g), 
i AH = —376 + 356 
—20 keal. 


i] 
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The value of AH found by more direct calorimetry is —19.6 kcal, which differs 
only slightly from the result we have obtained. In some cases, there can be 
discrepancies of a few kilocalories between values of AH calculated from bond 
energy values and those measured calorimetrically, since the average bond energy 
eis only an approximation to the true dissociation energy of a bond in a particular 
molecule. Nevertheless, bond energies do provide a very useful indication 
of the strengths of chemical bonds, and can be used to estimate the energetics 
of chemical reactions when direct calorimetric data are not available. 


Bond Lengths 


In molecules, atoms are always vibrating with respect to each other, so there is 
no single fixed distance between any pair of atoms. However, there is a well- 
defined average distance between the nuclei of two bonded atoms, and this is 
called the bond length or bond distance. If a substance can be obtained in 
crystalline form, it is possible to measure the distances between its atoms by 
x-ray diffraction, and many of the bond distances we shall discuss have been 


obtained from x-ray data. 


Table 11.3 Bond lengths for some 
diatomic molecules (angstroms) 


Fo 1.42 HF 0.92 
Clo 1.99 HCI 1.27 
Bra 2.28 HBr 1.41 
l2 2.67 HI 1.61 
CIF 1.63 H2 0.74 
BrCl 2.14 N2 1.094 
BrF 1.76 02 1.207 
ICI 2.32 NO 1.151 
co 1.128 


If a substance does not crystallize conveniently, there are other techniques 
available to measure its bond distances. The most important of these is molec- 
ular spectroscopy. Just as the spectrum of the hydrogen atom is determined 
by the mechanics of the electron-nucleus system, the spectrum of a molecule is 
determined by the mechanics of its several nuclei and electrons. By analyzing 
molecular spectra, it is possible to locate’ very accurately all the nuclei in a 
molecule relative to one another and thus to obtain a very detailed picture of 
the nature of the structure of a molecule. Subsequently we shall indicate some 
of the details of how molecular spectra provide structural information. For the 
present, however, we shall concentrate on the results of such measurements. 

Table 11.3 lists bond distances for several common diatomic molecules. 
Note that in a related series of molecules such as the halogens or the hydrogen 
halides, the bond distance increases with increasing atomic number. Such a 
trend has a reasonable qualitative explanation if we recognize that the bond 
length is the position of greatest stability, or of minimum energy for a pair of 
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Table 11.4 Variation of O—H, C—C, and C—H bond lengths (angstroms) 3 


Bond Molecule- Bond length 1 
O0—H Water, H20 0.96 
O—H Hydrogen peroxide, H202 0.97 
O—H Methanol, CH30H 0.96 
O—H Formic acid, CHOOH 0.96 
O—H Hydroxyl radical, OH 0.97 
c—Cc Diamond 1.54 
c—c Ethane, C2H6 1.54 
c—c Propane, C3Hs 1.54 
c—c Ethanol, CgH50H 1.55 
c—c Neopentane, (CH3)3CH 1.54 
C—H Methane, CH4 1.095 
C—H Ethane, CoHe 1.095 
C—H Ethylene, C2H4 1,087 


the x the valence sin) of the bonded atoms behave, EN is pre by 
electrostatic repulsions between the two nuclei and between the inner electron 
shells of the two atoms. The strength of both these sources of repulsion increases — 
as the atoms are brought together. Now as atomic number increases in one - | 
column of the periodic table, the valence electrons lie at successively greater — 
distances from the nuclei. Also, the repulsion between two nuclei must increase i 
as their charges increase. Consequently the distance at which the energy of - 
bonded atoms is a minimum, or the distance at which the bond is strongest, 
tends to increase as atomic number increases. 1 
In discussing bond energies we found that the dissociation energy of a par- — 
ticular type of bond was largely independent of the molecule in which the bond - 
occurred. Let us see whether the same is true for bond distances. Table 11.4 
gives a comparison of the O—H; C—C, and C—H bond lengths in various 
compounds. The constancy of each of these bond lengths is remarkable, and 
this supports our earlier hypothesis that the properties of a bond are Jarai ; 
determined by the nature of the bonded atoms. 3 
We must now admit that itis possible to find bonds between the same P 4 
of atoms that have quite different lengths and energies in various compounds. - 
Consider the data in Table 11.5. In the compounds ethane, ethylene, and acety- 
lene there is considerable variation in the length and energy of the carbon- - 
earbon bond. Rather than look upon this as a violation of the idea that bond - 
properties are independent of molecular environment, it is profitable to take the — 
bonds in these compounds as representative of three different types of carbon- - 
carbon bond. In the first type, the carbon atoms are each bonded to a total | 
of four atoms, in the second, each carbon atom is bonded to a total of three 
atoms, and in the third, each is bonded to two atoms. When more data are ~ 
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Table 11.5 Variations in bond lengths and energies 


= Bond length, Bond energy 
Bond Molecule (A) (kcal/mole) 
ce Ethane, H3CCH3 1.54 83 
Ethylene, H2CCH2 1.34 146 
Acetylene, HCCH 1.20 200 
0—0 Hydrogen peroxide, H202 1.48 48 
OF in BaO2 1.49 
Og in KO2 1.28 
02 1.21 118 
of 1.12 150 


examined, it is found that the length and energy of each particular type of 
carbon-carbon bond are approximately constant in a variety of compounds. 
Thus our rule of the invariance of bond properties is preserved, and in fact it 
has led us to a discovery that two atoms may be bonded together in more than 
one way. We shall see later in the chapter how the existence of different bond 
types can be explained. 


The bond angle @ is the internal angle between lines drawn through 
HoH the nuclei of the bonded atoms. 


Figure 11.1 shows that a bond angle is the internal angle of intersection between 
two lines drawn through the nucleus of a central atom from the nuclei of two 
atoms bonded to it. Because atoms are in constant vibration, there is no definite 
fixed value for a bond angle just as there is no fixed bond length. However, the 
average angle, about which the three atoms vibrate is well defined, and it, is 
this to which the term bond angle refers, Bond angles, like bond lengths, are 
determined principally from x-ray diffraction measurements and molecular 


Spectroscopy. 


Table 11.6 The bond angle about the oxygen atom 


Molecule Z X—O—Y (degrees) 
H20 Water 104.5 
F20 Oxygen difluoride 103.2 
Cl20 Oxygen dichloride 111 
(CH3)20 Dimethyl ether 111 
CH30H Methanol > 109 
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Table 11.6 gives the bond angle about the oxygen atom in a number of its 
compounds. While there is some variation, most of the angles lie in the range 
from 104 to 111 degrees. Similarly, Table 11.7 shows that the H—C—H bond 
angle is near 110° in several simple carbon compounds. As we continue the study 
of descriptive chemistry, we shall find that such regularities in the geometries 
of molecules of a given element are very common, and consequently it is of 
great interest to explain why these regularities occur. 


Table 11.7 Variation of the 
H—C—H bond angle 


Molecule Z H—C—H (degrees) 


CH4 109.5 
CHaCI 110.5 
CH2Cl2 112.0 
CH3Br 111.2 
CHsl 111.4 
CH30H 109.3 
C2H6 109.3 


When we examine the bond angles in similar compounds of successive mem- 
bers of a group in the periodic table, some more striking resemblances appear. 
Table 11.8 gives the bond angles of the hydrides of Groups IV, V, and VI. 
We find that all the hydrides in Group IV have bond angles of 109.5°, which is 
called the tetrahedral angle because it corresponds to having the atoms located 
at the apices of a regular tetrahedron. In Group V, all the hydrides have the 
structure of a regular trigonal pyramid. The bond angle about the central atom 
is 107° for NH3 and decreases to 91° for SbH. In Group VI, there is a similar 
trend as the angle decreases from 104° in water to 89° in H5Te. 

The bond-angle data we have considered point to the fact that the bond 
angles about a central atom are determined largely by the properties of that 
atom alone. This idea is consistent with the approximate constancy of the bond 


Table 11.8 Bond angles for several hydrides 


Z H—X—H Z H—X—H 4 H—X—h 
(degrees) (degrees) (degrees) 
CH4 109.5 NH3 107.3 H20 104.5 
SiH4 109.5 PH3 93.3 H2S 92.2 
GeH4 109.5 AsH3 91.8 H2Se 91.0 
SnH4 109.5 SbH3 913 $ H2Te 89.5 
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angle about a given atom when different groups are bonded to it. It is also con- 
sistent with the fact that similar compounds of'atoms in a given group of the 
periodic table have very similar geometries. In particular, this latter observa- 
tion suggests that the bond angles about an atom are largely determined by 
its number of valence electrons, for number of valence electrons is the most 
obvious property that members of the same periodic group have. This is a 
simple idea that can be expanded to a satisfactory explanation of the relations 
between bond angles. 


Molecular Spectroscopy 


Molecules, like atoms, have quantized electronic-energy levels. In addition, 
however, molecules have energy levels that are associated with the motions of 
their atoms relative to each other. These internal or relative modes of motion 
usually can be divided into two groups: vibrational motions associated with 
the stretching and bending of bonds, and rotational motions, in which the 
molecule tumbles in space. To a good first approximation, the total energy 
of a molecule (apart from its translational energy) can be written as 


E = Etctronic + Evibrational + Érotational- 


Each of these modes of motion is quantized, and thus the total energy of a 
molecule assumes only certain definite values. : 

The spacing of the electronic-energy levels is determined by the nature of 
the molecular electronic orbitals that are filled and unfilled, while the stiffness 
or vibration frequency of the bonds determines the spacing of the vibrational- 
energy levels. The masses of the atoms and the distances between them deter- 
mine the difference in energy between rotational levels. An experimental 
determination of the spacing of the various energy levels allows one to calculate 
what the bond distances, bond angles, and vibration frequencies of the molecule 
are, and what its molecular orbital energy pattern is. Molecular spectroscopy 
is the study of these energy levels through the interaction of molecules with 
light. 

In subsequent sections we hall discuss the molecular orbitals of diatomic 
and polyatomic molecules and the energy-level patterns in which they fall. 
For the present, let us concentrate on the vibrational and rotational levels of 
molecules which are in their most stable electronic state. These internal modes 
of motion for a diatomic molecule are illustrated in Fig. 11.2. We see that there 
is only one vibrational mode of motion, the stretching of the chemical bond. 
There are two rotational motions which are identical, except that the planes in 
which the two rotations occur are mutually perpendicular. The expressions for 
the rotational- and vibrational-energy levels are in this case quite simple, as we 
shall now see. 
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. 11.2 


. Just as the tede kinetic energy of a molecule can be expressed in 
classical mechanics as the square of the linear momentum divided by two times 
its mass, (m. 

Diinear , 
2m 


Exrans PT 


the classical rotational energy can be written as the square of its rotational or 
angular momentum divided by two times its moment of inertia J: 


2 
Pangular 
(qe a 


2I 


(a) 


The internal modes of motion of a diatomic molecule. (a) Vibration of the atoms along 
their line of centers. (b) Rotation about their center of mass. 


The moment of inertia of a diatomic molecule consisting of atoms of masses 
mı and m; and bond distance ro is given by 


mym 
quu RETE 


2 2 
ro = mr 
mı + m x 


where 7% is the so-called reduced mass (mmo) (m; + Mz). This classical for- 
mula can be turned into the correct quantum expression if we replace the 
classical angular momentum by the values allowed by quantum mechanics: 


Pasar = VJ(J--1)Ah, J=0,1,2,3,... 
We then get 


IIED 
Ba = EDE, J=0,12,3,... 
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for the allowed rotational energy levels. The absorption of a photon of appro- 
priate energy hv can cause the rotational quantum number of a molecule to 
increase by one. The energy change of the molecule is 


; Ld 
AE; = hy = 2l JU 7 1) —J'U' 4-1). 
If J’ = J — 1, we have 
n 
AE rot = hy = ple st) —Q —1J] 
i? i? 
== -—J. 
2r Pu] I 
Therefore, if the energy of the photon absorbed is known, and the initial 


quantum number J is known, the moment of inertia J and bond distance ro 
can be calculated. 


Energy 


V=0- 


L. uis pera St cc ee 
To 
T——- 


The potential energy curve for the nuclear motion in a diatomic molecule. Near the mini- FIG. 11.3 
mum, the parabola V = 4k(r — ro)? closely approximates the true curve. 2 = 
Let us now consider the vibrational energy-level pattern, Figure 11.3 shows 

how the potential energy of diatomic molecule varies as the bond is stretched 

or compressed from ro, the position of lowest energy. Near the minimum, the 

true potential-energy curve can be fairly closely approximated by a parabola 

whose algebraic expression is 


V = dk(r — ro) = 3k(Ar)*. 
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The quantity k is called the force constant of the bond. The origin of this term 
becomes clear if we find, by differentiation, the foree exerted by the atoms. 
Since, in general, force is the negative derivative of a potential energy, 


dV d T 
F= MTS == dar) [3k (Ar)?] 
= —k(Ar). 


Thus, k is the proportionality constant between force and displacement. The 
minus sign indieates that the force exerted by the atoms is in the opposite 
direction from their displacement, and tends to restore them to their most 
stable condition. 

The force constant k has another interpretation. The first derivative of the 
potential energy V is the slope of the V—Ar curve: 


dV 
dus] ^ di) A5 [3&(Ar)*] = K(Ar). 


The second derivative d?V /d(Ar)? is the curvature of V: 


ay 
d(àri = p men = 
Thus k is the curvature of the potential-energy curve near its up. where 
the parabola is a good approximation to the true curve. 
According to classical mechanics, a system with the potential energy Jk(Ar)? 
will oscillate sinusoidally or harmonically with a frequency v given by 


l (jm 
v= a. E/P, 


where k is the force constant, and M is the reduced mass mym2/(m; + m»). 
According to quantum mechanies, such an oscillator has quantized energy 
levels given by 


Ey = (0+ hy, .v—0,1,2,3,..., 


where v is the (integral) vibrational quantum number. Thus the larger k is, 
the stiffer is the bond, and the larger is the spacing between vibrational levels. 
It is clear that determination of the vibrational frequency by molecular spec- 
troscopy allows us to learn the general shape of the molecular potential-energy 
curve near the most stable position. 

We see now that the spacing of the vibrational- and rotational-energy levels 
is determined by the stiffness and length of the bond, as well as the atomic 
masses. The bond distance and force constant are themselves determined by 
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the electronic structure of the molecule. If the molecule becomes electronically 
excited, it is very likely that the values of k and ro in the excited electronic 
state will be significantly different from their values in the ground electronic 
state. By careful analysis of spectra in which electronic excitation occurs, it is 
possible to learn the values of k and ro for both electronic states. This is how 
the geometric and bonding properties of excited electronic states are determined. 


J 
Jt 
J Ce ee 
Excited 3 
electronic 2 
state, 
vibrational 1 
levels 0 
J v 
5 
; 7009kel/moe-  —À 4 \Rotational 
7100 kcal/mole UPEKESETTSUEEN levels 3 
eS ————À- E 
Lowest : 
electronic 
state, 
vibrational 
levels 


Energy levels of a diatomic molecule. Two electronic states are shown, each with a few 
of its vibrational and rotational levels. The level spacings are not drawn to scale, but 
typical energy differences are indicated. 


Figure 11.4 is a graphical summary of our discussion. The electronic energy 
levels of diatomic molecules are widely separated, often by as much as 100 
kcal/mole.. The vibrational-energy spacings for each electronic state are fre- 
quently between 1 and 7 keal/mole. Rotational-energy levels are much more 
closely spaced, differing in energy by less than approximately 0.03 kcal. 

Transitions between rotational-, vibrational-, and electronic-energy levels 
involve quite different amounts of energy, and therefore, are induced by 
photons of quite different frequencies. Figure 11.5 shows the relationship 
between the frequency and wavelength of photons and the molecular energy 
changes they induce. Because rotational-energy levels are closely spaced, 
transitions between. them involve low-energy photons that are produced in the 
radio-frequency region of, the spectrum, and haye associated wavelengths of 
about 1 cm.. Vibrational changes are induced by photons from the infrared 
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region, whose associated wavelengths are 1074 to 107° cm. Photons that pro- 
duce electronic transitions have wavelengths of approximately 5000 A (5 x 1075 
em) or shorter, and lie, therefore, in the visible or ultraviolet regions of the 
spectrum. 


Affects 
i Affects Affects 


inner 
electrons valence electrons vibration 


v(sec-1) 3x1015 3x 1013 3x10! 3x109 


FIG. 11.5 The regions of the electromagnetic spectrum and the molecular energy levels they affect. 


The spectra of polyatomic molecules are somewhat similar to, but much 
more complicated than, diatomic molecule spectra. A polyatomic molecule 
may have three different moments of inertia, and the expressions for its rota- 
tional-energy levels can be quite complex. Nevertheless, bond distances and 
bond angles can be derived from polyatomic molecular spectra. The vibrational 
spectra of polyatomic molecules are simplified somewhat by the fact that certain 
molecular groups, like C—H, C—0, C=C, —NOs, etc., have very charac- 
teristic vibrational frequencies. The presence of such groups in a molecule of 
unknown structure can be inferred from the vibrational spectrum; and con- 
sequently the infrared spectrum of a molecule is an extremely valuable tool for 
the determination of molecular structure and for chemical analysis. 

We have not mentioned the molecular energy levels which arise from the 
interaction of the nuclear spin or electron spin with external magnetic fields, 
and the intergetion of the nuclear asymmetry (quadrupole) with the electric 
field produced by the molecular electrons. Study of these levels reveals some 
rather subtle features of the distribution of electrons in a molecule. From these, 
and the foregoing considerations, it is easy to see why the general area of 
molecular spectroscopy is such an active field of research for chemists. 


11.2 IONIC BONDS 


The variety of chemical formulas, bond energies, and molecular geometries 
suggests that a detailed theory of chemical bonding should be very complex. 
This is certainly true. Consequently, in discussing chemical bonds it is common 
to use “models,” or conceptual pictures which sacrifice some accuracy to gain 
considerable simplicity. Accordingly, our discussions will involve two different 
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bond types: the ionic bond and the covalent bond. There are a few situations in 
which either of these extremes is found, but the true value of these two models 
is that most chemical bonds have properties which are intermediate but close 
to one or the other. Consequently we will be able to construct explanations of 
most bonding phenomena in terms of these two extreme bond types. 

In the ionic-bond model we imagine the particles that are bonded to be 
spherical entities possessing a net positive or negative charge. Now it is a 
fundamental result of electrostatie theory that a spherical distribution of charge 
behaves as though the net charge were concentrated at the center of the sphere. 
Consequently the major simplification of the ionic-bond model is that we can 
calculate the electrostatic forces acting between ions by using Coulomb's law, 
just as though the ions themselves were point charges. This approach is not 
exact, and must be refined slightly, but is a good example of how a slight 
simplification can lead to some very useful results. 

Ionie bonding is found in the compounds of very electropositive elements, 
such as the alkali metals, and with very electronegative elements, such as the 
halogens. How do we know that a compound such as solid sodium chloride 
consists of a lattice of positive and negative ions? The fact that the fused salt 
and its aqueous solutions conduct electricity surely is not proof that ions exist 
in the crystalline compound. The best independent evidence for the presence 
of ions comes from spectroscopic investigations which show that the chlorine 
nucleus is surrounded by a complete octet of valence electrons; this is surely 
consistent with the existence of a chloride ion. Supporting evidence comes from 
careful x-ray studies which measure the density of electrons at all points in the 
crystal. It is found that sodium chloride is made up of spherical groups of 10 
and 18 electrons which correspond to the sodium and chloride ions respectively. 
Thus there is no question that ions exist, and that the cohesive forces in the 
crystal are due to the mutual attraction of the oppositely charged species. 


lonic Lattice Energies 


Let us think about the energetics of the formation of crystalline sodium chloride 
from the elements. The reaction 


Na(s) + 4Clo(g) = NaCl(s) 


is really a very complicated process, since it involves the destruction of the 
bonds both in the chlorine molecules and in metallic sodium, as well as the 
formation of the sodium-chloride crystal lattice. Thus the energy released when 
this reaction occurs, a quantity that measures the stability of NaCl relative to 
metallic sodium and gaseous chlorine, is determined not only by the properties 
of sodium chloride itself, but by the strength of the bonding in metallic sodium 
and molecular chlorine as well. 1 
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We can see this even more clearly by referring to Fig. 11.6. There we find 
two processes for the formation of sodium chloride from its elements. One is 
the direct conversion of elements to compound, the other is a hypothetical 
three-step sequence that accomplishes the same thing. If energy is conserved, 
the energy released in the direct one-step conversion of elements to the com- 
pound must be the same as is released by following the alternative three-step 
process. 


Nale) + Cg) LAVA, Nat (g) +C (g) 


Alternative paths for the formation AH yap(Na)| 
of solid sodium chloride from its Inch, U 
elements. +3D(Cl) 


1 $$$ Na 
Nale) +30, (©) rr aC) apud 


The first step in this latter path consists of vaporizing the metallic sodium 
and dissociating the chlorine to atoms. To carry out this step we would have 
to put energy into the system, and the amount required per mole of each kind 
of atom is equal to the sum of the enthalpy of vaporization of sodium, AH Yap; 
and one-half the bond dissociation energy of chlorine, 3D(CI—CI). Thus the 
energetics of this first step show how the stability of metallic sodium and 
chlorine molecules affects the energy released by the overall reaction. 

In the second step the gaseous atoms are converted to gaseous ions. To do 
this requires that we put into the system an amount of energy equal to the 
ionization energy of sodium, J(Na), but we get back an amount equal to the 
electron affinity of chlorine. The net energy required is then I(Na) — A(CI). 

Finally in the third step the gaseous ions condense to the sodium-chloride 
crystal lattice. The energy released by the system in this step is called the 
ionic crystal lattice energy and is a direct measure of the stability of the ionic 
crystal. 

Now let us examine the formation of crystalline sodium chloride in more 
detail, As our starting or reference point we choose the gaseous sodium and 
chlorine aloms. By making this choice, we will be able to concentrate entirely 
on the energetic factors that influence the strength of the ionic bond and we 
will not have to worry about the bonding in metallic sodium or molecular 
chlorine. In order to expose the factors which control the strength of ionic bonds, 
we shall imagine that the formation of the sodium chloride erystal is carried 
out in three steps: the first is the formation of the isolated gaseous ions from the 
atoms, the second is the formation of the gaseous sodium-chloride diatomic 
molecule from the ions, and the third is the formation of the ionic crystal. 
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__ As we have remarked, to form a gaseous sodium ion and an electron from 
1 a gaseous atom we must supply an amount of energy equal to the ionization 
energy of sodium, 118.4 kcal/mole. However, by transferring this electron to a 
m: Biliiorine atom we obtain an amount of energy equal to the electron affinity of 
n chlorine, 83.4 kcal/mole. Consequently, the net energy required to form the 
ions from the gaseous atoms is given by 


j Na = Nat + e~ AE = I(Na) = 118.4 
e- +.01 2015 AE = —A(Cl) = —834 
E Na + Cl = Na*(g) + CI-(g) AE= 35.0 


To form the ions from the atoms requires 35 kcal/mole of ion pairs. This result 
by itself is very significant, One “explanation” of chemical bonding which has 
been offered is that bonds are formed because atoms have a "desire" to form 
octets of valence electrons. Our calculation shows that 35 kcal are required if 
| sodium and chlorine are to do nothing more than form completed valence 
octets. Thus the atoms have no mutual “urge” simply to reach the octet struc- 
ture, and we must look further for a more concrete reason for bond formation. 


Variation with distance of the potential 
energy of oppositely charged ions. 


We will consider the formation of a gaseous sodium-chloride molecule from 
the ions. Coulomb's law of electrostatics shows that bringing two opposite 
charges of magnitude e from infinity to a distance r of each other lowers their 
potential energy by an amount —e?/r. This “attractive” potential energy, 
plotted as a function of distance, is shown in Fig. 11.7. When the two ions are 
Quite close together, their outermost electrons start to occupy the same space, 
and a strong repulsive force develops. Correspondingly, a “repulsive” potential 
energy rises abruptly. The sum of the attractive and repulsive contributions 
gives the net potential energy of the two ions, as is also shown in Fig. 11.7. 
The distance ro at which the potential energy is a minimum is the distance at 
Which the ions would come to rest if all their kinetic energy were removed, and 
is the equilibrium bond distance. 
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FIG, 11.7 


FIG, 11.8 


From the shape of the net potential-energy curve, we can see that the poten- 
tial'energy of the ions at their equilibrium separation is closely approximated 
by the attractive contribution, —e?/ro, alone. The gaseous diatomic sodium- 
chloride molecule, produced by evaporation of solid sodium chloride, has been. 
studied and its internuclear separation is found to be 2.38 A. Thus the Coulomb 
potential energy is 


e 2(48x10-!?esu)? 


ro; 2.38 X 10=8 cm 
= —139.3 kcal/mole. 


= —9.68 x 107}? ergs 


We see that to this approximation the energy of a mole of diatomic molecules 
is 139.3 kcal lower than that of the separated ions. To find the energy released 
when the molecule is formed from the gaseous atoms, we need only combine the 
three steps: 


Na(g) = Nat(g) +e" AE = 1184 keal/mole 


e^ + Cl(g) = Cl-(g) AE = —83.4 
Na*(g) + Cl-(g) = NaCl(g) AE = —139.3 
Na(g) + Cl(g) = NaCl(g) AE = —104.3 kcal 


The fact that the energy change is negative shows that the energy of the ionically 
bonded sodium and chlorine is lower than that of the separated atoms. The 
reason for the stability of the molecule is clear. Even though some investment 
of energy is required to form the ions, this is more than compensated by the 
energy due to their mutual Coulomb attraction. 


Part of a one-dimensional sodium 


I "^ " 
chloride "crystal. 4r Sro 2m ro O ro 2m 3ro 4o 


While it is possible to obtain and study the gaseous diatomic molecules of. 
the alkali halides at high temperature, these ionic compounds are solids with 
extremely low vapor pressures at room temperature. It is not difficult to under- 
stand this if we examine the simplified model of the solid state shown in Fig. 
11.8. This is a hypothetical one-dimensional “crystal” consisting of alternate 
sodium and chloride ions. To find the energy of formation evolved when such 
a crystal is formed from the gaseous ions, we must calculate the Coulomb 
P energy of one sodium ion as it is acted upon by all other ions in the 
crystal. 
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To begin, the two neighboring chloride ions located at a distance ro con- 
tribute —2e?/ro to the potential energy, while the two nearest sodium ions 
give --2e?/2rg. The positive sign arises because of the repulsion between like 
charges on the sodium ions. Continuing this procedure for all ions in the crystal 
gives the potential energy as a sum of an infinite number of terms, which we 
write as 


2 
Uc 


2e? 1 eT pog 
e ala (pa) hast): 
Since each term in the brackets is a positive number, the value of the bracket 
must be greater than 4, the value of the first term. Therefore, U, the potential 
energy, must be more negative than —e?/ro. Consequently, the potential 
energy of a sodium ion in this one-dimensional crystal is lower than it is in the 
diatomic molecule. 4 

The calculation we have outlined can be'extended to real three-dimensional 
erystals, and the sum of the infinite series evaluated. The attractive Coulomb 
energy of any ionic lattice can be expressed as —Me?/ro, where M, called the 
Madelung constant, depends on the geometric arrangement of the ions. For 
the sodium-chloride crystal lattice, M is 1.75; thus if all other things are con- 
stant, the ionic solid has a 75% lower energy than the gaseous diatomic molecule. 
This extra energy lowering occurs because a sodium ion in the solid is bonded 
through Coulomb forces to all chloride ions in the crystal. ‘The separation of the 
ions in the sodium-chloride erystal is 2.80 A, somewhat larger than that found 
in the diatomic molecule. Consequently the numerical value of the Coulomb 
energy for the sodium-chloride lattice is 


2 —1042 
"os (480 x 10719) 
U = A175 = —L16 “S50 19-8 


= —144 x 1071 ergs 
= —207 kcal/mole. 


Strictly, the lattice energy U is the energy evolved when the solid is formed 
from its gaseous ions. We have evaluated only the contribution due to Coulomb 
forces between the ions considered as point charges. Because of the finite size 
of the electron cloud around each ion, there exist repulsive forces between 
neighboring ions that we have not included in our calculation. The effect of 
these repulsions is to make the actual lattice energy about 10% less negative 
than the value given by the Coulomb forces alone. Thus the true lattice energy 
of sodium chloride is —183 kcal/mole: Comparing this number with —139.5 
kcal/mole, the Coulomb energy calculated for the diatomic molecule, leaves no 
question that the crystal is more stable. This is the reason that sodium chloride 
is a solid with a very low vapor pressure at room temperature. 
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Now that we have a value for the energy evolved when the erystal lattice is E 
formed from the gaseous ions, we can find how much energy is released when — 
solid sodium chloride is formed from gaseous sodium and chloride atoms. We 
have í 


Na(g) + Cl(g) > Na*(g)--Cl(g AE= 35 keal ya 
Nat(g) + Cl-(g) > NaCl(s) AE = —183 kcal 
Na(g) + Cl(g) —^ NaCl(s) AE = —148 kcal 


Since AE for the overall process is negative, energy is evolved when solid sodium ` 
chloride is formed from its gaseous atoms. Consequently we can say that 
crystalline sodium chloride is more stable than its gaseous atoms, and the — 
source of this stability is Coulomb attraction of the ions in the crystal lattice: — 

Now that we have completed our analysis of the energetics of formation, of 
sodium chloride from its atoms, it is interesting to see how the ionic lattice — 
energy is calculated when the repulsion between neighboring ions is taken into - 
account. As we have remarked, this repulsion is a result of the finite size of | 
the ions and is of the same nature as the van der Waals repulsions between 
neutral atoms. The refined expression for the potential energy of the crystal - 
is now 1 


The term B/r" represents the repulsions between neighboring atoms, andthe - 
value of n ranges from 9 to 12, depending on the types of ions in the crystal. 
Often n can be evaluated by studying the compressibility of the crystal, The . 
coefficient B measures the strength of the repulsive forces and differs for dif- 
ferent ions. However, B can be eliminated from the expression for the lattice 
energy by recognizing that at the value of r for which the crystal is most stable, 
g is a minimum and dU/dr = 0. Therefore we carry out the differentiation ~ 
of U: : 


Setting this expression equal to zero we get 


2 
B= Me pact 


n , 


where ro is the distance at which dU/dr vanishes. Substituting the expressio! T 
for B back into the equation for U gives us P 


Mê, Me 2 
To n To 
2 
=-ME (1-1 
To n 
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This is the potential energy evaluated at the most stable ionic distance, ro. 
Since n is approximately 10, we see that the true lattice energy is only about 
10% different from the energy of Coulomb interaction alone. 

In general there is very satisfactory agreement between the calculated and 
measured values of the lattice energies of the alkali-metal halides. Having 
accounted for the bond energy of these substances, we can now try to explain 
their formulas. We shall suppose that the formulas found have the lowest 
energy of all those that are possible. Possible ionic compounds are those that 
are stable with respect to their gaseous atoms; this requires that the Coulomb 
potential energy obtained upon formation of the crystal lattice be larger than 
the energy which must be expended to form the gaseous ions from the atoms. 

To see how these two energies depend on the ionic charge, let us examine 
the formation of solid calcium oxide from its gaseous atoms. The reactions and 
associated energies necessary to form the gaseous ions are 


Ca(g) = Ca*(g) + e^ AE = 141 kcal/mole 
Ca*(g) = Cat*(g) +e AE= 273 
O(g) + e~ = O-(g) AE = —34 
O-(g) + e~ = O^(g) AE= 210 


Ca(g) + O(g) = Catt(g) + O7(g) AH = 590 kcal/mole 


Compared with the analogous process for sodium chloride, an enormous energy 
investment is required. Considerable energy is needed to remove both electrons 
from the calcium atom. Moreover, note that a net of 176 kcal/mole is required 
to attach both electrons to the oxygen atom. Unlike the chloride ion, gaseous 
O™ is unstable with respect to the loss of an electron. 

Now let us see whether the lattice energy of calcium oxide can compensate 
for our expenditure. The Madelung constant for CaO is 1.75, and the interionic 
distance is 2.4 A. Since there is a charge of magnitude 2e on each ion, the 
lattice energy is approximately 


(2e)? 
To 
—20 
= x Be = —6.7 X 1071" ergs 


= —967 kcal/mole. 


Thus when one mole of solid calcium oxide is formed from the atoms, the energy 
change is 590 — 967 = —377 keal. This is a considerable overestimate, since 
we have neglected the repulsion of neighboring ions. The correct value of U is 
—862 kcal/mole. Although our calculation is erude, it shows that the lattice 
energy increases as the product of the charges on the two ions. This suggests 
that in ionic compounds, each atom would try to assume as great a charge as 
possible. This tendency toward a high charge is limited by the increasing values 


U = —1.75 


1.75 X 
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of the successive ionization energies'of the atoms. For instance, reference to 1 
Table 10.6 shows that to form gaseous Na** requires an amount of energy — | 
equal to the sum of the first and second ionization energies of sodium, or 118 + 
1091 = 1209 kcal/mole. To form O^ requires 176 kcal more. Our calculations 
for calcium oxide suggest that a lattice of Natt and O7 ions could not supply 
more than 1000 kcal/mole lattice energy. Hence NaO cannot be formed: the 
energy required to make the gaseous ions is greater than the expected lattice 
energy of the crystal. The same conclusion can be reached for all the alkali 
metals. 'The second ionization energy of these elements is so large that the 
characteristic charge of the alkali-metal ions is never more than plus one. The 
alkali-earth metals have two valence electrons which can be removed without 
excessive energy expenditure; therefore they can assume a charge of +2 and 
form extremely stable ionic compounds. 

Just as the maximum positive charge which ean be assumed by an element is 
limited by its number of valence electrons, the maximum negative charge of 
an ion is set by the number of vacancies in low-energy valence orbitals. For 
example, all the halogen atoms can accept one electron to fill their valence 
p-orbitals. There are then no more low-energy orbitals available to accept 
additional electrons. The oxygen and sulfur atoms have two vacancies in their 
valence p-orbitals. Both these atoms readily accept one additional electron, 
but as we have noted above, O7 and S™ are unstable with respect to loss of an 
electron when they are isolated. However, the doubly negative ions exist in 
ionic crystals where the extra lattice energy from the double charge compen- 

à sates for the instability of the isolated ion. 

A possibility for formation of a triply negative ion exists for nitrogen and 
phosphorus, which have three half-filled valence p-orbitals. In some com- 
pounds, such as MgaN; and MgsPs, the nitride and phosphide ions, N~? and 
P-5, are believed to exist. Judging from the relative instability of O7 and S7, 
it, is not surprising that examples of triply negative ions are rare. In general, 
then, the number of valence orbital vacancies appears to limit the number of 
electrons which an atom can acquire, and the more highly charged negative 
ions tend to be unstable. 


Crystal Lattice Geometry 


We have called attention to the abrupt rise in the potential energy that occurs 
when two ions are brought closer than their equilibrium separation ro, and have 
attributed this rise to the overlapping and repulsion of the outermost electrons 
of the ions. We would expect then that the distance at which the repulsion 
. becomes important should be determined in large measure by the extension of 
the electron “cloud” that surrounds each ion. Of course, this charge cloud 
extends to infinity, but the electron density at any distance from a particular 
isolated ion is determined by the electronic structure of that ion. This in turn 
suggests that we might try to characterize each ion by a radius, and hope that 
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the internuclear separation in any ionic compound could be calculated to à good 
approximation by adding the radii of the positive and negative ions. This 
scheme is in fact workable. vag oie . 


Table 11.9 Ionic radii (angstroms) 


From x-ray measurements on a crystal it is possible to determine the separa- 
tion of the nuclei of adjacent ions. In order to assign ionie radii, one must find 
some basis for dividing the observed internuclear separation for sodium chloride, 
for example, into a contribution from Nat and a contribution from Cl-. We 
will not explore the detailed basis for this division, but merely say that from a 
few observed internuclear distances it has been possible to generate the set of 


ionic radii shown in Table 11.9. These ionic radii should not be taken to mean ' 


that the electronic cloud does not extend beyond a certain distance; the only 
quantitative significance of ionic radii is that when they are added together 
they give a good approximation to the observed interionic spacing. As the com- 
parison in Table 11.10 shows, the agreement between calculated and observed 
internuclear separation is good, but not exact. 


Table 11.10 Interionic distances in some alkali-halide crystals (angstroms) 


Lit Na* Kt Rbt Cs* 
Radius sum CI- 2.49 ^-^ 279 3.14 3.29 3.48 
Observed distance 2.57 2.81 3.14 3.29 «3.7 
Radius sum 17 287^ T 817 3.52 3.67 3.86 
Observed distance 3.0; 3.2. 3.53 - 3:66 3.83 


Examination of Table 11.9 shows that the trends in ionic size are what we 
might expect on the basis of the electronic structures of the ions. In each column 
of the periodic table the ionic radius increases with atomic number. This is 
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consistent with the fact that electrons of successively higher principal quantum 
number are found, on the average, at successively greater distances from the 
nucleus. Furthermore, comparison of positive and negative ions which have 
the same number of electrons, for example, Na* and F^, K* and C17, shows 
that the negative ion is always the larger. The reason for this is that the nega- 
tive ion has a smaller nuclear charge and consequently a more expanded charge 
cloud than the positive ion. The effect of increasing nuclear charge can also 
be seen by comparing the sizes of isoelectronic positive ions. For example, 
Alt is smaller than Mg**, which in turn is smaller than Na‘; all have the 
(15) * (25)? (2p)9 configuration. 


Table 11.11 Crystal-lattice energies of the alkali halides* (kcal/mole) 


LiF 246.7 NaF 219.0 KF . 1943 

LiCl 202.3 NaCl 186.0 KCI 169.3 
“LiBr 193.0 NaBr 177.0 KBr 161.8 

Lil 180.0 Nal 165.7 KI 153.3 

RbF 185.4 CsF 173.6 

RbCl 162.3 CsCl 155.5 

RbBr 155.9 CsBr 149.3 


„Rbi 147.3 Cs! 141.4 


* The positive values given here are the energies required to vaporize the solid 
to the separated ions. 


The ionic radii can be used to understand the variations in the lattice energies 
of the alkali halides. Table 11.11 shows that, for any given positive ion, the 
lattice energy becomes smaller as the negative ion becomes larger. The same 
trend is found if we examine the compounds of any one negative ion: the lattice 
energy decreases as the size of the positive ion increases. An even more detailed 
interpretation is possible. Since the magnitude of the lattice energy depends 
on 1/(r4 + 7r_), the lattice energy will be relatively insensitive to the size of 
the positive ion, if r_>>r4. A comparison of the difference in the lattice 
energies of Lil and NaI with the corresponding number for LiF and NaF 
illustrates this effect. 

Besides determining internuclear separation, ionic radii influence the co- 
ordination number, or the number of immediate neighbors which can be grouped 
around a central ion. Figure 11.9 shows the sodium-chloride crystal lattice, in 
which each ion has a coordination number of six. A sodium ion is surrounded 
by six chloride ions, and each chloride ion is surrounded by six sodium ions. 
We might expect that increasing the coordination number would increase the 
stability of the ionic lattice, since each ion would then have more near neighbors 
of the opposite charge. In the cesium-chloride lattice shown in Fig. 11.10 the 
coordination number is eight. Accordingly, the Madelung constant for this 
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lattice is 1.763, while that of the sodium-chloride lattice is 1.748. Thus, for 
equal internuclear distances, the cesium-chloride type of lattice is about 1% 
more stable than the sodium-chloride lattice. ~ 


The sodium-chloride lattice, showing FIG, 11.9 
the sixfold coordination of the ions. 


Part of the cesium-chloride lattice, FIG. 11,10 
showing the eightfold coordination of 
the ions. 


. Despite this apparent extra stability of the cesium-chloride lattice structure, 
most af the alkali halides crystallize in the sixfold coordinated sodium-chloride 
structure, The reason for this preference for the seemingly less stable lattice 
is not difficult to understand. When one tries to pack eight large negative ions 
about a small central positive ion, it is found that the distance of closest ap- 

proach of the positive and negative ions is not determined by r4 + 7_, but by 

. the radius of the negative ion alone. This is illustrated schematically in Fig. 
11.11. Because of their large size, eight negative ions will “touch” each other 
before any of them come very close to the positive ion. In this situation the 
lattice energy is not so large as possible, because the distance between positive 


11.2 | IONIC BONDS 495 


a P 
and negative ions is not so small asr} + r_, the sum of the crystal radii. The — 
difficulty is somewhat relieved if fewer negative ions are placed around the posi- 
tive ion; this allows ions of opposite charge to approach each other more closely. 


FIG. 11.11 Schematic representation of how the size of the negative 
ion alone may determine the distance between ions of 
opposite charge. 


Thus a coordination number of six is preferred when the ionic sizes are quite 
different, which is the general situation for most of the alkali halides. When 
the ions are of comparable sizes, as in CsCl, CsBr, and CsI, the ions can enjoy 
the slightly greater stability of eightfold coordination. Thus by using the 
geometric properties of the lattices, it is possible to predict which lattice will be 
preferred for a given ratio of ionic radii. In the cesium-chloride lattice all the 
positive and negative ions touch simultaneously if r.,/r.. = 0.73. If the cation 
becomes any smaller relative to the anions, the sodium chloride lattice is 
preferred. More details of the correlation between ionic size and lattice geometry 
have been discussed in Section 3.5. 


11.3 THE SIMPLEST COVALENT BONDS 


The essential feature of the ionic bond is electrical asymmetry. Transfer of 
electrons from atoms of low ionization energy to atoms of high electron affinity 
produces oppositely charged ions whose mutual Coulomb attraction results in 
a stable crystal. However, such a simple picture cannot explain the strong 
bonds in such homonuclear diatomic molecules as Hs, No, Oo, and Cl, In 
these instances both bonding partners have the same ionization energy and the 
same electron affinity. Consequently there seems to be no reason to expect a 
permanent transfer of charge from one atom to the other, and indeed the 
measured properties of these molecules show that electrons are symmetrically 
divided between the two nuclei. The formation and stability of these sym- 
metrical molecules are associated with an equal sharing of valence electrons; 
hence they are said to be examples of covalent bonding. In this section we shall 
examine the nature of this electron sharing and see why it produces chemical 
bonding. We must recognize, however, that the covalent bond has many subtle 
features, not all of which can be explained in simple language. Therefore we 
Shall try to expose only the aspects of covalent bonding which have the most 
general applicability, and shall reserve detailed discussion of some special 
situations for later chapters. 
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The simplest of all molecules is the hydrogen-molecule ion, H2, which occurs 
in electrical discharges through hydrogen gas. To those accustomed to thinking 
of covalent bonding only in terms of pairs of electrons, the existence of H} may 
seem surprising. Nevertheless, the bond in Hj is quite strong; 64 kcal/mole 
are required to dissociate the molecule into its constituent proton and hydrogen 
atom. The equilibrium separation of the two nuclei in Hf is 1.07 A, a distance 
which is comparable to other covalent-bond distances. These “normal” values 
of bond energy and bond length suggest that in the electronic structure of Hj, 
we will find at least some of the important properties which are responsible for 
covalent bonding in all molecules. 

Because of its simplicity, Hj can be treated in exact detail by the methods 
of quantum mechanics. From these theoretical calculations, values of the bond 
energy and bond length can be derived which are in exact agreement with those 
found experimentally. This success very strongly suggests that quantum 
mechanics provides a completely adequate theoretical framework for under- 
standing the covalent chemical bond. 


(a) (b) 


i 


Representations of the electron density in H$: (a) contours of constant density and (b) vari- 
ation of density along internuclear axis. 


In order to extract the qualitative reason for covalent-bond formation from 
the mathematics of quantum mechanics, we can examine the probability of 
finding the electron at all points in the Hj molecule. The graphical representa- 
tion of the distribution found from the quantum-mechanical treatment is shown 
in Fig. 11.12. Figure 11.12(a) shows the lines of constant electron density 
which lie in a plane that contains both nuclei. The other graph (Fig. 11.12b) 
shows how the chance of finding the electron varies as we proceed along a line 
that runs through the two nuclei. Both representations show that the electron 
distributes itself symmetrically about both nuclei in the molecule. Consequently 
we say that the electron moves in a molecular orbital and belongs to the mole- 
cule as a whole, rather than to either nucleus. à 

The exact electron distribution in this simplest of covalent bonds is consistent 
with the qualitative concept that in covalent bonds an électron is shared by 
two nuclei. To get a better idea of what the word “sharing” really implies, it is 
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FIG. 11.13 
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^ profitable to compare the electron distribution in Hf with the electron density E 


around two hydrogen atoms which are not bonded. This is shown in Fig. 11.13. 
The electron density around each nonbonded atom has been drawn to half 
scale, so that we are really comparing one electron distributed between two 
nonbonded atoms with the one-electron distribution in H7. The difference in 
density curves then reveals the difference between the behavior of an electron 
in a bond, and an electron which spends half its time near each of two non- 
bonded nuclei. The figure shows that forming the bond moves some of the 
electron density from the regions outside both nuclei to the regions near to, and 
in between, the nuclei, 


Electron sharing in the H$ molecule. The dashed lines represent one electron distributed 
between two nonbonded atoms, while the solid line represents the actual variation of 
electron density in H$. 


The potential energy of an electron located at a distance r4 from nucleus A 


and rg from nucleus B is 
1 1 
E) 
TA TB. 


Consequently the potential energy of the system is lowest (most negative) when 
the electron is very close to either nucleus, or when it is in a region relatively 
near both nuclei at the same time. It would appear then that bond formation, 
or sharing of the electron by two nuclei, permits the electron to spend more time 
in regions of space where its Coulomb potential energy is low, thereby lowering 
the total energy of the molecule. Detailed quantum-mechanical calculations 
substantiate this qualitative assessment of the origin of bond energy. 

We can make a slightly more detailed analysis of the energy changes which 
accompany bond formation if we make use of a general principle called the 
virial theorem. As is shown in Section 2.2, the general form of the virial theorem 
relates the average value of the kinetic energy to the virial, which is the sum 
of rF over all particles and coordinates r: 


KE =4) rF. 
If the force F is given by Coulomb’s law 


F = quq2/r?, 
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where qı and q are the charges on the particles, we get 
KE = 15 nar. 


The quantity qig2/r is just the potential energy of interaction of two charged 
particles, and the sum of this quantity over all particles gives the total Coulomb 
potential energy of the system. Therefore, for a system which obeys Coulomb’s 
law, the average potential energy and the average Kinetic energy are related by 


KE = —4PE. 


The total energy of the system is E = KE + PE, so using the virial theorem, 
we can write 


E= KE+ PE = —KE = 3PE. (11.1) 


Now let us ask what happens to the total energy when we bring together two 
atoms to form a bond. If the bond is stable, E must decrease, or AE, the change 
in energy, must be negative. According to Eq. (11.1), AE is related to the 
change in the average potential energy by 


AE = 4 APE. 


If AE is negative, APE, the change in the average potential energy, must also 
be negative. Thus formation of the covalent bond is accompanied by a decrease 
in the potential energy, and this, as we noted, is a result of the shared electron 
spending more time close to, and in between, the nuclei. 


(a) (b) 


Forces exerted by an electron on the nuclei A and B of a diatomic molecule. In (a) the 
electron exerts a force which separates the nuclei, while in (b) the electron tends to bind 
the nuclei together. 


There is another way to show why electron sharing tends to hold atoms 
together. Instead of thinking about the energy of the molecule, we consider the 
forces that an electron exerts on the nuclei. If, as shown in Fig. 11.14(a), an 
electron is in the region “outside” of both nuclei, the force, e?/r2, which it 
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FIG. 11.14 


FIG. 11.15 


exerts on the nearer nucleus is greater than the force, e?/rj, it exerts on the 
farther nucleus. If we resolve those forces into components perpendicular and 
parallel to the internuclear axis, as shown in Fig. 11.14(a), we find that the 
electron tends to draw both nuclei in the direction of the internuclear axis, but 
with different forces. The difference between these two forces is a net force 
which tends to separate the nuclei. Therefore, whenever an electron is in the 
region “outside” both nuclei, it exerts forces which tend to oppose bond forma- 
tion. However, when an electron is between the nuclei, the forces it exerts tend 
to draw the nuclei together, as shown in Fig. 11.14(b). The hyperbolic surfaces 
which separate the regions where the electron tends to bind or separate the 
nuclei are shown in Fig. 11.15. If we compare these boundary surfaces with 
the electron distribution in Hz, we see that bonding is accomplished by allow- 
ing the electron to spend time in regions between the nuclei, where the forces 
it exerts draw the nuclei together. 


Boundary surfaces for electron binding in a homonuclear diatomic molecule AB. “Any 
electrons in the shaded region serve to bind the nuclei together. 


A little reflection shows that covalent and ionic bonding are alike in that 
both result from a redistribution of electron density which causes the total 
energy of the system to decrease. The difference between the two types is that 
we can easily characterize the redistribution associated with ionic bonding by 
saying that an electron is transferred from one atom to another, while the 
redistribution associated with covalent bonding is much more subtle and difficult 
to describe. While we can distinguish between the complete electron transfer of 
ionic bonding and the equal electron sharing which occurs in covalent molecules 
like H7, we should realize that these are not two rigid classifications into which 
all bonds can be forced. We will find that in most chemical bonds there is an 
unequal sharing, or partial transfer of electrons; distributions result which are 
intermediate between the two extreme models. The existence of a continuous 
range of bond properties from ‘extreme ionic to extreme covalent is not hard to 
understand if we recognize and remember the similarities, as well as the differ- 
ences, between ionic and covalent bonding. 
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The molecular orbital that we have examined is only one of many possible 
orbitals of Hf which the electron may occupy. It is, however, the orbital of 
lowest energy, and since its occupancy leads to a stable bond it is called a 
bonding molecular orbital. The lowest-energy excited electronic state of Hj 
corresponds to the electron occupying the molecular orbital shown in Fig. 11.16. 
Note that once again the electron divides its time equally between the two ends 
of the molecule. However, in the important regions between the nuclei there is 
a deficiency of electron density. The electron spends most of its time in the 
peripheral regions, relatively far from both nuclei. All of these features contrast 
with the properties of the low-energy bonding orbital discussed earlier. Con- 
sequently it should not be surprising to find that HZ in its lowest excited state 
is unstable with respect to dissociation to a proton and a hydrogen atom. Not 
only does no bond exist in this state, but there is a strong repulsive force 
between the two fragments. This excited electron distribution is therefore called 
an antibonding orbital. Its properties emphasize that the mere sharing of an 
electron by two nuclei does not automatically lead to bond formation. The impor- 
tant factor in bond formation is that the electron is shared in such a way that 
the total energy of the system decreases. This occurs when an electron occupies 
a bonding molecular orbital, but does not when the electron enters an anti- 
bonding orbital. 


@) b) 


The antibonding orbital of H$: (a) contours of constant electron density and (b) variation 
of electron density along internuclear axis. 


The consequences of putting the electron in the bonding or antibonding 
molecular orbital of H$ are summarized in Fig. 11.17. We see there the total 
energy of the system H+ + H plotted as a function of. the separation of the 
two nuclei. At great internuclear distances the energy of the system is rather 
insensitive to the magnitude of the separation. When the nuclei are near each 
other, there are two possibilities. If the electron is in the bonding orbital, the 


total energy of the system is less than that of the separated particles H* + H, _ 


and consequently we say a bond has formed. The minimum in the energy 
corresponds to the most. stable configuration, and occurs at the equilibrium 
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FIG. 11.16 


FIG. 11.17 


bond distance. The depth of this energy “well,” corrected for the zero-point 


vibrational energy $hv, is the bond dissociation energy D(H}). If the electron _ 


in Hi occupies the antibonding orbital, the total energy of Hf at any finite 
internuclear distance is greater than the energy of the separated fragments 
H*--H. This is represented by the upper, or "repulsive" energy curve in 
Fig. 11.17. 


E (kcal/mole) 
160 
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The total energy E of the H$ system as a function of internuclear distance r. The lower 
curve represents the situation when the electron is in the 9-bonding orbital, while the 
upper curve gives the behavior of the energy when the electron is in the o*-antibonding 
orbital. f 


The Hydrogen Molecule 
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Our examination of H7 revealed the basic phenomenon from which the covalent 
bond derives its stability. However, the existence of the covalent bond has 
been commonly associated with the sharing of two electrons whose spins are 
opposite, or paired. Consequently the idea of “pairing two electrons to form & 
bond” has been an important empirical concept in valence theory. 

Why is it important that the two electrons involved in a covalent bond have 
Opposite spin? To find out, we need only examine the bonding in the hydrogen 
molecule from the point of view of the Pauli Exclusion Principle. For atoms, 
the Exclusion Principle states that no two electrons may have the same set of 
quantum numbers, and we saw in Chapter 10 that this means that two electrons 
may occupy the same atomic orbital only if they have different spin. The 
Exclusion Principle applies to the occupancy of molecular orbitals in the same 
way. Thus the consequence of the Exclusion Principle is that only two electrons 
may occupy the same molecular orbital, and then only if they have opposite spin. 
With this in mind, let us build the hydrogen molecule by starting with the two 
nuclei and feeding the electrons into the available molecular orbitals. 
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Just as atoms can be constructed by using orbitals resembling those of the 
hydrogen atom, molecules can be made up of molecular orbitals resembling those 
of H}. At this point we are aware of two of these molecular orbitals; one is the 
low-energy bonding orbital, and the other is the higher-energy antibonding 
orbital. The first electron in H3 will then surely occupy the low-energy bonding 
orbital. If the spin of the second electron were the same as that of the first 
electron, only one of them could occupy the bonding orbital, and to avoid 
violation of the Exclusion Principle, the second electron would be forced into 
the antibonding orbital. The result would then be an energized molecule, and 
experiments show that this molecule is unstable with respect to dissociation to 
the atoms. On the other hand, if the spins of the two electrons are opposite, 
or paired, both electrons can occupy the low-energy bonding orbital without 
violating the Pauli Exclusion Principle and thus both can contribute to the 
bonding of the molecule. The role of electron-spin pairing in chemical bond 
formation is therefore somewhat indirect. Pairing of the spins allows both 
electrons to behave in a way which strengthens the bond. 

The increased effect of two bonding electrons is reflected by the bond energy 
and bond length of the hydrogen molecule. It takes 104 kcal/mole to dissociate 
hydrogen to its atoms; this is over 50% greater than the bond energy of Hj. 
Furthermore, the internuclear separation of H is 0.74 A, which is less than the 
bond distance in Hf by 0.3 A. Thus in Hy the two electrons are better able to 
overcome the nuclear Coulomb repulsion and bring the two nuclei closer together 
than their equilibrium separation in H7. 

We have developed an argument that rationalizes the fact that many 
covalent bonds involve the sharing of a pair of electrons by two atoms. Can 
we use our argument to discover why two helium atoms do not form a stable 
diatomic molecule? Imagine building the hypothetical Hez molecule by starting 
with the two nuclei and feeding the four electrons into the available molecular 
orbitals. The first two electrons, with opposed spins, would occupy the low- 
energy bonding molecular orbital which we have used in Hj and Hs. The 
third and fourth electrons would then be accommodated in the antibonding 
orbital. The net result of two bonding electrons and two antibonding electrons 
is no bond at all. In fact; experience shows that the effect of antibonding elec- 
trons is stronger than that of bonding electrons, and consequently there is a 
very strong repulsive force between the two atoms when they are closer than 
2.5 A. 

It is of interest now to compare the energies of the species H3, H2, Hey, and 
Hes as a function of their internuclear separation, since in these molecules there 
are respectively 1, 2, 3, and 4 electrons in the bonding and antibonding molecular 
orbitals. Figure 11.18 shows that as one proceeds from H7 to Hz, the bond 
strength increases. In passing to Hef, the bond energy decreases, since Hey 
has one antibonding electron in addition to the two bonding electrons. Finally 
in Hes, the presence of two antibonding electrons prevents bond formation, as 
discussed above. 
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FIG, 11.18 Total energy as a function of distance for H$, H;, Hed, and Hes. For Hes, the bonding due 
to van der Waals forces is too small to be seen on this scale, Note that the (0)?(0*)! con- 
figuration in Hed gives a weaker bond than the one ¢ electron in Hi. 


11.4 ATOMIC AND MOLECULAR ORBITALS 


As we examine the electronic structures of different molecules we will encounter 
a variety of molecular orbitals that must be described and classified if they are 
to help us understand chemical properties. The first step in classifying & 
molecular orbital is to specify whether it is bonding or antibonding. Second, 
something must be said about the general shape of the electron distribution. 
The orbitals we discussed in Section 11.3 were cylindrically symmetric; the line 
which joined the two nuclei formed a natural symmetry axis for the electron 
distribution. Molecular orbitals that have cylindrical symmetry and are bonding 
are labeled as o-orbitals; those that are cylindrically symmetric and antibonding 
are denoted by o*. 

The third aspect of the classification of molecular orbitals has to do with the 
behavior of the molecular orbital as the bond is broken. Imagine pulling the 
hydrogen molecule apart into its constituent atoms. As the atoms separate, 
the molecular orbital occupied by the two electrons changes shape and even- 
tually separates into two atomic ls-orbitals. This suggests that we might 
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describe any molecular orbital by giving the atomic orbitals into which it sepa- 
rates when the atoms are removed from each other. Thus the molecular orbital 
in the hydrogen molecule is described as o1s, which indicates that it is cylin- 
drically symmetric, bonding, and separates to give 1s atomic orbitals. In a 
similar manner, the bonding orbital in the fluorine molecule is designated as 
2p, which shows that it is cylindrically symmetric, bonding, and separates into 
two fluorine 2p atomic orbitals. 

The idea of classifying molecular orbitals by the atomic orbitals into which 
they separate has a useful dividend: Note in Fig. 11.13 that the o1s-orbital of 
molecular hydrogen resembles two 1s atomic orbitals which have been partially 
superimposed. Consequently we might picture the molecular orbital as being 
"built" of two overlapping atomic orbitals. This description of a molecular orbital 
is not exact, but it does have some useful consequences which offset its lack of 
rigor. Picturing a molecular orbital as built of two atomic orbitals gives us a 
scheme by which we can describe, at least approximately, something which is 
complicated (the molecular orbital) in terms of something reasonably familiar 
(the atomic orbital). Moreover, the idea suggests a useful empirical rule for 
predicting the number of covalent bonds which an atom can form. Since our 
discussion suggests that formation of a fully occupied bonding orbital can arise 
from a half-filled atomic orbital of each of two atoms, the number of covalent 
bonds formed by an atom should be equal to the number of half-filled valence orbitals 
it can have. For example, the fluorine and hydrogen atoms each have only one 
half-filled atomic valence orbital, and each almost invariably forms only one 
covalent bond. The oxygen atom has two halí-filled orbitals and characteris- 
tically forms two covalent bonds, as in H30 and F30. Similarly, the nitrogen 
atom has three half-filled p-orbitals and forms NHs and NF3. 

The carbon atoms provides an interesting test of the rule since in its normal 
electron configuration carbon has only two half-filled orbitals: 1s?25?2p12p;. 
However, the maximum number of half-filled orbitals it can have is four: 
1s°2s!2p!2p!2p}. Indeed, carbon characteristically forms four covalent, bonds, 
as in CH, and CF4. Boron provides a similar example. Even though in its 
normal electron configuration, 1s72s?2p', it has only one half-filled orbital, the 
maximum possible number of partially filled orbitals is three. Correspondingly, 
boron does form three covalent bonds in BF, B(OH)s, and other of its com- 
pounds. Both these examples show that, the number of covalent bonds which 
an atom will form may be given by the mazimum number of half-filled orbitals 
which the atom can have, rather than by the actual number in the ordinary 
electronic configuration. iate 

The ion NH} might appear at first to violate our simple rule, since it suggests 
that the nitrogen atom, which has a maximum of three half-filled orbitals, en 
form four covalent bonds. This difficulty is removed if we recognize that NHj 
can be thought of as a compound of N* and four hydrogen atoms. Like the 
carbon atom, N+ can have a maximum of four half-filled valence orbitals, and 
this is consistent with the formation of NHZ. Similarly, the ions BH, and 
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BFj present no problem if they are thought of as compounds of B^ and four 
hydrogen or fluorine atoms. d f 


Electron-Dot Structures 


A primitive but often convenient way to represent the disposal of electrons in 
molecules is to use electron-dot structures. Thus the equation 


H:--H- —M H:H 


symbolizes the formation of an occupied bonding orbital by the overlap of two 
half-filled atomic orbitals. Similarly, the structure 


H:F: 


is a simple way of saying that in HF there is an electron-pair bond and that six 
of the valence electrons of fluorine are “nonbonding”; that is, they remain 
localized near the fluorine atom and do not participate in the bonding. Electron- 
dot formulas allow us to decide rapidly how many bonds an atom may form. 
If we write the nitrogen atom as 


DONeé 
then it is immediately clear that three covalent bonds can be formed: 
H 
N- 3H. :N:H 
H 


While eleetron-dot structures can be helpful, they must be used and inter- 
preted carefully. The true geometry of molecules is often ignored in electron-dot 
structures for typographical reasons. Molecules like NH, which have a three- 
dimensional structure, are often represented as planar, as we have done. We 
will encounter other limitations of electron-dot structures in subsequent sec- 
tions, where we will find that some molecules cannot be represented by only one 
electron-dot structure. 


The Octet Rule 


Another simple device that can sometimes be used to decide how to represent 
the electronic structure of a molecule is the octet rule, which states that an 
atom other than hydrogen tends to form bonds until it is surrounded by eight 
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electrons. As the formulas 


H Ez BS H 
Hyp sH SE CR :N:H :0:H H F :Ne: 
H “ES H H E 1 


show, the rule is consistent with the behavior of atoms in the second row of the 
periodie table. For these atoms the octet rule is equivalent to our statement 


that the number of covalent bonds equals the maximum number of half-filled 


* atomic orbitals. Atoms of the second periodic row have only four valence-orbitals 
and thus cannot form more than four covalent bonds. In forming these bonds 
they can surround themselves by no more than 4 x 2 — 8 electrons, exactly 
as suggested by the octet rule. 

The octet rule is often not. obeyed by atoms outside the second row of the 
periodic table, and thus it is of somewhat limited value. For example, phos- 
phorus forms two chlorides, PCl and PCls. The first of these is analogous to 


NH; or NCl and obeys the octet rule. However, in PCl; the phosphorus atom . 


is surrounded by ten electrons. While this compound violates the octet rule, 
its formation can be understood in terms of the maximum possible number of 
half-filled valence orbitals available in the phosphorus atom. Usually the con- 
figuration of the valence electrons in phosphorus is 35^3p13p;3p;. However, 
the 3d-orbitals of the atom are not much higher in energy than the 3p-orbitals, 
and consequently we can say that the maximum number of half-filled valence 
orbitals is five, corresponding to the configuration 3s'3p,3p,3p;3d'. 

Other “violations” of the octet rule, such as the existence of SFe and SF, 
can be rationalized in a similar manner. The sulfur atom has the valence- 
electron configuration 3873p23p}3p}, and does form compounds like H;8, 
whose formulas seem directly related to this electron configuration. However, 
the sulfur atom can also have four half-filled valence orbitals as in the configura- 
tion 3s°3p}3p13p33d!, or six half-filled orbitals as in 38!3p13p]3pi3d'3d'. The 
existence of these possibilities provides a simple way of explaining the formulas 
of SF, and SFe, respectively. Consequently the rule that the number of covalent 
bonds an atom forms is related to the possible number of unpaired valence 
electrons it can have is consistent with the formulas of a much larger number 
of compounds than is the octet rule. Nevertheless, the octet rule does provide 
a useful guide to the electronic structures of many compounds, particularly 
those containing elements from the second row of the periodic table. due 

It is appropriate to remark that the trick of rationalizing apparent violations 
of the octet rule by invoking the participation of d-orbitals in the bonding 
scheme is a matter of some controversy. Some scientists feel that the d-orbitals 
lie so high in energy that they should not be treated as valence orbitals, but as 
excited orbitals which cannot confer any appreciable stability to chemical bonds. 
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Others feel that while d-orbitals are of high energy in free atoms, their energy 
decreases as other atoms approach to make bonds. This author has not been 
convinced of the absolute validity of either side of this argument, and interprets 
the controversy merely as more evidence that the description of chemical bonds 
in terms of a few atomic orbitals is a highly approximate procedure. The most 
convincing reason for invoking d-orbitals in chemical bonding is that it is a 
simple idea which works, if it is used carefully and not overinterpreted. 

At this point it is well to reconsider and review the idea that molecular bond- 
ing orbitals are built of overlapping atomic orbitals. Originally we introduced 
this point of view so that we could describe the electron-charge cloud in a 
molecular orbital in terms of the simpler atomic orbitals with which we were 
familiar. We noted that this description is not perfect. Then we realized that 
the formulas of compounds like H20, NH3, and HF could be immediately 
explained if the number of bonds that an atom formed was equal to the number 
of its atomic orbitals that were half-filled with electrons. The idea behind this 
statement was that a bonding orbital could be “built” from one atomic orbital 
of each of two atoms, and then occupied by the two electrons originally asso- 
ciated with the atoms. Finally, to explain the formulas of CH4, BF, and the 
halides of phosphorus and sulfur, we had to say that the number of covalent 
bonds an atom forms is not exclusively related to the number of half-filled 
orbitals it has in the lowest electronic configuration, but is related to the various 
numbers of half-filled orbitals it can possibly have. The rule in this form is 
useful, for it is consistent with the formulas of a large number of compounds. 

The idea that molecular orbitals are built from atomic orbitals has more than 
qualitative significance. In the quantum-mechanical treatment of the chemical 
bond, this idea is the basis for one method of finding the mathematical functions 
that describe molecular orbitals. The results of these mathematical treatments 
of chemical bonding show that picturing molecular orbitals as being built from 
overlapping atomic orbitals is a severe approximation. Therefore, although this 
approach gives us a simple rule for rationalizing the formulas of molecules, we 
must always keep in mind that the fundamental reason atoms form bonds is 
that in so doing they reach a state of lower energy. 

Because of the complications and subtlety of electron behavior, the criterion 
that bonds form when half-filled atomic orbitals are possible may be too crude 
to lead to correct predictions in all instances. Therefore, while we can use this 
idea profitably, we must be careful not to use it too rigidly. 


11.5 MOLECULAR GEOMETRY 


Having discussed the basis for understanding bond formation and molecular 
formulas, we can now turn to the problem of explaining the various experi- 
mentally observed bond angles. The bond angles in a molecule represent the 
condition of minimum energy for the molecule, and therefore, to rationalize the 
observed structures, we should start by deciding why varying the bond angles 
might affect energy. Since we have pictured the covalent chemical bond a$ # 


THE CHEMICAL BOND | 11.5 


pair of electrons in a o-molecular orbital largely confined near to and in between 
two nuclei, we can take the attitude that in fixing the angle between bonds, we 
really are fixing the distance between the regions in which the electrons in the 
two bond orbitals spend most of their time. How can this distance affect the 
energy of a molecule? : 

Our general. experience indicates that electrons try to avoid each other as 
much as possible. Of the two reasons for this, one is obvious: there is a strong 
repulsive Coulomb force between two electrons, and the energy of two electrons 
is lowered when the electrons are kept apart. The second reason electrons tend 
to stay apart is more subtle. While the Pauli Exclusion Principle can be inter- 
preted to mean that two electrons with the same spin cannot occupy the same 
atomic or molecular orbital, a more detailed intepretation is that two electrons 
with the same spin have a vanishing probability of being in the same region of 
space. In other words, any two electrons with the same spin tend to avoid each 
other. It is important to realize that this would be true even if the electrons were 
uncharged, for this property is a consequence of the Pauli Exclusion Principle, 
and not of Coulomb’s law. 

We find then that all electrons tend to avoid each other because of their like 
charge, but those with the same spin have a particularly low probability of 
being close to each other. These considerations suggest that there is a correlation 
in the instantaneous locations of electrons in atoms and molecules. If one 
electron is localized in a particular region of space, any other electron, especially 
one with the same spin, is most likely to be found in some other region of space. 
It is this correlation between the electron locations that is used to explain the 
geometry of molecules. 

Let us consider mercuric chloride, which when vaporized exists as discrete 
gaseous molecules that have a linear arrangement of atoms, CI—Hg—Cl. In 
the free mereury atom there are two valence electrons in the configuration 6s”, 
and it is these electrons that are involved in a pair of o-bonds in the HgClo 
molecule. Why does this molecule have linear geometry? We can see that the 
linear arrangement puts the two pairs of electrons involved in the two bonding 
molecular orbitals as far away from each other as is possible. Moreover, it 
allows electrons with the same spin to have a high probability of being on op- 
posite sides of the mercury atom, as we can see by representing the molecule by 


Cl 1| Hg 1| Cl. 
Thus, if there are two pairs of bonding valence electrons around the mercury 
atom, the linear configuration is likely to be the arrangement of lowest energy. 
We might expect to find this geometry also in other molecules that have only 
two pairs of valence electrons about a central atom, and indeed, the molecules 


CI—Zn—Cl,  Cl—Be—Cl,  Cl—Mg—Cl, - and H;C—Hg—CH; 


all have the linear geometry indicated. 
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Now let us examine some molecules that have three pairs of valence electrons 
about a central atom. For example, 


F Cl OH Net 
ZEWN * n. x P x 
F F d Cl HO OH CH; CH; 
and the other halides of boron all are symmetric molecules in which the bond 
angles about the boron atom are 120°, Consequently the boron atom and the 
three atoms bonded to it lie in the same plane. A little reflection shows that this 
is the configuration in which the three pairs of bonding electrons can spend 
much of their time farthest from each other. 

On the basis of the foregoing arguments and data, it is easy to understand 
the geometry of methane, CH,. There are four pairs of valence electrons in 
bonds around the central carbon atom. Electrostatic repulsions will be mini- 
mized, and electrons with the same spin will be farthest apart when the bond 
orbitals are directed toward the corners of a regular tetrahedron, as illustrated 
in Fig. 11.19. Other molecules in which there are four pairs of valence electrons, 
such as NHf, CCly, and SiF;, also have tetrahedral geometry. 


The geometry and schematic electronic structure of methane. The hydrogen atoms lie at 
bs apices ei a regular tetrahedron, and the electrostatic repulsion between electrons 
s minimized. 


FIG. 11.19 FiG. 11.20 H 


The geometry and schematic electronic structure of ammonia, The hydrogen atoms lie 
at three of the apices of a slightly irregular tetrahedron, with a nonbonded electron pair 
in the region of the fourth apex. 
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How can we rationalize the structure of ammonia from this point of view? 
As noted in Section 11.2, ammonia is a pyramidal molecule in which the 
H—N—H bond angle is 107°, not much different from the value for the 
H—C—H bond angle in methane. Like methane, the ammonia molecule has 
four pairs of valence electrons about a central atom. However, in ammonia 
three pairs of valence electrons are involved in bonding while the other pair is 
not. It is still reasonable to expect that the central nitrogen atom will direct the 
three pairs of bonding electrons to three corners of a tetrahedron, and the pair 
of nonbonding electrons to the fourth corner, as illustrated in Fig. 11.20. The 
tetrahedral geometry is not expected to be regular, since the four pairs of elec- 
trons are not equivalent. Consequently the bond angles in ammonia deviate 
slightly from the regular tetrahedral angles of 109.5?. 

The same argument can be applied to the water molecule. The four pairs of 
valence electrons around the oxygen atom are directed tetrahedrally, to mini- 
mize repulsions. ‘Since the four pairs are not equivalent, the observed H—O—H 
bond angle (104°) does not correspond to the regular tetrahedral angle, but is 
only slightly smaller. 

Now we have encountered enough examples to be able to formulate a more 
refined working hypothesis for discussing the bond angles in more complicated 
molecules. It seems that the pairs of valence electrons about a central atom, 
whether bonding or nonbonding, lie in orbitals that are directed in a manner 
that minimizes Coulomb repulsions between the electron pairs and keeps elec- 
trons of the same spin as far from each other as possible, The fact that the 
bond angles in water and ammonia are smaller than 109.5°, the regular tetra- 
hedral angle, suggests that electron pairs in nonbonding orbitals in effect take 
up more space than electron pairs in bond orbitals. 


The geometry and schematic electronic struc- 
ture of gaseous phosphorus pentachioride. 
The chlorine atoms lie at the apices of a regular 
trigonal bipyramid. 
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As a first application of these ideas to more complicated molecules, consider 
phosphorus pentachloride. The PCl5 molecule has à central phosphorus atom 
surrounded by five pairs of electrons that constitute the bonds to the chlorine 
atoms, The geometry that minimizes electron interaction is the trigonal bi- 
pyramid structure shown in Fig. 11.21. The three “equatorial” chlorine atoms 
lie in the same plane as the phosphorus atom and the ClI—P—C] angle in this 
plane is 120°. "The two “polar” chlorine atoms lie above and below this equa- 
torial plane on the axis of the bipyramid. The angle defined by a polar chlorine 
atom, the phosphorus atom, and an equatorial chlorine atom is 90°. Thus the 
polar and equatorial chlorine atoms are not equivalent, and in fact the polar 
P—Cl bonds are a bit longer (2.19 A) than the equatorial bonds (2.04 A). 

Other molecules with five electron pairs have structures related to that of 
POl, The molecule SF4 has the geometry shown in Fig. 11.22(a), where we 
see that one of the five electron pairs occupies an equatorial nonbonding orbital 
while there are two equatorial and two polar bonds to fluorine atoms. The 
distortion of the molecule from the regular bipyramidal geometry is in the 
direction expected. Figure 11.22(b) shows that the structure of Cll’; can also 
be rationalized if we imagine that two of the five electron pairs occupy non- 
bonding orbitals in the equatorial plane. 


ejo 
46 
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(a) (b) 


The geometry and schematic electronic structures of (a) sulfur tetrafluoride and 
(b) chlorine trifluoride. In both molecules the electron pairs tend to be directed toward 
the apices of distorted trigonal bipyramids. 


There are several compounds in which a central atom makes bonds to six 
other atoms, or is surrounded by six electron pairs. Sulfur hexafluoride, SFe, 
has the regular octahedral structure shown in Fig. 11.23. All fluorine atoms 
are equivalent and all F—S—F bond angles are 90°. This octahedral geometry 
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once again minimizes electron repulsion between pairs of electrons. Con- 
sequently the species IF; and IClz, which also have six electron pairs about 
the central atom, have structures related to that of SFe, as Fig. 11.23 illustrates. 


The geometry and valence electron disposition of (a) SFe, (b) IFs, and (c) ICI;. In each 
case bonding or nonbonding electron pairs lie at the apices of an octahedron. 

The foregoing observations on molecular geometry can be summarized in the 
following way. To predict the approximate geometry of a molecule, determine 
how many pairs of valence electrons, bonding and nonbonding, exist around a 
given atom. These electron pairs will be directed in space in a manner which 
minimizes electron-electron repulsion. Thus 2, 3, 4, 5, and 6 electron pairs lead 
respectively to linear, trigonal, tetrahedral, trigonal bipyramidal, and octahedral 
geometries, When some electron pairs are bonding and others nonbonding, the 
geometry will be distorted from the regular polyhedron, with nonbonded elec- 
tron pairs apparently occupying more space than bonded pairs. 

While we seem to have a satisfactory scheme for explaining the bond angles 
found in the compounds of the nontransitional elements, we must remark that 
there is a good deal of conjecture in the arguments we have developed. We 
have assumed, for example, that we know that in PCl, all the bonds consist of 
electron pairs localized between two atoms so that there are five electron pairs 
involved in the bonding. In fact, it is not known whether this is really an 
accurate description of the bonding in this molecule, for not enough is known 
about the detailed electron distribution. The same criticism can be leveled at 
our assertions that the bonding in the other molecules is always of the electron- 
pair type; this assumption seems reasonable, but it is not known to be true. 
Consequently we must realize that while the scheme we have discussed allows 
us to see regularities and relations between bond angles in different compounds, 
not all the assumptions used in this application have been proved. 
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Hybridization 


FIG, 11,24 
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In discussing the bond angles in polyatomic molecules, we have avoided describ- 
ing how the bond orbitals are built from the atomic orbitals. This is the matter 
to which we turn now. To analyze the bonding in polyatomic molecules, it is 
helpful to add to our ideas the concept of hybrid atomic orbitals. In order to 
understand what hybrid orbitals are, let us see why they are needed. We have 
remarked that the mercuric-chloride molecule is a linear, symmetric arrange- 
ment of atoms. Both Hg—Cl bonds are of equal length and strength. Can our 
present picture of covalent bonding explain these facts? 

The mercury atom has a valence-electron configuration of 6s”, and thus its 
maximum number of half-filled atomic orbitals is two, consistent with the 
molecular formula HgCls. The most obvious approach to the detailed con- 
struction of the bonds would be to imagine the two electrons of Hg unpaired to 
the configuration 6s'6p!. Then we could picture one bond being formed from 
the mercury 6s-orbital and a chlorine 3p-orbital, while the other bond was made 
from the mercury 6p-orbital and the 3p-orbital of the other chlorine atom. 
This is an unsatisfactory and incorrect picture, for it implies that the two bonds 
in HgClz should have different properties, since they are constructed from 
different atomic orbitals. This implication is inconsistent with the experimental 
fact that the two bonds are identical. Therefore we must modify our ideas so 
that they account for the equivalence of the bonds, and this is done by using 
the concept of hybridized atomic orbitals. 


9 00- fF 


2sp hybrids 


Schematic representation of the hybridization process. The orbitals are displaced from 
their common origin for clarity, and the sign of the wave function is indicated. 


A hybrid atomic orbital is the result of a mathematical combination (algebraic ` 
addition) of the functions which describe two or more atomic orbitals. When 
the functions which represent s- and p-orbitals are added, a new hybrid function 
is produced; when the p-function is subtracted from the s-function, a second 
hybrid function results. This hybridization process and its consequences are 
shown in Fig. 11.24. The two ways of combining an s- and a p-function yield 
two sp hybrid orbitals which are equivalent, except that one has its greatest 
electron density in a direction 180° from the other. Since these orbitals effec- 
tively “point” in opposite directions, it is easy to imagine two equivalent bonds 
of a linear molecule being formed from them. 
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Schematic representation of the formation of sp?-hybrid orbitals. Note how the combination FIG. 11.25 
of the positive s-wave function with the positive lobes of the p-wave functions produces a 

large positive lobe in the hybrid function. Similarly, cancellation of the positive s-function 

by the negative p-function lobe produces a small negative lobe in the hybrid. 


By introducing sp hybrid orbitals we can account not only for the equivalence 
of the bonds in HgCls, but also for the linearity of the molecule. However, it 
is fair to ask how “real” hybrid atomic orbitals are. Are they a good description 
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of how electrons behave, or are they just an artificial concept used to patch up.a 
failing theory? The answer is that they are just as real as the hydrogenlike 
atomic orbitals we have been using to describe many-electron atoms. The 
hydrogenlike orbitals are appropriate for describing the behavior of one electron 
at a time. The hybrid orbitals are a very effective way of describing the relative 
motions of two or more electrons at a time. Consequently hybrid orbitals are 
most useful in discussions of the bonding in polyatomic molecules. 

Now let us examine hybridization in situations where there are more than 
two valence electrons. There are three ways of combining an s-orbital and 
two p-orbitals to produce three equivalent sp? hybrid orbitals, as shown in 
Fig. 11.25. The hybrid orbitals are identical in all respects, except that their 
directions of maximum electron density lie 120° from each other, necessarily 
in the same plane. The boron atom has three valence electrons, and we might 
expect it to display this type of hybridization. This is in fact found, for in 
BFs, BCl, and B(CH3)s all bonds to the boron atom are equivalent, in the 
same plane, and the angle between any two of them is 120°. We will find that 
there are other molecules that display the planar, triangular geometry about 
the central atom characteristic of sp?-hybridization. 


Schematic representation of the boundary 
surfaces of the four sp* hybrid orbitals. 


Hybridized atomic orbitals provide a satisfactory description of the bonding 
in methane and its derivatives. There are four independent ways of combining 
one s- and three p-orbitals so as to produce four new equivalent hybrid sp?- 
orbitals. "The geometric properties of the sp? hybrid orbitals are shown in Fig. 
11.20. Like the bonds in the methane molecule, each sp? hybrid orbital is 
directed toward an apex of a regular tetrahedron. Consequently we say that 
the bond orbitals in methane are formed from carbon sp? hybrid atomic orbitals 
and the 1s-orbitals of the hydrogen atoms. This description is also appropriate 
for the derivatives of methane obtained by simple substitution for the hydrogen 
atoms, such as CHCl, CF4, ete. Furthermore, the ions NH} and BH; have 
the same number of electrons as does methane, and the same tetrahedral geom- 
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etry, so the boron and nitrogen atoms are said to display sp*-hybridization in 
these compounds. 

So far we have emphasized the role of hybridization in highly symmetric 
compounds like CH, and BFs, where all valence electrons of the central atom 
are engaged in bonding. Let us now think of ammonia NHs, from the point of 
view of hybridization. We might first imagine four sp? hybrid orbitals about the 
central nitrogen atom. Three of these orbitals would be used to make bonds to 
the three hydrogen atoms, and thus would account for six of the eight valence 
electrons in the molecule. The remaining pair of electrons would occupy the 
last sp? hybrid orbital. While an apparent consequence of this scheme is that 
the HNH angle should be 109.5°, the tetrahedral angle, the observed value is 
107°. We have already pointed out that this deviation from tetrahedral geom- 
etry is a consequence of the nonequivalence of the four electron pairs. 

The sp?-hybridization scheme can be applied to the water molecule. The 
total of eight valence electrons in H20 occupy four sp? hybrid orbitals centered 
on the oxygen atom. Two of these four pairs of electrons form the two bonds to 
the hydrogen nuclei, while the other two pairs are nonbonding electrons. If 
this were an accurate picture, the angle between the two bonds in water should 
be 109.5°; the observed value is 105°. Once again the deviation from the regular 
tetrahedral angle can be attributed to the fact that the four pairs of valence 
electrons are not equivalent. 

To describe electron-pair bonding in molecules like PCI; and SFe, d-orbitals 
have to be brought into the hybridization scheme. The combination of one 
d-, one s-, and three p-orbitals does not produce five equivalent hybrid orbitals, 
but rather a pair of equivalent, oppositely directed orbitals, and another group 
of three equivalent hybrids. The relation between these groups is shown in 
Fig. 11.27. The two polar hybrid orbitals make an angle of 90° with the three 
equatorial hybrids, which in turn lie 120° from one another. We have already 
remarked that the five bonds in PCl, are not equivalent, and the dsp? hybrid 
orbitals are consistent with this feature of the molecule. |: 


Pz Q 
0 C 
Py dz 


Schematic representation of the formation of dsp? hybrid orbitals. 


FIG. 11.27 
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The situation pertaining to SFg and similar molecules is somewhat simpler. 
Combination of two d-, and one s-, and three p-orbitals does give six d?sp? 
hybrid orbitals that are equivalent to one another. These hybrid orbitals are 
directed to the corners.of a regular octahedron, and thus are consistent with 
the geometry of SFe. 4 

From our discussion we can conclude that it is possible to construct sets of 
hybrid orbitals that have directional properties consistent with the bond angles 
found in many molecules. As a result, we can picture an electron-pair bond in a 
polyatomic molecule as being formed by the overlap of the appropriate hybrid 
orbital of one atom with an orbital from another atom. It is best to think of 
hybridization as a means by which we can retain our picture of localized electron- 
pair bond formation by atomic-orbital overlap, rather than to feel that hybrid- 
ization is the reason why molecules display a given geometry. It is not possible 
to see why a certain hybridization leads to a particular geometry without using 
mathematics, and consequently the characteristics of each hybrid set must be 
memorized. However, using the hybridization concept will help us uncover a 
number of regularities in the geometry of molecules, as we shall see in later 
chapters. : 
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Earlier we noted that one of the differences between ionic and covalent bonding 
is the nature of the charge distribution. In a covalent bond between two 
identical atoms the bonding electrons are symmetrically distributed about both 
nuclei, whereas in an extreme ionic bond one or more electrons are transferred 
from one atom to the other. We anticipated, however, that for the most'part 
we would encounter molecules with intermediate charge distributions in which 
a pair of electrons was shared, but not equally, by two nuclei. This type of bond 
is called polar covalent, since it combines the feature of electron sharing with the 
existence of positive and negative regions, or electrical poles. Covalent bonds 
between different: atoms are of this type. 

Gaseous hydrogen chloride consists of individual HCl molecules which have 
relatively little attraction for each other; these are characteristics of a cova- 
lently bonded molecule. Yet the electronic properties of the hydrogen and 
chlorine atoms are different. While the ionization energy of the hydrogen atom 
is 313.6 kcal/mole, and that of chlorine is 299 keal/mole, the electron affinity 
of hydrogen is only 17.4 keal, much less than the 83.4 kcal/mole of the chlorine 
atom. This difference in electron affinities shows that the chlorine atom has & 
greater attraction for an additional electron than does the hydrogen atom. 
Consequently we expect the HCl moleeule to be electrically asymmetric, or 
polar, with more negative charge concentrated near the chlorine atom, and an 
excess positive charge near the hydrogen atom. 

Experiments confirm this expectation ; HCl is said to have a dipole moment. 
Two equal and opposite charges of magnitude à separated by a distance | 
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constitute a dipole and produce a dipole moment p defined by u = à Xl. 
Thus the size of the dipole moment, proportional both to the magnitude and 
separation of the charges, is a convenient measure of charge asymmetry in a 
molecule. Two opposite charges of magnitude 5 — e = 4.8 X 107!° esu 
separated by 1A have a dipole moment.of 4.8 x 107!9 x 1075 = 4.8 x 
10713 esu-em. Consequently, 10718 esu-em is a convenient unit in which to 
measure the dipole moments of molecules, and one debye (abbreviated D) is 
defined as 10778 esu-em. Thus the dipole moment of two fundamental charges 
separated by one angstrom unit is 4.8 D. 

The dipole moment of the HCl molecule is 1.03 D. We can better appreciate 
what this implies for the charge asymmetry in HCl if we imagine that in the 
molecule a net charge +6 is located at the hydrogen atom and a net charge — ô 
at the chlorine atom. Since the bond distance of HCl is 1.27 A, the magnitude 
of à can be found by dividing the measured dipole moment by 1.27 x 107° em. 
Thus 

1.08x 10 !5esu-em . 


um En —10 
$ TM 127 X 10-5cm 0.81 X 107"? esu. 


Our calculation shows that the electron distribution in HCl is equivalent to 
net opposite charges of 0.81 X 10-1? esu residing at each nucleus. This is the 
same as 0.81/4.8 = 0.17 of a full fundamental charge, which shows that while 
the electron distribution is asymmetric, it is surely not accurate to say that 
one electron has been transferred from hydrogen to chlorine. Accordingly, we 
say that the bond in HCI is polar, but covalent, not ionic. 

All of the hydrogen halides have dipole moments caused by the relatively 
great attraction that halogen atoms have for electrons. However, the atomic 
quantities which measure this attraction, the ionization energy and the electron 
affinity, show a general decrease in the sequence F, Cl, Br, I. Thus we can 
expect the dipole moments of the hydrogen halides to decrease as the atomic 
number of the halogen increases. Table 11.12 shows that this is what is found 
experimentally. Since the ionization energies and electron affinities of atoms 
close to each other in the periodic table are often very similar, we might expect 
the diatomic molecules of neighboring elements to have relatively small polarity. 
This is often true, as the examples of CO, NO, and CIF in Table 11.12 show. 


Table 11.12 Dipole moments of gaseous molecules (debyes) 


NH3 1.47 H20 1.86 HF 1.98 
PH3 0.55 H2S 1.1 HCI 1.03 
AsH3 0.22 H2Se 0.4 HBr 0.79 
SbH3 0:12 HeTe «0.2 HI 0.38 
CIF 0.88 N20 0.14 NO 0.16 
CIBr 0.57 NO2 0.3 co 0.13 
BrF 1.29 Os 0.52 


11.6 | BOND POLARITY 


519 


520 


In general, we can expect a dipole moment to be associated with any covalent 
bond between two different atoms. This principle can be used, together with 
measured dipole moments, to make conclusions about the structure of poly- 
atomic molecules. For example, the existence of the dipole moment of carbon 
monoxide suggests that all carbon-oxygen bonds should be polar, yet the meas- 
ured dipole moment of carbon dioxide is zero. These two facts can be reconciled 
if the CO? molecule has a symmetric structure in which the polarities of the 
two carbon-oxygen bonds cancel each other. Thus carbon dioxide must have a 
linear symmetric structure, 


ó— 26+ ó— 
0— ——C————O0, 
rather than a bent structure, 
284- aa 
gi doe ra Net dipole, 
10) [0] = 


which would have a dipole moment. Similarly, the boron-fluorine covalent 
bond must be polar, because the ionization energies and electron affinities of 
boron and fluorine are different. However, the boron-trifluoride molecule has 
no dipole moment, because BF; has a planar symmetrical structure in which 
the effects of bond dipole moments cancel each other: 


Sam 
F 
{36+ 
B 
0— / N 6— 
F F 
Quite a different situation is found in PFa, which has a pyramidal structure, 
36+ 1h 
P 
PAIS : 
F F Net dipole. 
à— ô— 
F 
ó— = 


Here the dipole moments of the individual bonds add constructively, and a net 
molecular dipole moment is produced. If PF; were planar, it would have no 
dipole moment. These examples show that the absence or presence of dipole 
moment in a polyatomic molecule can be a revealing clue to the structure, or 
atomic arrangement, of the molecule. 
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While we have chosen to speak of polar covalent bonds, we might ask how 
polar must a bond be before it is considered to be ionic. This is often a difficult 
question to answer. It might be supposed that the electrical conductivity of a 
pure substance would indicate whether or not ions were present. The equiva- 
lent conductivity of a fused salt is the current that flows when 1 volt is applied 
to a pair of plates 1 em apart between which there is one equivalent of salt. 
Table 11.13 shows the equivalent conductivity of various halides at their 
melting points. It is clear that the alkali halides, our best examples of ionic 
compounds, are good electrical conductors and that the halides of the Group IV 
elements, normally thought of as covalently bonded, are good insulators. 
Furthermore, electrical conductivity, and hence ionic bond character of halides, 
tends to decrease from left to right along a row, and except for the alkali halides, 
increase from top to bottom in a column of the periodic table. However, there 
is no clear dividing line between those compounds which are conductors and 
those which are not. Both BeCl; and AICl3 show small, but finite, electrical 
conductivity, demonstrating the presence of a few ions, but suggesting that 
most of the fused salt consists of polar covalent molecules. 


Table 11.13 Equivalent conductivities of fused chlorides (at their m.p., in ohm- 1) 


LiCl 166 BeCls 0.086 BCl3 0 CCl4 0 
NaCl 134 MgClo 29 AICl3 1.5 x 10-5 SiCl4 0 
KCI 104 CaClo 52 ScCla 15 TiCl4 0 


Earlier it was suggested that a compound consisting of small covalently 
bonded molecules would have a relatively low boiling point. In contrast, ionic 
substances, where the forces which hold the condensed phase together are very 
strong, should have high boiling points. Table 11.14 shows the boiling points 
of several halides. As we suggested, the boiling temperatures of the alkali 
halides are high, while those of the Group IV molecules are low. The trends 
along rows and columns roughly parallel the trends in electrical conductivity. 
Once again, BeCl; and AlCl; have intermediate properties, and it is not possible 
to classify either as an obviously covalent or ionic compound. The failure of 
compounds to fit into either of the two extreme classifications should neither 
surprise nor disappoint us. On the contrary, it is satisfying that there is an 
essentially continuous change in bond properties as the differences in the elec- 
trical characteristics of the bonded atoms steadily become more pronounced, 
and we must expect to find other examples of this situation. 


Table 11.14 Boiling points of some chlorides (°C) 


Lici 1380 BeCl2 490 BCla 12.5 CCl4 76 
NaCl 1440 MgCl» 1400 AICl3 183 SiCla 57 
KCI 1380 CaCl2 1600 ScCla 1000 TiCl4 136 
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In some molecules, two or even three pairs of electrons serve to bind two atoms 
together. For example, the bond dissociation energy of the nitrogen molecule is 
226 keal/mole, which is nearly three times as large as the dissociation energy 
of most covalent electron-pair bonds. Since one nitrogen atom commonly forms 
single bonds to three other atoms, it is not difficult to imagine that a pair of 
nitrogen atoms would form three electron-pair bonds with each other. The 
electron-dot representation of the bonding in N3 is 


ONG SNNG 


which shows that the triple-bond picture is consistent with the octet rule. 

To obtain a more detailed picture of the triple bond in the nitrogen molecule, 
we bring together 2 nitrogen atoms, each stripped of its valence electrons, and 
then feed these 10 valence electrons into the available molecular orbitals. To 
form the molecular orbitals, it is best to start by arranging on each nitrogen 
atom a pair of sp hybrid atomic orbitals, as in Fig. 11.28(a). Two of these 
sp-hybrids overlap and form a o-molecular orbital which accommodates 2 
valence electrons. The other two sp-hybrids point away from the bonding 
region and thus are not involved in bond formation. Each accommodates 2 
electrons, and consequently we have found orbitals for 6 of the 10 valence 
electrons. 


^ 


(b) 


Schematic representation of the formation of (a) the c-bond orbital and two nonbonding 
orbitals, and (b) the 7,-bonding orbital of nitrogen, Another T-bonding orbital is formed 
from p, atomic orbitals. 
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Two of the remaining valence electrons enter a bonding molecular orbital 
formed by the overlap of the p,-orbitals of the two atoms. This is a new type 
of electron distribution which is called a -bonding molecular orbital, and the 
two electrons which occupy it are said to form a 7-bond. As Fig. 11.28(b) 
shows, the -bond does not have the cylindrical symmetry associated with a 
g-bond. A second z-bonding orbital is formed by the overlap of the atomic 
Dy-orbitals, and accommodates the last pair of valence electrons in the nitrogen 
molecule. Thus, of the six electrons which link the two atoms, one pair is in 
ao-orbital, the second pair is in a 7;-orbital with greatest density in the z-direc- 
tion above and below the internuclear axis, and the third pair is in a 7,-orbital 
with its greatest density in the y-direction. In other words, a triple bond con- 
sists of one o-bond and two z-bonds. This is what we represent when we write 


N=N or NN genie UNDE 


The bonding in other diatomic molecules which have 10 valence electrons is 
also properly described by this scheme. The most obvious example is carbon 
monoxide, which has 4 valence electrons contributed by the carbon atom and 
6 by the oxygen atom. These 10 electrons are disposed among the 5 orbitals 
just as in the nitrogen molecule, and the large dissociation energy of CO, 
256 kcal/mole, attests to the presence of a triple bond. The ion NOT, observed 
in gaseous discharges and in crystalline salts, also has 10 valence electrons and 
also has a substantial dissociation energy of 244 kcal/mole. Finally, the bond 
energy of cyanide ion, CN7, also a 10-valence electron molecule, is not known 
exactly but has been estimated to be greater than 200 kcal/mole. All other 
known properties of CNT suggest that the carbon and nitrogen atoms are 
triply bonded. 

There is a slightly different description of the triple bond, which may be 
more accurate for some molecules. Instead of regarding the o component as 
made from the overlap of two sp-hybrid orbitals, we simply take it as generated 
from the overlap of the two pure p-orbitals. In addition, the 2s-orbitals are 
pictured as nonbonding. The corresponding description of Ng would be that, 
of the 10 valence electrons, four occupy nonbonding 2s-orbitals, two occupy 
the o 2p-bonding orbital, and four occupy the two 7 2p:bonding orbitals. The 
true picture of nitrogen probably lies somewhere between the extremes of sp 
hybridization and pure p character for the ¢ bond. 

There is a double bond between the two carbon atoms in the ethylene mole- 
cule, whose structure is shown in Fig. 11.29. To explain the geometry and 
electronic structure of ethylene, we can start with sp” hybrid atomic orbitals on 
each carbon atom. Two of these sp?-hybrids overlap to form a o-bond between 
the two carbon atoms. Four other o-bonds to the 4 hydrogen atoms are then 
made from the remaining lobes of the sp?-hybrids and the 1s-orbitals of the 
hydrogen atoms. This system of o-bonds accommodates 10 of the 12 valence 
electrons of ethylene. The last pair of electrons enters a m-bonding orbital 
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which results from the overlap of the pz atomic orbitals of the 2 carbon atoms. 
Thus the double bond in this and other molecules can be pictured as one o-bond 
and one 7-bond. N 

Besides accounting qualitatively for the large dissociation energy (145 
keal/mole) of the carbon-carbon bond in ethylene, our bond description is 
consistent with the geometry of the molecule. The use of sp” hybrid orbitals 
on the carbon atom was, indeed, suggested by the fact that the angles between 
the bonds in ethylene are near to 120°, as Fig. 11.29 shows. Moreover, the 
formation of the -bond can occur only when the contributing p-orbitals are 
aligned parallel, which happens only when all the atoms lie in the same plane. 
Rotating the two CHa groups in opposite directions would destroy the 7-bond, 
which is consistent with the experimental fact that ethylene is a planar molecule 
that resists rotation about the C=C bond. 


121 9 


The geometry and schematic electronic structure of ethylene. The c-orbitals are directed 
along the bond axes and the z-orbital has its electron density above and below the plane 
that contains all the atoms. 


The rigidity of the double bond has an interesting consequence which is 
displayed by the N;F2 molecule. The two nitrogen atoms can be pictured to 
be sp?-hybridized, and linked by a c—7 double bond. On each nitrogen atom 
one of the sp? hybrid orbitals is used to form a bond to fluorine, and the other 
is occupied by a nonbonding pair of electrons. As shown in Fig. 11.30, the 
fluorine atoms may be on the same or on opposite sides of the double bond 
leading, in this case, to two isomers which are separable and distinguishable by 
physical methods. Since the isomers differ only in their geometry and not in the 
sequence in which atoms are arranged, they are said to be geometric isomers. 
The compound which has both fluorine.atoms on the same side of the bond is 
called the cis isomer; that with fluorine atoms on opposite sides is called the 


1.25 A y. 
N=N 


\ 
144 MAT / N 
115° F F 
The structures of the trans and cis isomers 3 


of NsFs. : [en cis 
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trans isomer. The two are separable because they can only be interconverted 
by destroying the double bond, which requires considerable energy. 

An analogous situation is found in compounds related to ethylene. There 
are cis and trans isomers of 1,2-dichloroethylene, CHCICHCI, whose structures 
are 


Cl Cl H Cl 
Ned avi X: 
VUE ie vey ara 
H H cl H 
cis dichloroethylene trans dichloroethylene 
u=1D =Q 


Note that the trans isomer of dichloroethylene has a symmetric structure in 
which the dipole moments of the bonds point in opposite directions and cancel 
each other, giving a molecular dipole moment of zero. In cis dichloroethylene 
the dipole moments of the two C—Cl bonds and the C—H bonds are. aligned 
roughly in the same direction, and consequently the molecule has a dipole 


moment. 


The lowest-energy molecular orbital of H$. The nuclei lie 
at the apices of an equilateral triangle, and the electron 
density is distributed symmetrically between them. 


FIG. 11.31 


11.8 MULTICENTER BONDS 


So far we have encountered situations in which one pair of electrons bond only 
iwo atoms. However, there are many instances in which one electron pair holds 
several atoms together. In these cases we say that multicenter, or delocalized, 
bonding exists. The simplest molecule which displays multicenter bonding is 
Hj, an ion found in electrical discharges through hydrogen gas. There have 
been no experimental determinations of the structure of Hf, but because of its 
simplicity, theoretical predictions about it are very reliable. These show that 
H£ is an equilateral triangular molecule and that the two electrons occupy a 
molecular orbital which covers all three nuclei, as pictured in Fig. 11.31. Con- 
sequently, in Hj, two electrons bond three atoms together. The representation 
of the molecular orbital in Fig. 11.31 is a reasonably accurate, but not very 
convenient, way of showing the electronic behavior. However, our usual 
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. method of representing an electron-pair bond by a line or a pair of dots, as in 


d eder quu] 


completely fails to show the most important features of the molecule: both 
electrons visit all three nuclei, and identical forces hold all pairs of atoms 
together. To retain the simplicity of electron-dot or line pictures and still 
adequately describe the bonding in H3, we adopt what is known as resonance 
notation. This is a scheme in which the true electron distribution is represented 
by a superposition or blend of several electron-dot or line pictures. For Hj 


these are 
H + H " " 
li^ al xi li M ar li al 


The double-headed arrows are meant to indicate that no one of these structures 
is the true electron distribution, but that the three pictures are to be taken 
together to indicate that two electrons bond the three nuclei in a symmetric 
fashion. It is conventional to say that Hj is a resonance hybrid of the three 
extreme structures shown. Note that the need for the concept of resonance 
arises because we choose to represent the behavior of electrons by electron-dot or line 
pictures. Just one of these pictures cannot show that electrons visit more than 
two nuclei, so we resort to drawing several resonance structures. Despite this 
rather artificial nature, the resonance concept does provide a very helpful 
means of discussing the electronic structure of many molecules. 

The bond structure of the carbonate ion, COF, can be conveniently discussed 
in terms of resonance structures. The ion has a planar structure in which all 
carbon-oxygen bonds are identical: 


[0] -= 
| 


C 
Br Ny 


Since only elements of the second period are involved, we might expect the 
octet rule to be satisfied. However, a little experimentation shows that it is 
impossible to draw electron-dot structures which at the same time satisfy the 
octet rule and show that all C—O bonds are identical. We can only draw 


:0 à 0: fort fe 0: 5 
— S < 
C j Cc [0] 
o. x TO iussa gi 0 0 
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In each of these resonance structures one of the carbon-oxygen links is a double 
bond while the other two are single bonds, Taken together the structures mean 
that all carbon-oxygen bonds are identical; there is a o-bond from the carbon 
atom to each oxygen atom, and in addition there is one pair of electrons occupy- 
ing a molecular orbital which binds all three oxygen atoms to the central carbon 
atom. Each C—O link is intermediate between a single and double bond; in a 
sense, each is a 14 bond. 

There are other four-atom chemical species which, like COF, have a sym- 
metrical planar structure and 24 valence electrons. Two of the more common 
examples are nitrate ion, NO, and sulfur trioxide, SO. Since both these 
molecules have the same structure and number of valence electrons as CO;, 
their bonding can be represented by resonance structures: 


Ore oy Dr 
NU ep X qeu 

o Salad boo o. Yo 
0 o 0 


Zw LE EN Gavan 
X f 
a No (0) [0] (0) o 
As another example of a group of isoelectronic molecules which require 


resonance notation, consider Os, SO2, and NO3, All have 18 electrons, and all 
are symmetrical triangular molecules in which the two bonds are identical: 


O S "e t 
9 ^s o^. ^u ls (0) 


The resonance structures for ozone which satisfy the octet rule and which 
taken together show the equivalence of the two bonds are 


0 " 
1o: 193.40 0: 
Analogous structures for S02 and NO? are 
8 P 
a e \ 
of d (0) o 
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The resonance concept is particularly helpful in discussing the properties of 
organic molecules. To take a specific example, a variety of chemical and physical 
measurements show that benzene, CgHe, is a planar regular hexagon of carbon 
atoms, to each of which is attached a hydrogen atom. The detailed bond 
structure cannot be one of the two obvious possibilities: 


H H 
H:c” C:H H:C C:H 
BG C:H H:C C:H 

T P. C 

H H 


for in each of these structures there are two different types of carbon-carbon 
bonds. Consequently the molecule is pictured as a resonance hybrid of the two 
structures, which we can briefly indicate by 


dU TIT 


where the presence of the carbon and hydrogen atoms is understood. The idea 
that benzene is a resonance hybrid of two conventional structures is consistent 
not only with the geometric structure, but with its chemical properties, as We 
will see in Chapter 16. 


11.9 METALLIC BONDING 


Since three-quarters of the elements in the periodic table are metals, it is im- 
portant to analyze the nature of the metallic bond. Once again we would like 
to be able to relate the nature and strength of the bonding to the properties 
of the individual atoms, and there are two particularly significant characteristic” 
common to virtually all atoms of metallic elements. First, the ionization 
energies of the free atoms of the metallic and semimetallic elements are generally 
small, almost always less than 220 kcal/mole. The exception is mercury, whose 
ionization energy is 240 kcal/mole. In contrast, the atoms of the nonmetals 
usually have ionization energies greater than 220 kcal/mole. The second 
characteristic of a metallic atom is that the number of its valence electrons is 
less than the number of its valence orbitals. This observation is consistent with 
the fact that the metallic elements occur on the left-hand side of the periodic 
table, and are separated from the distinct nonmetals by the elements boron, 
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silicon, germanium, and antimony. Let us investigate the consequences of 
these characteristics and see how they are related to metallic bonding. 

A low ionization energy means that an atom has relatively little attraction 
for its valence electrons and suggests that it has very little affinity for any 
additional electrons. We have stressed that the stability of a covalent bond 
results from the potential-energy lowering that valence electrons experience 
when they move under the influence of more than one nucleus. If each of the 
two atoms that are being bound has rather slight attraction for electrons, we 
cannot expect the energy lowering of their valence electrons in the molecule 
to be at all substantial. Consequently we should not be surprised to find that 
the atoms of metallic elements form relatively weak electron-pair bonds with 
each other. Examination of Table 11.15 shows that this is true. The bond 
energies of the known diatomic molecules of the metallic elements are all very 
small, and there are many possible diatomic molecules of metallic elements that 
are unknown. Presumably this is true because they are not energetically stable. 


Table 11.15 Dissociation energies of molecules 
of metallic elements (kcal/mole) 


Lig 25 Zna 5.7 
Na2 17 Cd2 2.0 
K2 12 Hg2 1.4 
Rb2 11 Pb2 16 
Cs2 10.4 Bi2 39 
NaK 14 NaRb 13 


While the interaction of a metallic atom with one other atom does not often 
lead to significant energy lowering, it is possible that greater stability can be 
achieved if the valence electrons of one atom move under the influence of 
several other nuclei. It is the second characteristic of metallic atoms, fewer 
valence electrons than valence orbitals, that makes this type of interaction 
possible. The fundamental limitation on the number of electrons that can be 
close to a given nucleus is imposed by the Pauli Exclusion Principle. For free 
atoms, the Exelusion Principle tells us exactly how many electrons of a given 
principal quantum number there can be. For aggregates of atoms, the applica- 
tion of the Pauli Principle is more difficult, but general observations and theo- 
retical arguments suggest that the greatest number of valence electrons of low 
energy, shared or unshared, that can surround a given atom in any aggregate is 
equal to twice the number of its atomic valence orbitals. 'This is the basic 
reason for saturation of valence—the reason why NF3 but not NF, PCl and 
PCl; but not PCl;, exist. The fact that the atoms of metallic elements have 
few valence electrons means that when in a condensed phase, each atom may 
share the electrons of many nearest neighbors in a manner that is energetically 


11.9 METALLIC BONDING 


FIG. 11.32 


favorable, without violating the Pauli Exclusion Principle. Indeed, the charac- 


teristic feature of metallic crystals is that the coordination number of the atoms 
is high: 8 in the body-centered cubic lattice, and 12 in the hexagonal and cubic 
closest-packed structures. 


Lig 


(b) 
Formation of molecular orbitals and the accompanying energy change for (a) Lig and (b) Lis. 


As an example of how the high coordination number in metals does not lead 
to a violation of the Exclusion Principle, consider the element aluminum, which 
has a cubic closest-packed lattice. We can take the attitude that each atom 
shares its 3 valence electrons with each of its 12 nearest neighbors. On the 
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average, then, a given atom receives 3% of an electron from each of its neighbors, 
or a total of 3 from all its neighbors. Consequently the total average number 
of electrons shared by any atom is 6, 3 of which come from itself and 3 from its 
neighbors. We see, therefore, that despite the high coordination number, the 
average number of electrons near a single atom does not exceed twice the 
number of valence orbitals. 

So far our argument suggests that the reason metallic crystals are more stable 
than the separated atoms is that in the crystal, the atomic valence electrons 
can move in the electric field of several nuclei. This idea can be extended ina 
way that shows that metals are extreme examples of the delocalized or multi- 
center bonding we discussed in Section 11.8. To see how this comes about, let 
us imagine building a one-dimensional lithium crystal by bringing together 
two, three, and then many lithium atoms. 

Figure 11.32(a) illustrates the formation of Li; from two lithium atoms. 
The figure shows both the potential energy of an electron and its total energy 
in both the separated atoms and the diatomic molecule. When the atoms are 
brought together, the energy levels of the 2s atomic electrons split into two 
new levels, labeled 02s and o*2s, which correspond to bonding and antibonding 
molecular orbitals. In Lis, both electrons occupy the o2s-orbital, but any elec- 
trons in the o2s- or o*2s-orbitals are the property of the molecule as a whole. 
On the other hand, the 1s-electrons are largely localized near particular atoms, 
since their total energy is less than that needed to pass over the potential-energy 
barrier that exists between the two atoms. 


E 


Separated atoms Metallic crystal 


The behavior of the energies of the valence orbitals of lithium when the metallic crystal 
is formed from many separated atoms. 


When three atoms are brought together, the situation is as pictured in Fig. 
11.32(b). There are three molecular orbitals, and once again electrons in any 
of these orbitals are the property of the molecule as a whole, and not of any 
one particular atom. The situation that obtains when many lithium atoms are 
brought together is shown in Fig. 11.33. For N atoms there are N molecular 
orbitals that arise from the overlap of the 2s-orbitals alone, and the energies 
of these orbitals now form a band of closely spaced levels. More orbitals are 
contributed by the overlap of the 2p atomic orbitals, and the energies of these 
also lie in a dense band that is joined continuously to the band formed from the 
2s-orbitals. Any electron in one of these orbitals is the property of the crystal 
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as a whole, and serves to bind many nuclei together. It is in this sense that 
metals represent an extreme case of multicenter bonding. ; 

The qualitative conclusions we have drawn hold true for three-dimensional 
erystals. In general, all the valence orbitals of the free atoms are converted to 
a group of nonlocalized or multicenter orbitals in the metallic erystal, and the 
energies of these orbitals form a closely spaced group called the valence band. 
One way to describe the electronic situation in metals, then, is to picture the 
erystal as a collection of ions like Lit immersed in a “sea” of mobile valence 
electrons. This electron sea is responsible for the cohesion of metals, and for 
their unique mechanical, electrical, and thermal properties, as we shall see in 
subsequent chapters. 


11.10 CONCLUSION 


Chemical bonding is an interesting but complex subject. In this chapter we 
have exposed the most useful fundamental concepts, and have suggested a few 
rules which will be helpful in diseussing and understanding the relation be- 
tween bonding and chemical properties. However, it must be realized that 
bonding phenomena are so complex that there exist "violations" of almost 
every simple bonding rule. In particular, it was long believed that the rare gas 
atoms could never form any true compounds because of their “complete valence 
octet.” The synthesis in 1962 of the xenon fluorides removed this last “safe” 

application of the otherwise flimsy octet rule. Consequently, in order to deepen 
our understanding of the valence rules, and to be sure that they do not need 
revision or modification, we must constantly test them by application to known 
chemical phenomena. This will be our purpose in subsequent chapters. 
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11.1 In which of the following compounds would you expect to find the smallest 
separation between the nuclei of neighboring ions? All have the sodium chloride 
lattice structure: NaI, KCl, LiF. Which should have the most stable crystal lattice? 
11.2 If the alkali-halide crystals were truly ionically bonded, their crystal-lattice 
energies would be proportional to 1/ro, where ro is the separation between neighboring 
ions. Use the following data for ro and those in Table 11.11 to show that a plot of 
erystal-lattice energy as a function of 1/ro is linear: 


LiF 2.01 A KF 2.66 A 
LiCl 2.57 A KBr 3.29 A 
LiBr 2.75 A KI 3.53 A 
Lil 3.02 A 


113 All of the alkaline-earth oxides have the sodium-chloride crystal lattice structure. 
Calculate the contribution to the lattice energy due to the Coulomb forces between 
ions. The separation in angstroms of neighboring nuclei are: 

MgO 2.10 SrO 2.57 

CaO 2.4 BaO 2.76 
114 By considering the energy factors that determine the stability of ionic crystal 
lattices, and the ease of formation of the free ions themselves, try to explain why 
although both TIF and TIF3 exist, TII exists but TII3 does not. 


11.5 Predict the geometries of the following molecules and ions: 


BF; oy PEE 
TeCl, XeF, 

4 I CuCl> 
PbCl, 


Justify your predictions by citing for each case an analogous or isoelectronic species 
whose geometry you know. 

11.6 The sulfate ion, SOF, consists of a central sulfur atom surrounded by four 
oxygen atoms located at the corners of a regular tetrahedron. All the sulfur-oxygen 
bonds are equivalent. Draw the electron-dot structure(s) that are consistent with the 
equivalence of the bonds. 

11.7 What feature of electron sharing is it that gives the covalent bond in He its 
stability? Is the sharing of an electron by two atoms a sufficient condition for the 
formation of a stable bond? 

11.8 Phosphorus exists in one of its allotropic forms as P4 molecules. In a P4 mole- 
cule, the phosphorus atoms are at the corners of a regular tetrahedron, each atom 
is bonded to three others, and all bonds are equivalent. Draw the P4 molecule, and 
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indicate its electron-dot structure. What is the P—P—P bond angle? How does. 


this compare with the bond angles in PH3? On this basis do you find the existence of 
P4 tetrahedra surprising or something to be expected? 


11.9 The rule that the number of covalent bonds an atom can form is related to the 
possible number of unpaired valence electrons it can have is consistent with the 
formulas of a large number of known compounds. Show that this rule leads to the 
prediction of the existence of compounds like XeF2 and XeF4. 


11.10 Discuss how electron spin influences (a) the number of covalent bonds an 
atom can form, and (b) the geometries of covalent compounds. 


11.11 The linear geometry of HgClo suggests that we think of the central mercury 
atom as displaying sp-hybridization. What form of hybridization is associated with 
the central atom when the atoms bonded to it are located at the corners of (a) an 
equilateral triangle, (b) a regular tetrahedron, (c) an octahedron, (d) a trigonal 
bipyramid? 

11.12 The antibonding o*1s differs from the bonding ols-orbital of Hj in that the 
antibonding orbital has a deficiency of electron density in the region between the 
nuclei. In effect, the o*1s-orbital is divided by a nodal plane of zero electron density 
which is perpendicular to the internuclear axis. With this in mind, draw what you 
think an antibonding z*2p-orbital should look like. 


1113 The molecules of nitrogen N=N and acetylene HC=CH are isoelectronic, and 
both incorporate a triple bond. By reviewing the electronic structure of nitrogen, 
predict the geometry of acetylene, and discuss its electronic structure in terms of 
hybridization about the carbon atom, and the type of molecular orbitals occupied 
by electrons.. 


11.14 The molecule PF3 is polar, with a dipole moment of 1.02 D, and thus the 
P—F bond is polar. Judging from the proximity of silicon and phosphorus in the 
periodic table, we expect that the Si—F bond would also be polar, but the molecule 
SiF4 has no dipole moment. Explain why this is so. 


11.15 The gaseous potassium chloride molecule has a measured dipole: moment of 
10.0 D, which indicates that it is a very polar molecule. The separation between the 
nuclei in this molecule is 2.67 X 10-9 cm. What would the dipole moment of a KCl 
molecule be if there were opposite charges of one fundamental unit (4.8 X 10719 esu) 
located at each nucleus? Is the picture of a completely ionic KCl molecule entirely 
satisfactory? 

11.16 In nitryl chloride, O2NCI, the chlorine atom and the two oxygen atoms are 
bonded to a central nitrogen atom, and all atoms lie in à plane. Draw the electron-dot 
resonance structures that satisfy the octet rule and which together are consistent with 
the fact that the two nitrogen-oxygen bonds are equivalent. 


11.17 In the formulas of the following molecules, the element given first is a “central” 
atom to which the other atoms are attached. What do you expect their geometric 
structure to be? AsFs, AsFs, XeFz, AIFz, PCI}, PClz. 
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MOLECULAR ORBITALS 


In Chapter 11 we examined a number of simple descriptions of the chemical 
bond. We emphasized that, regardless of the model or picture of the bond, the 
physical phenomenon responsible for molecular stability is the lowering of the 
Coulomb potential energy that occurs when valence electrons can move under 
the attraction of two or more nuclei. The wave functions that describe how 
the electrons in molecules are distributed are called molecular orbitals. These 
molecular orbitals can be used to calculate the geometry, energy levels, and 
other properties of molecules. It is possible; however, from the qualitative 
characteristics of molecular orbitals, to deduce or rationalize some important 
qualitative properties of molecules. In this chapter we shall extend and broaden 
our ideas about molecular orbitals so that we will be able to use them to under- 
stand the structure and stability of a variety of molecules. 


12.1 ORBITALS FOR HOMONUCLEAR DIATOMIC MOLECULES 


In Section 11.3 we discussed the characteristics of the two molecular orbitals 
of H which have the lowest energy, gis and o*ls. In preparation for our 
encounter with more complex systems, it is desirable to review and summarize 
what was said about these simplest molecular orbitals. 

By solving the Schrödinger equation for the motion of one electron in the 
field of two fixed protons, it is possible to obtain exact, but quite complicated, 
descriptions of the molecular orbitals of HZ. A description which is mathe- 


matically much simpler, though definitely an approximation, can be obtained 
by regarding these molecular orbitals as Linear Combinations of Atomic Orb 

Molecular Orbitals, conventionally denoted as LCAO-MO's. This-means simply 
that to find the molecular-orbital wave function; .we linearly combine (add o 
subtract) the atomic-orbital wavefunction of one atom with the atomic-orbital 
wave function for the other afom. We have then, for two protons a and b, ^ 


T 
£ — — —— fy, 15)], 
ols c TET Walls) + V (15)] 
o*ls = JVu-s [V (18) — vi (13)]. 


The factors of 1/4/2(1 + S) normalize the molecular wave function so that the 
probability of finding an electron somewhere in all space is unity. The quantity 
S is called the overlap integral, which is explicitly 


S= [ave dr, 


where dr is the differential element of volume. The overlap integral S is a ` 
measure of how closely the two atomic wave functions coincide. Usually S is. 
approximately equal to 0.2 or 0.3. i 

A pictorial representation of this LCAO procedure appears in Fig. 12.1. 
When the two 1s functions are added they reenforce each other everywhere, 
and most notably in the region between the two nuclei. This buildup of electron - 
density between the nuclei helps to lower the Coulomb potential energy. As a 
result, this orbital has bonding characteristics and is denoted ols. When one 
atomic orbital is subtracted from the other, they exactly cancel each other in & 
plane midway between the nuclei, and thereby produce a nodal plane. The 
molecular wave function is of opposite sign on either side of this nodal plane. 
When the wave function is squared, the resulting probability density is’ of 
course everywhere positive, except on the nodal plane, where it is zero. This 
deficieney of electron density in the internuclear region helps to raise the 9 
Coulomb potential energy of the system, and the node in the wave function. 1 
produces an increase in the electron kinetic energy. Consequently the total - 
energy is high, the molecule is not bound, and the orbital is described as : 
antibonding. 

The phenomena associated with the formation and description of these two 
molecular orbitals should be noted carefully, since they will aid us in the con- | 
struction of other molecular orbitals. Briefly, we can expect the following: — 
Linear combination of two atomic orbitals will produce two molecular orbitals, | 
one of higher and one of lower energy than the atomic orbitals. If the molecular ^ 
orbital has a node between the nuclei, it will tend to be antibonding. If there is 
a buildup of electron density between the nuclei, the molecular orbital will — 
tend to be bonding. 
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We can now examine the molecular orbitals needed to describe the homo- 
nuclear diatomic molecules of the second row of the periodic table, Lio, Na, 
Oz; ètc. Tob begin, we note that the 1s atomic orbitals of these atoms are held 
quite close to the kide andare ve very little affected by whether the. atom is 
free or bonded chemically. We can, n, therefore. regard these inner-shell electrons 
as nonbonding, and concentrate only on molecular orbitals’ which we can gen- 
erate from the valence atomic orbitals. 


Asan om dts 


Va(18) 
é- 


2r 
ya(Ls) (ls) 
: Cj = CE 

ya(18) C= (18) 6) 


Two ways of schematically representing the formation of bonding and antibonding molec- 
ular orbitals by addition and subtraction of atomic orbitals. 


By linearly combining a 2s-orbital on atom a with a 2s-orbital on atom b 
we get approximations to the bonding and antibonding o2s molecular orbitals: 


22s = Ny (2s) + v (23)], 
o*2s = N*[j.(2s) — v (23)]. 
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FIG, 12.1 


FIG. 12.2 


FIG. 12.3 


The procedure is completely analogous to that used for gls and o*1s of Hj. 


The quantities N and N* are the normalization factors. The o*2s-orbital has.a- 


nodal plane between the two nuclei. Consequently it is. antibonding and is of 
higher energy than 02s, which does not have this ncdai plane and is bonding. 
Formation of the o2s- and ¢*2s-orbitais is illustrated in Fig. 12.2. Note that 
there is a nodal surface that surrounds the nuclei in both the o2s- and o*2s- 
orbitals, which distinguishes them from the ø- and ¢*-orbitals generated from 
1s 5177 nic functions. 


-G- 65 
99-96 


Formation of the «2s bonding and o*2s antibonding orbitals by addition and subtraction of 
2s atomic orbitals. The plus and minus signs refer to the sign of the wave functions, and 
notto nuclear or electronic charges. 


OO: COO + eco 
OQO-QO = 0900 


Schematic representation of the formation of the «2p bonding and c*2p antibonding Or- 
bitals by linear combination of 2p, atomic orbitals. 


- Proper combination of the 2p-orbitals associated with the two nuclei pro- 
duces another pair of ¢ molecular orbitals, ¢2p and o*2p. If we take the inter- 
nuclear line to be the z-axis, and then recognize that the 2p;-orbital of each 
nuclear center has cylindrical symmetry about this axis, we see that combining 
such atomic orbitals will indeed produce a cylindrically symmetric, or % 
molecular orbital. 
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^ 
` 
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In forming the linear combinations of 2p,-orbitals, we must be: careful to 
take proper account of. the fact that the sign of ¥(2p,) is different in the two 
lobes of the wave function. To avoid confusion we first set up the atomic 
orbitals as shown in Fig. 12:3, with the positive lobe of each function pointed 
into the internuclear region. "Then; since the overlapping lobes of the two 
orbitals are both positive, adding the two functions together will increase the 
electron density in the internuclear region, and produce a bonding ¢2p-orbital. 
Subtraction of one function from the other produces a nodal plane midway 
between the nuclei, and the resulting molecular orbital, designated o*2p, is 
antibonding. . Thus we have 


o2p = N[Wa(2p2) + ¥o(2p:)] 
o*2p = N*[¥a(2pz) — Vw(2p:)] 


as the LCAO approximations to these two molecular orbitals. Figure 12.3 
shows a schematic representation of these orbitals. 


382S 
18-88 


*2p 
Formation of the bonding r and antibonding 7* molecular orbitals by linear combination of 
atomic orbitals. 


and 


pom) 


Formation of m molecular orbitals from p atomic orbitals has been discussed 
in Section 11.7. As indicated there, adding the p-orbital on nucleus a to the 
p.-orbital on nucleus b in such a way that the positive and negative lobes of one 
orbital overlap with respectively the positive and negative lobes of the other 
orbital produces a 72p,-bonding orbital. The LCAO approximation to this 
orbital is 

T2pz = NiWa(2pz) + vo(2p2)], 
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FIG, 12.4- 


and its pictorial representation is given in Fig. 12.4. While the 7-orbital has a 


nodal (yz) plane which contains the nuclei, there is an increase in electron density ' 


between the nuclei, and the orbital is bonding. 
Subtraction of one 2p,-function from the other-produces an approximation. 
to a m* antibonding orbital 


T"2p, = N*lWa(2pz) — ¥»(2p2)], 


which is shown in Fig. 12.4. Now in addition to the nodal plane which contains 
the nuclei, we have a node between the nuclei, and concomitant antibonding 
character. 

An exactly analogous argument can be applied to the combination of atomic 
2p,orbitals. A bonding 72p,-orbital and an antibonding a*2p,-orbital can be 
generated which are oriented perpendicular to the 72p,- and 7*2p,-orbitals. 
Thus the total of four atomie p-orbitals which are perpendicular to the inter- 
nuclear axis generates a total of four m molecular orbitals—two of which are 
bonding, and two of which are antibonding. 

The eight molecular orbitals which we have discussed are all that can be 
generated for a diatomic molecule from the total of eight atomic orbitals of 
principal quantum number n = 2. Molecular orbitals of higher energy can be 
formed from linear combinations of 3s- and 3p-orbitals, but no new ideas are 
involved, and it is not necessary to discuss these higher-energy orbitals 
explicitly. : 

. We turn now to the problem of determining the order of increasing energy 
of the molecular orbitals that we have discussed. Three general rules are helpful. 
(1) The energy of the molecular orbitals is strongly influenced by the energy of 
the atomie orbitals to which they are related. (2) If two atomic orbitals are 
largely confined to regions near their respective atomic nuclei and, therefore, do 
not overlap extensively, the molecular orbitals formed from them will be neither 
very strongly bonding nor strongly antibonding. (3) If the atomic orbitals do 
overlap extensively, the bonding orbital will have an energy quite a bit lower 
than that of the atomic orbitals, and its antibonding partner will have a corre- 
spondingly higher energy. The quantitative description of molecular-orbital 


energies can come only from experiment or, in favorable cases, from extensive : 


quantum-mechanieal calculation; and each molecule and ion has its own unique 
energy-level pattern. Just as is true for atomic energy levels, however, certain 
useful qualitative generalizations ean be made. 

Figure 12.5a shows the molecular-orbital energy pattern which applies to 
the homonuclear diatomic molecules Os, Fs, and their positive and negative 
ions. The valence orbitals of lowest energy are the o-o* bonding-antibonding 
pair generated from the 2s atomic orbitals. These lie lowest in energy, princi- 
pally because the 2s atomic orbitals from which they are formed lie well below 


. the 2p-orbitals in the free atoms. The 2s-orbitals, particularly in fluorine, are 


80 low in energy that they do not overlap and interact extensively. As a result 
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* 


the a2s-orbital is not strongly bonding, nor is the o*2s-orbital very strongly 
antibonding in oxygen and fluorine. 

Since the atomic 2p-orbitals all have the same energy, the molecular orbitals 
generated from them have somewhat similar energies. The overlap of the 
2p,-orbitals along the internuclear line is relatively large, and consequently, 
the o2p, bonding orbital has lower energy, and its antibonding partner o*2p, 
has higher energy, than the other molecular orbitals from atomic 2p-orbitals. 
The 7, and my bonding orbitals have the same energy, since they are equivalent 
except for their orientation in space. They lie somewhat below, and their anti- 
bonding partners 77 and 7; lie somewhat above, the energy of the atomic 
orbitals used to generate them. 


728 
(a) (b) 


Molecular-orbital energy patterns for homonuclear diatomic molecules, (a) Diagram for 
molecules with low-lying 2s-orbitals. (b) Diagram for N2 and lighter homonuclear diatomics. 


For the diatomies Lig, Bez, Bz, C2, and Ns; the molecular orbitals fall in a 
very slightly different pattern, shown in Fig. 12.5(b). In these molecules, the 
o2p-orbital lies a bit higher in energy than the two bonding 72p-orbitals. This 
feature is a consequence of the repulsion between electrons that occupy the 
02s- and o*2s-orbitals and any electrons in the o2p-orbital. These repulsions, 
and the resultant elevation of the energy of the o2p-orbital, occur because both 
the c2p and c2s electrons tend to occupy the same region of space in these 
lighter diatomic molecules. This effect is diminished in Oz and Fs because in 
the atoms O and F, the 2s atomic orbitals are quite low in energy, and are largely 
confined to regions close to the nucleus. This characteristic is maintained in 
the ¢2s bonding and antibonding orbitals of Oz and F2. Consequently, the 02s 
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FIG, 12.5 


AS 


electrons do not seriously interfere with the o2p electrons, and in the heavier 
diatomics, the energy of ¢2p is below the level of the 72p-orbitals. 

- Now we can examine the electronic structure and bonding of the homo- 
nuclear diatomic molecules of the second-row elements by feeding the appro- 
priate number of electrons into the orbital energy-level patterns of Fig. 12.5. 
We begin with Liz, which has a total of six electrons. Four of these are 1s 
electrons, two on each atom. The energy of these “core” electrons is very low, 
and since they are largely confined to regions near the nuclei, they do not con- 
tribute to chemical bonding. We shall therefore ignore them in Lig and in the 
other diatomics of higher atomic number. We are left then with two electrons 
which can be accommodated with paired spins in the o2s-orbital. Since Liz has 
two electrons in a bonding orbital, we say it has a single electron-pair bond. 

For Beg, we have in addition to the core 1s electrons, four valence electrons 
to accommodate. Two of them enter the ¢2s bonding orbital. The other two 
must enter the next available orbital of lowest energy, which is the o*2s anti- 
bonding orbital. Since Be; has two bonding and two antibonding electrons, its 


_ situation is much like that of Hey. We expect, therefore, that Bez will not be 


a bound molecule, and in fact no stable Bez is known. 

The molecule Ba is known to exist as a gaseous species, and to have two 
unpaired electrons. Let us see if this is consistent with our molecular-orbital 
energy-level diagram. Of the six valence electrons, a total of four enter the 
325- and o*2s-orbitals. The remaining two electrons would pair and enter the 
o2p-orbital, if that were the orbital of lowest energy available. In Bo, however, 
the 72p.- and 72p,-orbitals lie lower in energy than o2p, as we have discussed 
earlier. Since the 7-orbitals have the-same energy, the most favorable situation 
is for each to be occupied by one electron. The spins of these two electrons are 
parallel, just as are the spins of the electrons in the half-filled 2p atomic orbitals 


` in C, N, and O. In Bg then, we find four bonding valence electrons, and two 


antibonding electrons, for a net of 4 — 2 — 2 bonding electrons. Thus we can 
say that there is a single bond in Bo. However, a more accurate description 
would be that there are two half bonds, since the last two bonding electrons are 
in different orbitals. 

The molecule C; occurs in flames and electrical discharges through carbon- 


containing gases. It hes a bond energy of 150 kcal/mole, which suggests that 


the atoms are linked by a double bond. The molecule has eight valence elec- 
trons, two more than Bs. The most stable valence-electron configuration of Cs 
has been found to be (02s)? (0*2s)?(12p.)*(12p)?. The net number of bonding 
electrons is four, and thus the molecule has a double bond. The bonding 18 
rather unusual in that the double bond consists of two v bonds, rather than 
the more usual g-m combination. Another unusual feature of C; is that the 
electron configuration (o2s)?(o*2s)?(m2pz)?(a2py) (G2p)! is only 2.3 keal/mole 
higher in energy than the ground state. This shows that the T2p- and c2p-. 
orbitals are quite close in energy. 
The next molecule in the sequence is Na. As indicated in Section 11.7, the 
electron configuration of No is (025)? (0*2s)?(72p:)?(12py) (2p) 2 which corre- — 
S 
I 
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sponds to a triple bond. The 2s-o*2s bonding-antibonding pair can almost as 
well be regarded as two nonbonding 2s atomic orbitals, only slightly distorted 
by interaction with each other. Thus the triple bond consists of two m bonds 
and ag bond. . MUI NOM 

In Ng, all bonding orbitals are filled, and any additional-electrons in sub- 
sequent molecules must enter antibonding orbitals. The Oz molecule, for 
example, has 12 valence electrons, two more than Ns. The first ten of these 
can be accommodated as were the electrons in N2, but the last two must enter. 
the z* antibonding orbitals. The configuration of lowest energy has one of 
these last two electrons in the 7r#-orbital, and the other in the ax-orbital. The 
configuration of O is therefore 


(e25)*(0*2s)* (2p) («2p) (2p) (2p) (m72p)* 


and there is à net of 8 — 4 — 4 bonding electrons. We find what is in effect a 
double bond in Oz, which is consistent with its fairly large bond energy of 118 
kcal/mole. The double bond is somewhat unique, however, in that it seems to = 
consist of a triple bond opposed by two half antibonds. The molecular-orbital =s- ^ 
description of Os provides a simple explanation for the paramagnetic properties. g 
of the molecule, since the two electrons which occupy the two separate anti- , 
bonding orbitals have parallel spins. 
The fluorine molecule Fz has two more electrons than Os, and consequently 
has the valence electron configuration (025)? (o*25)* (2p) (12p)^ (m*2p)*. The 
net of 8 — 6 = 2 bending electrons corresponds to a single electron-pair bond. 
This bond-has a dissociation energy of only 35 kcal/mole, which is compara- 
tively small. One possible explanation of the small bond energy is that the four 
electrons in the m* antibonding orbitals exert a greater antibonding effect than 
the bonding effect of the four electrons in the m bonding orbitals. 
In contrast to the molecular-orbital approach, the valence-bond picture of 
F, treats the 2s-orbitals and two of the 2p-orbitals on each atom as nonbonding 
or atomic in character. These nonbonding orbitals accommodate six electrons 
on each atom, and the single electron-pair bond is formed by the overlap of the 
two remaining p-orbitals. Thus the treatment of the bond is essentially the 2 


same in the two pictures, but the electrons which are treated in the molecular- si t 


orbital method as bonding and antibonding pairs are described simply a8  ,. 
nonbonding or atomic in the electron-pair valence-bond method. * Ps 


Question. In the following pairs of molecules, which would have the greater dissociation 
energy? Of, 07 ; Bes, Bez; Bz, BY; C2, C2 - 


12.2 HETERONUCLEAR DIATOMIC MOLECULES 


In forming the LCAO approximations to the molecular orbitals for homonuclear 
diatomic molecules we combined with each other atomic orbitals of the same type 
from each atom. We did this because from the symmetry of homonuclear 
molecules we expect that electrons in a given molecular orbital are shared 


12.2 | HETERONUCLEAR DIATOMIC MOLECULES 543 


fs equally between the two identical nuclear centers. The molecular orbitals of 
heteronuclear molecules do not have this symmetric character. However, if the 
diatomic molecule is eomposed of atoms of rather similar atomic numbers, as is 
cua true for.CO; NO, and CN, the asymmetry is not pronounced, and the electronie 
structure ciu-be. described satisfactorily in terms of the molecular orbitals. 
which we used for homonuclear diatomics. Therefore, the CO molecule, which 

has ten valence electrons, has the valence-elestron configuration 


(02s)? (a*2s)?°(T2p)*(02p)’, 


just as does N». The qualitative difference is that because of the greater charge 
on the oxygen atom, the bonding molecular orbitals put more electron density 
„near the oxygen atom. For the antibonding orbitals, the opposite is true, as 
we shall see 


M Ry 


ER 
E Cd Schematic representation of the formation of «2s and o*2s in BN. The bonding c orbital s 
tud ^ NE more concentrated fear the more electronegative nitrogen, and the antibonding orbital has 


greatest amplitude near boron. 


-Let us consider forming the ¢ and o~ pair of molecular orbitals from two 

" atomic orbitals of different energy, such as the 2s-orbiia! of B and the 2s-orbital 
of N. Because of the greater nuclear charge of nitrogen, the 2s atomic orbital 
Mi on this nucleus lies lower in energy than does the 2s-orbital on the boron nucleus. 
eus We expect, consequently, that the lowest-energy or bonding c orbital formed 
by this combination will be concentrated largely at the nitrogen atom, since 
this is the region of-low potential energy. In the mathematieal description of 

4 * 
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this orbital, this asymmetry can be produced by adding the two atomic orbitals “== .. 
together with coefficients chosen to ensure that N 2s is more important than LE an cul 
B 2s. Thus the simplest LCAO approximation for the a-bonding molecular 

orbital is 22 ibis ESAE 


a = Cpyn(2s) + Crvn(28), s> 


where Cy > Cp > 0, and yg and yx are atomic wave functions centered on 
boron and nitrogen, respectively. : 

| The corresponding antibonding orbital will have a node between the nuclei, 
and will'be of higher energy. Because of the smaller nuclear charge on boron, 
the region around this nucleus is of higher potential energy than the region 
around the nitrogen nucleus. Consequently we expect that the antibonding 
orbital will be concentrated largely near the boron nucleus. The mathematical 
description is : 

| o* = Chin(25) — Cii 28), 


with Ch > Ch. A pictorial description of the formation of c and o* for BN is... B 


given in Fig. 12.6. P I 


A B ya P , 
PE te 
FIG. 12,7 . . 


Molecular-orbital energy-level diagram for a heteronuclear diatomic molecule AB in which 


B is more electronegative than A. 


Formation of the other bonding-antibonding molecular-orbital pairs for 
diatomic molecules whose nuclei do not differ greatly in atomic number follows 
the pattern we have just discussed. The bonding orbitals are more concentrated 
around the nucleus of higher atomic number, and. antibonding orbitals have ’ 
greater density near the nucleus of lower charge. An orbital energy-level $ 
diagram is given in Fig. 12.7. From it we can deduce that the valence-electron 
$ 


cu 2 322 | HETERONUCLEAR DIATOMIC MOLECULES 545 
: e aga 
de = i. D N > 


“configura: ion of BO is (e23)*(*25)*(. z2p)* (r,2p)*(a2p)!. The configuration 


of BN, which is not obvious from the diagram, is 
(e25)*(e*2s)*(m.2p)*(,2p) (2p)! . 


When the difference in the atomic numbers of the combining atoms is large, 
‘one must take special care in describing the molecular orbitals. In these cases, 
molecular orbitals are formed not by combining atomic orbitals of similar desig- 
nation (such as 2s with 2s, ete.) but by combining orbitals of similar energy. 
The molecule HF provides a good example. The hydrogen 1s atomic orbital 
does not combine with the fluorine 1s-orbital to form a molecular orbital 
because the 1s electrons of fluorine are very strongly bound, and are confined to 
regions quite near the fluorine nucleus. The same is true for the 2s electrons of 
fluorine. Because the binding energy associated with the 1s-orbital of hydrogen 
and the 2p-orbitals of fluorine are somewhat similar, overlap and interaction 
of H(1s) and F(2p,) does occur and produces a bonding-antibonding pair of 


A molecular orbitals. The 2p,- and 2p,-orbitals of fluorine remain as nonbonding 


atomic orbitals in HF. Since the ionization energy of H is 313.6 kcal/mole, and 
that of F is 402 kcal/mole, we expect that the electron pair in the ø bonding 
orbital of HF will spend more time near the fluorine nucleus. Consequently, 
HF should be a polar molecule, as is indeed observed. 

The gaseous molecule LiF provides an example of extremely unequal sharing 
of electrons in a molecular orbital. A o-c* pair is generated by the interaction 
of the lithium 2s-orbital and a fluorine 2p-orbital. Because the ionization energy 
of lithium is so much smaller than that of fluorine, the electron pair in the 
bonding orbital spends almost all of its time in the vicinity of the fluorine atom. 
Therefore, LiF is a very polar molecule, so much so that we say that the bonding 
is nearly purely ionic. Thus, by proper choice of the coefficients of the contribut- 
ing atomic orbitals, the molecular-orbital concept can be used to represent the 
pure covalent bond of homonuclear diatomics, and as well, the ionic bond of 
the alkali halides. 

Question. The energy level diagram in Fig. 12.7 is appropriate for molecules composed 


of the lower atomic umber elements Be, B, C, and N. What modification should be made 
to make it satisfactory for a molecule like OF? 


— 712,3 TRIATOMIC MOLECULES 


We begin with the simplest triatomic neutral molecule which we can imagine, 
Hg. Let us assume that this molecule has a linear symmetrie geometry, and 
later justify this assumption. For simplicity, we deal only with molecular 
orbitals built from hydrogen 1s-orbitals. Since there are three atomic orbitals, 
we expect to be able to generate three such molecular orbitals. The molecular 
orbital of lowest energy, shown in Fig. 12.8, consists of a linear combination of 
the three 1s-orbitals, all taken with the same sign. Because it is cylindrically 


symmetric with no nodes between the nuclei, it is a o-bonding orbital. Even 
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though it covers and binds together three nuclei, it accepts only two electrons 
with paired spins. "EL. 

The orbital of next higher energy in Fig. 12.8 has a node at the central 
hydrogen atom. As a result, the orbital does not produce bonding between the m 
outer and center atoms, and, in fact, the orbital is weakly antibonding betw. T 
the end atoms. Thus an electron in this orbital tends to force the molecule 
apart. 3 Paus 


M : 
Mea 
p Aae dvor yor ord sms 
a 
m 
: (8) (b) TRUE 
(a) Molecular orbitals of linear Hs and (b) wave functions for a particle in i box. FIG. 12.8 


The third orbital of Hg is obtained by combining the hydrogen 1s-orbitals 
with alternate signs: 
o* « +Wa(1s) — yo(1s) + ve(18). 


This produces an orbital with nodes between adjacent nuclei, as Fig. 12.8 shows. 
Consequently this orbital has very strong antibonding character. 

Figure 12.8 also shows a comparison between the molecular orbitals which 
we have generated for Ha and the wave functions fora particle in a box. The 
resemblance between the two sets of functions is not accidental, since a collec- 
tion of three protons does produce a Coulomb field which is somewhat like a +» 
box for electrons. The major difference is that the electron potential energy in 
Hs is not constant along the internuclear axis, but becomes markedly more 
negative near each nucleus. This is what is responsible for the sharp peaks in 
the Hg wave functions which do not appear in the particle-in-a-box function. 
We see, on the other hand, that the energy of the c orbitals of Hg increases o> 
as the number of nodes increases, just as is found for the particle-in-the-box 
functions. 7 

In Hs, two electrons enter the lowest o-bonding orbital. Phe third electron 
enters the next higher o orbital, which is relatively weakly antibonding between 
the end atoms and nonbonding between-end and center atoms. The net effect 
of this orbital occupation is that H is stable with respect to dissociation to 
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three atoms by approximately 94 keal/mole: 
Hs = 3H, AH = 94 kcal. 
This is approximately what we should expect for a molecule which has two 


< ponding electrons and one electron which is weakly antibonding. We must not 


conclude, however, that Hg is a stable molecule. The antibonding effect between 
the end atoms is great enough so that H; is slightly unstable with respect to 
Hy, and H: 

H; =H, +H, AH = —8 kcal. 


‘Consequently, H3 is a transient species which cannot be isolated in quantity. 
The energy and structure of H3 are important because it does occur as a tran- 
sient intermediate in the reaction between a hydrogen or deuterium atom and 
hydrogen molecules: 


D+H, > [DHH] > DH + H. 


From this we see that the activation energy of the hydrogen atom-hydrogen 
molecule reaction is just the energy needed to form H3 from H and Hg, or 
+8 keal. 

The most stable geometry of Hg is linear, rather than bent, since the last 
selectron is in an orbital which is antibonding between the two end atoms. Any 
bending of the molecule brings the two end atoms together, and this is opposed 
by the antibonding electron. 

The situation in H7 is different, because this molecule-ion has no electron 
in the antibonding orbitals. There are two major consequences of this. First, 
H} is stable with respect to dissociation: 


Hg = Ht+H+H, AH = 204 kcal, 
Hy = H*+ Hp, AH = 105 kcal. 


Second, H? is not linear, but has the geometry of an equilateral triangle. The 
molecular orbital of lowest energy, occupied by two electrons, is formed by the 
mutual overlap of three 1s atomic -orbitals. Another way of describing the 
bonding in Hf was discussed in Section 11.8. 

In describing H3 we have made the first use of molecular orbitals which are 
delocalized (i.e., which cover more than two atoms). This technique is a neces- 
sary extension of the simpler idea that molecules are bonded by electron pairs 
localized between pairs of nuclei. In Section 11.8 we saw how multicenter 
bonding can be described in terms of resonance structures. The delocalized 
molecular-orbital method is the more useful and natural technique for mathe- 
maticaily describing multicenter bonding; but the localized electron-pair idea 
with resonance structures is often more convenient for generalizing a qualitative 
picture of molecular binding. In subsequent discussions, we shall try to draw 
attention to the relation between the localized and delocalized pictures. 
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Liu Triatomic Hydrides 


In comparing Hg with Hj we have encountered a very important general 
phenomenon. The geometry of molecules can be profoundly influenced by a 
` relatively small change in the number of electrons or in the molecular orbitals 


which a given number of electrons occupy. Our next example again illustrates- 


this idea. $ 

We shall now examine the electronic structure of methylene, CHa. Methylene 
is a stable but very reactive molecule, and consequently exists only as a tran- 
sient species in certain chemical reactions. Nevertheless, high-speed molecular 
spectroscopy has provided a fairly clear picture of its molecular structure. 

A triatomic molecule like CH: may have either a linear or bent structure, 
and it is not at all immediately clear which is the more stable. To begin, we 
shall assume a linear geometry, construct the molecular orbitals, and then 
repeat the process for a bent CHo. Then we shall compare the electronic struc- 
tures of the two forms, and draw conclusions. 

For the linear H—C—H we can construct a sigma bonding-antibonding pair 
of molecular orbitals from the carbon 2s-orbitals and the hydrogen 1s-orbitals. 
The forms of these orbitals would be 


Oa = Cj1s, + C228, + Cils 
and 
os = Cals, = C425; + Cle, 


where 2s, stands for the 2s wave function of carbon, and 1s,, 1s, stand for the 
1s-orbitals of hydrogen atoms a and b. The coefficients of the two hydrogen- 
atom functions in a given molecular orbital are the same, since the methylene 
molecule is symmetric. Notice that these orbitals are very much like the lowest- 
and highest-energy orbitals of Hs, except that the carbon 2s-orbital substitutes 
for the central hydrogen orbital. 

‘A second g bonding-antibonding pair can be constructed for CH», this time 
using the 2p,-orbital of carbon. The mathematical forms of these orbitals are 
Op = Cslsa + Co2pe — Color, 
oF = Cris, bip Cs2pc = Czlsy. 

A pictorial representation of these orbitals is given in Fig. 12.9. Note that since 
the carbon 2p,-orbital has two lobes of different sign, the hydrogen-atom orbitals 
must be added in with opposite signs to give a bonding orbital with no inter- 
nuclear nodes. The antibonding orbital is obtained by using the same combina- 
tion. of hydrogen orbitals, but with the sign of the carbon 2p,-orbital reversed. 
Note also that so far as its nodal properties are concerned, the o,-orbital is 
somewhat analogous to the c-orbital of intermediate energy in Ha. The methy- 
lene orbital is different in that it is bonding between the end and center atoms, 
because it includes a contribution from the carbon 2p,orbital. As a result it is 
bonding between end and center atoms, but antibonding between end atorns. 
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From the four atomic orbitals 2s, 2p, of carbon, and 1s from the hydrogen 
atoms, we have generated four molecular orbitals. Hydrogen has no low-energy 
p-orbitals to interact with the 2p,- and 2p,-orbitals of carbon, and so these 
remain as localized nonbonding orbitals in linear methylene. 
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H—C—H 


FIG. 12.9 Schematic représentation of the formation of the e and o* molecular orbitals of linear 
methylene. 


The orbital energy-level diagram for linear methylene is shown in Fig. 12.10. 
The total of six valence electrons fill the two c-bonding orbitals, and half-fill 
each of the two nonbonding carbon 2p,- and 2p,-orbitals, with the latter two 
electrons having parallel spin.‘ Thus we can describe methylene as held together 
by two three-center c bonds. We can also conclude that linear methylene will 
have unpaired electron spins, and this has been experimentally verified. 

It is edifying to construct the localized valence-bond picture of methylene; 
and compare it to the molecular-orbital picture. We begin by constructing 
sp hybrid atomic orbitals on the carbon atom. We then construct two localized 
electron-pair bonds to the hydrogen atoms by combining each sp hybrid with 
the appropriate H 1s function. Each of these valence-bond orbitals accommo- 
dates two electrons with paired spins, and the last two valence electrons remain 
in nonbonding carbon 2p-orbitals. "Thus the delocalized molecular-orbital 
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picture and the valence-bond sp-hybrid picture are fairly closely related, in 


that in both models the bonding electrons occupy v orbitals generated from - 


carbon 2s- and 2p,-orbitals in combination with atomic hydrogen 1s-orbitals. 

We can generate the orbital-energy diagram for bent CH, simply by examin- 
ing what happens to the energy of the individual molecular orbitals as linear 
CH, is bent. The lowest-energy c orbital constructed of the nondirectional 
carbon 2s- and hydrogen 1s-orbitals is relatively unchanged in energy by bending 
the molecule. However, the next higher g orbital becomes weaker bonding and 
higher in energy. as the molecule bends, because the overlap between the carbon 
2p,- and the hydrogen 1s-orbitals decreases as the hydrogen atoms move off 
the z-axis, and because this orbital, being antibonding between end atoms, 
increases in energy as the hydrogen atoms approach each other:* 


a 


NE a 


C orbitals 


Molecular orbitals 


Molecular-orbital energy-level diagram for linear methylene. 


If we imagine that the bending of the molecule takes place in the zz-plane, 
we can conclude that the energy of the carbon 2p,-orbital is left unchanged. 
This orbital has a node in the 2z-plane, and since it is cylindrically symmetric 
about the y-axis, it is insensitive to the angular positions of the hydrogen atoms. 
The situation is quite different for the carbon 2p,-orbital, however. Figure 12.11 
shows that, as the molecule bends, the carbon 2p,-orbital begins to overlap 
with the 1s-orbitals of the hydrogen atoms. This overlap lowers the energy of 
the 2p,-orbital, for instead of being nonbonding, the 2p,-orbital acquires boud- 
ing character in the bent methylene molecule. 
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FIG. 12.11 


FIG, 12.12 


= 03 


Schematic demonstration of the increase in overlap and bonding character that occurs 
between hydrogen 1s-orbitals and the carbon 2p,-orbital when methylene is bent in the 
xz-plane. 


The molecular-orbital energy-level diagram for bent methylene and other bent XH; mole- 
cules. The c designation of the orbitals is not fully accurate since cylindrical symmetry is 
lost in a bent molecule. These c orbitals are further described by giving the principal 
contributing atomic orbital on the central atom. 


Figure 12.12 gives the resulting orbital energy-level diagram for the bent 
methylene molecule, which also applies to other bent molecules of the XH; type. 
We see that the energy of vp, has been increased and that of Pz has been lowered 
relative to their energies in linear CH», but otherwise the pattern differs rela- 
tively little from that shown in Fig. 12.10. One important detail is that in the 
bent molecule the bonds no longer have cylindrical symmetry, so the notation 
c and o* is strictly no longer applicable. For the present, however, it is better 
to retain the improper o-c* notation in order to emphasize the relationship 
between the orbitals in the bent and linear molecules. 

The six valence electrons of bent CH» can enter the three low-energy orbitals 
with paired spins, and leave the nonbonding 2p,-orbital empty. Thus, in con- 
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trast to the linear molecule, bent methylene should have no unpaired electron 


spins. This has been found experimentally. The question of whether the linear 
or bent molecule is the more stable cannot be answered merely by examining the 
orbital-energy. diagrams. Bent CH; achieves some stability by having, in 
addition to its two pairs of bonding electrons, a third pair of electrons in the 
€p orbital which has some bonding character. On the other hand, while linear 
methylene has only two pairs of bonding electrons, it avoids some electron 
repulsion by having only one electron in the 2p,- and 2p,-orbitals. The actual 
condition of the CHz molecule found experimentally is a compromise between 


these two effects. In its lowest electronic state, the molecule has one electron . 


each in the 2p,- and 2p,orbitals, and is slightly bent so that the 2p;-orbital 
energy is lowered somewhat. 
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4 H—X—H— 


A localized valence-bond model for bent methylene would involve three sp? 
hybrid orbitals on the carbon atom. Two of these would be used to form electron- 
pair bonds to each hydrogen atom. The third sp? hybrid would be occupied by 
a pair of nonbonding electrons, but would be of fairly low energy because of the 
partial s-orbital character. The carbon 2p-orbital perpendicular to the plane 
of the molecule would be unoccupied. Thus again the localized valence-bond 
model is fairly closely related to the delocalized molecular-orbital picture. 

By plotting the qualitative dependence of orbital energy as a function of 
bond angle, we can generate the diagram shown in Fig. 12.13 which can be used 
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FIG. 12.13 


to predict or rationalize the geometries of triatomic hydrides. For example, the 
transient molecule BeH has four valence electrons, just enough to occupy the 
two low-energy o bonding orbitals. As Fig. 12.13 shows, these orbitals have 
lowest energy in the linear configuration, and hence we expect BeH; to be a 
linear molecule. 

Pasging to BH2, we have five valence electrons, four of which enter the 
a bonding orbitals. The fifth electron enters what is an atomic 2p-orbital of 
boron in the linear configuration. Figure 12.13 shows, however, that the energy 
of this orbital is lower if the molecule is bent. In BH; this energy-lowering upon 
bending is enough to overcome the rise in energy of the op, orbital, and BH, is 
a bent molecule. In electronically excited BH», however, the last electron 
occupies the p,-orbital, and from Fig. 12.13 we expect this excited BH, will be 
a linear molecule. This is found experimentally. : 

The next molecule in the series is CHa, which we have discussed in detail, 
and noted that the linear configuration with the lower electron repulsion is 
favored. In NH, however, there is an additional electron, and double occu- 
pancy of orbitals cannot be avoided. Thus the bent geometry of NH. is favored, 
since after four electrons have occupied the two lowest bonding orbitals, two 
electrons must occupy the c;-orbital whose energy decreases as the molecule 
bends. The last electron enters the nitrogen p,-orbitai. 

In the water molecule, the eight valence electrons occupy the two strong 
€ bonding orbitals, the in-plane nonbonding c-orbital which is of low energy 
in the bent form, and the nonbonding p,-orbital of the oxygen atom. Thus 
water should be, and is found to be, a bent molecule. 


Question. Would you expect the following triatomic hydrides to be linear or bent mol- 
ecules? CHF, NH7, BH, BHz. 


Triatomic Nonhydrides 


We turn now to the molecular-orbital description of the linear symmetric mole- 
cule COs. The orbitals which we generate for it can be generalized and applied 
to a discussion of the structure of other triatomic molecules which do not 
contain hydrogen. 

For simplicity we take the 2s-orbitals of the two oxygen atoms to be non- 
bonding atomic orbitals even in the molecule. Then one g-c* pair of molecular 
orbitals ean be generated from overlap of the carbon 2s-orbital with the 2pz- 
orbitals of oxygen. Another o-o* pair can be made from combination of the 
carbon 2p,-orbital with the oxygen 2p,-orbitals. The simplest LCAO approxi- 
mations to these four molecular orbitals are 


92, = C12pa(O) + C228(C) + C12pp(0), 
73s = Cs2p.(O) — C428(C) + Cs2p,(0), 
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and 
T2p = Cs2p.(0) + Ce2p(C) — C52m (0), 
3 = C;2p.(0) — Cs2p(C) — C72p,(0). 


The signs have been chosen so that there are no internuclear nodes for the 
bonding orbitals, but there are nodes between the nuclei in the antibonding 
orbitals. These orbitals have their lowest energy when the molecule is linear. 
The pictorial representation of these orbitals appears in Fig. 12.14. 
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A schematic representation of the formation of the bonding, nonbonding, and antibonding 
orbitals of linear COs. 
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FIG. 12.14 


FIG. 12.15 


The m molecular orbitals are generated from the overlap of the atomic 
p-orbitals which are perpendicular to the internuclear axis of the molecule. 
There are six such atomic orbitals, so we expect six m molecular orbitals. Three 
of these will be 7,-orbitals, and three will be equivalent 7,-orbitals. The 
T-orbital of lowest energy has the form 


Tz = Co2pa(O) + Cr02p(C) + Co2m(0), 


where p, atomic orbitals are used. There is a m,-orbital of the same form and 
same energy. Both are strongly bonding. 


The molecular-orbital energy-level diagram of linear symmetric CO2 and other linear 
triatomic molecules. 


The T-orbital of next higher energy involves only the oxygen atoms. It is 
nonbonding to the carbon atom, and weakly antibonding between the oxygen 
atoms. Its form is 


m? « 2p.(0) — 2p,(0), 
and there is a 72-orbital of the same form and energy. The notation q^ draws 
attention to the nonbonding character of the orbital, but it must be remembered 


that there is also a weak antibonding interaction between the oxygen atoms. 
The third and highest-energy 7-orbital is 


mz = C112p.(O) — C122p(C) + C112p2(0), 


MOLECULAR ORBITALS | 12.3 


which is antibonding between carbon and oxygen. The 7;-orbital has the same 
form and energy. 

We see that the combinations of the p-orbitals produces a pair of strongly 
bonding 7-orbitals, a pair of essentially nonbonding +"®-orbitals, and a pair of 
strongly antibonding 7*-orbitals. The form of these z-orbitals is shown in 
Fig. 12.14. Comparison of this set of 7 orbitals with the g-orbitals of H5 shows 
that they have the same bonding, nonbonding, and antibonding pattern, and 
the same internuclear nodal properties. 

Figure 12.15 shows the energy-level pattern of the molecular orbitals of 
linear symmetric COs. The 16 valence electrons fill the two oxygen 2s atomic 
orbitals, the two o bonding orbitals, the two 7 bonding and the two m nonbond- 
ing orbitals, Since there is a total of eight bonding electrons, the two C—O 
links can be regarded as double bonds, just as is done in the electron-dot or 
valence-bond representations. We also notice that the orbitals which are 
occupied are all more stable when the molecule is linear, which is, in fact, found 
to be the geometry of CO3. 

The molecular orbitals which we have just discussed can be used to describe 
other triatomic molecules which have 16 or fewer valence electrons. Other 
16-electron molecules which have the expected linear geometry and which are 
strongly bound are N20, Nz, OSs, OCS, OCN-, and NOJ. In molecules like 
CS;, where the valence atomic orbitals of sulfur have principal quantum number 
n = 8, the form of the molecular orbitals is quite analogous to that which 
occurs in CO2. 

The transient reactive molecules NCO, NCN, CCN, and C; have respec- 
tively 15, 14, 13, and 12 valence electrons. They all have eight electrons in the 
two c and two 7 bonding orbitals, and between three and zero T nonbonding 
electrons. Like COs, they are all linear molecules. 

Tf more than 16 electrons must be accommodated in a linear molecule, some 
would have to enter the T* antibonding orbitals, as Fig. 12.15 shows. This 
unfavorable situation can be relieved somewhat if the molecule departs from 
linearity. If the molecule is bent in the zz-plane, the my bonding, nonbonding, 
and antibonding orbitals remain largely unchanged in character and energy. 
The 7;-, 725-, and w-orbitals changé considerably, however. They revert to 
2p, atomic nonbonding orbitals on the two end atoms, and a p,-orbital on the 
central atom. This orbital is also largely nonbonding, but as we found in the 
discussion of CH3, the orbital energy lowers as the molecule bends by overlap- 
ping and combining with the ø bonding system. 

Figure 12.16 summarizes the behavior of the molecular orbitals of a triatomic 
molecule as it is bent, and Fig. 12.17 shows the orbital energy-level pattern that 
can be applied to most bent triatomics. If we enter the 17 electrons of NO; 
into these orbitals, for example, we find six bonding electrons, 11 nonbonding 
electrons, and no antibonding electrons. Of the three bonding orbitals, two are o 
and one 7, and all three cover all nuclei. Thus there are on the average 6/2 = 3 
electrons per chemical bond; this corresponds to two 14 bonds in NOo. This is 


12.3 | TRIATOMIC MOLECULES 


557 


Ts 
op 
os 
xt xi, at 
Pzo Prs 
" 725, aj 
Ty 
K Ty Tzs Ty 
FIG, 12.16 The qualitative variation of the 
orbital energies of the XYs mole- B 
cules as a function of the XY; bond S 9. 
angle. à des 
os Tp 
9s 
25, 25» 25, 28b 
90* 180* 


FIG. 12.17 Molecular-orbital energy-level dia- 
gram for benttriatomic molecules. 
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consistent with the conclusion drawn from the electron-dot resonance structures 
SO a Sere Ay ey 


We expect that the bond energy of NO; is less than that of CO», which has 
two double bonds. This is found experimentally: 


NO;— NO--O, AH = +72 kcal, 
C0; = CO + 0, AH = +127 kcal. 


Even though bending NO; reduces the number of m bonds, this is evidently 
energetically more favorable than retaining the linear geometry, and forcing 
the last electron to enter a 7* molecular orbital which is strongly antibonding. 

In the nitrite ion, NO7 and ozone, Os, there are 18 valence electrons. On 
the basis of the arguments just given, we expect these molecules to be bent, and 
to have the electron configuration given in Fig. 12.18. The bond angle of NOF 
is 115°, smaller than that of NO» (185°), as expected. The bond angle in 03 
is 117°, very similar to that of NOZ. 


The molecular-orbital occu- 
pancy for Os, NOz, and other 
18-electron triatomic mole- 
cules. 
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. Passing to molecules like NF? and OF 2 with 19 and 20 valence electrons 
respectively, we see from Figs. 12.16 and 12.18 that electrons 19 and 20 enter 
the 7; antibonding orbital whose energy is not sensitive to bond angle. Conse- 
quently these molecules are bent, just as are molecules with 17 and 18 electrons. 
For OFs, Fig. 12.18 shows that there are three pairs of bonding electrons, eight 
pairs of nonbonding electrons, and one antibonding pair, for a net of four 
electrons binding three nuclei. We could picture the binding in OF, as due to 
a pair of single bonds. The small bond energy of 45 keal/mole suggests that the 
effect of the 7* antibonding electrons is quite pronounced. 

The molecule OF; is a case in which the delocalized molecular-orbital ap- 
proach provides a better qualitative description of the molecule than does the 
simplest valence-bond picture. In the latter, there are electron-pair bonds 
between the oxygen and the two fluorine atoms, and the rest of the electrons 
are considered nonbonding. To account for the low bond energy, repulsions 
between the nonbonded electron pairs of the oxygen and fluorine are postulated. 
Tn the delocalized molecular-orbital picture, these “repulsions” are described 
naturally by the effect of the antibonding electrons. 

As examples of molecules with 22 valence electrons we have Iz and the other 
trihalide ions, as well as KrF and XeF2. From Fig. 12.16 we see that electrons 
21 and 22 in these molecules must be in the strongly antibonding c?-orbital. 
The energy of this orbital is lowest in the linear configuration. This effect is so 
strong that the most stable geometry of molecules with 21 or 22 valence elec- 
trons is linear. From Fig. 12.15, we deduce that such molecules as KrFs, XeF 2, 
and I3 have four pairs of bonding electrons, four pairs of nonbonding electrons, 
and three pairs of antibonding electrons. This leaves a net of two bonding 
electrons to hold together three atoms, or effectively one electron per inter- 
nuclear linkage. As a result, these 22-electron molecules are not very stable 
with respect to dissociation. 

We should note that this delocalized molecular-orbital description of XeF2 
is quite different from the simple valence-bond picture. In the latter, two 
5d-orbitals of Xe would be combined with the 5s- and 5p-orbitals to give a 
d*sp® hybrid set. Two of these hybrids would be used to form electron-pair 
bonds to the two fluorine atoms, while the three other hybrids would be filled 
with six nonbonding electrons. In this manner, the ten valence electrons which 
surround xenon in XeF; can be accommodated. It is not yet clear whether this 
valence-bond description or the delocalized molecular-orbital picture is a better 
approximation to the actual electronic structure. 


12.4 TRIGONAL PLANAR MOLECULES 


We select for our discussion the nitrate ion, NO3, which, as noted in Section 
11.8, is a planar symmetric molecule with the oxygen atoms at the apices of an 
equilateral triangle. The orbital pattern we will generate applies to other 
molecules of this geometry, such as SO3, BF3, and COs. 
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The detailed mathematical description of the molecular orbitals for trigonal 
planar molecules is noticeably more complicated than what we have encountered 
for diatomic and triatomie molecules. Rather than become involved in this 
detail, we shall proceed intuitively, using our previous experience as a guide. 
We begin by dividing the molecular orbitals into two groups: the o-orbitals 
which have greatest density in the plane of the molecule, and the z-orbitals, 
which. have greatest density above and below the nuclear (or zy) plane. Again 
we regard the three oxygen 2s-orbitals as atomic nonbonding orbitals. 

Let us concentrate first on the e molecular orbitals. To construct them, we 
have available the 2p,-, 2p,-, and 2s-orbitals of the central nitrogen atom, as 
well as the one p-orbital from each oxygen atom which points along the N—O 
axis. This is a total of six atomic orbitals, and we expect six c molecular orbitals, 
three bonding and three antibonding. 


a 
e aor ks) 
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Formation of o,-orbitals for a planar trigona! molecule. 


One o-c* pair is easy to generate, as Fig. 12.19 shows. These orbitals arise 
from the interaction of the 2p-orbitals of oxygen with the 2s-orbital of nitrogen. 
The strongly bonding component is designated ¢,, and its strongly antibonding 
partner c7. 

The atomic 2p,- and 2p,-orbitals of nitrogen are equivalent, and thus we 
might expect to generate from them and the p-orbitals of oxygen two equivalent 
bonding c;-orbitals, and their equivalent antibonding components. The two 


equivalent bonding orbitals are shown in Fig. 12.20, and their antibonding 
partners can be generated by choosing the signs of the oxygen p-orbitals so that 
internuclear nodes appear. The two v; bonding orbitals have the same energy, 
although this fact is not obvious from Fig. 12.20. Likewise, the two o3-orbitals 
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FIG. 12.19 


FIG. 12.20 Schematic representation of the formation of the two equivalent op bonding orbitals fora 
planar trigonal molecule. The two antibonding partners can be obtained by reversing the 
signs on the central p-orbital, 
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FIG, 12.21 The molecular-orbital energy levels for NOs and other planar trigonal molecules. 


have the same energy. The two 7, bonding orbitals, two o* antibonding 
orbitals, and the 0,-07 bonding-antibonding pair give us the six o molecular 
orbitals which we expected to generate from the six available atomic orbitals. 
These six molecular orbitals appear in the energy-level pattern for NOF as 
indicated in Fig. 12.21. 
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Each oxygen atom has a 2p-orbital which lies in the zy or molecular plane, 
but which is perpendicular to its N—O bond axis. These three oxygen orbitals 
are nonbonding in the molecule, and thus their energy is about the same as 
that of a 2p-orbital in a free atom. This is indicated in Fig. 12.21. 

We now consider the 7 molecular orbitals of NO3. To generate them we 
have one p-orbital on each oxygen atom and one p-orbital on. the central 
nitrogen atom, all with their lobes above and below the molecular plane. From 
these four atomic orbitals, we expect four molecular orbitals. As Fig. 12.22 
shows, it is easy to generate a m-t* bonding-antibonding pair of molecular 
orbitals. The remaining pair of -orbitals is nonbonding and equal in energy. 
Unfortunately these are difficult to represent graphically in a way which con- 
vineingly demonstrates their equivalence. We will have to accept without proof 
the results of the mathematical analysis which reveals these properties. 


Formation of thee and z* bonding and antibonding molecular orbitals in NOs and other 
planar trigonal molecules. 


Having generated 16 molecular orbitals from the 16 atomic orbitals avail- 
able, we have a complete set of orbitals for NOg and other molecules of similar 
geometry. The energy-level pattern of these orbitals is shown in Fig. 12.21. 
The 24 valence electrons of NO; fill four bonding orbitals and eight nonbonding 
orbitals. Since there are three N—O linkages, each can be called a 14 bond. 
This description is consistent with the resonance structures which occur in the 
valence-bond picture of NO3 : 

S uude rbi 
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The molecules S03, BF3, and CO; also have 24 valence electrons and have 


electronic structures which are the same as that of NO;. 
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FIG. 12.22 


12.5 SOME ORGANIC MOLECULES 


In treating hydrocarbon molecules it is usually easiest to proceed as we did in _ 
Section 11.7 for ethylene. A system of localized ø bonds is generated by forming 
hybrid orbitals on carbon which are appropriate to the molecular geometry, 
and then overlapping these hybrids to form ø bonds to hydrogen atoms or carbon 
atoms. The second component of double bonds is then formed by the overlap 
of carbon p-orbitals which are perpendicular to the internuclear axis. This 
procedure is sufficient to describe “isolated” double bonds which occur in 
1-butene or 1,4-pentadiene: 


1 


1 2 3.4 1 23 4 5 
CH:=CHCH:CH; CH:=CHCH;CH=CH; 
1-butene 1,4-pentadiene 


Special effects arise, however, when the double bonds are conjugated, or sepa- 
rated by only one C—C linkage, as in 1,3-butadiene: 


1 2-8 4 
CH5—CHCH-—CH; 
1,3-butadiene 


Let us treat the 7 bonding system of 1,3-butadiene by the delocalized molecular- 
orbital method. 

We begin by assuming that the c orbital system of butadiene exists, and 
that we have to deal with only one p atomic orbital on each carbon atom. From 
these four atomic orbitals we can expect to generate four molecular orbitals, 
Figure 12.23 indicates how this is done. 

We see that the orbital of lowest energy has no internuclear nodes, and thus 
is bonding between all nuclei. The orbital of next higher energy has one node 
between the inner carbon atoms. Consequently it is bonding between atoms 
a and b, and between atoms c and d, but antibonding between atoms b and c. 
From the nodal pattern of the third orbital, we see that it is b-c bonding, but 
a-b, and c-d antibonding. Finally the orbital of highest energy has nodes 
between all nuclei, and is totally antibonding. Notice that the internuclear 
nodal pattern of these z-orbitals is very much like the nodal pattern of the 
particle-in-a-box wave functions. This analogy ean be pursued quantitatively, 
and for long-chain conjugated molecules, particle-in-a-box wave functions are 
often used in place of LCAO molecular orbitals to describe the 7 electrons. 

In butadiene there are four electrons to be accommodated. Thus the two 
7 orbitals of lowest energy in Fig. 12.23 each have two electrons of paired spin 
inthem. We have then two occupied orbitals which are bonding between atoms 
a and b, and atoms c and d. Four 7 bonding electrons spread over two linkages 
give in effect one m bond at each linkage; this is consistent with the simple 
valence-bond deseription of butadiene. Of the two occupied orbitals, one i$ 
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bonding between atoms b and e, the other antibonding; thus there is approxi- 
mately no 7 bonding between these centers. This, too, is consistent with the 
simplest valence-bond picture. However, quantitative calculations show that 
this cancellation of m bonding between the inner atoms in butadiene is not 
exact, and that there is some double-bond character between them. In valence- 
bond terms, this is described by the resonance structures 


+ + 
CH,—CH=CH—CH, & CH,=CH—CH=CH, «+ CH5—CH—C— CH». 


Again, the delocalized molecular-orbital method appears to be a more satis- 
factory method of describing these effects. 
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Schematic representation of the formation of the molecular orbitals of 1,3-butadiene from FIG. 12.23 


atomic p-orbitals. 


In Section 11.8 we noted the special stability of the benzene molecule CHo: 
The fact that this molecule has the geometry of a regular hexagon with six 
equivalent C—C bonds was rationalized by using the resonance structures 


O-O 


12.5 | SOME ORGANIC MOLECULES 565 


in which the presence of carbon and hydrogen atoms is understood. How is thig | 

molecule described in terms of delocalized molecular orbitals? [ 
We begin by assuming the existence of the v bonding system, and six unused 

p-orbitals perpendieular to the molecular plane. From these six atomic orbitals 

we expect to find six z molecular orbitals. As Fig. 12.24 shows, one bonding- 

antibonding pair is easy to find. The strongly 7 bonding component consists 

of the overlap of all p-orbitals, with no internuclear nodes, whereas the z* 

antibonding orbital has nodes between all nuclei. These are respectively the 

lowest- and highest-energy 7-orbitals of benzene. 


FIG. 12.24 Schematic representation of the molecular orbitals of benzene and their relative energy 
levels. Thetop viewof theorbitals is given ithe signs are opposite in the bottom lobes of the 
orbitals which lie below the molecular plane. [ 


There are four molecular orbitals yet to be found. Generating these properly 
from the atomic orbitals requires techniques which we have not developed, s0 
we shall have to quote the results. There is a pair of molecular orbitals shown 
in Fig. 12.24 which have only one node. Although these orbitals do not appeat 
equivalent, they have the Same energy and are predominantly of bonding 
character. The members of another pair of molecular orbitals, also shown in 
Fig. 12.24, have three nodal surfaces. These orbitals are of equal energy, even 
though they do not resemble each other. They are both of predominantly 
antibonding character. 
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The orbital energy-level pattern for benzene is given in Fig. 12.24. There 
are six electrons to occupy the lowest three 7 orbitals with paired spins. 
Occupation of these three orbitals gives six m bonding electrons which cover 
the whole molecule. 


12.6 CONCLUSION 


In this chapter we have described the electronic structures of several types of 
molecules by-one of the simplest approximate methods available—delocalized 
molecular orbitals made by linearly combining atomic orbitals. These LCAO- 
MO's give a useful qualitative picture of the electronic properties of molecules, 
but in their simplest form do not allow accurate quantum-mechanical calcula- 
tion of molecular properties. Nevertheless, LCAO-MO's allow us to see more 
clearly the sometimes very strong relationships between the structure and bond 
properties of superficially different molecules like BF; and NO3, CO; and 
NOZ, OF and Fs, ete. Consequently, LCAO-MO's, used critically and cau- 
tiously, can be an important means for qualitatively understanding and 
correlating chemical behavior. 
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124 Which of the following pairs of molecules would you expect to have the higher 
bond energy? 

a) E, Eis b) NO, NO-; c) BN, BO; 

d) NF, NO; e) Be,, Bes. 

12.2 Construct a molecular-orbital energy-level diagram which would be appropriate 
for ionic molecules like LiF. 

12.3 Construct a molecular-orbital energy-level diagram for HF. 
12.4 The ion COZ can be produced in radiation-damaged crystals of substances that 
contain the —COOH group. What would you expect the geometry of CO7 to be? 
12.5 Predict the geometries of the following triatomic molecules. 

a) CCn, b) CCO, c) FCO, d) FOO, 

e) FNO, f) FCN, g) NCO. 
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12.6 Given that Nj exists as a weakly bound ion, would you expect N, to be a bound X F 
molecule? What about N}? 


12.7 Predict the geometries of the following symmetric triatomic molecules: 


a) OBO, b) CNC, c) Lit ^ d) cof, 
e) OF, f) Fy, g) Oz- 


12.8 Discuss the relation between the bonding in the molecules BF, F2CO, and 
FNOs. Do you think a bound planar trigonal O4 might be found some time in the 
future? 


12.9 Discuss the m molecular orbitals in cyanogen, which has the valence-bond 
structure N=C—C=N. 


12.10 What changes in the m molecular orbitals and energy levels occur when one of 
the CH groups in benzene is replaced by an N atom to give pyridine CsHsN? Note 


that nitrogen is more electronegative than CH, so orbitals with electron density at 
the nitrogen will be lowered. 


12.11 Use the molecular orbital-energy level diagram of problem 12.3 to consider the 
molecules OH and OH+, Would you expect their dissociation energies to O + H and 
O* -- H, respectively, to be similar, or very different? Why? 


MOLECULAR ORBITALS 


CHAPTER 13 


PERIODIC PROPERTIES 


In this and subsequent chapters we shall be dealing with the descriptive chem- 
istry of the elements. To say that this is a vast subject is a truism, for descriptive 
chemistry in the broadest sense includes all we know about all matter. Even a 
first approach to this subject would be hopelessly confusing were it not for a 
most useful generalization: the properties of the elements are periodic functions of 
their atomic numbers. With the help of this periodic law, it is possible to organize 
and to systematize the chemistry of the elements into a manageable subject. 
Learning descriptive chemistry then becomes a process of discovery and assess- 
ment of facts, prediction and verification of chemical behavior, and evaluation 
of correlations and explanations. All of this leads to an understanding of why 
elements have the properties they do. By no means are there satisfactory 
explanations for all chemical behavior and there is considerable opportunity to 
generate new ideas about why matter behaves as it does. In this chapter we 
shall discuss some of the most useful systematic relations that exist in descrip- 
tive chemistry. This background will help us to organize the more detailed 
information in subsequent chapters and will provide us with a general view of 
chemical behavior. 


13.1 THE PERIODIC TABLE 


Since the first publications of the periodie law by Mendeleev and Meyer in 
the 1870’s, there has been a very large number of forms proposed for the periodic 
table. The version that is easiest to use and which is most closely related to the 
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electronic structures of the atoms is the so-called long form shown in Table 13.1. 
The elements fall into 18 vertical columns which define the chemical families 
or groups. The members of each group most often have valence-electron con- 
figurations that are the same, except for principal quantum numbers. While 
chemical similarities are most often strongest among elements in the same 
column, there is some resemblance between elements that are not in the same 
column but which do have the same number of valence electrons. For example, 
members of the scandium group have the configurations (n — 1)d!ns? and are 
in some respects similar to the elements below boron, which have the con- 
figurations ns?np!. Consequently, the elements under scandium in the third 
column are said to be members of group III, subgroup B, or simply of group 
IIIB, while the boron family is labeled as group IIIA. Other groups in the 
periodic table are related and labeled in a similar manner. The elements in the 
three columns designated as group VIII resemble each other in many respects 
and separate the A subgroups from the B subgroups in the periodic table. 


The separation of the periodic table into blocks of elements according to the filling of 
valence orbitals. 


To keep the periodic chart from being excessively long, the 14 elements which 
follow lanthanum and the 14 elements that fall after actinium are placed in 
separate rows at the bottom of the table. This procedure also emphasizes that 
the periodic table can be broken into blocks of elements on the basis of the 
electron configurations of the atoms. Figure 13.1 shows that the elements in 
which the s-, p-, d-, and f-orbitals are being filled are grouped naturally in 
the long form of the periodic table. The eight families of the s- and p-blocks 
are often called the representative elements, those of the d-block are called transi- 
tion elements, while members of the f-block are known as the inner transition 
elements. 

While the structure of the periodic table is designed to emphasize the exis- 
tence of vertical relationships between members of the same group, a number of 
properties show regular trends along each row of the table. We have already 


13.1 | THE PERIODIC TABLE 


FIG, 13.1 


571 


13.2 PERIODIC PROPERTIES 


Electrical and Structural Properties 


572 


come upon one such trend in Chapter 10: the general tendency for ioniza 
energy to increase along any row of the periodic table. Our discussion in tl 
and subsequent chapters will reveal other similar horizontal trends in chemie 
and physical properties. In addition, important diagonal relationships appear: 
There are often similarities between an element and its diagonal neighbor in — 
the succeeding colunth and row of the periodic table. To make the existence of - 
such relationships clear, and to emphasize the usefulness of the periodic table, — 
in the remainder of this chapter we shall discuss some of the clearer trends in. 
the properties of the elements and of some of their common compounds. E 

43 
ites 
A very large number of chemical and physical properties of the elements vary - 
periodically with atomic number. Some of these properties are related to the 
electron configurations of the atoms in quite obscure and complicated ways; 
while others are more susceptible to interpretation and explanation. Th 
latter properties, such as electrical conductivity, crystal structure, ionizatio 
energy, electron affinity, possible oxidation states, and atomic size, are relai 
to each other and to the general chemical behavior of the elements. Thus 
appreciation of the importance of these particular properties, and of how 
vary throughout the periodic table, will help us to correlate, remember, | 
predict the detailed chemistry of the elements. 


The chemical elements can be classified as metals, nonmetals, and semimetals 0 
the basis of their electrical properties alone. Metals are good conductors | 
electricity, and their electrical conductivity decreases slowly as temperature. 
increased. The nonmetals are electrical insulators: Their ability to cond 
electricity is either extremely small or undetectable. The electrical conductivities 
of semimetals or semiconductors are small but measurable, and tend to inerea 
as temperature increases. Electrical conductivities are usually measured in. 
units of oim! « em, and a conductivity of 1 ohm? - cm~} means that if 
potential difference of 1 volt is applied to opposite faces of a l-em cube 
material, a current of 1 amp will low. The electrical conductivities of met 
are, in general, greater than approximately 1 X 10* ohm-! + em7?, as Table T 
shows. The shaded group of semimetals have small conductivities (in the r8 
from 10 to 1075 ohm—! - em-!) that are sensitive to impurities, and nonm 
have even smaller conductivities (i.e., are insulators). 

Table 13.2 shows that the metallic elements appear in the left-hand part 
the periodic table, and are separated from the nonmetals by a diagonal band © 
semimetals that runs from boron to tellurium. The classification of eleme! 
close to this group of semimetals is not always straightforward, for several 
the elements of groups IVA, VA, and VIA occur in different allotropic fo! 
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Table 13.2 The electrical conductivities of the 
elements in units of 104 ohms-! - cm-! 


each of which has different electrical properties. For example, the a-phase of 
tin, sometimes called grey tin, has the diamond type of crystal lattice found in 
silicon and germanium, and like these elements, grey, tin has the electrical 
properties of a semimetal. On the other hand, white tin, the -phase that is 
stable above 13°C, is a metallic conductor. As another example, white phos- 
phorus, a molecular solid of P, units, and red phosphorus, which has a complex 
chain structure, are both electrical insulators and thus are of nonmetallic 
character. In contrast, the allotrope black phosphorus has a crystal structure 
made up of corrugated sheets, as shown in Fig. 13.2, and in this form phos- 
phorus behaves like a semimetal. Similar phenomena are found for selenium. 


The crystal structure of the FIG. 13.2 
black phosphorus allotrope. 
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One allotrope is a molecular solid which consists of rings with the formula Seg, 
and in this form selenium is a nonmetal. Another allotrope is made up of long 
covalently bonded chains of selenium atoms and has the electrical properties 
of a semimetal. Thus not all elements can be classified uniquely as metals, 
semimetals, or nonmetals without reference to the occurrence of allotropic forms. 

Despite the classification difficulties imposed by allotropy, a few generaliza- 


‘tions are clear. Metallic behavior is found among the transition elements, the 


members of groups I and II, and the heavier elements of groups IIIA, IVA, 
and VA. As noted in Chapter 3, the metallic elements have erystal structures 
of high coordination number, either 12 in the closest-packed lattices, or 8 in the 
body-centered cubic lattice. In contrast, the distinctly nonmetallic elements 
are the lighter members of groups IVA, VA, VIA, and VIIA. These elements 
usually occur as small covalently bonded molecules like No, Ss, and Cle, which 
form volatile molecular solids. The semimetals have complex crystal structures 
which may involve three-dimensional networks, infinite layer lattices, or long 
chain molecules. The coordination number in these crystals is small, in contrast 
to metallic crystals. On the other hand, semimetallic solids do not incorporate 
the small discrete molecular units found among the nonmetals. These cor- 
relations between electrical and structural properties are particularly evident 
among the elements which exist in several allotropic forms. 
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The very striking periodic variation of the ionization energies of the elements 
and its relation to the electron configurations has been discussed in Section 10.6. 
Here we need only recall the gross features of this variation and note their rela- 
tion to the general properties of the elements. As Fig. 10.23 shows, among the 
elements of any row of the periodic table the ionization energy tends to increase 
as atomic numbers increase. As we noted in Section 11.9, metallic behavior is 
associated with elements of low ionization energy, and thus the increase of 
ionization energy along a period is related to the disappearance of metallic 
character that occurs eventually in any row of the periodic table. In a given 
family or column of the table, the ionization energy tends to decrease as the 
atomic numbers increase. This behavior is clearest among the representative 
elements, and is related to the appearance of metallic properties which occurs 
as the atomic numbers increase in groups IIIA, IVA, VA, VIA, and VIIA. 
For example, boron, which has an ionization energy of 191 kcal, is a semimetal, 
but the other members of group IIIA have ionization energies of 140 keal or 
less, and are metals. Similar vertical trends in ionization energy and metallic 
properties occur in groups IVA, VA, VIA, and VITA. 

It is difficult to make any generalizations concerning the periodic behavior 
of electron affinities because the electron affinities of relatively few elements 
are known with certainty. Nevertheless, the data in Table 13.3 show that the 
electron affinities of the nonmetals are usually higher than those of the metals, 
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Table 13.3 Electron affinities of gaseous atoms (kcal/mole) 


and in particular, the electron affinities of the halogen atoms are strikingly 
large. The variation of the electron affinity and ionization energy with atomic 
number makes it clear that the nonmetals have greater tendency to acquire 
and less tendency to release electrons than do the semimetals and metals. 

An element that tends to acquire rather than lose electrons in its chemical 
interactions is said to be electronegative. Various attempts have been made to 
create a quantitative scale of electronegativity. Perhaps the simplest procedure 
is that of R. S. Mulliken, who suggested that electronegativity is proportional 
to the average of the ionization energy and the electron affinity. Another scale 
of electronegativity, proposed by Pauling, is based on the difference in the bond 
energies of diatomic molecules, Pauling suggested that the difference in the 
electronegativities X4 and Xp of two atoms A and B is given by 


|X, — Xp] = 0.208 [Dan — (Daa Dee)’ "?, (13.1) 


where D4p.is the bond energy of the diatomic molecule AB expressed in keal/ 
mole, and Daa and Dgp are the corresponding quantities for the molecules 
As and Ba. The factor 0.208 arises from the conversion of electron-volts to 
kilocalories. The form of Eq. (13.1) is empirical; it is based on the observation 
that the bonds between atoms of qualitatively different electronegativity tend 
to be stronger than bonds in homonuclear molecules, Thus the bond energy 
of any of the hydrogen halides HX is greater than the geometric mean 
(DusDxx)V? of the bond energies of the halogen and hydrogen. This extra 
bond energy of the polar moleeule is taken by Pauling to be a measure of the 
electronegativity difference of the atoms, as Eq. (13.1) states. 

Other electronegativity scales, based on different, less well-defined properties 
of atoms, have been proposed. Even though the bases of these scales may seem 
quite unrelated, it is often found that one scale differs from another only by a 
constant multiplying factor, and thus the scales may be in large measure equiv- 
alent, By use of the Pauling, Mulliken, and other definitions, it is possible to 
assign numerical values of electronegativity to almost every element. Table 13.4 
is a partial list of these electronegativity values. The value of such a table 
is twofold. It provides a clear expression of the qualitative generalization that 
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Table 13.4 
Electronegativities of the representative elements 


the ability of elements to attract and hold electrons increases from left to right 
along any row, and from bottom to top in any column of the periodic table. 
This observation is important in the understanding of the chemical behavior of 
the elements. The second use of the numerical electronegativity scale is that 
electronegativity differences often can be related semiquantitatively, although 
empirically, to properties of bonds such as dipole moments and bond energies. 


Oxidation States , 
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The important oxidation states of the elements are represented graphically in 
Fig. 13.3. There are some very clear periodic regularities, and appreciation of 
these can simplify the problem of remembering the important chemistry of the 
elements. 

The oxidation states of the representative elements bear a simple relationship 
to the electron configurations of the atoms. Many of the oxidation states 
correspond to the atom’s losing or gaining enough electrons to acquire, at least 
formally, a “closed shell” electron configuration of the type ns*np° or nd’. 
This tendency is particularly clear in groups IA and IIA, and among the lighter 
members of group IIIA. In group IIIA, the valence-electron configuration of 
the atoms is ns?np!, and loss of three electrons to form the +3 oxidation state 
results in ions which have the (n — 1)s*(n — 1)p* or (n — 1)d!? configurations. 
For the elements indium and thallium, however, the +1 oxidation state also 
occurs, and this corresponds to loss of only the p-electron and results in an 
ns*-configuration for In* and Tl*. Oxidation states that correspond to loss of 
np-electrons and retention of ns?-electrons also occur among the heavier ele- 


PERIODIC PROPERTIES | 13.2 


PUTET 


"--————— c ——— ev — 


mis 8 moron SES danni ARA 


C toco» OUO 100 


m 


The representative elements 


8 
72 
6 
5f 
4 
35 
2 

1 
0 


. 


The transition elements 


The common oxidation states of the representative elements and transition metals plotted 
as a function of atomic number. 


ments of groups IVA, VA, VIA, and VIIA. Thus tin and lead, which have 
ns?np?-configurations, display both +2 and +4 oxidation states; phosphorus, 
arsenic, antimony, and bismuth with the ns?np?-configuration have both +3 
and +-5 oxidation states, and so on, as Fig. 13.3 shows. 

In any of the groups IIIA, IVA, VA, VIA, and VIIA, where two or more 
positive oxidation states are found, the lower oxidation states tend to become 
more important as one goes down a column in the table. That is, the chemistries 
of carbon, silicon, and germanium involve the +4 oxidation state almost exclu- 
sively, while for tin and particularly lead the +2 state is more important than 
the +4 state. Likewise, while the +5 state is very important in the chemistry 


of nitrogen, phosphorus, and arsenic, it is less so for antimony, and for bismuth | 


the +3 state is dominant and the +5 state occurs rarely. 

While positive oxidation states are of exclusive importance for the metals, 
and almost as important for the semimetals, negative oxidation states appear 
in group VA and are very common among the nonmetals. Thus nitrogen and 
phosphorus form nitrides and phosphides which contain the N —? and P^? ions 
respectively, but the —3 state is much less important in the chemistries of 
arsenie and antimony, and virtually nonexistent in bismuth chemistry. In 
group VIA the —2 state is important for all the elements, but it is relatively 
more important for the lighter than for the heavier members of the group. 
The same can be said for the —1 oxidation state displayed by elements in group 
VIIA. The importance of negative oxidation states among the lighter nonmetals 
is consistent with the relatively high electronegativity of these elements. 
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The transition elements display a large number of oxidation states, but there 
are still some regularities and trends to be noted. The maximum oxidation 
states found for the scandium, titanium, chromium, and manganese families 
correspond to the loss or the participation in bonding of all electrons in excess 
of an inert gas configuration. That is, members of the scandium family have 
the configuration [inert gas] (n — 1)d'ns* and display only the +3 oxidation 
state. Likewise, members of the manganese family have the configuration 
[inert gas] (n — 1)d'ns? and have a maximum oxidation state of +7. These 
remarks, together with the information in Fig. 13.3, show that for transition 
elements with a d-shell no more than half-filled, the maximum oxidation state 
is equal to the number of the group. For elements of the first transition series 
which have more than five 3d-electrons, however, oxidation states higher than 
+2 or +3 are rare. Thus the chemistry of iron, which has the valence-electron 
configuration 3d°4s2, is largely confined to the +2 and +3 oxidation states, 
while the +6 state is rare and the possible +8 state is unknown. The +8 state 
is of importance in the chemistry of the other members of the iron family, 
ruthenium and osmium. In the cobalt, nickel, copper, and zine families, the 
important oxidation states are all less than. what would correspond to removal 
of all s- and d-electrons. 

Another useful generalization about the transition elements is that among 
the members of any family, the higher oxidation states become relatively more 
important as the atomic number increases. For example, titanium chemistry 
involves the +2, +3, and +4 states, but the chemistry of zirconium and hafnium 
is almost entirely that of the +4 state. Similarly, the +2, +3, and +6 states 
of chromium are all important, but the chemistries of molybdenum and tung- 
sten involve the +6 state primarily. In general, the members of the 3d transition 
series all have important lower oxidation states, either +2, +3, or both. For 
the elements of the 4d- and 5d-series, these states are often not important, if 
they exist at all. Note carefully that the increased importance of higher oxida- 
tion states that occurs going down a column of the transition metals is opposile 
to the trend observed among the representative elements. 


Size Relationships 


The periodic variation of the size of the atoms was first noted by Lothar Meyer 
in 1870. Meyer computed the “atomic volume" by dividing the atomic weight 
of an element by its density. When this quantity is plotted as a function of 
atomic number, the sawtooth curve shown in Fig. 13.4 results. The atomic vol- 
ume calculated in this manner is at best only a qualitative indication of atomic 
size, for the density of an element depends on its temperature and its crystal struc- 
ture. Elements that exist in a number of different allotropic crystalline forms 
would apparently have more than one atomic volume. Nevertheless, the periodic 
variation of atomie volume is striking, and atomic size is a very useful concept 
which can help us to understand the chemistry of the elements. 
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The atomic volume expressed in cc/mole plotted as a function of atomic number. 


Because the electron cloud of any atom has no definite limit, the size of an 
atom cannot be defined simply and uniquely. However, one valid measure of 
atomic size is the value of the Lennard-Jones o-parameter, which represents 
the distance of closest approach of the nuclei of two free gaseous atoms. If the 
atoms are pictured as spheres, g is equal to their diameter, and thus ¢/2 repre- 
sents an atomic radius. The values of c/2 for the inert gases are given in 
Table 13.5. It is clear that in this single family, the atomic radius increases as 


atomie number increases. 


Table 13.5 Lennard-Jones radii 
of the noble gas atoms, c/2 (A) 


'To assess the sizes of the atoms of metallic elements, the internuclear distance 
in the metallic crystal is determined by x-ray diffraction and divided by two to 
give an atomic radius. The apparent radius of an atom determined in this 
manner depends to a certain degree on the crystal structure of the metal. For 
example, the apparent radius of the titanium atom in the body-centered cubic 
lattice, 1.43 A, is different from the radius of 1.49 A found in the hexagonal 
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Table 13.6 Atomic radii of metallic elements (angstroms) 


closest-packed lattice. The difference is not usually of serious magnitude, how- 
ever, and a meaningful set of atomic radii can be tabulated. Table 13.6 gives 
a few such data. It is clear that in a given family, size increases as atomic 
number increases. Among elements in a given row of the periodic table, how- 
ever, size decreases as the atomic number increases. Both these trends are to 
be expected on the basis of the accompanying changes in electronic structure. 
As atomic number increases in a given family, the principal quantum number of 
the valence electrons increases, and consequently these electrons lie at greater 
and greater distances from the nucleus. Along a given row of the periodic 
table, the principal quantum number of the valence electrons is constant, but 
as the nuclear charge increases, the valence electrons tend to be drawn closer 
to the nucleus, and the atoms tend to become smaller. 

Another quantitative expression of size which is more useful in understanding 
chemical properties is the ionic radius. In Section 11.2 we gave the values of 
several ionic radii and suggested how they were related to crystal geometry. 
Here we need only emphasize the regular trends in ionic size which occur in the 
sequences of the periodic table. In Fig. 13.5 the ionic radii of several ions are 
plotted as a funetion of atomic number. It is clear that for any isoelectronic 
sequence, that is, for any series of ions which have the same number of electrons, 
the ionic radius decreases as the atomic number increases. This is certainly to 
be expected, for as the nuclear charge increases, the electron cloud is bound 
to contract. -The data also show that ionic size increases as atomic number 
increases in a given family. A particularly interesting feature of this trend is 
the noticeable discontinuity in the slope of the dashed line in Fig. 13.5 that 
occurs at the element potassium. The ionic radii.of the members of a family 
do not increase as rapidly after potassium as before. One suggested explanation 
is that in the interval between potassium and rubidium the first transition 
series occurs, and as these “extra” elements enter the periodic table, the increas- 
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The ionic radii of several ions plotted as a function of atomic number. The solid lines link 
ions that are isoelectronic. 


ing nuclear charge tends to cause the atoms and their ions to contract. Thus 
the ions that follow any of the transition series are smaller than if only eight 
elements had separated them from the lighter members of their family. 

A very clear demonstration of how ionic size decreases along a transition 
series is provided by the lanthanide elements. In the 14 elements that follow 
lanthanum, 4f-electrons are being added to give electron configurations of the 
type 5s”5p°4f"6s. All the lanthanides form +3 ions in which the two 6s- 
electrons and one of the 4f-electrons have been lost. The size of these ions 
becomes progressively smaller as the atomic number increases, as Table 13.7 
shows. This decrease is known as the lanthanide contraction, and its occur- 
rence is rather directly responsible for a number of features of the chemistry 
of the transition elements which follow the lanthanides in the periodic table. 


Table 13.7 lonic radii of the lanthanide elements (angstroms) 


Lat? 1.061 Tb*3 0.923 
Ce*? 1.034 py*? 0.908 
prt3 1,013 Hot 0.894 
Nd*3 0.995 Ert3 0.881 
Pm*? 0.979 Tm*3 0.869 
Smt 0.964 Yb*3 0.858 
Eut3 0.950 Luts 0.848 
Gd*? 0.938 
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13.3 CHEMICAL PROPERTIES OF THE OXIDES - 


_ Oxygen forms binary compounds with all the chemical elements except some 
of the inert gases. A comparison of the properties of the oxides reveals some of 
the characteristics of the elements and helps to systematize the chemistry of 
the more complex compounds. In the following we shall be concerned exclu- 
sively with the normal oxides—those in which oxygen displays an oxidation 
state of —2. The peroxides and the superoxides, which contain the O7 and Og 
ions respectively, will be discussed in Chapter 15. 

Table 13.8 contains the standard free energies of formation of a few of the 
oxides. The most striking feature of these data is that virtually all the elements 
form at least one oxide which has a negative free energy of formation. The 
exceptions include some of the halogens, inert gases, and nitrogen. Thus the 
oxides as a group are very stable compounds, and are exceeded in this respect 
only by the fluorides. 


Table 13.8 Standard free energy of formation 
of some oxides, AG? (kcal/mole) 


The standard enthalpies of formation of the oxides, like their free energies of 

formation, range in value from very negative to positive. Nevertheless, it is pos- 

, sible to detect some regularities in the thermochemistry of the oxides. To do this 
we must compare the enthalpies of formation per gram-equivalent of oxygen. 
That is, for an oxide of general formula M,O,, we divide AH; by the integer 
2y to get a number which represents the stability of the bonds to an oxygen 
atom more faithfully than does the molar enthalpy of formation itself. We see 
from Fig. 13.6 that the enthalpy of formation per gram-equivalent of oxygen 
tends to become more negative as atomic number decreases along a given period. 
This trend indicates that, in general, oxygen forms compounds of greatest 
stability with elements which are well removed from it in the periodic table. 
We shall find that this is true for some other elements; the most stable compounds 
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of the elements of groups VIA and VIIA are those with the eléments of groups IA, 
TIA, IIIA, and the transition metals. 

One very useful way to classify oxides is in terms of acid-base properties. 
In general, any compound that dissolves in, or reacts with, water to produce 
an excess of hydrogen ions can be called an acid, and any compound that 
produces a deficiency of hydrogen ions is a base. Oxides like Na30 and BaO 
are clearly basic, for they dissolve in water aecording to the reactions 


Nas0(s) + H-0 = 2Na*(aq) + 20H- (aq), 
BaO(s) + H20 = Ba**(aq) + 20H- (aq). 


There are a number of oxides that are insoluble in water, but dissolve in solutions 
of acids. For example, we have 


MnO(s) + 2H*(aq) = Mn**(aq) + H320, 
NiO(s) + 2H*(aq) = Ni**(aq) + H20. 


"These oxides are also considered to be basie, for they react with a known acid. 


Equivalent enthalpy of formation (kcal) 
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The enthalpy of formation per equivalent of oxygen [(1/2y)AH°(M;0,)] plotted as a func- 
tion of position in the periodic table, 


In contrast, there are oxides that are clearly acidic. For example, both 805 
and P4010 react with water to produce hydrogen ions: 


SOs(s) + H20 = H*(aq) + HS01 (aq), 
P401o(s) + 6H20 = 4H * (aq) + 4H2PO7 (aq). 
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Certain other-oxides like SiO; are insoluble in water, but react with strong 
bases to form soluble salts: 


$i02(s) + Nas0(s) = NasSi0a(s), 
NasSiOs(s) + H20 = 2Nat(aq) + 8105 (aq). 


Such oxides are also acidic, but less so than S05 or P4010. 
There are also some oxides that have both acidic and basic properties. For 
instance, Al;O3 and ZnO are rather insoluble in water, but dissolve in either 


strong acids or strong bases: 


‘Al,0,(s) + 6H^ (aq) = 2AI**(aq) + 3H20, 
AlsOs(s) + 20H-(aq) + 3H20 = 2AI(OH)j (aq), 
ZnO(s) + 2H*(aq) = Zn**(aq) + H20, 
ZuO(s) + H20 + 20H-(aq) = Zu(OH); (aq). 


Oxides that react with acids and bases are said to be amphoteric. 

Table 13.9 compares the acid-base properties of some of the oxides. It is 
clear that the elements in the lower left-hand region of the periodic table form 
basic oxides, while the acidic oxides are associated with the nonmetallic elements 
of the upper right-hand region. Dividing these two groups are the amphoteric 
oxides of Be, Al, Ga, Sn, and Pb; these lie in a diagonal band enclosed in heavy 
lines in Table 13.9. Along any row of the table; oxide acidity increases as atomic 
number increases, but in any family oxide acidity decreases as atomic number 
increases. In summary, we can say that among the representative elements, 


Table 13.9 Acid-base properties of some 
oxides of the representative elements 


Increasing basic character 


Increasing acidic character 
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the oxides of the metals usually are basic or amphoteric, those of the nonmetals 
are acidic, and those of the semimetals are weakly acidic. 

A-number of elements both in the transition series and among the repre- 
sentative groups form several oxides. The general observation is that in these 
cases thé acidity of the oxides increases as the oxidation number increases. 
For example, we can cite the following. 


VO basic CrO basic s203 weakly acidic 
V203 basic Cr203 amphoteric As,05 acidic 

VO2 amphoteric CrO; acidic 

V20; acidic 


We shall encounter other illustrations of this rule in subsequent chapters. 

Another, somewhat less straightforward, method of classifying the binary 
oxides is by bond type. The solid oxides of the alkali metals have the anti- 
fluorite lattice in which each metal atom is surrounded by four oxygen atoms, 
and each oxygen atom by eight metal atoms. There is no suggestion of discrete 
M30 molecules, and thus these compounds can be considered as ionic oxides, 
Likewise, the alkaline-earth oxides and many of the transition-metal oxides of the 
type MO exist in the typically ionic rock-salt lattice structure. The mechanical, 
electrical, and thermal properties of these compounds are those associated 
with ionic lattices. "Thus the oxides of groups IA, IIA, and of the transition 
metals in their lower oxidation states are ionic compounds. 

Many of the oxides of the nonmetals exist as discrete molecules under all 
circumstances, and this indicates that the bonds in these compounds are pre- 
dominantly covalent. The covalent oxides, like NO, F20, ClO», and SOx, are 
formed principally by elements which, being close to oxygen in the periodic 
table, have electronegativities rather close to that of oxygen. 


Sar Ng Ng OS 
| | | A segment of the infinite double chain of the 
0 Sb40s crystal. Each antimony atom lies at the 
apex of a pyramid whose base is formed by 
three oxygen atoms. 
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The oxides of the heavier nonmetals and semimetals tend to be solids of 
moderately complex crystal structure. Thus, while CO; exists as discrete mole- 
cules, SiO, is an infinite three-dimensional network consisting of alternate 
silicon and oxygen atoms covalently bonded, and both Ge05 and SnOs have 
complex three-dimensional structures in which oxygen is bonded covalently. 
Among the oxides of group VA, the transition from “molecular” to covalent 
lattice compounds occurs at antimony. Thus, besides the molecular oxides of 
nitrogen, the compounds P40, P4010, and As,Og exist as discrete molecules 
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FIG, 13.7 


both in the gas and condensed phases, but Sb4O, exists both as discrete móle- | 
cules or as a solid of infinite covalent chains of the type shown in Fig. 13.7. 

In group VIA, the oxides of sulfur are discrete small molecules, but SeO? exists 

in the solid as infinite covalent chains, and TeO; also shows no discrete small 
molecules in the solid phase. 

i To summarize the bonding properties of the oxides, we can say that the 
distinctly metallic elements form ionic oxides, while the oxides of the very 
electronegative nonmetals are, in general, small diserete covalently bonded 
molecules both in the gas and condensed: phases. The oxides of the heavier 
nonmetals and the semimetals very often exist in the intermediate condition of 
an infinite lattice with largely covalent linkages. There is then, a fairly close 
correlation between the acid-base properties of oxides, and their ionic-covalent 
character. The ionic oxides tend to be basic or amphoteric, the oxides of the 
infinite covalent lattice structures have weakly acidic, weakly basic, or ampho- 
teric properties, and the molecular oxides tend to be acidic. 


13,4 THE PROPERTIES OF HYDRIDES 


The formulas of some of the binary hydrogen compounds of the elements are 
given in Table 13.10, together with their standard enthalpies of formation. 
The enthalpies of formation show that hydrogen forms energetically stable com- 
pounds with the very electropositive elements of groups IA and IIA, and with 
the very electronegative elements of groups VIA and VIIA. The hydrides of 
the heavier elements of groups IIIA, IVA, and VA tend to be unstable, and in 
some instances are so difficult to prepare that little is known about their prop- 
erties. Several of the elements, most notably B, C, Si, and Ge each form more 
than one hydride, and only the simplest of these appear in Table 13.10. 

On the basis of chemical and physical properties it is possible to classify the 
hydrides as of the ionic, covalent, or interstitial type. The compounds of hydrogen 


Table 13.10 Standard enthalpies of formation 
for some hydrides, AH? (kcal/mole) 
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with the alkali and alkaline-earth metals can be prepared by direct action of 
the elements at elevated temperatures, and are white crystalline solids. When 
any of these hydrides is dissolved in molten salts such as LiCl and KCl and 
electrolyzed, hydrogen gas is evolved at the anode, This indicates that the 
ion H^ is present in the mixture: Quite elaborate spectroscopic experiments 
have shown that the gaseous lithium hydride molecule is very polar, with the 
hydrogen atom bearing the negative charge. Available experimental’ data 
indicate then, that the hydrides of groups IA and IIA contain the hydride 
ion H7. For this reason, these ionic compounds are often called the saline, or 
saltlike hydrides. 

It is interesting to compare the energetics of formation of the hydride ion 
with the corresponding values for the fluoride ion. We have 


3H2(g) = H(g) AH = 52 kcal 
Hig) +e" =H7(g) AH = —17 kcal 
4H2(g) +e = H-(g) AH = +35 kcal 


$F2(g) -—F(gp AH = 18.5 kcal 
F(g) +e =F (g) AH = —80.5 kcal 
4F2(g) +e" = F-(g) ^ AH = —62.0 kcal 


Thus the formation of the gaseous hydride ion is an endothermic process, 
whereas formation of the fluoride ion, or any of the other gaseous halide ions, 
is an exothermic process. Because the formation of the hydride ion is so ener- 
getically unfavorable, it is not surprising that ionic or saltlike hydrides are 
formed only by the very electropositive elements of groups IA and IIA. The 
ionization energies of the other elements are high enough to prevent the transfer 
of their electrons to the hydrogen atoms. 

The relative instability of the hydride ion suggests that saline hydrides should 
be good reducing agents. In fact, reactions such as 


NaH + C0; = HCOONa 
4NaH + Na2SO, = Na2S + 4NaOH 


take place at elevated temperatures and demonstrate the reducing power of 
the hydride ion. In addition, the hydride ion reacts rapidly and completely to 
reduce water or any other proton donor to hydrogen, as in 


CaH; -- 2H,0 = Ca(OH). + 2H;. 
Thus we can tepard hydride ion as a powerful reductant and very strong base. 
The representative elements of groups IVA, VA, VIA, VIIA, and boron of 


group IIIA form volatile molecular hydrides in which the bonds to hydrogen 
are largely of covalent character. Among these covalent hydrides there are a 
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FIG. 13.8 


number of clear trends in thermal and chemical properties. Figure 13.8 shows 
that the H—X bond energies of the binary hydrides increase along any row 
of the periodic table. Futhermore, in any given column, the H—X bond 
energies decrease as the atomic numbers increase. These trends in bond energies 
account for the instability of the hydrides of the heavier elements of groups 
IVA and VA. The compounds PbH, and BiH; are so unstable that only trace 
amounts have ever been detected. 


g M0 
e 
= 120 
g 
The average energies of bonds between 100 
hydrogen and the atoms of nonmetallic g 
elements. E 80 
z 60 
È 40 


The ionic hydrides are strong bases, and along any given row of the periodic 
table, the covalent hydrides become increasingly acidic as the atomic numbers 
increase. Thus methane, CH4, has virtually negligible acidic properties, but 
NH; donates a proton to very strong bases to form NH;, H20 loses a proton 
even more readily, and HF is a moderately strong acid. This trend in acidity 
appears again in the succeeding rows of the periodic table. In addition, the 
acidities of the hydrides of groups VIA and VIIA increase as one proceeds down 
these columns. : 

The boiling temperatures and the enthalpies of vaporization of some covalent 
hydrides are plotted as a function of position in the periodic table in Figs. 13.9 
and 13.10. In the sequence H:S, H2Se, H2Te there is an increase in both 
boiling temperature and AHyap. This trend is to be expected, for in general, 
attractive intermolecular forces increase in strength as the number of electrons 
in the molecules increases. It is clear, however, that the enthalpy of vaporization 
of water and its boiling temperature are both much higher than what we might 
expect from the trend established by H5, H;Se, and H2Te. The same phe- 
nomenon occurs among the hydrides of groups VA and VIIA: The cohesive 
forees between the molecules of the hydride of the lightest member of each 
family are markedly larger than would be expected from the ordinary variation 
of intermolecular forces with number of electrons. These data, and considerably 
more information drawn from molecular spectroscopy, have led to the conclusion 
that if hydrogen is bonded to a very electronegative atom, it is capable of form- 
ing another weak bond with another electronegative atom which has a pair 0 
nonbonded electrons. This interaction, called the hydrogen bond, is weaker than 
most; chemical bonds because the dissociation energy of a hydrogen bond is only 
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about 7 kcal/mole. On the other hand, the hydrogen bond is much stronger 
than the ordinary van der Waals “bonds” between molecules. 

It is difficult to overemphasize the importance of the hydrogen bond. Hydro- 
gen bonding is responsible for the high boiling point of water, and for that 
reason alone it exerts an enormous influence on physiological and geological 
processes. Moreover, hydrogen bonding helps determine the configurations of 
greatest stability for virtually every large biologically important molecule. 


Enthalpies of vaporization of some 
molecular hydrides and the noble 
gases, 


AH yay (kcal/mole) 


Boiling points of some molecular 
hydrides and the noble gases, 


Boiling point (°K) 


Thus even though it is an interaction that occurs only when hydrogen is bonded 
to a very restricted group of atoms, hydrogen bonding is responsible for the 
nature of life as we know it. 
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Despite the importance of hydrogen bonding and the great amount of work 
devoted to understanding it, no completely satisfactory theoretical explanation 
of the hydrogen bond has been found. Like other bonds, hydrogen bonds form 
because by their doing so, there occurs an energetically favorable redistribution 
of electron density among the atoms. It is the exact nature of this redistribution 
that is not clear at this time. 

While the hydrides of the nonmetals are well-characterized molecular com- 
pounds, less is known about the transition-metal hydrides. Many of these 
compounds have nonstoichiometrie composition. Metallic titanium and vana- 
dium absorb hydrogen with evolution of heat, but the arrangement of the 
metallic atoms in the lattice remains substantially constant with only a slight 
increase in the distance between nearest neighbors. Thus the hydrogen seems 
to occupy interstitial positions in the metallic lattice, and these “compounds” 
are sometimes called interstitial hydrides. It is not clear in many instances 
whether the interstitial hydrides should be regarded as true compounds or 
merely as solutions of hydrogen in the metal. Despite the general lack of knowl- 
edge about the nature of the transition metal-hydrogen systems, some of them 
are of considerable importance in the laboratory. Nickel, platinum, and palla- 
dium absorb varying quantities of hydrogen gas and in this condition act as 
catalysts for reactions such as 

Hs + CoH, JS C2He, 
where hydrogen is added to other molecules. 
ag The hydrides of Be, Mg, Al, and the heavier members of group IIIA are 
nonvolatile solids which are poorly characterized, but which appear to have 
properties intermediate between the ionic hydrides and the covalent molecular 
hydrides. 


~ 13,5 CONCLUSION 


In this chapter we have discussed a few of the general properties of the chemical 
elements and their simple compounds. In studying inorganic chemistry, it is 

. helpful to recognize how the variations in such properties of an element 88 — 
electron configuration, ionization energy, atomic size, oxidation states, and the ' - 
nature of oxides and hydrides are correlated, and how these variations reflect 
the general nature of the elements. Therefore, let us summarize the properties 
whieh we have associated with the metallie, semimetallie, and nonmetallic 
elements. 

Metallic elements are found in the lower and left-hand regions of the periodic 
table. In general, they have low ionization energies and fairly large atomic 
radii which tend to decrease from left to right along a row of the periodic table. 
In metallic crystal lattices, the coordination number is high—usuälly 8 or 12. 
In their compounds, metals display positive oxidation states virtually exclu- 
sively. The representative metals most often have only one or sometimes tw 
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oxidation states. When there are two known oxidation states, the lower tends 
to be the more important particularly for the heavy representative metals. 
‘The transition metals, in general, display several oxidation states. While the 
lower states such as +-2 and +3 are important in the chemistry of the elements 
of the 3d transition series, these states tend to be less important than higher 
states in the 4d and 5d transition elements. 

The oxides of the metals in their lower oxidation states are basic or ampho- 
teric in behavior and are adequately described as having ionic lattice structures. 
The oxides of metals in the higher oxidation states such as +-4.and above are 
either amphoteric or acidic in nature and sometimes exist as covalent molecular 
compounds rather than as infinite ionic lattices. The binary hydrides of the 
metals are with few exceptions nonvolatile. compounds that are basic reducing 
agents. 

The semimetals lie on a diagonal band that runs through the periodic table 
from boron to tellurium. The ionization energies of these elements are slightly 
higher than those of the metals. The crystal structures of the semimetals are in 
many cases complex and involve infinite chains, layer structures, and infinite 
three-dimensional networks of atoms. The coordination numbers of the atoms 
in these lattices are smaller than those displayed by metallic elements. Many of 
the semimetals display both positive and negative oxidation states, but the 
former are usually more important. The ‘oxides of these elements are most 
often acidic and in some cases amphoteric. The hydrides of the semimetals are 
generally volatile compounds consisting of small covalently bonded molecules. 

The nonmetallic elements lie in the upper right-hand area of the periodic 
table. The atoms of these elements have high ionization energies and large 
electron affinities. The elements exist most frequently as relatively small mole- 
cules in all phases. In their compounds, the nonmetals, except fluorine, display 
both positive and negative oxidation states, but the latter tend to be more 
stable in most circumstances: The oxides of the nonmetals are frequently 
volatile compounds that consist of small discrete molecules. Almost without 
exception, these oxides display acidic properties. Because the nonmetals have 
electronegativities comparable to that of oxygen, the nonmetallic oxides are 
best thought of as covalently bonded molecules. The hydrides of the nonmetals 
also are volatile compounds that consist of small covalently bonded molecules. 
Some of these haye amphoteric properties and are able to accept as well as 
donate protons. The acidity of the hydrides does tend to increase, however, as 
one passes from left to right in any row of the periodic table and from top to 
bottom in any column of the nonmetallic elements. 

While the generalizations we have mentioned are useful, they must be ac- 
cepted and used cautiously. It is possible to find exceptions to, or perhaps 
subtle deviations from, almost every one of these general principles. Con- 
sequently they cannot be taken to be a completely reliable basis for abolute 
predictions of chemical behavior. However, they do form a general reference 
to which the detailed properties of the individual elements can be compared, 
and the exceptions that are noted in this process can easily be remembered. 
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13.1 Without consulting a periodic table, deduce the atomie number and electroni¢ 
structure for the following atoms: (a) the third alkali metal, (b) the second transition 
metal, (c) the third halogen, (d) the third noble gas. 


13.2 What trend in atomic size is to be expected in a given family like the alkali 
metals? Support your answer by using the principles governing the electronic strut- 
tures of atoms. 


13.3 Explain why the electron affinities of the atoms increase from left to right along 
a row in the periodic table. Why is the electron affinity of the nitrogen atom equal 
to zero, while carbon and oxygen have substantial electron affinities? 

134 Zirconium and hafnium have virtually the same atomic and ionic radii. Why 
isn't hafnium a larger atom than zirconium? 

13.5 In each of the following pairs, which would be the larger ion? Ti**, Fett; 
Mn**, Zn**; O7, F7; 8, Se~; TI*, TI*3. 

13.6 In each of the following pairs of hydrides, decide which is the more stable 
thermodynamically with respect to its elements: HCl, HI; PHa, SbH3; NHs, #20. 
13.7 In virtually all transition-metal families, and in many of the groups of repre- 
sentative elements, the elements display two or more positive oxidation states. How 


does the relative stability of the higher and lower oxidation states vary with increasing 
atomic number in 


a) the transition-metal families? — b),a family of representative elements? 


13.8 In the following, choose one of each pair of alternatives. The oxides of the 
nonmetallic elements are typically: (a) acidic or basic, composed of (b) small molec 
or infinite network solids, bonded (c) covalently or ionically. 
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13.9 The formation of a typical metal oxide MO from its elements is exothermic: 
M() + 402(g) = MO(), AH? < 0. 

Show that this reaction can be analyzed in terms of a series of steps in which the 

metal is vaporized, the oxygen dissociated, the gaseous atoms converted to ions, and 

the ions converted to a solid. Discuss how the AH? of the oxide is affected by (a) the 

strength of the bonding in the metallic crystal, (b) the ionization energy of the metal 

atom, and (c) the size of the metallic ion. - 


PROBLEMS 


CHAPTER 14 


THE REPRESENTATIVE 
ELEMENTS: GROUPS I-IV 


Having discussed many of the principles of chemistry, we are in a position to 
examine the detailed chemistry of the elements. Our treatment cannot be ~ 
encyclopedic, yet we shall present enough information to make clear the relation- ~ 
ship between the properties of the elements and their position in the periodic ~ 
table. To this end, we shall emphasize the presence or absence of resemblances 
between members of a given periodic group and the existence of trends in prop- - 
erties that occur among elements of neighboring groups. In this chapter we 
shall find that there are very marked vertical resemblances among the metallic I 
elements of groups IA and IIA; as we proceed across the periodic table from ~ 
left to right the metallic properties are modified and then disappear, and the 5 
resemblance between elements of the same group becomes less obvious in Eroupsa 

IIIA and IVA. 


14.1 THE ALKALI METALS * 


"These metals (Li, Na, K, Rb, Cs, Fr) are never found in the elemental state in 

nature, for they react rapidly and completely with virtually all nonmetals. j 
While sodium and potassium are rather abundant in nature, the others are ^. 
much less common. In particular, francium occurs naturally in only trace - 
amounts, and all its isotopes are radioactive. ; 


Because the alkali metals are strong reducing agents, klietrolysin à is the only 
convenient way of recovering them in quantity from their compounds. On a 
smaller scale, laboratory preparation of the metals usually involves a reaction 
such as ] 

Ca(s) + 2CsCl(s) = CaClo(s) + 2Cs(g). 


The alkali metals are volatile, and can be distilled out of the reaction mixtures 
and obtained as pure products. 

The freshly prepared surfaces of the alkali elements show the bright silvery 
luster characteristic of metals, and the substances are good conductors of elec- 
tricity and heat. As a group they are the softest metals and possess some of 
the lowest melting temperatures. Table 14.1 shows that the melting and boil- 
ing points of the metals decrease regularly as the atomic number increases. 
Parallel to this trend, there is a decrease in hardness as atomic number increases; 
lithium can be cut with a knife with difficulty, but the succeeding metals can 
be cut with increasing ease. Due to their softness and reactivity the metals are 
never used in structural applications. Because of its high specific heat and 
thermal conductivity, sodium is used as a coolant in the valves of internal 
combustion engines and in nuclear reactors. All the metals find some use as 
reductants in laboratory and industrial processes. 

Comparison of the first and second ionization energies of the alkali-metal 
atoms shows why the chemistry of all these elements involves the +1 oxidation 
state exclusively. The outermost s-electron can be removed with an ease that 
increases with atomic number, but the second ionization energy is so large that 
the 4-2 oxidation state is unstable and is never observed. 

The small first ionization energies of the alkali atoms are reflected in the 
bond dissociation energies of the gaseous alkali diatomic molecules, which, as 
Table 14.1 shows, range from 25 kcal for Li; to 10.4 kcal for Cs;. The energy 
lowering associated with covalent-bond formation comes from the extra attrac- 


Table 14,1 Properties of the group IA elements 
Li Na K Rb Cs 


3 11 19. 37 55 
4s! 5s! 6s! 


Atomic number 


Configuration 2s! 3st 
124 118 100 96 90 


lonization energy, ca 1744 1091 734 634 579 
Atomic radius, A 1.33 1.57 2.03 2.16 2.35 
Melting point, °K 454 371 336 312 302 
Boiling point, *K 1640 1163 1140 970 958 


AHaub, kcal $84. -259. 215 > 19.5 187 
lonic radius, M*, A 0.68 098 1.33 148 1.67 
AMnya, kcal 121 95 76 69 62 
&*(M*, M), volts —3.02. —2.71 —2.92. —2.99 -—2.99 
D(M3), kcal 25 17 12 11 104 
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tion an electron feels when it moves in the electric field of more than one nucleus. 
The first ionization energies show that the alkali-metal atoms have little attrac- 
tion for their own valence electrons and thus have even less attraction for extra 
electrons. Therefore, when two alkali atoms form a covalent bond there is only 
a small decrease in energy. This argument can also be used to rationalize the 
small sublimation energies and softness of the metals themselves. Even when 
the valence electrons move in the fields of several nuclei, as they do in the 
metals, their energy lowering is relatively slight and the metallic bonding weak. 
The atomic radii in Table 14.1 are obtained by dividing the observed inter- 
nuclear separation in the metals by two, and thus the interpretation that these 
numbers represent the “sizes” of the alkali atoms must be used cautiously. We 
can see, however, that the radii of the alkali atoms vary as-we might expect: 
The radii increase as the atomic numbers increase. -A parallel trend occurs 
among the ionic crystal radii, and we shall see that the increase in ionic size 
with atomic number among elements of a given group is a general occurrence 
.that has important consequences. The first of these involves the hydration 
energies of the ions. Strictly, the hydration energy of an ion is the enthalpy 
change of the process 


M*"(aq) = M*"(g) + H200). 


The enthalpy of hydration cannot be measured directly and thus is only an 
estimated quantity. In general, the smaller an ion is, and the larger its charge, 
the stronger is the electric field it exerts on its surrounding water molecules, 
and the larger is its hydration-energy. The alkali-metal ions as a group are 
the largest positive ions and have the minimum ionic charge of +1. Thus the 
hydration energies of the alkali ions are usually smaller than those of other ions. 
Table 14.1 shows that as the atomic number of the alkali ions increases, their 
hydration energies decrease. This trend is consistent with the increase in size 
of the alkali ions which accompanies the increase in atomic number. 

The alkali metals are reducing agents, and one measure of their strength as 
reductants is their standard reduction potentials. Table 14.1 shows that these 
have relatively large negative values, as we might expect from the fact that all 
the alkali metals reduce water spontaneously to hydrogen by the reaction 


M + H;0 = M*(aq) + OH-(aq) + 4H. 


It is informative to try to analyze the action of the alkali metals as reductants 
in some detail. To do this we shall examine the AH of the half-reaction 


M(s) = M*(aq) + e~ 


by recognizing that there is another path from reactants to products, as shown 
in Fig. 14.1. We see that the AH? of the oxidation half-reaction in which the 
electron is left in the gaseous state is equal to the sum of the enthalpies of 
sublimation and ionization, and the negative of the enthalpy of hydration. If it 
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is the AH? of this half-reaction that does determine the performance of the 
metal as a.reducing agent, then AH? should be smallest for the best reducing 
agent. There are two points, however, that should be noted carefully. The 
first is that it is the Gibbs free energy change AG, not AH?, which is directly 
related to the performance of a metal as a reductant. Nevertheless, the value 
of AG? for the half-reaction is largely determined by the value of AH? in the 
cases with which we are dealing, and for the purposes of comparison of the 
metals it is legitimate to ascribe variations in reducing power to variations in 
AH?. The second point is that we are computing the AH? of a hypothetical 
half-reaction, not of an overall reaction, and thus only the relative values. of 
AH? for the different reactions, not the absolute values, have any significance. 


M(g) e Mie) +e) 


AH; Alternative paths for the alkali-metal 
AH sub ie half-cell reaction. 


M(s) —— M*(ag)--e- 


With these points in mind, we can examine the data in Table 14.2. The 
enthalpy change for the lithium half-reaction is the smallest, and according to 
the half-reaction potentials, lithium is the best reductant. The values of AH? 
are also consistent with the fact that sodium is the poorest reductant of the 
alkali metals. Since we have ignored entropy effects, however, the significance 
of the small variations in AH for the potassium, rubidium, and cesium half- 
reactions is limited. In order to understand the small differences in the electrode 
potentials of these metals, we would have to consider the entropy changes as 
well as the enthalpy changes associated with their electrode reactions. Never- 
‘theless, we can deduce from Table 14.2 that the reason that lithium is such a 
good reducing agent is that a relatively large amount of energy is evolved when 
the gaseous lithium ion is hydrated. 


Table 14.2 Enthalpy changes for electrode half-reactions (kcal) 


Li jns C... Rb. Cs 

384 259 215 195 187 

"hs 124 118 100 96 90 
lakik. f 376 16-69) —62 


—AHhyà 
AH[M(s) = M*(aq) + e7] 41 49 46 46 


14.1 THE ALKALI METALS 


FIG, 14,1 


597 


There is an important general lesson to be learned from this analysis. Any 
property such as the standard reduction potential of an element may be deter- 
mined by several more fundamental properties which, while fairly simple in 
themselves, work together in a complex way. Thus, while sublimation energy, 
ionization energy, and hydration energy may each vary in a simple manner in 
a given sequence of elements, their net effect can be an irregular set of standard 
reduction potentials. It is always tempting in studying descriptive chemistry 
ta attribute an observed trend in chemical behavior to the smooth variation of 
a single fundamental property of atoms, but this should be done cautiously, for 
it is more than likely that any observed chemical property is related to several 
more fundamental factors. 


The Alkali-Metal Oxides 


Of the alkali metals, only lithium reacts directly with oxygen to give the simple 

' monoxide LigO. The direct reaction between sodium and oxygen gives Naz02, 
sodium peroxide. The other alkali metals react with oxygen to form superoxides 
of the general formula MO»;, which contain the superoxide ion OF. The simple 
monoxides of all the alkali metals can be prepared, however, by reduction of 
their nitrates. As a typical reaction we have 


KNO,(s) + 5K(s) = 3Ks0(s) + 4Na(g). 


The alkali-metal oxides are ionic compounds which have the antifluorite lattice 
discussed in Section 3,4. All the oxides are strong bases and dissolve readily in 
water by reactions of the type 


K20(s) + H20(1) = 2K*(aq) + 20H-(aq). 


The crystalline alkali-metal hydroxides like NaOH also are ionic compounds 
which have the sodium-chloride crystal stricture, are quite soluble in water, 
and of course are strong bases. 


The Alkali Halides 


These compounds are extremely stable crystalline substances of high melting 
and boiling temperature. As an indication of how stable these substances are, 
we can cite the value of the Gibbs free energy of formation of sodium chloride, 
which is —91.8 kcal/mole. Accordingly, the equilibrium constant for the 


reaction 
Na(s) + 3Cl;(g) = NaCl(s) 
at 25°C is given by 
ae ees eA IRT _ = ]0(91,800/1360) 
=O C108" 
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An equilibrium constant of this magnitude means that the pressure of chlorine 
in equilibrium with sodium and sodium chloride at 25°C is approximately 
107154 atm. The other alkali halides are of comparable stability. 

As we discussed in Section 11.2, the alkali halides are the outstanding ex- 
amples of ionieally bonded compounds, and it is interesting to examine their 
properties from this point of view. In Section 11.2 we noted that the ionic lat- 
tice energy, the energy required to separate a mole of solid ionic compound into 
its gaseous ions, is a quantitative measure of ionic bond strength. Figure 14.2 
summarizes the lattice-energy data previously presented in Table 11.11. For 
a given alkali ion, the lattice energies of the crystals decrease as the atomic 
numbers of the halides increase. Also, for a particular halogen, the lattice 
energies decrease as the atomic numbers of the alkali atoms increase. Both 
these trends are consequences of the increase in ionic radius that occurs as 
atomic number increases. 


Li 
240) 
Na 
1 200| 
> 
E 
2d The crystal lattice energies of the alkali 
$ halides. 
| 


F Cl Bro TUI 


Spectroscopic studies of the alkali halide vapors have provided information 
about the structures of the gaseous alkali halide molecules MX. Table 14.3 
gives the dipole moments and bond distances of some of the gaseous MX mole- 
cules. It is interesting to note that the M—X bond distance in the gaseous 
alkali halides is less than the internuclear separation in the crystalline solids. 
This observation shows that the ionic crystal radii have limited significance— 
they can be used to predict the spacings in ionic crystals, but they do not truly 
represent the “sizes” of ions in other bonding situations. y 

The second point of interest is the comparison between the observed dipole 
moments of the. gaseous alkali halide molecules and the dipole noment cal- 
culated by assuming that there is a net charge of +e (4.8 X 107 esu) located 
at each nucleus. This assumption would be appropriate for a truly iònic bond 
between spherical ions. The dipole moment of such a molecule would be equal 
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FIG. 14.3 


Table 14.3 Dipole moments of some gaseous alkali halides 


Bond distance ro eXro Hobs . 
(A) (debyes) (debyes) 

LiBr 2.17 10.4 6.19 
Lil 2.39 11.5 6.25 
NaCl 2.36 11.3 8.5 
KF 2.17 10.4 8.6 
KCI 2.67 12.8 10.0 
KBr 2.82 13.5 10.6 
KI 3.05 14.6 TT 


to e X ro X 10!5, where e is the value of the fundamental charge in electro- 
static units, and ro is the experimental value of the internuclear separation in 
centimeters. The data in Table 14.3 show that the observed dipole moments 
are all noticeably smaller than the values calculated assuming a net fundamental 
charge located at each nucleus. Thus the gaseous alkali halides do not consist 
of perfectly spherical ions. Instead, the negative ion tends to be distorted or 
polarized by the positive ion as is indicated in Fig. 14.3. Some of the negative 
charge is drawn from the halide ion toward the alkali ion, and this distortion 
results in a decrease of the dipole moment of the molecule. This polarization is 
most extreme when a small positive ion acts on a large negative ion, and we can 
see from Table 14.3 that the discrepancy between the observed dipole moment 
and that calculated for spherical ions is most serious in such compounds as 
LiBr and Lil. The polarization effect represents the start of conversion from 
ionic to covalent bonding. The fact that it is present even in the alkali halides 
means that we should expect to find it important in other “ionic” compounds. 


Li+ Ii 


The distortion or polarization of the iodide ion by the 
lithium ion in the lithium-iodide diatomic molecule. 


3 With the exception of lithium fluoride, the alkali halides are all quite soluble 
in water. Table 14.4 lists the solubilities of some alkali halides, together with 
AH,o1, the enthalpy change that accompanies the dissolution reaction 


MX(s) + H0 = Mt(aq) + X-(aq). 
Also listed are —AH$,. and —AH?,4, respectively, the enthalpy changes that 


accompany the vaporization of the halide to gaseous ions, and the hydration of 
these ions, The sum of —AH2,,, and —AH?,, must equal AH2,. We see from 
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Table 14.4 Some enthalpies of hydration and crystallization (kcal) 
AH AH AH solubility 


(moles/liter) 
LiF 246.7 —240.1 6.6 0.11 


NaCl 186.6 —185.3 0.9 6.1 
Nal 165.7 —167.5 —1.8 11.0 
KCl 169.3 —165.2 4.1 4.6 
RbCI 162.3 —159.3 3.0 7.5 


the data in the table that the enthalpy change that accompanies the solution 
process is really a small difference between two large quantities. This is true 
generally for other salts. Consequently, although the lattice enthalpies and 
hydration enthalpies may vary smoothly for a particular sequence of com- 
pounds, the enthalpy of solution may fluctuate in an unpredictable fashion. 
Since this quantity, along with the entropy change that accompanies dissolution, 
determines the salt solubility, we can expect that the relative solubilities of a 
series of salts might be difficult to predict without careful consideration of 
thermodynamic data. Since this is true, it is often most efficient just to re- 
member general trends in solubilities, rather than try to relate them to more 
fundamental quantities like lattice enthalpies and hydration enthalpies. 

The circulatory and intracellular fluids of living matter are aqueous solutions 
which contain, among many other things, significant amounts of N at and Kt, 
Living cells are separated from one another and from the circulatory system by 
their wall membranes. These membranes are combinations of protein and lipid 
macromolecules, neither of which is a good solvent for ionic substances. How- 
ever, Nat and K*, as well as other charged species, pass through cell walls 
quite rapidly. One of the most challenging problems in physiological chemistry 
is to determine how Na* and K* are transported through the cell walls which, 
on the basis of their structure, would be expected to be rather impermeable to 
lons. 
Recently, it has been discovered that the salts of alkali metals can be made 
quite soluble in organic solvents if they are treated with organic chemicals called 
cyclic polyethers. An example of how cyclic polyethers can interact with alkali 
metal salts is shown in Fig. 14.4. At each apex in the drawing there is a carbon 
atom to which is attached either one or two hydrogen atoms so that there is a 
total of four bonds to each carbon atom. The geometric structure of the organic 
molecule is such that the six oxygen atoms (the ether functional groups) form 
a cavity into which the potassium ion can fit. The result is a solvation or 
complexing of the cation by the polyether molecule. The negative ion remains 
in the vicinity of the complexed cation. The aggregate is soluble in organic 
he polyether molecule is made up of its hydrocarbon 


solvents, since most of t j h r 
skeleton, which is compatible with other organic molecules, and which shields 
the ion pair from interaction with the solvent. By varying the molecular 
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structure of the polyether, different sized oxygen cavities can be constructed. 
The most stable ion-ether complexes are formed when there is a match between 
the size of the cavity and the cation. As a result, it is possible to use cyclic 
polyethers to dissolve certain-alkali metal ions preferentially. Complexing of 
ions by cyclic polyethers may be responsible for the ease with which these 


species pass through cell wall membranes. 
E 


[0] 


K* 


0 0 
MEE, Mn0; 


FIG. 14.4 The interaction of a cyclic polyether with potassium permanganate. 


14.2 THE ALKALINE-EARTH METALS 


These elements of group IIA (Be, Mg, Ca, Sr, Ba, Ra) are never found in 
the metallie form in nature, because, like the alkali metals, they are active 
reductants and react readily with a variety of nonmetals. Magnesium is the 
second most abundant metallic element in the sea and also occurs in a variety 
of silicate minerals. -Calcium is found abundantly as CaCO; in marble, lime-. 
stone, and chalk. The most common source of beryllium is the mineral beryl, 
BesAl;(SiO3)s, while barium and strontium are found most frequently as the 
sulfates BaSO4 and SrSO,. All isotopes of radium are radioactive; the element 
itself is formed by a radioactive decay chain that starts with U??5, and con- 
sequently all uranium minerals contain very small amounts of radium, 

All the alkaline-earth metals can be prepared by electrolysis of their fused 
halides. Most of the magnesium prepared commercially is obtained this way, 
although some use is made of the direct reduction of magnesium oxide hy carbon: 


MgO + € — Mg + CO. 


In general, the most convenient way to prepare small amounts of the other 
alkaline-earth metals is reduction of their oxides by more readily available 
reducing metals, as in the reaction 


3BaO + 2Al = 3Ba + Al5Os. 
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The group HA metals are all considerably harder than the alkali metals, but 
the trend of increasing softness with increasing atomic number occurs in group 
TIA as it did in group IA. Despite a tendency toward brittleness, the alkaline- 
earth metals can be hammered and rolled without fracture. As a structural 
material, however, only magnesium has important applications. Alloyed with 
aluminum, zine, and manganese, it forms lightweight and moderately strong 
materials that are used principally in aircraft construction. Calcium and barium 
react readily with oxygen and nitrogen at elevated temperatures, and con- 
sequently are used as “getters” to remove the last traces of air from vacuum 
tubes. 


Table 14.5 Properties of the group IIA elements 


Be Mg Ca Sr Ba 

Atomic number, 4 12.620 38 56 
Configuration 2s? 3s? 4s? 5s? 6s? 

h 214 175 140 132 120 
lonization energy, kcat Ip 429 345 274 253 230 
Atomic radius, A 0.89 1.36 1.74 1.91 1.98 
Melting point, °K 1556 929 1123 1043 983 
Boiling point, °K 2750 1400 1750 1640 1950 
AHsub, kcal 77.9 35.6 42.2 39.1, 42.5 
lonic radius, M**, A 0.30 0.65 -0.94 1.10 1.29 
AHhnya, kcal 570 460 395 355 305 
&9*(M**, M), volts —1.20 —2.344 —2.87 -—2.89 -—2.90 


The comparative hardness of the alkaline-earth metals suggests that the 
metallic bonding in group IIA elements is stronger than in the group IA ele- 
ments; this is confirmed by some of the data in Table 14.5. The melting and 
boiling temperatures and the enthalpies of vaporization of the group IIA metals 
are much higher than those of the alkali metals. Although the values of the 
enthalpies of vaporization fluctuate somewhat, the same gross trend is found 
in group IIA as in group IA: beryllium, the lightest member of the alkaline- 
earth family, has a larger enthalpy of vaporization than does barium. 

Table 14.5 also shows that both the atomic radii and the ionic radii of the 
group IIA elements increase as atomic number increases. The atomic radii 
and particularly the ionic radii are smaller than the corresponding quantities 
for the immediate neighbor elements in group IA. The contraction in ionic size 
in going from group JA to group IIA has an obvious explanation. The ions 
Lit and Bett, Nat and Mg**, K+ and Catt, etc., are isoelectronic; each 
pair has the electronic structure of the preceding inert gas. The alkaline-earth 
ion, however, has a higher nuclear charge than the corresponding alkali-metal 
ion, and this factor causes the decreased size of the alkaline-earth ion. The 
nuclear-charge effect must also be responsible for the comparative atomic sizes 


of the group IA and group IIA elements. 
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The enthalpies of hydration for the group IIA ions have two notable features. 
First, the hydration enthalpy becomes smaller as the size of the ion increases. 
More striking, however, are the magnitudes of the hydration enthalpies. Far 
more heat is evolved upon hydration of the ions of group IIA than with the 
corresponding alkali-metal ions. This difference can be attributed to the in- 
creased charge on the alkaline-earth ions: Even though Na* and Ca** have 
nearly the same radii, the enthalpy of hydration of Catt is nearly four times 
that of Nat. This suggests that in general the hydration enthalpy is propor- 
tional to the square of the charge on the ion, and this relation is obeyed in fact 
to a fair approximation. 

It is the increase in hydration enthalpy with ionic charge that is responsible 
for the existence of the group IIA ions exclusively in the +2 oxidation state in 
aqueous solutions. The first ionization energies of these elements are not 
particularly large, but the second ionization energies are substantial. This 
observation alone might lead us to expect the +1 oxidation state to be impor- 
tant in the chemistry of group IIA. The following energetic relationships show 
that gaseous Ca* is surely stable with respect to gaseous Ca and Cat*. 


Ca(g) = Ca*(g) te AH = . 140 kcal 
e~ + Catt(g) = Cat(g) AH = —274 kcal 
Calg) + Ca**(g) = 2Cat(g) = —134 keal 


The situation. is quite different, however, when we consider the energetic rela- 
tions between the aqueous ions and the solid metal. If we estimate the enthalpy 
of hydration of the hypothetical aqueous Ca* to be equal to that of K*, we 
can write 

2Ca*(g) = 2Ca*(aq) AH = —152 kcal 

Ca(s) = Ca(g) AH = 42kcal 

Ca**(aq) = Ca*+(g) AH = 395 kcal 

Ca(g) + Cat*(g) = 2Cat(g) AH = —134 kcal 

Ca(s) + Ca**(aq) = 2Ca*(aq) AH = +151 kcal 


Now it is clear that aqueous Cat is energetically unstable with respect to 
Ca**(aq) and calcium metal, and the analogous conclusion can be reached for 
any of the other alkaline-earth systems. Examination of the enthalpy changes 
involved shows clearly that it is the enthalpy of hydration of the dipositive ion 
that is responsible for its stability in aqueous solution. The rationalization of 
the occurrence of the +2 state in the ionic crystals of the alkaline-earth com- 
pounds is similar to the above argument, and has been given in Section 11.2. 
In effect, the gain in the crystal-lattice energy obtained by forming a dipositive 
ion more than compensates for the extra energy required to remove the second 
electron from an alkaline-earth atom. 

The standard reduetion potentials of the alkaline-earth elements given in 
Table 14.5 show that beryllium and magnesium are poorer reductants than the 
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Table 14.6 Enthalpy changes for electrode half-reactions 
Be. Mg Ca Sr Ba 


AHsub 77.9 35.6 42.2 39.3 42.5 
hl» 643 520 414 385 350 
—AMhya —570 —460 —395 -—355 -—305 


AH[M(s) = M**(aq) + e7] 151 96 61 69 87 


heavier elements. The data which in part explain these differences are given in 
Table 14.6, where the enthalpies associated with the reaction sequence 


M(s) = M(g) = M**(g) + 207 = M**(aq) + 2e7 


are given for all the alkaline-earth elements. For the electrode reaction written 
as an oxidation, the enthalpy change is most positive for beryllium and mag- 
nesium. This is consistent with the observation that these metali*are the poorest 
reducing agents in group IIA. The enthalpy data show that the principal reason 
for the inferiority of beryllium and magnesium as reductants is their relatively 
large ionization energies, although the large sublimation energy of beryllium 
also makes an important contribution to this poor performance as a reductant. 
The observation that the electrode potentials of calcium, strontium, and barium 
are nearly the same, but the enthalpy changes associated with the reactions 
fluctuate, shows that the analysis of electrode potentials on the basis of enthalpy 
changes alone has limitations imposed by neglect of entropy changes and pos- 
sible inaccuracies in the values of enthalpies of hydration. 


The Oxides and Hydroxides 


The oxides of magnesium and the heavier group IIA elements can be prepared 
by direct combination of the elements, or by thermal decomposition of the 
carbonates: 
M+ 30; = MO, 
MCO; = MO + CO», 


where M = Mg, Ca, Sr, Ba. As can be seen from Table 14.7, the oxides are 
extremely stable; their negative enthalpies and free energies of formation are 
consequences of the very large ionic erystal-lattice energy obtained by packing 
doubly charged ions in a rock-salt or sodium-chloride type of lattice. 


Table 14,7. Thermodynamic properties of alkaline-earth oxides (298°K) 
BeO MgO CaO SrO BaO 


AH?, kcal/mole —143.1  —143.8  —1519 —141l1  —133.4 
AG), kcal/mole —136.1 —136.1  —1444 —133.8 —126.3 
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Table 14.8 Solubility products 
of the group IIA hydroxides 


Kap 
Be(OH)2 1.6 x 10-26 
Mg(OH)2 8.9 x 10712 
Ca(OH)2 1.3 x 10-9 
Sr(OH)2 3.2 x 107* 
Ba(0H)2 5x 1073 


The heavier oxides react with water to torm hydroxides of the general formula 
M(OH)s. These hydroxides are strong bases, for they react with acids and also 
dissolve in water as M*++ and OH- ions. Their solubility.in water is somewhat 
limited, but increases with the increasing atomic number of the cation, as is 
shown by the solubility products in Table 14.8. 


The polarization of water molecules by a beryllium ion. 


The properties of beryllium oxide distinguish it from the other alkaline-earth 
oxides. Beryllium oxide is harder and higher melting than the oxides of the 
heavier metals. More distinctive, however, is its acid-base behavior. Beryllium 
oxide is amphoteric; it reacts-slowly with only very concentrated strong acids 
to give solutions of hydrated ions [Be(H20)4]**, and it also reacts with strong 
bases and enters solution as an anion whose formula is probably Be(OH);. 

The amphoteric behavior of beryllium oxide can be thought of as a conse- 
quence of the small size and relatively large charge of the beryllium ion. The 
electric field around such a small ion is particularly intense, and consequently 
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Table 14.9 Properties of some group IIA chlorides 


Tmp(°C) Top (°C) Equivalent 
’ *  conductivity* (ohm 1) 
BeCl2 405 490 0.086 
MgCl 715 1400 29 
CaCl2 780 1600 52 
*At the melting point. 


the beryllium ion polarizes surrounding molecules by drawing electrons from 
them. Thus the situation in [Be(H30) 4] ** might be as represented in Fig. 14.5. 
The effect of the beryllium ion is to withdraw electronic charge from the sur- 
rounding water molecules and thereby facilitate removal of their protons and 
the formation of Be(OH)7. Thus [Be(H50)4]** is an acid while Be(OH)7 is 
a base. We shall find other instances in which a small, highly charged ion exists 
as a hydrated positive ion in acidic solutions, and as a hydroxy-anion in basic 
solutions. 


All the group ITA metals combine directly with the halogens to form the metal 
halides of the general formula MX. The chlorides in particular are interesting, 
for their properties display trends which can be interpreted as indicating a 
change from covalent to ionic bonding as the atomic number of the metal 
increases. Table 14.9 shows that beryllium chloride has lower melting and boiling 
points, and much lower electrical conductivity in the fused state than do the 
other alkaline-earth chlorides. Moreover, beryllium chloride is soluble in some 
organic solvents, which suggests that the charge distribution in BeCl tends to 
be rather uniform, like the distribution in the covalently bonded organic mole- 
cules. The appearance of covalent character in the beryllium halides should not 
be too surprising in view of our earlier remarks about how a small, highly 
charged ion. polarizes neighboring negative ions. The properties of beryllium 
chloride indicate qualitatively that this polarization effect is so extreme that it is 
more accurate to think of the beryllium halides as covalently bonded molecules. 

In the gas phase, BeCl is a linear symmetric molecule, which is consistent 
with a description of the bonding in terms of sp-hybrid orbitals around the 
beryllium atom. In the solid phase, beryllium chloride displays the bridged 
structure shown in Fig. 14.6. Each beryllium atom is surrounded by four 
chlorine atoms, with a Cl-Be-Cl angle of 98°. This type of bridge structure, 
where a halogen atom is associated with two metal atoms, also occurs in the 
aluminum and gallium halides, and in other systems where a small, highly 
charged. cation of low coordination number can associate with ligands which 
have an unshared pair of electrons. 
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The Halides 


FIG. 14.6 


Other Salts 


The structure of BeCl, in the crystal. 


ionic solids which have appreciable solubility in water. The fluorides, however, a 
are relatively insoluble, and as Table 14.10 shows, the trends in the solubilities | K d 
of the fluorides are similar to the trends in solubilities of the hydroxides. z 


The chlorides, bromides, and iodides of the heavier alkaline-earth metals are ; 


Table 14.10 Solubility products of some alkaline-earth salts x 
Ex sor co; croz 
Mg++ 8 x 1078 — 10-5 sa 
Cat+ 1.7% 10710 52.4% 10-5 —47x1079? | 7.1 1074 
Sitt 8 x 10710 8x 1077 7X10-10 3.6 x 10-5 
Batt+ 2.4 X 1075 1x10? 16x10? 85x10! 


The carbonates, sulfates, and chromates of the alkaline-earth metals show 
similar solubility trends, as the data in Table 14.10 demonstrate. The solu- 
bilities of all these salts decrease as the atomic number of the metal ion increases, 
and this behavior is opposite to that observed for the fluorides and hydroxides. 
Although we have remarked about the uncertainty of relating solubility trends 
to fundamental properties such as lattice and hydration enthalpies, we can 
make a meaningful analysis of the solubilities of the alkaline-earth carbonates, 
sulfates, and chromates in these terms. As we proceed in sequence from BeSO4 
to BaSO,, the enthalpy of hydration of the positive ion becomes smaller because 
of the increase in ionic size. This tends to make the salts of the heavier metal 
ions less soluble than those of the lighter ions. The lattice energies of the sul- 
fates, and of the carbonates and chromates as well, do not change greatly in 
sequence from beryllium to barium, for the lattice energies are determined 
principally by the reciprocal of the sum of the ionic radii, 1/(r+ + r_). This 
quantity changes rather slowly in the sequence from beryllium to barium, 


THE REPRESENTATIVE ELEMENTS: GROUPS I-IV | 14.2 


Table 14.11 Thermodynamic data for MCOs(s) = MO(s) + CO2(g) 


AH? AG? T(Pco, = 

(kcal) -© (kcal latm) 
MgCO3 = MgO + CO2 28 16 540°C 
CaCOs = CaO + CO2 42 31 900°C 
SrCO3 = SrO + CO2 57 45 1290°C 
BaCO3 = BaO + C0; 64 52 1360°C 


because r_, the radius of the negative ion, is much greater than that of any of 
the positive ions, and thus r+ + r_ is insensitive to variations in r4. There- 
fore the trend in the solubilities of the group ITA metal salts of large anions like 
S07, COF, and CrOF is dictated predominantly by the trend in the enthalpies 
of hydration. 

The thermal stabilities of the group IIA metal carbonates provide another 
demonstration of how ionic size and lattice energies influence chemical behavior. 
At elevated temperatures all the carbonates decompose to the oxides according 
to the reaction 


MOOs(s) = MO(s) + COs(g). 


The temperature at which the equilibrium pressure of CO; is equal to 1 atm 
increases as the atomic number of the metal ion increases, as the data in Table 
14.11 show. Thus there is a rather smooth increase in the stabilities of the 
carbonates as the atomic number of the metal ion increases. The values of 
AG" and AH? for the decomposition reactions, also given in Table 14.11, are 
all positive, but tend to become larger as one proceeds toward the heavier 
metals. The trend in AG? is due virtually entirely to the fact that the values 
of AH® become larger as atomic number increases. Thus, in attempting to 
explain the trend in carbonate stabilities we can ignore entropy effects and 
concentrate on enthalpies. 

The trend of increasing AH? with increasing atomic number of the cation 
must be a result of the variation in the lattice energies of MCO; and MO as 
the cation size increases. We have remarked that the lattice energy of a salt of 
a large anion is not particularly sensitive to the size of the cation, for the ionic 
separation r4 + r_ is determined principally by r_, the radius of the negative 
ion. Therefore the carbonate lattice becomes only slightly less stable as the 
atomic number and size of the cation increase. On the other hand, the lattice 
energy of an oxide 7s sensitive to the size of the cation, because the radii of the 
oxide ion and the cations are quite comparable. Thus the oxides of the smaller 
cations should be much more stable than those of the larger cations, and there- 
fore the decompositions of the carbonates of the smaller cations should be less 
endothermic than those of the larger cation, as is observed. It is the decreasing 
size of the cation that stabilizes the lighter alkaline-earth oxides and favors the 
decomposition of their carbonates. 
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There is an important industrial process which involves the thermal de- 
composition of calcium carbonate. The carbonates and bicarbonates of the 
alkali metals, especially Na2CO3 and NaHCOs, are important industrial 
chemicals which are used in the manufacture of glass, paper, water softeners, 
detergents, and soap. While there is an ample supply of sodium chloride deposited 
in readily available marine evaporites, there are no large deposits of Na2CO3. 
Most of the NagCO3 and NaHCO; used by the chemical industry is manufac- 
tured from NaCl and CaCO; by the Solvay process. 

In the Solvay process, a concentrated aqueous solution of sodium chloride 
is first saturated with ammonia, and then carbon dioxide is bubbled through it. 
The results can be represented by the reactions 


NHs(ag) + CO2(aq) + H0 = NHF (eq) + HCOs (aq), 


NH (aq) + HCOs (aq) + Na*(aq) + Cl (aq) 
= NaHCOs(s) + NH? (aq) + Cl“ (aq). 


The solution is chilled to about 15°C in order to decrease the solubility of sodium 
bicarbonate, which separates as a fairly pure solid. If sodium carbonate is 
desired, it can be obtained by heating the bicarbonate salt. 

The raw materials used in these reactions are sodium chloride, ammonia, 
and carbon dioxide. A convenient source of CO; is the pyrolysis of limestone, 
CaCO, of which ample supplies are available: 


CaCOs(s) = CaO(s) + CO2(g). 


The lime (CaO) which is obtained from this reaction can be "slaked" to give 
calcium hydroxide: 


CaO(s) + H50() = Ca(OH)s(s). 


In turn, this calcium hydroxide is used to recover gaseous ammonia from the 
ammonium chloride solution produced in the first steps of the process: 


2NHi (aq) + 2C17 (aq) + Ca(OH)(s) 
= 2NHi(g) + Catt (aq) + 2Cl- (aq) + 2H50. 


Thus the overall result of the Solvay process is the conversion of NaCl and 
CaCO; to NaHCOs and CaCle. Calcium chloride is used as a drying agent, 
a de-icing agent, and a soil conditioner. The Solvay process illustrates a number 
of desirable features of an industrial chemical conversion: readily available 
raw materials (NaCl and CaCO3) are used, the reactions are rapid, the more 
expensive intermediate material (NH3) is recycled, and uses for the by-product 
(CaClg) exist. 
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14.3 THE ELEMENTS OF GROUP IIIA 


The striking feature of the chemistry of the alkali and alkaline-earth metals 
is the close resemblance among members of the same family. There are some 
similar points of resemblance among the elements of group IIIA (B, Al, Ga, In, 
Tl), but in addition, these elements display a range of properties and some 
notable contrasts. In passing from boron to thallium we encounter a change 
from semimetallic to metallic properties, from acidic to amphoteric to basic 
oxides, and from halides in’ which the bonding is distinctly covalent to those in 
which it is more nearly ionic. Such contrasts in the chemical properties of the 
elements of a single family occur again particularly in groups IV and V, and to 
some degree in group VI, as we shall see. 

The principal natural source of boron is the deposits of borax, NazB,0; - 
10H50, and recovery of the pure element from this compound is difficult. One 
method that is used is the conversion of borax to the oxide B203, which is then 
reduced with magnesium. This process does not give a particularly pure product, 
since the reduction of the oxide is never quite complete. The reduction of boron 
trichloride with hydrogen gives a product of better quality, but this process is 
less well suited for production of the element in quantity. 

Aluminum is the most abundant metal in the earth’s crust, and is recovered 
pure and in quantity from its oxide by electrolytic reduction. In contrast, 
gallium, indium, and thallium are quite rare, and are obtained only as by- 
products in the recovery of other more important metals like aluminum, zine, 
cadmium, and lead. 

Table 14.12 gives some of the physical properties of the group III elements. 
The trends in hardness, boiling temperature, and AH, parallel those found in 
groups I and II. It is clear from the boiling points and the values of AH sub that 
all the group III elements are bound more strongly in the condensed state than 


Table 14.12 Properties of the group IIIA elements 


B Al Ga In reum 
Atomic number 5 13 31 v a 
Configuration 2522p! 3823p!  4s?4p!  5s?5p!  6s?6p 


h 191 138 138 133 141 


lonization energy, kcal, 1/2 580 434 473 435 471 
la 874 656 708 646 687 


Atomic radius, A 0.80 1.25 1.24 1.50 1.55 
Melting point, °K 2300 932 312 429 577 
Boiling point, °K 4000 2700 2500 2300 1740 
AHsgub, kcal 135 77.5 65.3 58 43 
lonic radius, M*3, A = 0.45 0.60 0.81 0.95 
AHhya, kcal — 1121 1124 994 984 
&(M**3, M), volts — —1.67 —0.52  —0.34 0.72 
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the metals of groups I and II. With the exception of boron, the group III ele- 
ments do not have exceptionally high melting points; on the contrary, gallium 
melts at 29°C. Because of the enormous temperature interval between the 
melting and poling points of gallium, it is sometimes used as a thermometer 
liquid. 


Boron is the first of the elements we have encountered that is not a metal. Its 
electrical conductivity is small and increases as temperature rises, which is 
opposite to the behavior observed for metals. Although boron is formally in the 
+3 oxidation state in its oxide and halides, there is no chemistry associated with 
a free B+? species. On the contrary, boron is bonded covalently to nonmetals 
and is an electron acceptor in borides like MgBz and AIBs. Inspection of the 
ionization energies in Table 14.12 shows why the free B *? species is not chem- 
ically important. The energy required to remove three electrons from the boron 
atom is very large, and the ion so formed would be extremely small and would 
exert large polarizing forces on neighboring atoms. This would result in transfer 
of electron density to the boron from its neighbors, and thus the energetically 
favored situation would be electron sharing, or covalent bonding to boron. 

Table 14.13 gives some of the properties of the boron halides. As liquids 
they do not conduct electricity, and their boiling points are all very low com- 
pared with those of the halides of the group I and II elements. In the gas, 
liquid, and solid phases all the boron halides exist as discrete molecular species 
BX;. All these facts are in contrast with the behavior expected from ionically 
bonded substances and constitute the principal justification for picturing the 
boron-halogen bond as covalent. Further confirmation of this picture lies in 
the observation that the boiling points of the boron halides increase as the 
atomic number of the halogen increases. This is the behavior expected of a 
series of compounds in which the forces of attraction between molecules are of 
the van der Waals type, for these forces increase as the number of electrons in 
a molecule increases. In contrast, the strength of ionic attractions decreases as 
the ions become larger. 

All the boron halides act as electron acceptors, as for example, in the reactions 


BF; + NH; = F3BNH;, 
BF, + F- = BF;. 


Table 14.13 Properties of the boron trihalides 
Melting point Boiling point 


(°C) (°C) AHf (kcal) 
BF3 —127 —101 —270 
BCl3 —107 12 — 95.7 
BBrs — 46 91 — 44.6 
Bla 43 210 E 
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In these reactions, BF3 accepts a pair of electrons donated by NHs or F7. 
Thus BF; and the other boron halides are Lewis acids, and BF; in particular 
is often used as an acid catalyst in the reactions of organic compounds. 

The oxides of semimetals are, in general, acidic, and the oxide of boron is no 
exception. Boron trioxide, B20, when hydrated, forms boric acid, B(OH)s. 
Despite its formula, boric acid is a monobasic acid and is quite weak. The acid 
reaction of B(OH); is not simply a loss of a proton, but rather 


B(OH); + H20 = B(OH); + Ht. 


In this reaction boron again displays its tendency to accept electrons, for boric 
acid is evidently a Lewis acid and accepts electrons from OH~. 


H 
0 


B. 
us 
aes o Mes The structure of the B ,Os(OH); ion. 

wo 
(0) 
H 


o 


\ TEN The structure of the B,0,(OH); anion. 


The salts of boric acid have complex structures and, at least in aqueous 
solution, never contain the simple anion BO3?. When a solution of boric acid 
which is more concentrated than approximately 0.02 M is made basic, the 
reaction 


2B(OH)s + B(OH) 7 = B,02(0H)i + 3H20 


occurs to form the triborate ion, B303(OH)z. This ion, as well as the tetraborate 
ion B4O5(OH)7, which occurs in borax, have structures which involve boron- 
oxygen rings, as Fig. 14.7 shows. In both these anions there are boron atoms 
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FIG, 14.9 
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which display trigonal coordination, and in B4Os(OH)4, two of the boron 
atoms are tetrahedrally coordinated by oxygen. Even more complicated 
structures occur. In the salt KB;Os- 4H50, the anion has the double-ring 
structure shown in Fig. 14.8, while in CaB204, the anion is an infinite chain 
of BO; units which is pictured in Fig. 14.9. This great variety of stable boron 
anion structures makes it possible for boric oxide B2O3 to incorporate other 
metal oxides with consequent formation of boric oxide-metal borate glasses. 
This is the basis for the action of B203 and the use of borates as cleansing fluxes 
in soldering and brazing. 


[0] 0 
o—B 0— B, / 0 
Igea. 7. 
EB O0— B, 0—B, 
N X \ 
The structure of the BOz chain anion. 0 o o 


Boron forms a series of volatile compounds with hydrogen called the boranes. 
Diborane, B2H;, is the simplest of these hydrides, and can be prepared by the 
reaction of lithium hydride with boron trifluoride, 


6LiH + 8BF; — 6LiBF, + BoHe. 


When diborane is heated to temperatures between 100 and 250°C, it is con- 
verted to a number of other boranes: : 


hea: 
B;H, —» B4H;o, BsHo, BsH11, BeH10, BoHis, BioH14, BioHio- 


The formulas of the boranes are of two types, B Hn+4 and B,H,4+6. Com- 
pounds of the first type seem to be the most stable. 

Most of the boranes are spontaneously inflammable in air and are rapidly 
hydrolyzed by water to boric acid. The exceptions to this rule are ByH,; and 
BioH4, which are stable in air and hydrolyze only very slowly. There has 
been some interest in the boranes as fuels, for the energy evolved by their 
reactions with oxygen is considerable: 


B2H, + 302 = B203 + 3H:20, AH = —482 kcal. 


The molecular structure and bonding in the borane series is quite unique. 
Figure 14.10 shows the structure of diborane. The boron atoms and four of the 
six hydrogen atoms lie in the same plane with the remaining two hydrogens 
occupying “bridge” positions between the boron atoms. The B—H—B system 
is a three-center electron-pair bond. To see that two electrons do indeed bind 
three atoms together, we construct in Fig. 14.11 the electron-dot structure of 
diborane, starting with separated BH; fragments and the bridge hydrogen 
atoms. The two electrons in each bridge bond visit both boron atoms and the 
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The structure of diborane. FIG. 14.10 


. D TAAA 
H* H *H H* H *H 


Schematic construction of diborane from its fragments. FIG. 14,11 


hydrogen nucleus. This can be seen more clearly in Fig. 14.12, where the molec- 

ular orbital which corresponds to the bridge bond, and its construction from the 

| hydrid orbitals of boron and the ls-orbital of hydrogen are shown. The struc- 
. tures of the other boranes also involve the hydrogen bridge bond. In addition, 
- . we shall find that there are compounds of other elements in which bridge bonds 
ormed by halogen atoms are important. 


G - 


Formation of three-center bonds in diborane. FIG. 14.12 
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FIG, 14.13 
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The structure and line representation of the bonding in tetraborane, B,H,o- 


The structure of tetraborane, B4H1o; can be understood in terms of con- 
ventional two-center electron pair bonds and the three-center, two-electron or 
B—H—B bridge bond, In Fig. 14.13 we show both the structure of BaHio 
and a line drawing representation of its bonding. We see that there are six 
conventional B—H electron pair bonds, and one B—B electron pair bond. In 
addition, there are four B—H—B bridge bonds, and together these account for 
the twenty-two valence electrons contributed by four boron and ten hydrogen 
atoms. 

In order to understand the bonding in BsHp and other of the boron hydrides, 
we must consider another type of three-center bond. This involves two electrons 
bonding three boron atoms arranged in an equilateral triangle. Formation of 
this three-center, two-electron bond is represented in Fig. 14.14. Each boron 
atom contributed one hybrid orbital to form a molecular orbital which has no 
nodes between the boron nuclei. Thus this bonding orbital is very much like 
the lowest molecular orbital in Hf. In line representations of the bonding in 
boron hydrides, this three-center, two-electron boron bond is indicated by the 
construction shown in Fig. 14.14. 

The structure of pentaborane-9, BsHg, is given in Fig. 14.15. The boron 
atoms form a square-based pyramid. There are five conventional two-electron 
B—H bonds, and four B—H—B bridge bonds which together account for 
eighteen of the twenty-four valence electrons in the molecule. The remaining 
six electrons bond the boron atom at the apex to the four boron atoms at the 
base of the pyramid. Since all four sides of the pyramid are equivalent, the 
molecule must be pictured as a resonance hybrid of bond structures of the type 
shown in Fig. 14.15. That is, the electronic distribution is a superposition of 
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The geometrical structure of B,H,, and one of its four-bond resonance structures. 


four equivalent structures in which there are two conventional B—B electron 
pair bonds and one three-center bond between the apex and base boron atoms. 
Other species in which hydrogen and boron are bonded include the boro- 
hydride ion, BH7, and more complicated ions such as BH; and BioHj;. 
Lithium borohydride can be made by the reaction of lithium hydride with 
diborane: 
2LiH + B3Hs = 2LiBH,. 


In general, the alkali-metal borohydrides are ionie compounds consisting of 
M+ and BH;. On the other hand, aluminum borohydride, A(BH,), is a 
rather volatile compound and is apparently best described as BH; units cova- 
lently bonded to aluminum by AI—H—B bridge bonds. 
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In contrast to boron, elemental aluminum is definitely metallic. Nevertheless, 


in some of its compounds aluminum, to a slight degree, displays properties that 
are often associated with the semimetals: It forms a markedly amphoteric 
oxide, and halides that are rather volatile. 

In the recovery of aluminum from its ore bauxite, the amphoteric properties 
of AlO; are used to advantage. The ore must be freed of iron impurities before 
it is electrolytically reduced to aluminum. To do this, crude Al505 is treated 
with hot alkali solution, and the aluminum oxide dissolves as Al(OH);. Because 
Fe203 is not amphoteric, the iron impurities remain undissolved and can be 
removed by filtration. The hot solution of Al(OH); is then cooled and agitated, 
and Al,03 - 3H20 precipitates. The purified A1503 - 3H.0 is heated to produce 
Al,03, which is then dissolved in a fused mixture of cryolite, Na3AIFs, NaF, 
and CaF, and then electrolyzed to produce metallic aluminum. 

The electrode potential of aluminum, 


Al*8(aq) + 3e7 = Al( 6° = —1.66, 


shows that the metal is a strong reducing agent; In ordinary circumstances, 
however, the surface of aluminum is covered with a dense} tough, transparent 
coating of oxide which protects the metal from further chemical attack. The 
oxide coating can be destroyed by amalgamation, and in this condition alumi- 
num displays its true reducing properties and dissolves readily in water with 
the evolution of hydrogen. 

The enthalpy of formation of Al2O3 is negative, and its magnitude indicates 
the great stability of this compound: 


2Al + 302 = AljOs, AH = —399 kcal. 


Aluminum oxide is so stable that metallic aluminum will reduce any metallic 
oxide to the metal in the thermite process: 


2Al + Cr203 = AlsO3+2Cr, AH = —126 kcal, 
2Al + Fe305 = Al505 + 2Fe, AH = —208 kcal. 

The most important form of anhydrous aluminum oxide, Al505, is a-alumina. 
In this solid, the oxide ions form a hexagonally close-packed array, and aluminum 
lons occupy two thirds of the octahedral interstitial sites, in such a way that each 
oxygen ion is surrounded by four aluminum ions. In its pure crystalline state, 
a-alumina (the mineral corundum) is highly transparent, mechanically strong, 
thermally stable, an excellent electrical insulator, and very resistant to attack 
by acids or bases. When crystalline alumina contains traces of certain transition 
metal ions, it can become very attractively colored. The gemstone ruby is 
e-alumina, which contains small amounts of Cr*?, while blue sapphire is a- 
alumina contaminated by Fet+, Fe*? and Ti*?. 
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Table 14.14 Properties of the aluminum trihalides 


Melting point : IS pul AHKKkcal) 
AIF3 = 1291 (sub) —311.0 
AlCIa 192 180 (sub) —166.2 
AlBr3 97 255 —125.8 
Alla 180 381 — 75.2 


Aqueous solutions of aluminum salts are acidie because of the hydrolysis of 
Alt’, The intense electric field of the relatively small, highly charged ion 
apparently draws electrons away from the neighboring water molecules and 
enables them to become proton donors. The ionization constant for the reaction 


[AKH;O),]** = [Al(H,0),OH]*? + H+,  K = 11x 1075, 


shows that aqueous Al*? is nearly as strong an acid as acetic acid. This pro- 
nounced hydrolysis is to be expected from any species that forms an amphoteric 
oxide. i 

Aluminum fluoride is a high-melting compound of low volatility, but the 
other halides of aluminum melt at relatively low temperatures, as Table 14.14 
Shows. In the vapor phase the chloride, bromide, and iodide of aluminum exist 
as AloX y molecules that have the halide bridge structure shown in Fig. 14.16. 


The halide bridge structure of Al;Brs. 


This bridge structure is apparently a fairly general characteristic of electron- 
deficient systems, where the formation of bonds by the usual electron-sharing 
process leads to a nearly completed valence-electron shell. 


FIG, 14,16 


Gallium, Indium, and Thallium 


The chemistry of gallium is very similar to that of aluminum. The electrode 
potential e 
Gat?(aq) + 3e7 = Gals), | 8° = —0.52 volts, 
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indicates that gallium is a good reducing agent, but not as powerful as alumi- 
num. Like aluminum, gallium metal is protected by an oxide coating, but will 
dissolve slowly with evolution of hydrogen both in acids and bases to give 
Gat? and Ga(OH);, respectively. The Ga** ion is extensively hydrolyzed in 
aqueous solution, as shown by the equilibrium constant for the reaction 


[Ga(H,0)9]*® = [Ga(H,0),OH]*++Ht+, K= 2.5 x 105. 


Indium is a rare metal which because of its softness and scarcity has no 
important structural uses. The metal does take a high polish and is sometimes 
used in the construction of special mirrors. The electrode potential 


Int8(aq) + 3e7 = In(s), 8° = —0.34 volts, 


indicates that indium is a poorer reducing agent than aluminum and gallium. 
Although solutions of In*? are extensively hydrolyzed, the oxide In2O3 is 
primarily basic and not amphoteric like Al;03 and Ga305. 

Indium also differs from aluminum and gallium in that it forms compounds 
in the +1 oxidation state. The halides InCl, InBr, and InI are known, as is In3O. 

Thallium is also a rare metal and, like indium, is very soft. Unlike the other 
group III metals, thallium is not protected by an oxide coating and conse- 
quently is oxidized readily by air.. Another point of difference is that the +3 
state of thallium has considerable oxidizing power, as is shown by the electrode 
potential 

Tl**(aq)4-2e- = Tl*(aq) 8° = 1.25 volts. 


While compounds of thallium in the +3 oxidation state such as TlO, the 
trihalides except for the iodide, and Tlo(SQ4)3 are well known, much of the 
chemistry of thallium involves the +1 oxidation state. Except that TICI is 
insoluble in water, the behavior of thallous salts is, in general, similar to that 
of the alkali-metal salts. 
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The close resemblance between elements of the same family, so obvious in 
groups I and IJ, and somewhat less evident in group III, is even less apparent 
in group IVA. Carbon is indisputably a nonmetal, and while the chemistry of 
silicon is in some respects characteristic of a nonmetal, the electrical and other. 
physical properties of the element are those of a semimetal. Germanium is 
from all points of view a semimetal. Although one allotropie form of tin has 
the electrical properties of a semimetal, tin and particularly lead display the 
chemical and physical characteristics of metals. The data in Table 14.15 
illustrate the considerable differences in properties like atomic size and melting 
point that occur in group IV. 

The elements of group IV have in common the oxidation states of +2 and 
+4, but while the +4 state is of overwhelming importance for carbon and 
silicon, the +2 state becomes increasingly important for germanium and tin 
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Table 14.15 Properties of the group IVA elements 


c Si Ge Sn Pb 
Atomic number 6 14 32 50 82 
Configuration 2s?2p? 3s?3p?  4s?4p? 5s?5p? 6s?6p? 
lonization energy, kcal 260 188- 182 169 171 
Atomic radius, A 0.77 1.17 1.22 1.41 1.54 
Melting point, °K >4000 1685 1210 505 601 
Boiling point, °K 3900 3000 3100 2960 2024 
AHgub, kcal 171 108 90 72 47 
lonic radius Mt+, A — - — 1.10 1.32 
&" (Mt, M), volts — — — —0.136 —0.126 


and is the most important oxidation state of lead. Thus instead of a strong 
resemblance between elements, one finds in group IV fairly smooth trends from 


one type of behavior to another. : 
Carbon occurs naturally in the allotropie forms diamond and graphite and 


much more abundantly in contaminated forms like coal. Silicon is the second 
most abundant element after oxygen, and is found in an enormous variety of 
silicate minerals. In contrast to carbon and silicon, germanium, tin, and lead 
are rather rare elements. Tin and lead are familiar, however, because they are 
easily recovered from their ores and are technologically important as pure 


metals and in alloys. 

Ultrapure silicon and germanium are used in the electronics industry for the 
manufacture of transistors. The methods used to obtain each of these elements 
in the pure form are essentially the same. For example, silicon is obtained as 
the dioxide, which is then reduced with carbon, 


Si0>-+ 2C = Si + 200. 


This rather crude silicon is converted to the tetrachloride by direct reaction 


with chlorine, 
Si + 20l; = SiCl,. 


Silicon tetrachloride is volatile and can easily be purified by distillation. Purified 
Silicon is then recovered by reducing the chlorine with hydrogen, 


SiCl, + 2H; = Si + 4HCI. 


The silicon is purified further by the zone melting process. In this operation 
a short length of a rod of silicon is melted, and this melted zone is moved slowly: 
along the rod. Impurities tend to collect in the melted zone as the element 
recrystallizes, and are transported to the end of the rod as the melted zone 
moves. After repetition of this process the “impure” end of the rod is sawed off, 
and the remaining silicon (or germanium) may have an impurity level lower 
than 107!! mole fraction. 


14.4 | THE ELEMENTS OF GROUP IVA 


621 


Carbon 


FIG, 14,17 
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roasted in air and converted to PbO, which is then reduced with carbon. Tin 
occurs as the. oxide SnOz, which can be reduced directly with carbon. Any 
further purification of lead or tinis usually carried out by dissolving the metal 
and then depositing it electrolytically. 


The common ore of lead is galena, PbS. To recover the lead, the sulfide is 


Of the two allotropic forms of carbon, graphite is slightly more stable at 25°C 
and 1 atm. The enthalpy change for the reaction 


C(diamond) = C(graphite) 


is only —453.2 cal/mole. 

The structures of diamond and graphite are shown in Fig. 14.17. In diamond, 
each carbon atom is covalently bonded to four others which are located at the 
apices of a regular tetrahedron, and thus we can regard the carbon atom as 
displaying sp*-hybridization. The C—C bond length (1.54 A) and bond energy 
(85 keal) in diamond are virtually the same as they ‘are in compounds like 
ethane, H4C—CH;. In graphite the atoms form planar layers within which 
they have a regular hexagonal arrangement. The distance between planes is 
3.40.A, which suggests that the planes are not covalently bonded to each other, 
put only held by forces of the van der Waals type. The separation of neighboring 
atoms in the planes is 1.415 A, which is small enough to suggest that the carbon 
atoms are bound to each other by multiple bonds. No single set of bond struc- 
tures can be drawn that satisfies the octet rule and also indicates that all bonds 
are equivalent. In Fig. 14.18 are three resonance structures which can be taken 
together to represent the bond structure in the planes of graphite. We might 
a apt the bond in graphite is neither a single nor a double bond, but a 14 

ond. 


- Arrangement of atoms in (2) diamond and (b) graphite. 
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While diamond is a transparent insulator, graphite is a dark opaque: solid 
with a slight metallic luster and an electrical conductivity that is fairly large 
in the directions parallel to the planes of atoms, but small in the direction 
perpendicular to the planes. Apparently the multicenter bonding within the 
planes is like the “free-electron sea” type of bonding found in metals, and this 
accounts for the luster and conductivity of graphite. 


Three resonance structures for a graphite fragment. 


The outstanding chemical characteristic of carbon is that it forms a virtually 
unlimited number of compounds in which carbon atoms are bonded to each 
other. These compounds, of which the hydrocarbons C,,H2,42 are an example, 
apparently owe their stability to the uniquely strong bonds that carbon forms 
with itself. Consider the following bond energies. 


C—C .82kea] C—H  98keal Si—H 75 kcal 
Si—Si 53keal | C—F 110 kcal | Si—F 135 keal 
Ge—Ge 45 keal C—Cl 80kcal Si—Cl 91 kcal 
Sn—Sn 37 kcal 


Thus the energy of the C—C bond is roughly of the same magnitude as the 
energies of the bonds that carbon forms to other elements. The reverse is more 
nearly true for silicon and particularly for germanium and tin, whose atoms 
form only very weak bonds to each other. The chemistry of carbon bonded to 
itself and to hydrogen, oxygen, nitrogen, and a few other elements is the subject 
of organic chemistry, which is treated in Chapter 17. In the present section 
we will deal only with those compounds of carbon that are usually considered 
to be “inorganic,” principally because they do not contain hydrogen. 

Carbon forms three oxides that are weli characterized: carbon monoxide, 
carbon dioxide, and carbon suboxide, C302. Carbon monoxide has the largest 
bond energy of any diatomic molecule, 256 kcal. It is isoelectronic with nitrogen, 
and just as for nitrogen, the simple electron-dot structure that satisfies the 
Octet rule also indicates that carbon monoxide is triply bonded. 


SG ee Os 
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The triple bond can be pictured as two a-bonds formed by pz and p, atomic 
orbitals and a c-bond formed from sp hybrid orbitals, as was discussed in 
Section 11.7. 

The nonbonded electrons on the carbon atom in carbon monoxide can in 
certain circumstances be donated to electron acceptors. ‘Thus carbon monoxide 
reacts with the electron-deficient molecule B;H to form borine carbonyl, 
BH;CO, 

2C0 + B;H, = 2BH;CO. 


We can regard borine carbonyl as a molecule in which the electron deficiency of 
a BH; fragment has been removed by the pair of electrons donated by carbon. 
monoxide, as shown by the following structure. 


H 
15 Ge 2 hig ORSO 
H 


Carbon monoxide also forms an important series of carbonyl compounds with 
the transition metals. The most common example of these is nickel carbonyl, 
Ni(CO),, which can be formed by the direct reaction 


Ni + 400 = Ni(CO),. 


Other compounds of this type will be discussed in Chapter 16. 
Despite the stability of carbon monoxide, it reacts exothermically with 
oxygen to form carbon dioxide: 


CO +40: = CO, AH = —67.6 keal. 


Carbon dioxide is unique among the dioxides of the group IVA elements: It is 
a volatile molecular compound, whereas SiO», GeOz, SnO2, and PbO, are all 
nonyolatile solids with relatively complicated crystal structures. 

Carbon dioxide is only moderately soluble in water, but is the anhydride of 
carbonic acid, 


C05 + H20 = H2COa(aq). 


The total solubility of CO. in water is approximately 0.034 M, but of this 
amount, 99.63% is present in the form of CO molecules, and only 0.37% is 
actually H3COs. The first ionization constant of “carbonic acid” is usually 
written as 
[H*]HCOs] _ -7 
[icd 7 4.3 X 107‘, 


where [H.COs] stands for the total concentration of all neutral carbonic material, 
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H,CO3 and CO». Because most of this is CO», the equilibrium constant might 
better be written as : 
[H*]HCOS] _ - 
(Cog — cit 107*. 

Carbon unites with a number of metals to form carbides, some of which have 
properties of practical value. The carbides can be classified as saltlike, inter- 
stitial, and covalent. Two examples of saltlike carbides are Be2C and ALC;. 
These compounds both yield methane when hydrolyzed. For example, 


AL,Cs + 12H50 = 3CH, + 4AY(0H)s. 


The structure of Be;C is the same antifluorite lattice found in Na50, with 
the beryllium and carbon atoms replacing the sodium and oxygen atoms, 
respectively. 

The acetylides, which contain the C7 unit, constitute another class of salt- 
like carbides. Caleium carbide, CaC;, is of this type, and has a rock-salt erystal 
structure in which the Ca** and Cz replace Nat and Cl-. Upon hydrolysis 
it yields acetylene, C3H3: 


CaC; + 2H90 = Ca(OH); + C2H3. 


Direct combination of carbon with some of the transition metals like titanium 
and tungsten yields interstitial carbides. These compounds are electrical con- 
ductors and have a metallic luster, and it is for this reason that they are pictured 
as metallic lattices which contain carbon atoms in the interstitial sites. The 
interstitial carbides are, in general, extremely hard and high-melting substances. 
For example, both TiC and W2C are nearly as hard as diamond and melt at 
temperatures higher than 3000°K. 

: The compounds of carbon with elements of similar electronegativity are 
called covalent carbides: The most important of these is silicon carbide or 
carborundum, SiC. This substance is nearly as hard as diamond and has the 
Same infinite three-dimensional lattice structure. 


Elemental silicon has a silvery metallic luster, but its electrical conductivity is 
substantially smaller than that of the metals. Its crystal lattice is the same as 
that of diamond. While silicon is rather inert at room temperature, it reacts at 
higher temperatures with all the halogens to form tetrahalides, with.oxygen to 
form SiO», and with nitrogen to form SigN4. When treated with strong base, 
it dissolves with evolution of hydrogen, 


Si(s) + 20H7 + H20 = SiO; + 2H5. 
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FIG, 14.19 


Silicon dioxide or silica exists as a three-dimensional network solid of enor- 
mous stability. In one crystal form of SiOz, the silicon atoms are arranged 
exactly as are the carbon atoms in diamond, except that oxygen atoms are 


“midway between them. The crystal structure of quartz, the most familiar form 


of SiOz, is a slight modification of this arrangement. 

Silica melts at 1983°K, and when molten silica is cooled it most often sets to 
a glassy material, rather than to a crystalline solid. This fused quartz has a 
number of valuable properties. Because of the great strength of the silicon- 
oxygen bond (108 keal), it is thermally stable and chemically inert to all sub- 
stances except HF, Fo, and hot alkali. In addition it is an excellent electrical 
insulator even at high temperatures, has a very small coefficient of thermal 
expansion, is highly transparent to ultraviolet light, and when drawn into 
fibers, has excellent elastic properties. 


Structural similarities between hydrocarbons and silanes. 


Several silicon hydrides, or silanes, are known. All have the general formula 
SixHon+2, and thus are analogous to the saturated hydrocarbons C,Hon+2- 
Figure 14.19 shows the structural similarities between the simplest silanes and 
hydrocarbons. 

In the hydrocarbon series, the number of carbon atoms in a chain can ap- 
parently have any value, but among the silanes, the most complicated known 
compound is SigsH;4. Apparently the relatively weak Si—Si bond makes mole- 
cules with many silicon atoms linked together quite unstable. The silicon 
hydrides differ from the hydrocarbons in another important respect. Two 
carbon atoms may be linked by a double bond, as they are in ethylene, H2C= 
CH;. Thus there is a series of compounds with the general formula C,Hon- 
There are no analogous silicon hydrides, and apparently double and triple 
bonds between silicon atoms are so unstable that they are not known. 

The silanes are colorless relatively volatile substances. They are all very 
reactive; for example, they ignite spontaneously in air, 


SisHg + 502 = 38105 + 4H50. 


Silanes also react explosively with halogens, but in the presence of Al;Cls, they 
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react in a controlled manner with HCl to give ehlorosilanes: 
HCl(g) + SiH,(g) ==> SiHsCl(g) + Ho(g). 


It is possible to synthesize such molecules as (CHg)3SiCl, (CH3);SiCl;, and 
CH;SiCls. These and similar substituted chlorosilanes are technologically im- 
portant, for upon hydrolysis they yield polymeric molecules of high molecular 
weight called silicones. Hydrolysis of (CH3)5SiCl; gives a chain of silicon and 
oxygen atoms. 


Os CH; 
foto 
CH3 Hs 


Hydrolysis of CH3SiCls gives a cross-linked chain, or a twosdimensional net- 
work, as shown below. 


CH; CH; 
i i—0— 
b 
: 0-300 
n; bu, 


The amount of cross linking and the identity of the hydrocarbon substituent 
control the properties of the polymer. All the silicones tend to be water repellent, 
heat resistant, electrically insulating, and chemically inert, and these properties 
make them useful as lubricants, insulators, and protective coatings. 

When the oxides or carbonates of the alkali metals are fused with silica, 
SiOz, various alkali silicates are formed. The simplest silicate is Na4SiO4, in 
which the SiO7* anion consists of a silicon atom surrounded by four oxygen 
atoms located at the corners of a regular tetrahedron. However, there are many 
other alkali silicates, such as NagSigO5, NaeSie07, and Na2Si0g. Despite 
the diverse empirical formulas of these compounds, we shall find that their 
structures can be understood in terms of a repetition of the fundamental SiO, 
tetrahedral unit. 

Silicates occur widely in Nature. Together, silicon and oxygen make up 
74 percent of the mass of the Earth’s crust, and they occur mostly as the silicates 
of the abundant metals Al, Fe, Ca, Mg, Na, and K. It is the variety of molecular 
structures of the silicate anions which produces the enormous range of mechanical 
Properties displayed by such minerals as asbestos, the micas, tale, kaolin, the 
feldspars, serpentine, the garnets, and the olivines. Consequently, silicate 
structures are of interest not only as examples of polymeric anions, but as the 


14.4 | THE ELEMENTS OF GROUP IVA 


FIG. 14.20 


Structures of the silicate anions. SiO7 


means by which the macroscopic properties of the ubiquitous Earth materials 
can be understood. 

Figure 14.20 shows how the structures of the various silicate anions are built 
up from the fundamental SiO, tetrahedral unit. When two tetrahedra share 
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. "one oxygen atom, the ion §i,07° results, When two oxygen atoms in each 

b _ tetrahedron are shared with neighbors, either ting structures such as Si305 5, or 

| infinite chains of tetrahedra with the empirical formula SiOz? can be generated. 

A double-chain structure can be formed when alternate tetrahedra of two 

single chains share oxygen atoms, and an anion of the empirical formula Si4078 

"results. This double chain can be extended in a similar manner to generate an 

infinite sheet of tetrahedra, each sharing three oxygen atoms with its neighbors. 

The empirical formula of this anion is Sig05”. As we shall see, three-dimensional 

network anions are possible if some of the silicon atoms are replaced by Al. 

In the silicate minerals, positive ions occupy positions in the-anion structure 

in such a manner that charge balance is achieved, and the anions are held 
together by Coulomb attraction to the cations. 

In Nature, the class of minerals known as the olivines has discrete SiO7‘ 
tetrahedral units, with no oxygen atoms shared. The chemical formula of the 
olivines can be written as [Mg, Fe]2SiO,. That is, Mg++ and Fet+ occur in 
different relative amounts, but the total number of cations is sufficient to 
balance the charge on the anions. Another way of describing the olivines is to 
"imagine a hexagonal close-packed array of oxygen ions, with silicon ions occupy- 
ing one-eighth of the tetrahedral interstitial sites, and Mg++ and Fe*^ occupy- 
ing one-half of the octahedral interstitial sites. Because Mg++ and Fe** have 
similar ionic radii (0.66 A and 0.74 A, respectively), substitution of one ion by 
the other does not markedly change the structure or properties of the mineral, 

Other minerals which contain discrete SiO? * tetrahedra include willemite, 

— Zn3SiO,, and zircon, ZrSiO,. Garnets also contain SiO? * tetrahedra, and have 
the general formula Mz + M3*(SiO4)s, where M** can be Catt, Mg++, or 
Fe**, and M+ is Alt, Crt, or Fe*?. Olivines and garnets are very hard and 
dense minerals of great thermal stability: 

i Cyclic silicate anions of the type Sig09° are found in the minerals wollas- 

| tonite, Ca3Si3Os, and benitoite, BaTiSis09, among others. Even larger cyclic 

anions occur. For example, SigO 18^, a ring of six tetrahedra, is found in the 

| mineral beryl, Al;BegSigO:s.. When it is contaminated by small amounts of 
Crt? or V+3, beryl is the gemstone emerald. í 

—— Minerals which are-built around the infinite single-chain silicate anion are 

. Called pyroxenes. The best known examples are diopside, CaMg(Si0s) 2, and 

 spodumene, LiAl(SiOs)s, a major source of lithium. Double-chained silicate 

“anions occur in the class of minerals called the amphiboles. The complete 

_ Structures of these minerals can be quite complicated, since in addition to the 
double-chain anion, both metal and hydroxide ions are present, as in termolite, 
~ CasMg;(OH)5(8i4011)2. Some of the amphiboles display fibrous mechanical 
Properties which result from the great strength of the double anion chains. 

_ Some of the minerals commonly known as asbestos are amphiboles. ; 
/ Combination of the silicate sheet anion Sig? with various cations and 
hydroxide ions produces an enormous number of important and abundant 
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minerals. Examples are tale, Mgs(OH)2(Si205)2, and the micas, such as biotite, 
K(Mg, Fe)3(OH) 2AISiz010. The close correlation between anion structure and 
macroscopic mechanical properties is particularly evident in the micas, which 
cleave very easily in directions parallel to the anion sheets. 

Tf each SiO, tetrahedron shared all four oxygen atoms with its neighbors, 
we would have a substance with the empirical formula SiO? and the three- 
dimensional framework structure of quartz. To achieve a three-dimensional 
anion structure, some of the Si** ions in the tetrahedra must be replaced by 
Al*®, and in order to maintain overall charge balance in the erystal, other 
cations must enter the interstices in the oxide lattice. Thus there are minerals 
of the general formula M(Al, Si) ,Os in which a certain fraction of the silicon 
atoms have been replaced by aluminum. When the ratio Si: Al is 3:1, M is an 
alkali metal ion, and when the ratio is 2:2, M is a doubly charged jon such as 
Ca++ or Ba++. These three-dimensional alumino-silicate structures occur in 
the feldspars, which are the most common minerals of the Earth’s crust. As 
might be expected from the molecular structures, feldspars are very hard and 
thermally stable minerals. 


This element has chemical properties that are similar to those of silicon. Solid 
germanium has the diamond lattice structure and displays the electrical, con- 
ductivity of a semimetal. Like silicon, germanium reacts directly with halogens 
to form volatile tetrahalides, with oxygen to form GeO», and with alkalies to 
form germanates, 


Ge + 20H- + H50 = GeO} + 2He. 


Like SiOz, GeO; is a weakly acidic oxide. 

Germanium, like silicon, forms a series of volatile hydrides which have the 
general formula Ge,Hon42. Compounds in which n = 6, 7, and 8 have been 
identified but not fully characterized. The germanium hydrides or germanes are 
oxidized to GeO. and H20 by oxygen, but are not as flammable as the silanes. 

One difference between the chemistry of germanium and silicon is that 


. germanium exists in the +2 oxidation state in several of its compounds. The 


halides GeCls, GeBr2, and GeIs and the sulfide GeS are known, but are rather 
unstable and are strong reducing agents. The synthesis of these compounds 
illustrates a general method often used to prepare rather unstable intermediate 
oxidation states. The tetrahalides or GeS, are first obtained by direct reaction 
of the elements and then treated with germanium: 


Ge + GeCl, = 2GeCls, Ge + GeS. = 2GeS. 
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These elements differ from the other members of group IV in a number of 
respects. In the first place, lead and tin are metals, and have important +2 
oxidation states. While the other group IV oxides are acidic, the monoxides 
SnO and PbO are amphoteric, as is SnO». Lead dioxide, PbOs, is a powerful 
oxidant, and its acid-base properties are not well characterized. In contrast to- 
the extensive series of hydrides formed by carbon, silicon, and germanium, tin 
and lead form only SnH, and PbH,, respectively. While the tetrahalides of 
carbon, silicon, and germanium are stable, those of tin are less so, and PbF, 
and PbCl, are quite unstable and dissociate upon warming, 


PbX4 = PbX; + Xe. 


Aqueous solutions of tin in the 4-2 state are formed when the metal dissolves 
in acid. Corresponding to the fact that SnO is an amphoteric oxide, solutions 
of Sn** are extensively hydrolyzed: 


Snt*+ + H20 = SnOH*--H*, K= 107%. 


Thus stannous ion is a moderately strong acid—as strong as HSO7. Stannous 
ion also tends to form complexes with anions. For example, in the presence of 
chloride ion, SnCl*, SnCls, SnClz, and SnCl; can all be formed. 

The dioxide SnO% dissolves in base to form stannate ions, Sn(OH)s, and in 
halogen acids to form complex ions such as SnClg. There is no evidence that 
Snt4, or any other monatomic ion of +4 charge, ever exists uncomplexed in 
aqueous solution. 

The most common oxidation state of lead is +2. In aqueous solution, the 
plumbous ion, Pb**, is hydrolyzed, but not nearly so much as the stannous 
ion, as the equilibrium constant for the following reaction shows: 


Pptt++H,0 = PbOH*--H*, ` K= 10-5. 


When alkali is added to solutions of Pb**, Pb(OH); first precipitates and then 
redissolves in excess base as Pb(OH)3- Se 
Like stannous ion, Pb** forms complexes with the halide ions. The equilib- 


rium constants for 
PbCI* = Pb** + Ch, K — 0.077, 
PbBr*— Pb*^- Br, K = 0.07, 
PbI*— Pb** +I, K — 0.03, 
Show that these complexes are of only moderate stability. The lead halides 


E 
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PbX; themselves are moderately insoluble, but dissolve in excess halide ions - 


to form such complex ions as PbCly and PbI;. 
The sulfate, carbonate, chromate, and sulfide of lead are all quite insoluble 
in water, as the following equilibrium constants show: 
Pb80, = Pb** + 807, K = 1.3 X 1075, 
PbCO, = Pb*t*--COZ, | K-15x 107, 
PbCrO, = Pb*t*--CrOz, ^ K-2x10-!5, 
PbS = Pb** + 87, K-7x107?» 


There is very little chemistty associated with the +4 state of lead. The 
potential for the reaction 


PbO, + 4H* 4-2e7 = Pb**--2H;0, 6° = 1.46 volts, 


shows that lead dioxide is a very powerful oxidizing agent. It can be produced 
electrolytically, as it is in the charging of a lead storage battery, or by reaction 
of lead (II) with hypochlorite ion in basic solution: 


Pb(OH)g + ClO~ = C1- + PbO, + OH- + H30. 


. 14,5 CONCLUSION 


This discussion of the first four groups of representative elements has revealed 
some regularities that make the descriptive chemistry of these elements quite 
coherent. In group IA particularly, there is a strong resemblance between the 
elements. This marked resemblance persists in group ILA, but superimposed 
on it are some important trends, Beryllium is a less active reducing agent and 
forms a much more acidic oxide than do the other alkaline-earth elements. More- 
over, its halides have properties that are easier to rationalize in terms of covalent 
than ionic bonding. Some of these properties appear to a lesser extent in mag- 
nesium, but are suppressed in the heavier alkaline-earth elements. In the 


properties connected with metallic behavior become more obvious as the atomie 
weight of the elements increases. In group IVA, the trend of increasing metallic 
behavior with increasing atomic weight is repeated. 

When elements of the same period are compared, it is clear that there is a 
general trend from metallic to nonmetallic behavior as one passes from left to 
right. In the first period, the dividing line between metals and nonmetals occurs 
at the element boron in group IIIA. In the second and third periods, the dividing 
line occurs in group IVA, while in the fourth period it is delayed to group VA. 
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ere is a resemblance between elements that are diagonal neighbors. This 
jonal relationship is most noticeable in the following portion of the table. 
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olati hydrides and halides-of both boron and silicon, the amphoteric oxides 
nd volatile halides of both beryllium and aluminum, and the ease with which 
th lithium and magnesium form nitrides. In some respects this diagonal 
lationship is more obvious than the vertical resemblances in a given group. 
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" is generally accepted that. positive tons are more extensively hydrolymd, or 
ples from this chapter that support this generalization. 


14.4 The triiodide ion, Iy. is known in aqueous solution, but while the solid com- 
pound CsI; is stable with respect to CsI and Is, Lilg is not stable with respect to Lil 
and Iz. To account for this difference in stabilities, reasoning similar to that used to 
explain the relative stabilities of the alkaline-earth carbonates can be used. Construct 
an argument that rationalizes the relative stabilities of CsI3 and Lil3. 
14.5 The rock-salt erystal structure can be regarded as a cubic closest-packed anion 
lattice with cations in all octahedral holes. Lithium iodide has the rock-salt structure, 
and the distance between iodine nuclei that form an edge of a face-centered cube is 
6.050 A. By assuming that the lattice dimensions are determined by anion-anion 
“contact,” calculate the radius of the iodide ion. 
14.6 How would you expect the following properties of francium to compare with 
those of the other alkali metals: (a) ionization energy; (b) atomic radius; (c) ionic 
radius? Does the occurrence of the lanthanide series have any relevance to your 
answers? 
14.7 From the standard half-cell potentials 
TIt e7 = TI, $9 = —0.336 volt, 
TI*34-2e- = Tl*, 8 = 1.25 volts, 
caleulate the equilibrium constant for the reaction 
3TI* = 2T14- TI**. 
Would you expect thallous ion to disproportionate in aqueous solution? 
14.8 Why is Sn*++ more extensively hydrolyzed than Pht++? 
14.9 With respect to decomposition by the reaction MSO4(s) = MO(s) + SOs(g), 
which of the group ITA sulfates would you expect to be least stable? Which would 
you expect to be most stable? 
14.10 Discuss, in terms of an ionic-bond model, the possible reasons why aluminum 
is found exclusively as A1+3 in solution and in its stable compounds, whereas thallium 
displays both +1 and +3 oxidation states. The ionic radius of T+ is 1.47 A. 
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CHAPTER 15 


THE 
NONMETALLIC ELEMENTS 


Groups VA, VIA, VIIA, and the inert gases include most of the nonmetallic 
elements. The chemical behavior of each of these elements is in general more 
complicated than the chemistry of the representative metals, and in some cases 
à nonmetallic element may show only slight resemblance to the other members 
of its chemical family. Nevertheless, it is possible to detect a number of regu- 
larities, particularly among the structural features of the compounds of the 
nonmetals, that aid us in remembering and understanding the chemistry of 


these elements. 


15.1 THE ELEMENTS OF GROUP VA 


A considerable range and variety of chemical and physical properties are 
encountered upon examination of the group VA elements. Some of these 
properties are given in Table 15.1. Nitrogen and phosphorus are nonmetals, 
arsenic and antimony are semimetals, and bismuth is a metal with a rather 
small electrical conductivity. While the characteristic oxidation states of these 
elements might be taken as —3, +3, and +5, there are individual peculiarities. 
Nitrogen appears in every integral oxidation state from —3 to +5, and as one 
proceeds down the family of elements, one finds that the -+5 state and par- 
ticularly the —3 state become increasingly unstable and rare. A similar trend 
was encountered in groups III and IV. 


Nitrogen 


Table 15.1 Properties of the group VA elements 


N P As Sb Bi 
Atomic number 7 15 33 51 83 
Configuration 2s?2p3  3s?3p3 4s?4p3  5s?553  6s?6p? 
lonization energy, kcal 335 254 226 199 168 
Atomic radius, A 0.74 1.10 1.21 1.41 1.52 
Melting point, °K 63 317 sublimes 903 545 
Boiling point, °K 77 553 886 1850 1900 
AH;(atom), kcal 113.7 79.8 69 62 49.5 


Analogous compounds of the group V elements display a range of properties. 
For example, ammonia, NH3, is basic and thermodynamically stable, while 
PH; is much less basic and is thermodynamically unstable with respect to its 
elements. In the compounds AsH3, SbH;, and BiHs, basic properties disappear 
entirely, and BiH; in particular is so unstable that only trace quantities have 
been identified. As a second example, consider that the +3 oxides of nitrogen 
and phosphorus are acidic, but the acidic properties of the corresponding oxides 
of arsenic and antimony are less pronounced, and the +3 oxide of bismuth, 
Bi505, is basic. Other trends and variations in group V will become clear from 
the discussion of the properties of the individual elements. 


Elemental nitrogen exists as a diatomic molecule whose bond dissociation 
energy, 225 keal, is second in magnitude only to that of carbon monoxide. As 
was discussed in Section 11.7, nitrogen and carbon monoxide are isoelectronic 
and both possess a triple bond. Although carbon monoxide is a moderately 
reactive molecule, nitrogen is quite inert, particularly at temperatures near 
300°K. In some cases, this inert nature is due to thermodynamic considerations. 
For example, all the nitrogen oxides have positive standard free energies of 
formation, and thus are intrinsically unstable with respect to nitrogen and 
oxygen. In other instances, however, the inert character of nitrogen is a result 
of kinetic factors, for its reactions with many reagents are quite slow. The 
formation of ammonia from hydrogen and nitrogen is such an example, and it 
is worth considering this reaction in some detail. 

The standard free energy. of formation of ammonia is —3.98 kcal/mole at 
25°C, and thus the equilibrium constant of the reaction 


4No(g) + $H2(g) = NHs(g) 
is given at 298°K by 


K = e AST — 83 x 102, 


where the concentration units are atmospheres. This equilibrium constant is 
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quite favorable to the synthesis, and ammonia should be formed in good yield 
at room temperature if equilibrium could be reached. The reaction is immeasur- 
ably slow, however, and no ammonia is formed when nitrogen and hydrogen 
are mixed at 25°C. : 

At elevated temperatures and in the presence of iron catalysts, the rate of 
reaction between nitrogen and hydrogen is large enough to make the ammonia 
synthesis practical. There is still a difficulty, for the standard enthalpy change 
for the reaction is —11.04 keal at 298°K and is —13.3 keal at 450°C, the tem- 
perature at which the reaction rate is conveniently large. Since the reaction is 
exothermic, the equilibrium constant at the elevated temperature is smaller 
than at 298°K, and it is important to know whether this seriously affects the 
maximum yield of ammonia. The value of the equilibrium constant at 723°K 
might be calculated from the expression 


nE--S GL -z) (15.1) 


but a certain amount of care is necessary. Equation (15.1) is based on the 
assumption that AH? is independent of temperature, and this is not, true for 
the ammonia synthesis. We can calculate a fair approximation to the equilib- 
rium constant at 723°K, however, if we use for AH? the average of the values 
at 298°K and 723°K, or —12.2 keal/mole. Then we have 


Kras__ 12,200 (15 ax 
2310855: 103 ^ 198 \723 298 
log K723 = —2.35, 
Krs = 45 X 1077. 


Because of the approximate treatment of the temperature variation of AH p 
this answer is not particularly accurate, and the experimentally measured value 
of K723 is 6.5 X 10-2. Nevertheless, the approximate value would be good 
enough to tell us that the equilibrium yield of ammonia at 723°K is much 
smaller than at 298°K. This unfavorable equilibrium constant is counteracted 
somewhat by carrying out the reaction at a high total pressure. While this 
does not change the equilibrium constant, it does result in a higher percentage 
conversion of nitrogen and hydrogen to ammonia and makes this direct synthesis 
an important industrial process. , 

Ammonia is a colorless gas with an exceedingly pungent odor. It condenses 
to a liquid which has a normal boiling temperature of —33°C. As discussed in 
Section 13.4, both the boiling point and enthalpy of vaporization (5.64 keal/ 
mole) are abnormally high for a substance of this molecular weight, because 
of hydrogen bonding. f 5 

Liquid amoral in some ways similar to liquid water. Salts dissolve in 
ammonia to form conducting solutions, but solubilities are usually smaller in 
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ammonia than in water. Exceptions to this generalization are the salts which 
contain cations which form stable ammonia complexes. Thus the silver halides, 
which are very sparingly soluble in water, are quite soluble in ammonia, because 
of the formation of the very stable Ag(NH3)7 complex ion. Liquid ammonia 
undergoes autoionization, as does water, but to a much smaller degree: 


2NH;() = NH7+NH3, Koso œ 10 9 
2H,0(0) = H30++OH-, Kaos = 10-14. 


We see that in the liquid ammonia solvent system, NH? is the acid analogous 
to H30*, and NH3 is the base analogous to OH. The analogy extends to 


_ amphoteric behavior as well. Thus, just as zinc hydroxide dissolves in either 


strong aqueous acid or strong base, 
Zn(OH)s(s) + 2H*(aq) = Zn**(aq) + 2H,0, 
Zn(OH) 2(s) + 20H" (aq) = Zn(OH).(aq), 


zinc amide, Zn(NH;)s, reacts with excess NHZ or NHz to dissolve in liquid 
ammonia: 


Zu(NH;)a(s) + 2NHZ (am) = Zn**(am) + 4NHs, 
Zn(NH3)s(5) + 2NHz (am) = Zn(NH;); (am). 


Perhaps the most remarkable characteristic of liquid ammonia is its ability 
to dissolve the alkali metals to form deep blue solutions of high electrical con- 
ductivity. The solubilities of the alkali metals range from 10 to 20 molal, 
depending on the temperature and the metal. In dilute (—0.01 M) solutions, 
the principal dissolved species are believed to be the alkali metal ions and 
independent electrons which are loosely trapped in solvent cages by electrostatic 
interaction with the dipole moment of NH3. The blue color of these solutions 
is attributed to transitions of the quasi-free electrons between energy levels 
defined by their interaction with the solvent cage.: As might be expected, these 
solutions of alkali metals in liquid ammonia are excellent reducing agents, and 
are frequently used for this purpose in preparative organic and inorganic 
chemistry. 

The ammonia synthesis is the first step in the commercial "fixation" of 
nitrogen. Combustion of ammonia under catalytic conditions produces nitric 
oxide, NO, which is eventually converted to nitric acid, HNO. The combus- 
tion of ammonia may take either of two courses 


4NHs(g) + 302(g) = 2No(g) + 6H20(g),. Koos = 10??8, 
4NH3(g) + 502(g) = 4NO(g) + 6H50(g),  Keos = 10'°*. 


Although the equilibrium constant of the first reaction is much larger than that 
of the second, the latter is selectively catalyzed by platinum metal, and NO is 
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produced in quantity on the platinum surface at a temperature of about 1000°K. 
To complete the synthesis of nitrie acid and the “fixation” of ‘nitrogen, nitric 
oxide is treated with oxygen and water: . 


2NO + O2 = NO;, 
3NO2 + H20 = 2HNO; + NO. 


Another reaction by which elemental nitrogen can be converted to a com- 
bined form is the nitric oxide synthesis: 


3Ne + 405 = NO, AH? = 21.60 keal. 


Although AG$ss for this reaction is 20.72 kcal and the equilibrium constant at 
298°K is only 1.6 X 1075, the fact that AH? is positive means that at elevated 
temperatures the equilibrium constant will be more favorable for the synthesis. 
The experimental values of the equilibrium constant are, in fact, 2 x 107? at 
2000°K, and 6 X 107? at 2500°K. One method of synthesizing nitric oxide is 
to pass nitrogen and oxygen through an electric arc discharge, which creates a. 
high, if ill-defined, temperature. 

In internal combustion engines operating on fuel-air mixtures, the combustion 
temperature is high enough so that small but significant amounts of nitric 
oxide are formed. When nitric oxide enters the atmosphere as engine exhaust, , 
it is converted to nitrogen dioxide, NO3, by reaction with oxygen. Photo- 
dissociation of NO% to NO and O initiates smog forming reactions when hydro- 
carbons are present in the atmosphere. Attempts to increase the performance 
of engines and lower the emission of unburned hydrocarbons by increasing 
compression ratios and combustion temperature lead to increased formation of 
NO. Therefore one presently favored method of decreasing both hydrocarbon 
and nitric oxide emission from engines is to decrease the cylinder combustion 
temperature to diminish NO formation, and eliminate unburned hydrocarbons 
from the exhaust by catalyzed combustion at low temperatures. 

Elemental nitrogen does undergo direct reaction with some of the metallic 
elements. The reaction of nitrogen with lithium to give lithium nitride, Li3N, 
proceeds slowly at room temperature, and rapidly at 250°C. The reaction of 
nitrogen with the alkaline-earth metals to form nitrides like MgaN is rapid 
at temperatures above 500°C, and at an even higher temperature, nitrogen 
reacts with boron, aluminum, silicon, and many of the transition metals. Thus, 
while nitrogen is, in general, inert at temperatures near 25°C, it does react 
directly with a number of elements at somewhat elevated temperatures. 


Nitrogen forms an extensive series of nitrides which are usually classified as 
being ionic, covalent, or interstitial in nature. Lithium, the alkaline-earth 
elements, zine, and cadmium form nitrides that apparently contain the N^? 
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ion, for upon hydrolysis they yield ammonia: 


LigN + 3H,0 = 3Li* + 30H- + NH;, 
Ca3sNo + 6H,0 = 3Catt + 60H~ + 2NH;. 


Compounds of nitrogen with the elements of groups III, IV, and V are 
generally considered to be covalently bonded nitrides. ‘These include BN, 
SisN4, PsNs, and others. The compound BN is isoelectronic with carbon and 
exists in two forms that are analogous in structure to graphite and diamond. 
In the “graphite” form of BN there are planes which consist of alternate boron 
and nitrogen atoms 1.45 A apart in hexagonal rings. The distance between 
two neighboring planes of atoms is 3.34 A, which is large enough to suggest that 
there is only van der Waals bonding between the sheets of atoms. The other 
form of BN has the diamond structure, with alternate boron and nitrogen 
atoms in place:of the carbon atoms. This form of BN is extremely hard— 
apparently harder than diamond itself. 

Reaction between nitrogen and the finely divided transition metals produces 
interstitial nitrides such as W2N, TiN, and Mo3N. These compounds contain 
nitrogen atoms in the interstices of the metallic lattice. Like the interstitial 
carbides, interstitial nitrides are very hard, have high melting points, are elec- 

. trical conductors, generally deviate from ideal stoichiometry, and are chemically 


inert. ; 


The Oxides of Nitrogen 


The known oxides of nitrogen and some of their properties are listed in Table 
15.2. Every oxidation state of nitrogen from +1 to +5 is represented among 
the well-characterized oxides. In addition, there are two different oxides that 
have the empirical formula NOs. Both of these are very reactive substances 
that have only been identified by spectroscopy as transient species. 

Nitrous oxide, N20, ean be synthesized by the thermal decomposition of 
ammonium nitrate, 

NH,NO; = N50 + 2H50. 


It is a colorless gas and is the least reactive and noxious of the nitrogen oxides. 
Nitrous oxide is relatively inert at room temperature, but at 500°C it decom- 
poses to. oxygen, nitrogen, and nitric oxide and will support the combustion of 
hydrogen and hydrocarbons. Nitrous oxide is isoelectronic with CO; and has 
the linear structure expected on this basis: 


N 112A N 1.19 A O. 
Although nitrous oxide has a small dipole moment, 0.17 D, its physical prop- 


erties are similar to those of the nonpolar carbon dioxide. Nitrous oxide boils 
at —88°C, while carbon dioxide sublimes at —78*C. 


THE NONMETALLIC ELEMENTS | 15.1 


Table 15.2 Properties of the oxides of nitrogen 
N20 NO N203 NO2 N204 N205 


Melting point, ^C  —98.8  —1636 —102 —  —93 30 | 
Boiling point, "C  —88.5  —151.8 35 — 21.3 47 
AHf, kcal 19.5 21.6 20 8.09 2.3 3.1 
AGy, kcal 24.8 207... — 12.44 23.5 279 


Nitric oxide, NO, is a colorless gas with a rather low condensation tem- 
perature of —152°C. The electronic structure of NO is interesting because the 
molecule has an odd number of electrons. Aside from the four ls-electrons of 
nitrogen and oxygen, there are eleven valence electrons, one more than in 
Ns; and CO. The first ten of these electrons are accommodated in molecular 
orbitals that are qualitatively the same as those of Nz and CO. A total of four 
electrons go in nonbonding orbitals: two on the nitrogen atom and two on the 
oxygen atom. Six electrons enter bonding orbitals: two in the c-orbital, and 
two each in the m+- and 7,-orbitals, The next orbitals in order of increasing 
energy are Tf and mš: antibonding -orbitals. The last electron in NO enters 
one of the m*-orbitals, so nitric oxide has three pairs of bonding electrons and 
one antibonding electron. This situation is sometimes described as a 23 bond. 
This designation seems appropriate when we compare the bond lengths and 
bond energies of NO and NO*. 


Niros [iNi ae 
1.15 A 1.06 A 
150 keal 244 kcal 


Thus NO*, which does not have an electron in the 7* antibonding orbital, has 
a shorter stronger bond than does NO. 

As the foregoing considerations might indicate, nitric oxide loses an electron 
rather easily and forms NO*. For example, when a mixture of NO and NO; is 
dissolved in concentrated sulfuric acid, the reaction is 


NO + NO; + 3H580, = 2NO* + 3HSO7 + H30*. 


Compounds that contain NO* in ionic lattices with such species as HSOz, 


ClO, and BF; can be isolated. 
Gaseous nitrie oxide reacts directly with oxygen to form the brown gas 


nitrogen dioxide, NO: ; 
2NO + O2 = 2NOz. 


The rate of this reaction is proportional tq the concentration of NO squared, 
and to the first power of the oxygen concentration. The mechanisms 


NO + NO = (NO)2 .. (fast equilibrium) 
(NO)2-+O2—2N02 (slow) 
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and fi 
NO + 02 = OONO (fast equilibrium) 


OONO + NO > 2NO2 (slow) 


are both consistent with the rate law. It is not now known which of these 
mechanisms is the more important. 

Dinitrogen trioxide, N2Oz, exists as a blue solid at low temperatures, but in 
the liquid and vapor state it is largely dissociated to NO and NOs. 


N20a(g) = NO(g) + NO»(g). 


In effect, the chemistry of N203 under ordinary conditions is the chemistry of 
an equimolar mixture of NO and NO». Reaction of these mixtures with aqueous 
alkali yields solutions of the nitrite ion, NO7, 


NO(g) + NOo(g) + 20H-(aq) = 2NO3 (aq) + H20. 


The other chemical properties of N2O3 can be predicted from a knowledge of 
the chemistries of NO and NO2. 

Nitrogen dioxide and dinitrogen tetroxide, NO% and N20, respectively, 
exist as gases in equilibrium with each other: 


N20, = 2NO;, AH? = 13.9 kcal. 
colorless. red-brown 


The reaction as written is endothermic, and consequently dissociation to NO 
increases as temperature increases. When the mixture is condensed to a solid, 
the lattice is made up entirely of N20, units. 

The. structures of NOs and N30, are given in Fig. 15.1. The dimer N204 
has a planar structure, and the nitrogen-nitrogen bond is remarkably long and 
weak [D(N—N) = 13.9 kcal] compared to single bonds between nitrogen 
atoms in other molecules. The bond angle in NO», 134°, is intermediate be- 
tween the angles found in the related ions NOZ (180°) and NOz (116°). This 
is a specific example of the general observation that among triatomic molecules 
and ions, those with seventeen through twenty valence electrons (NO2, NOz, 
Os, 805) are nonlinear, as has been discussed in Chapter 12. 


o 0 
N-. 119A A / 
45A 
Ue to 1349 NEE AN 
1.18 A 
0 


Structures of nitrogen dioxide and dinitrogen tetroxide. 
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When NO» dissolves in cold water, a mixture of nitrous and nitric acids is 
formed: ds 


2N05 + H20 = HNO, + H+ + NO3. 


Thus this reaction is a disproportionation of nitrogen in the +4 oxidation state 
to the +5 and +3 states. Nitrous acid itself is unstable with respect to dis- 
proportionation in hot aqueous solutions, so when NO% dissolves in hot water, 
the net reaction can be written as 


3NO2 + H50 = 2H* + 2NO; + NO. 


This reaction is used in the synthesis of nitric acid. Because NO; forms nitric 
acid upon contact with water and it also reacts directly with a number of metals, 
it is a very corrosive gas. 

Dinitrogen pentoxide, N305, is made by the action of P4049 on nitric acid 
vapor: 


4HNO$s(g) + P404o(s) = 4HPOs(s) + 2N20,(g). 


Thus N50; is the anhydride of nitric acid. Although the structure of N20; is 
not known in detail, the general arrangement of the atoms is given by 


At room temperature N20; decomposes at a moderate rate according to the 
net reaction 


N20s(g) = 2NOg(g) + 402(g), — AG? = —3.1 keal. 


The mechanism of this decomposition involves the transient oxide of. nitrogen, 
NOs. In the first step of the decomposition N20; is in equilibrium with NO, 
and NO;: 


1 NO; = NO2+ NO; (rapid equilibrium). 
Some collisions between NO; and NO; lead to formation of an oxygen molecule: 
2. NO.+NO3 — NO + 02+ NO; (slow). 


A more detailed representation of this step is 


| 
N ED N+0—0+N 
NT ANGST a S d \ 
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FIG, 15.3 


Oxyacids of Nitrogen 


‘is isoelectronic with COZ and BFs, and has the expected planar trigonal struc- — 


Thus the product NO; molecule contains a different nitrogen atom from the 
reactant NO? molecule. Finally, NO reacts very rapidly with NO: - 


3. NO-+NO3 — 2NO;. 


f 


Thus in the decomposition of pure N205, both NO; and NO are reactive inter- 
mediates, and are present only in very low concentration. 
E 1 


Structure of the nitrate ion. — . Le ‘<a : 
0 o 3 


Although dinitrogen pentoxide exists as N20; molecules in the gas phase, - 
x-ray studies show that the solid consists of the ions NO# and NO;, and soit — 
might be called nitronium nitrate. As was mentioned above, the nitronium 
ion, NOZ is isoelectronic with CO; and N30, and has the linear structure . 
[O—N-—O]*, with a nitrogen-oxygen bond distance of 1.15 A. The nitrate ion - 


ture given in Fig. 15.2. As noted in Section 11.8, a single electron-dot or line ~ 
structure for the nitrate ion cannot satisfy the octet rule and indicate that the — 
three nitrogen-oxygen bonds are equivalent. Consequently, one representation ~ 
of the nitrate ion is as a resonance hybrid of the structures given in Section 11.8. — 


H 1.22 a 
Structure of the nitric-acid molecule.. Serre 3 


The most important of these is nitric acid, HNOs. The gaseous molecule has — 
the structure given in Fig. 15.3, which shows that the symmetry of the nitrate 
ion is partially destroyed when a proton is attached to it. In concentrated solu- . 
tions, nitric acid is an extremely powerful oxidizing agent and reacts with metals —— 
like copper and silver with the production of NO: E 


8H* + 2N0O3 + 3Cu = 3Cu** + 2NO + 4H50. 
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Reaction of the active metals with concentrated nitric acid produces am- 
monium ion: 


10H* + NOF + 4Zn = 4Zn** + NH} + 3H,0. 


In solutions more dilute than 2 M, the oxidizing power of the nitrate group is 
greatly diminished, and only the protons of the dissociated acid react with the 
active metals to evolve hydrogen. This behavior should not be too surprising, 
for the half-reaction 


NO; -4H*--3e-— NO--2H;0, 8° = 0.96 volt, 


shows that the power of NO; as an oxidant should be very sensitive to the 
concentration of the acid, since four protons appear on the left-hand side of 
the equation. 

We noted above that reaction of equimolar mixtures of NO and NO; with 
aqueous alkali gives solutions of nitrites. Solutions of nitrous acid can be made 
by acidification of solutions of nitrites. Nitrous acid isa weak acid, as the 
dissociation constant for 


HNOs;(aq) = H*(aq) + NOz(aq), K =4.5 x 10-4, 


shows. The pure liquid acid is unknown, and in the gas phase it is noticeably 
dissociated: 


2HNO»s(g) = NO(g) + NOs(g) + H20(g), K = 0.57 atm. 


As noted earlier, even aqueous solutions of nitrous acid are unstable and decom- 
pose when heated according to 


3HNOs(aq) = H*(aq) + NO3 (aq) + H30(1) + 2NO(g). 


Nitrogen appears in at least eight oxidation states in its water-soluble species, 
and there is a very large number of half-reactions that involve these oxidation 
states. In addition to the nitrate-nitrie oxide half-reaction given earlier, some 
of the important half-reactions are the following: 


NO; -3H*--2e- = HNO, +H:0, 6° = 0.94 volt, 


HNO, + Ht +e = NO + H20, &? = 1.00 volt, 
2NO; + 10H* + 8e— = N30 + 5H30, 6° = 1.11 volts, 

N30 + 2H* + 2e— = Na + H20, &° = 1.77 volts, 

4N + 4H* + 3e7 = NHZ, &° = 0.27 volt. 


A convenient summary of this series of half-reactions is provided by the follow- 
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ing reduction-potential diagram. 


N05- 0.94 HNO; 1,00 o 1.59 N50 1377 Nz 0.27 NHt 
1.11 | 


In this diagram only the nitrogen-containing species are indicated. A line 
represents the properly balanced half-reaction, written as a reduction, that 
interconverts the two species, and the voltage associated with the half-reaction 
is written over the line. Thus from this diagram it is possible to tell at a glance 
that nitrate ion is reduced to nitric oxide with a standard potential of +0.96 
volt, that nitrogen gas going to ammonium ion is a spontaneous process with 
a standard voltage of +0.27 volt, and so on. 


Reduction-potential diagrams make it easy to pick out species that are, 


thermodynamieally unstable with respect to disproportionation. For example, 
consider the following partial diagram. 


NOx. 0.94 x 100 4- ; 


It appears that HNO», is reduced to NO with a potential of +1.00 volt, but.is 
oxidized to NO; with a potential of —0.94 volt. Therefore HNO; should be 
converted to NO; and NO with an associated voltage of 1.00 — 0.94 = 
0.06 volt. Writing out the relevant half-reactions in more detailed form con- 
firms the following conclusion. 


2 x (HNO, + Ht + e7 = NO + H20) 6° = 1.00 
—1x (NO; + 3Ht + 2e7 = HNO.+H.0) —(8° = 0.94) 
3HNO; = NO; + H* + 2NO + H50 As° = 0.06 


Tn general, a species having an intermediate oxidation number will be unstable 
with respect to disproportionation if it appears in the reduction-potential dia- 
gram with a voltage to its right that is larger than the voltage to its left. 

The reduction-potential diagrams above apply to reactions that occur in 
acidic solutions, It is instructive to examine the corresponding diagram for 
basic solutions: 


0.15 


E os OTER 
Noz- noz yot y 0-99 N, =B NH; 
0.10 


The most remarkable feature of the composition of the standard potentials in 
acidic and basic solutions is that they show that nitrate and nitrite ions are 
much weaker oxidants in basic solution than they are in acidic solution. This 
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is not too surprising, for as was noted above, the half-reactions for reduction of 
nitrate involve several hydrogen ions as reactants, as in 


NO; + 4H* + 3e— = NO + 2H50. 


A vuunge from 1 M H+ to 1 M OH- reduces the hydrogen-ion concentration 
enormously, and the oxidizing power of the nitrate ion decreases accordingly. 
The same generalization applies to other oxyanions: in acidic solution MnOj 
and Cr;O7 are stronger oxidizing agents than they are in basic solution. An 
alternative way of stating this generalization is that it is easier to oxidize an 
element to an oxyanion of high oxidation number in basic solution than in 
acidic solution. 

Another noteworthy feature of the reduction-potential diagram for basic 
solution is that it shows that nitrite ion is stable under these conditions: 


NO; —2—N0; —94-NO, 
Writing out the disproportionation reaction in detail we find that 
3NOg; + H20 = NO; +20H~+2NO,.  A&9 = —0.47 volt, 


which shows that nitrites can exist without spontaneous decomposition in basic 
aqueous solution, 


Nitrogen Halides and Oxyhalides 


Nitrogen forms only four binary halides that have been obtained as-pure com- 
pounds: NF3, N3Fs, NeF4, and NCl3. Both NF3 and NF% are obtained when 
NH,F is dissolved in pure HF and electrolyzed. Dinitrogen tetrafluoride is 
one of the products recovered from an electrical discharge through NF and 
mercury vapor, and is also obtained when NI’; reacts with copper to produce 
Cus. 


Sa 
£ : " " " 
F 102.5° The pyramidal structure of nitrogen trifluoride. 


F 


The nitrogen fluorides display some interesting structural and chemical 
properties. Nitrogen trifluoride is a stable, rather inert gas. It has a geometric 
structure very similar to that of ammonia, as is shown in Fig. 154. Despite 
the fact that NF; has a pair of nonbonded electrons, it is not a Lewis base, for 

_ there are no known compounds in which it donates electrons to other reagents. 
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Apparently this lack of basic properties is related to the electronegative nature 
of the fluorine atoms, which tend to draw electron density away from the 
nitrogen atom and make it a poor electron donor. 

There are two known isomers of NF. One of them definitely has the trans 
planar FNNF structure, and the other isomer has the cis configuration: 


F F F 


yen yen” 


N 
F 


trans cis 


The geometry of this molecule suggests that we can think of the nitrogen atoms 
as being sp?-hybridized, and linked by a o-m double bond. 
Dinitrogen tetrafluoride is a gas that is partially dissociated into NF» 
Íragments: 
F3NNF; = 2NF;, AH = 19 kcal. 


This situation is similar to that found for N504-NO»s, and in fact the N—N 
bond in N5F, is nearly as weak as that in N3204. 

There are two series of nitrogen oxyhalides. The nitrosyl halides have the 
general formula XNO. Of these, the fluoride, chloride, and bromide are well 
known, and the iodide has been recognized as a transient species in reaction 
mixtures. The general formula of the nitryl halides is XNOz, and only the 
fluoride and chloride are known. 

None of the nitrogen oxyhalides is particularly stable, and these compounds 
are of interest principally because of their structural properties. The nitryl 
halides are isoelectronie in their valence shell with the nitrate ion, and like 
NO3, are planar triangular molecules. In accordance with our experience with 
triatomie molecules which have more than 16 valence electrons, the nitrosyl 
halides are nonlinear and have the structural parameters given in Table 15.3. 
In each of these molecules the halogen is bonded to the nitrogen atom. In view 
of this fact, it is rather surprising that in the analogous compound NSF, the 
fluorine atom is attached to the sulfur atom. 


Table 15.3 Properties of the nitrosy! halides 
FNO CINO BrNO 


Melting point, °C —133  —65 —56 
Boiling point, *C 60 — 6 0 
AH), kcal — 12.57 19.56 
AG), kcal — 15.86 197 

X—N distance, A 152 195 2.14 
N—O distance, A 113 114 115 


X—N—O angle, deg 110 116 114 
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"This element is the twelfth most abundant in nature, and is found most 
‘frequently in the form of phosphates like Cag(PO4)s- H20. Treatment of 
this phosphate with silica and coke at high temperature produces elemental 
phosphorus: 
2Cag(PO4)2 + 68i02 = 6CaSi03 + P4010(g), 
P4016(g) + 10C = P4(g) + 10CO. 


The solid obtained by condensing the vapor is white phosphorus. This allctrope 
of phosphorus contains discrete P4 molecules whose structure is shown in 
Fig. 15.5. 


221A 


Structure of the P, molecule. 


Although white phosphorus is the allotropic form easiest to prepare, and is 
taken to be the standard thermodynamic state of the element, it is not the most 
stable allotrope. Upon heating or irradiation, white phosphorus is converted to 
red phosphorus, a polymerie substance whose structure is not known in detail. 


The layer structure of black phos- 
phorus. For an alternative view, 
see Fig. 13.2. 


A third allotrope, black phosphorus, is produced by subjecting the element to 
high pressures or by careful recrystallization @f white phosphorus. Black 
phosphorus is the most stable form of the element and has the structure shown 
in Fig. 15.6. The three allotropes of phosphorus differ in their chemical re- 


activity, with white phosphorus the most reactive and black the most inert. 
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Phosphorus 


FIG. 15.5 


FIG. 15.6 


FIG. 15.7 


Phosphorus forms phosphides by direct combination with some of the metals 
of groups I and II. Calcium phosphide also can be prepared by heating phos- 
phorus with CaO: 

6CaO + 2P, = 2CagP2 + P406. 


When treated with water or dilute acids, CaP yields phosphine, PH;: 
Ca3P» + 6H30 = 2PH3 + 3Ca(OH)s. 


"This reaction is analogous to the hydrolysis of the saltlike nitrides, which yield 
ammonia. The compounds of phosphorus with the transition metals are grey 
solids with some metallic luster and conductivity, and in this respect resemble 
the transition-metal nitrides. 

The compounds of phosphorous with the metals of group III of the periodic 
table (BP, AIP, GaP, InP) are interesting in that they are isoelectronic with 
silicon and germanium, and have the same type of crystal structure. Each atom 
is surrounded by four others which are located at the corners of a regular tetra- 
hedron. All these compounds melt above 1000°C, and like silicon and germanium, 
are semiconductors. 

Phosphorus combines with a variety of nonmetallic elements to yield covalent 
molecular compounds of diverse properties and structure. Of these, the oxides 
and halides are most important, and we will confine our discussion to them. 


(a) 20 (b) 


The structures of (a) P40. and (b) P4010. 


White phosphorus reacts with atmospheric oxygen spontaneously. If the 
oxygen supply is somewhat limited, the principal reaction product is P406, 
phosphorous oxide. If phosphorus burns in excess oxygen, the product is P4O 10. 
The structures of the moleculgs of these two oxides are related to the P4 struc- 
ture, as Fig. 15.7 shows. For historical reasons P409 is often written as P20s 
and referred to as phosphorus pentoxide. It has a large affinity for water and 
is often used as a drying or dehydrating agent. 


THE NONMETALLIC ELEMENTS | 15.1 


— Rma 


The structures of (a) PO; 
and (b) P2074. 


(a) 


There are several oxyacids and oxyanions of phosphorus. When a small 
amount of water is added to P4010, metaphosphoric acid, (HPO3),, is formed. 
This is a polymeric material in which there are anions of various chain and 
cyclic structures. In the trimetaphosphate ion, (PO3)3°, three PO, tetrahedra 
are linked in a cyclic structure, with each PO, group sharing one oxygen atom 
with each of its two neighboring PO, units. In tetrametaphosphate, (POs), "A 
there are four such tetrahedra linked in a ring. Further addition of water leads 
to pyrophosphorie acid, H4P507, and to orthophosphoric acid, H3PO,. The 
Structures of the anions of these acids are given in Fig. 15.8. 


Table 15.4 Thermodynamic properties 
of phosphoric acid 


AH (kcal/mole) —S"(eu) 


HaPO4(aq) —308.2 42.1 
HPO; (aq) —311.3 21.3 
HPO; (aq) —310.4 —8.6 
PO; *(ag) —306.9 = 52 
H*(aq) 0 0 


Orthophosphorie acid, or phosphoric acid as it is more commonly called, is a 
tribasic acid of moderate strength. A thermodynamic analysis of its successive 
ionization steps is instructive, for it helps reveal the factors that determine the 
Strengths of acids in general. Table 15.4 contains the relevant data. For the 
first ionization we find that 


HPO; = H*--H5PO;;, K=6x 10-3, 
AH® = —3.1 keal, AS? = —20.8. 
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The enthalpy and entropy changes upon dissociation might seem surprising, for 
if the dissociation were a simple O—H bond-breaking process, we would expect 
AH? and AS? to be positive numbers. In aqueous solution, however, ionization 
of HPO; is a proton-transfer process that might better be written as 


HsPO,(aq) + H20 = HPO; (aq) + H40*. 


Thus the reaction is a relocation of the proton, and the value of —3.1 keal 
for AH? tells us that the system is in a state of lower energy when the proton 
has become associated with a water molecule and a pair of hydrated ions 
has formed. 

We can also explain why the entropy change of the ionization reaction is 
negative. The ionization “creates” charges which tend to bind or localize water 
molecules. This localization of water molecules introduces order among the 
solvent molecules, and thereby lowers the entropy of the system. 

The second ionization of phosphoric acid, 


H,PO; = HPOF+Ht, K—-—7x107, 


is slightly endothermic, for AH? = 0.9 kcal, but AS° is again negative, and equal 
to —29.9 eu. Similarly, for the third ionization, AH is still more positive, and 
AS? is negative. The trend in the values of AH? for the ionization steps is not 
surprising, for we would expect that the energy required to remove a proton 
would increase as the negative charge on the parent acid increases. The value 
of AH? for the first ionization does show, however, that we must not think that 
the dissociation of an acid is necessarily an endothermic process. Furthermore, 
the values of AS? for all the ionization steps show that entropy changes can 
exert profound influences on acid strengths. 

The simplest oxyacid of phosphorus (III) is H3POs, orthophosphorous acid. 
It can be prepared by hydrolysis of PCls, 


PCl; + 3H50 = HgPO; + 3H* + 3Cl-. 


Despite its empirical formula, phosphorous acid is a dibasic acid, for the third 
hydrogen does not react with bases. The ionization reactions are 


HPO; = H*--H;PO;, K,=1.6X 107%, 
HPO; = H+ + HPO;, K,=7X 107%. 


Similar behavior is found for hypophosphorous acid, H3PO», which is only & 
monobasic acid: 


HPO; = H+ + HPO7, K= 107. 


The explanation of this behavior lies in the structures of HPO; and H;POs: 


THE NONMETALLIC ELEMENTS 15.1 


shown below. i uiis 
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The hydrogen atoms attached directly to phosphorus are not acidic, whereas 
those bonded to oxygen are. As we remarked in Chapter 13, the oxyacids of a 
given element tend to become stronger as the oxidation state of the element 
increases. This trend is not observed in the H3PO», H3PO3, H3PO, series, and 
the peculiar structure of the hypophosphite and phosphite anions is the reason 
for this unique behavior. 

Because phosphorus displays a number of oxidation states, and because its 
oxyanions have a tendency to polymerize, the solution chemistry of this element 
is moderately complex. We can get a general idea of the properties of the various 
oxidation states of phosphorus, however, by consulting the following reduction- 
potential diagrams: 

—0.50 


ECTXRURL SRI ORE i 
H;P0,—925 q,pO0,—29 H,pO,—25L p, —?** PH, (acidic solution), 


PO?z—LP-gporz—HL H,PO; — S-P,—PP PH, (basic solution). 


We can see that the oxyanions of phosphorus are very poor oxidizing agents, 
particularly in basic solutions. On the contrary, all but the highest oxidation 
state of phosphorus have strong reducing properties. In addition, elemental 
phosphorus is unstable with respect to disproportionation, for from the potential 
diagram for basic solutions we ean deduce the following: 


P, +12H,0 +12e7 = 4PH,;+120H-, 8° = —0.89, 
4H,POz + 4e— = P, + 80H, 6° = —2.05. 
Combination of these half-reactions gives 


P,-+30H--+ 3H,O = PHs + 3H,POz, ^ A&"— 1.16. 


Phosphorus Halides and Oxyhalides 


The halogens react with white phosphorus to form two types of halides, PX3 
and PX,. Iodine is an exception, since its compounds with phosphorus are PI 3 
and PI, Table 15.5 lists the phosphorus halides and some of their properties. 
The trihalides all have pyramidal geometry similar to ammonia and PHz, and 
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FIG. 15.9 
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Table 15.5 The phosphorus halides ET 
3 
PF3 PCl3  PBra Pla PFs PCl5 PBrs P: 


Boiling point, °C —95 76 173 61 —85 163(sub) decomp decom 
AH?, kcal —  —810 —475 —109 —  -—1107 —66.0 
AG;, kcal — -686 — — 89 

X—P—X angle, deg 104 100 101 102 


despite the differences in size of the halogen atoms, the X—P—X bond angle 
all the trihalides is near 102°, as Table 15.5 shows. 

Of the trihalides, PF; is the most stable and inert chemically. While P 
reacts with water only very slowly, PCl; is rapidly hydrolyzed to HPO: ~ 


PCls + 3H50 po. H3P03 + 3H* + 3Cl-. 
Other important reactions of PCl; are 


PCls + Cl; = PCls, 
PCl; + 402 = POCI;, 
PCl; + 3NH; = P(NH3)s + 3HCl. 


Some analogous reactions may be written for the other PX compounds. 
In the vapor phase, the pentahalides PFs, PCls, and PBrs are dis 
molecules that have the trigonal bipyramid structure discussed in Section 11.5 
In the solid phase, however, PCl; exists as an ionic solid consisting of POI 
and PCl;, which have the structures shown in Fig. 15.9. Solid PBr; is ma 
up of PBrj and Br- ions. Apparently PBrg does not form because of 


ie NN 
Ch 


The structures of (a) PCIi cl 
and (b) PCIe. 


The most important oxyhalides of phosphorus are of the type POXs, wh 
X may be F, Cl, or Br. As noted above, phosphoryl chloride, POCI3, can 
made by the reaction of oxygen and PCl3. Phosphoryl fluoride, POFs, is ma 
by fluorinating POCI;: 


POCI; + AsF3 = AsCl; + POF;. 
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The phosphoryl halides are electron donors and form complex addition com- 
pounds with metallic halides such as Al;Clg, ZrCl4, HfCl4, and TiCly. The 
geometry of the phosphoryl halides is of interest, for these compounds are 
isoelectronic in their valence shells with the phosphate ion, PO??. As expected 
on this basis, the phosphoryl halides have a slightly distorted tetrahedral 
structure, with X—P—X bond angles of approximately 103°. 


Arsenic, Antimony, and Bismuth 


These elements are not at all abundant and occur in nature principally as 
oxides and sulfides. They can be recovered by reduction of their oxides with 
carbon. Rapid condensation of arsenic and antimony vapors gives the yellow 
nonmetallic allotropes that consist of As, and Sb, tetrahedral molecules, analo- 
gous to P4. The more stable semimetallic allotropes of arsenic and antimony 
exhibit metallic luster, are moderately good conductors of heat and electricity, 
and have erystal structures similar to that of black phosphorus. 
The elements combine with oxygen and the halogens directly: 


4As + 302 = As40s, 
4Sb + 302 = Sb40s, 
2Bi + $02 = Bi0s, 

M 4-3X5; — 2MXz3. 


The --3 oxides of arsenic and antimony are discrete molecules which have 
structures based on the As, and Sb, tetrahedra, but in Bi3Os, no such diserete 
molecules exist. The oxides As;Og and Sb4O, are amphoteric, but Bi2Og is 
basie and rather insoluble in water, 

The principal oxidation states and some of the chemistry of arsenic are 
represented in the following reduction-potential diagrams: 


HAsO. HAsO. —As 999 ASH, (acidic solution), 


Asop As0;— 068 As 149 ASH, (basie solution). 


Once again we see that it is easier to oxidize the element to its higher oxidation 
states in basic solution than in acidic solution. Unlike phosphoric acid, arsenic 
acid, HaAsO4, is a moderately strong oxidizing agent in acidic solution. In 
basic solution, however, arsenic (V) loses its oxidizing power, and arsenic (III) 
becomes a good reducing agent. Basic solutions of arsenite, AsOz, are often 
used to standardize the concentration of oxidizing solutions in quantitative 
analysis. 
The potential diagram for antimony in acidic solution is 


Sb,0,;—-Sbo*—°2+_Sh—"™" SbH;. 
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The oxide of antimony (V) is virtually insoluble in acidic solutions, but is a 
moderately strong oxidizing agent. In acid solution, antimony (IID) exists as 
SbO* or Sb(OH)Z, which can be regarded as hydrolyzed forms of | Sb*?. 
Bismuth appears in aqueous solution only in the +3 oxidation state. The 
oxide Bi5O5 dissolves in acids to give solutions of BiO* or Bi(OH)}, which are 
hydrolyzed forms of Bi*?. The +5 oxidation state of bismuth is obtained only 
by treating Bi3Os with very powerful oxidizing agents like Cl; and Naz0% in 
the presence of NaOH. The brown solid that results from this treatment is 
insoluble in water and is a very powerful oxidizing agent. It is not clear whether 
this solid is a true sodium bismuthate NaBiOs, or a mixture of Na2O and Bi5O;. 


15.2 THE ELEMENTS OF GROUP VIA 


Among the representative elements, it is clear that the lightest member of any 
periodic group has chemical properties that differ rather noticeably from those 
of the heavier members of the group. This behavior is particularly clear in 
group VIA. Oxygen, the most abundant and important member of the group, 
exists ordinarily as a diatomic gas, and in its chemistry displays negative 
oxidation states almost exclusively. Sulfur, selenium, tellurium, and polonium 
exist as solids with structures that are rather complex and form compounds in 
which they appear in a range of positive as well as negative oxidation states. 
Thus in most of its chemical and physical properties, oxygen is quite different 
from the other members of group VI, as Table 15.6 shows. 


Table 15.6 Properties of the group VIA elements 


o S Se Te Po 
Atomic number 8 16 34 52 84 
Configuration 2s?2p*  3s?3p* 4s24p*  5s?5p*  6s?6p* 
lonization energy, kcal 314 239 225 208 194 
Atomic radius, A 0.74 1.04 1.17 1.37 1.64 
Melting point, °K 54 392 490 723 527 
Boiling point, °K 90 718 960 1260 1235 
AH (atom), kcal 59.1 66 49.4 46 34.5 
lonic radius, M7, A 1.45 1.90 2.02 2.22 — 


Even among the remaining group VI elements, there is a substantial grada- 
tion of properties. Sulfur is a nonmetal, both on the basis of its electrical prop- 
erties, and the nature of its compounds. Selenium and tellurium are grey solids 
with some metallic luster, and because they have small electrical conductivities 
that increase as temperature increases, they are classified as semimetals. Polo- 
nium, a rare radioactive element, has the electrical conductivity of a metal. 
Thus in group VIA the vertical transition from nonmetallic to metallic behavior 
occurs just as it did in groups IV and V. 
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This element, the most abundant in nature, forms compounds with all elements 
except some of the inert gases. The nature of the oxides in which oxygen has 
an oxidation state of —2 has been discussed in Section 13.3 and throughout our 
treatment of descriptive chemistry. Here we need only examine the properties 
of the element itself and those compounds in which oxygen is found in the 
“abnormal” oxidation states of —1 and — 3, respectively. 

The stable allotrope of oxygen is Os, a diatomic molecule of substantial 
dissociation energy (118 kcal/mole). According to magnetic measurements, 
each Os molecule has two electrons with unpaired spins. There is no simple 
electron-dot structure consistent with the octet rule that can account for both 
the high dissociation energy and the unpaired electron spins. A simple applica- 
tion of the molecular orbitals discussed in Section 12.1 provides a rationalization 
of the properties of oxygen and its diatomic molecule ions O7 and O7. The 
Os molecule has, apart from the four ls-electrons, a total of twelve valence 
electrons. Ten of these can be accommodated in molecular orbitals similar to 
those used in the nitrogen molecule: a pair of nonbonding orbitals, one on each 
atom, a ø bonding orbital, and two 7 bonding orbitals. The remaining two 
electrons must enter the 7f and a} antibonding orbitals which are the next 
available in order of increasing energy. The energy of the oxygen molecule is 
lowest if the two electrons enter separate orbitals with their spins parallel, for 
this configuration keeps the electrons as far apart as possible and minimizes 
repulsion between them. Because there are three pairs of bonding electrons, 
and two antibonding electrons, the net number of bonding electrons in O is 
four, and the molecule might be pictured as having a net double bond. Thus 
the molecular-orbital picture is consistent with the high dissociation energy 
and unpaired electron spins in the O molecule. 


Table 15.7 Bond lengths and energies 
Bond length (A) Bond energy (kcal) 


O5 in BaOz 1.49 = 
O; in KO2 1.28 — 
02 121 118 
oj 1.12 150 


Direct combination of the heavier alkali metals with oxygen yields super- 
oxides of the formula MOz. These compounds contain’ the superoxide ion, O7, 
which has one more electron than Os. This "extra" electron can be accom- 
modated in one of the 7* antibonding orbitals, and thus the bond in O5 should 
be weaker than that in Oo. We would expect a still weaker bond in the peroxide 
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FIG, 15.10 


ion, OF, which has a total of four antibonding electrons, two each in the rž- 
and 7*-orbitals. The bond energies of these ions are not known, but their bond 
lengths have been measured, and are given in Table 15.7. It is a fairly general 
and reliable principle that short bonds are strong bonds, and we see that among 
the diatomic oxygen species in Table 15.7, the bond length increases, and 
presumably the bond energy decreases, as the number of antibonding electrons 
increases. Thus molecular-orbital theory is consistent with the facts that are 
known about molecular oxygen and its diatomic ions. 

The second allotrope of oxygen is ozone, Os. Ozone is prepared by passing 
molecular oxygen through an electric discharge, condensing the product at 77°K, 
and purifying the ozone by fractional distillation and liquefaction. Ozone is 
dangerous, for in certain concentration ranges it is violently explosive. 


[t] 
1.278 A 
The structure of ozone, Os. 117° 
- 0 


The structure of the ozone molecule is given in Fig. 15.10. The bond distance 
is almost exactly the same as that in the superoxide ion, OZ, and this suggests 
that the bonds in ozone are intermediate between single and double bonds or 
approximately 14 bonds. The resonance structures of the ozone molecule are 
consistent with this point of view. 


FOE di IO, Masi tn eliotn toic o? 


Ozone is an enormously powerful oxidizing agent in aqueous solution: 
Os + 2H*+* + 27 = O,-- H0, — &? = 2.07 volts. 
In the gas phase it reacts rapidly and completely with a number of reagents: 


NO + 0; = NO; + 05, 
20102 + 203 = Cl0, + 205. 


Treatment of a peroxide like BaO% with dilute acids yields solutions of 
hydrogen peroxide, H5O05. The commercial preparation of 30% aqueous hy- 
drogen peroxide solution is obtained by repeated fractional distillation. Further 
fractionations yield even more concentrated solutions, but these are susceptible 
to decomposition, and must be stored and handled carefully. 

Pure H20% is a viscous liquid that boils at 150°C and freezes at, —0.89°C. 
Thus it resembles water in its physical properties, and like water it is hydrogen- 
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bonded. It has virtually no uses as a solvent, because it is not only a powerful 
oxidizing agent, it is also unstable with respect to the decomposition 


2H202 = 2H20 + Os. 


Because it contains oxygen in the intermediate oxidation state of —1, hydrogen 
peroxide can act either as an oxidant or a reductant. The reduction-potential 
diagram 

0,—5 5,0, 7g, 0 
shows, however, that in acidic solutions, H505 is a much better oxidant than 
reductant. ^ : 

Atmospheric oxygen is consumed in the oxidative metabolism of carbohy- 
drates in animal organisms and is thereby converted to water and carbon dioxide. 
The photosynthetic process of plants, in which light energy from the sun is 
used to convert carbon dioxide and water to carbohydrate material and oxygen, 
restores oxygen to the atmosphere. However, in the atmosphere itself, oxygen 
undergoes a number of very important photochemical reactions. At altitudes 
of 100-150 km (1 km — 0.621 mile), oxygen is photodissociated by the very 
energetic short wavelength radiation (à < 2000 A) from the sun: 


05 + hy > 20. 


Although the pressure of oxygen is less than 107 atm at these altitudes, oxygen 
absorbs the short wavelength radiation so strongly that little of it penetrates 
below 100 km. Thus atmospheric oxygen shields the surface of the Earth from 
what could be very damaging radiation. 

If oxygen atoms are to recombine to Oz, a third molecule M must be present 
to remove the energy released by chemical bond formation: 


0--0O-- M 054- M. 


This reaction is exceedingly slow at the 100 km altitude because the concentra- 
tion of third molecules, Oz or N3, is so low. Consequently, the oxygen atoms 
formed by photodissociation diffuse to lower altitudes. At approximately 50 km, 
the density of molecular oxygen is great enough so that the reaction 


0--0;4-M— 0; - M 


goes with appreciable speed, and starts to consume oxygen atoms. The con- 
centration of ozone produced by this reaction reaches a maximum value of 
roughly 101? molecules per cc at an altitude of 20 to 30 km. At lower altitudes, 
the ozone concentration falls, since the oxygen atoms necessary for its forma- 
tion have been largely consumed at higher altitudes. At altitudes above 50 km 
the ozone concentration is low because the concentrations of O and third body 


molecules M. are low. 
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Sulfur 


The ozone layer at 20 to 30 km performs a very important function. Molec- 
ular oxygen is transparent to light in the 2000- to 3500-A wavelength range. 
The photons in this spectral region are fairly energetic, and could cause very 
substantial damage to plants and delicate animal tissue should they reach the 
surface of the Earth. Fortunately, ozone absorbs light in this spectral region, 
and shields the Earth from this potentially damaging radiation. Ozone is 
photochemically destroyed in the following manner by the reactions: 


Os + hy > 02+ 0, 
O + 05 > 202. 


However, more ozone is formed by diffusion of oxygen atoms from greater 
altitudes, and the balance between formation and photochemical destruction 
maintains a stable ozone layer: 

The ozone shield is susceptible to alteration by atmospheric contaminants. 
The reactions 


O3 + NO — NO; + 05, 
O 4- NO; — NO + 05 


are very fast, and together consume ozone and its precursor, the oxygen atom, 
faster than the reaction of O with Os. If we add to these reactions the process 


Os + hy — 03 +0, 
we get a net reaction of 
203 + hv > 305, 


with no net consumption of NO or NO». Thus these nitrogen oxides can act as 
catalysts for the destruction of the atmospheric ozone layer. This observation 
is of particular significance and concern in view of the proposals to fly supersonic 
transport aircraft in the upper levels of the stratosphere. The NO formed by 
the combustion of fuel-air mixtures leaves the stratosphere very slowly, and 
consequently could significantly decrease the ozone concentration through its 
catalytic action. d 


Sulfur occurs in nature in the elemental state and as‘a variety of metal sulfides. ' 


The element has several allotropic forms, and the structural properties of some 
of these are very complex and not well understood. In rhombic and monoclinic 
sulfur, its two most common forms, sulfur exists as Sg molecules that have the 
puckered ring structure shown in Fig. 15.11. If sulfur is dissolved in CS2 oF 
organic solvents, freezing-point depression measurements show that the molec- 
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ular weight of the dissolved sulfur corresponds to Ss. In another crystalline 
modification, sulfur exists as Sg rings. In liquid sulfur at temperatures of about 
200°C,. the ring molecules open up, and long chain molecules are formed. If 
liquid sulfur at this temperature is poured into water, a solid plastic sulfur 
which contains helical chains of atoms results. Plastic sulfur is metastable and 
slowly reverts to the rhombic crystalline form. Sulfur vapor consists of Sg, S4, 
and Sz molecules in relative amounts that depend on temperature. Thus in its 
solid, liquid, and vapor phases, sulfur displays a variety of molecular structures. 


212A 


,105* The ring structure of Ss. 


Sulfur combines directly with the metallic elements to form sulfides. The 
sulfides of the alkali metals can. be classified as ionic compounds which contain 
M* and S= ions in an antifluorite lattice. The alkaline-earth sulfides also are 
best pictured as ionie compounds and haye, like the corresponding oxides, the 
rock-salt lattice. These sulfides of groups IA and IIA metals are water soluble, 
and the sulfide ions are extensively hydrolyzed: 


S=(aq) + H0 = SH^(aq) --OH (ag, K=1. 


Acidification of solutions of soluble sulfides leads to evolution of hydrogen 
sulfide, HS. This foul-smelling gas is very poisonous. At 25°C, a saturated 
solution of hydrogen sulfide has a concentration of approximately 0.1 M, and 
because HS is a weak acid, such solutions contain a small concentration of 
sulfide ion: 


H.S(aq) = H++HS-, K=11x 107%, 
HS = Ht +8", Ke 10744. 


Consequently, saturating a solution with hydrogen sulfide is an effective way 
to precipitate many of the very insoluble transition-metal sulfides. $ oe 

The suifides of the transition metals are not usually pictured as simple ionic 
compounds, The doubly and triply charged transition-metal ions are relatively 
small and exert large polarizing forces that tend to distort the large sulfide ions. 
The measured lattice energies of the transition-metal sulfides are, in general, 
larger than would be predicted by considering them to be ionic lattices. Con- 
Sequently, in these sulfides there is a certain amount of covalent bonding between 
the sulfur and metal atoms. The insolubility of the transition-metal sulfides is 
Telated to the very stable lattices of these compounds. 
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< In addition to the simple sulfides that contain the S^ ion, there are poly- . 
sulfides which contain 8; ions, where n ranges from 2 to 6. The existence of 
such anions is associated with a general characteristic of sulfur chemistry: in 
many compounds there are chains of sulfur atoms bonded to each other. Sulfur 
exhibits this tendency toward catenation, or formation of chains of identical 
atoms, more than any other element except carbon. When solutions of the 
polysulfides are acidified, sulfanes of the general formula H;S, are formed, 
where n ranges from 2 to 6. 


8 


N120° 


Structure of the SO? molecule. o 0 


The two most important oxides of sulfur are SO; and SO3. Sulfur dioxide gas 
(boiling point, —10°C) is formed by burning sulfur in air: 


S(s) + Ox(g) = SO»(g), 
AH? = —70.66 kcal, 
AG? = —71.99 kcal. 


It is clear from the thermodynamic data that sulfur dioxide is a very stable 
molecule. Nevertheless, the conversion of SO; to SO; is favored thermo- 
dynamically: 
SOs(g) + 30» = SOs(g), 
AH? = —23.49 kcal, 
AG? = —16.73 keal. 


The oxidation of sulfur dioxide is a slow reaction, but is catalyzed by vanadium 
pentoxide or platinum surfaces. Nearly all sulfuric acid production involves 
oxidizing sulfur dioxide by air in the presence of these “contact” catalysts. 
Sulfur dioxide is a triatomic molecule with more than sixteen valence elec- 
trons, and consequently is nonlinear, as Fig. 15.12 shows. The two equivalent | 
sulfur-oxygen bonds can be represented by the following resonance structures. 


Aa ine i r a ein MN Os 


In the gas phase, sulfur trioxide is a planar triangular molecule with three 
equivalent sulfur-oxygen bonds, as Fig. 15.13 illustrates. This geometry is to 
be expected, for SO; is- isoelectronic in its valence shell with BFa, NO3, and 
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COŞ, which are all planar symmetrical species. The ‘bonding in SO; can be 
represented by the structures shown below: à 


0 :0: o 
ZN ZN IN 
[o zo RO DU 


Sulfur forms a very large number of oxyacids and oxyanions. Most important 
of these is sulfuric acid, H3504, which is produced by hydration of 805 in the 
following two-step process: 


SOs(g) + H9804() = H2S20,(1), 

H28207(1) + H50 = 2H,80,(I). 
The direct reaction of SO3 with water produces a fog which is difficult to con- 
dense, and consequently the commercial process: involves dissolving SO 3 in 


sulfuric acid to form pyrosulfuric acid, H58507, and subsequent dilution with 
water to form sulfuric acid. : 


0 


po Structure of a gaseous SO; molecule. 
120° 


(0 0 
Pure sulfuric acid is a viscous liquid that freezes at 10°C. It is a conductor 
of electricity because it is slightly dissociated according to 
2H.SO, = HS0% + H80,. 


The acid has a great affinity for water and forms several stable hydrates. In 
some of its chemical reactions as well, sulfuric acid removes the elements. of 
water from compounds: : Å 

HCOOH + H50, = CO(g) + H,0* + HSO7, j 

HNO; + 2H,80, = H30* + 2HSOz + NOs. 
Hot concentrated sulfuric acid is an oxidizing agent, and will dissolve metals 
like copper, : 
Cu + 5H,80, = Cutt + S0; + 4HSO7 + 2H,07. 
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In dilute solutions, however, the oxidizing properties associated with the sulfate 
group are virtually negligible. 3 

Electrolysis of eold concentrated sulfurie acid solutions produces pero: 
disulfurie acid, H2S.03. As its name suggests, this molecule contains 
oxygen-oxygen bond, 


ieu 
H—0—8-—-0-—0--$—0—H. 
: | 


Peroxydisuifuric acid is an extremely powerful oxidizing agent: 
H3850s--2H*--2e- = 2H;804, 6° = 2.01 volts. 


Although direct oxidations by peroxydisulfate ions are slow, they are catalyzed - 
by silver ions and this combination of reagents provides one of the most effective E. 
means available for converting soluble species to their highest oxidation states, | 
The addition of SOs to water produces a solution whose mild acidity is often 
attributed to ionization of sulfurous acid, H,SO3. However, sulfurous acid has ` 
never been isolated as a pure compound, and there is no evidence that the - 
molecule HS0; exists at all. The ionization of "sulfurous acid" might better 
be written ; 


SOs;(aq)--H,0 = HSO; + H+, K—13*x107^, 
HSO; = H+ + S07, K = 5.6 X 1075. 


There is no doubt that both the bisulfite ion, HSOJ, and the sulfite ion, 805; 
exist, for salts of both are well known. Acidic solutions of SO; are mild reducing 
agents, and basic sulfite solutions are somewhat stronger reductants, for way 
have 


SOF --4H*--2e- = SOs(aq) + 2H.0, 6?= 0.17 volt, 

SO; + H20 + 2e- = 8035 + 20H-, 6° = —0.93 volt. 

Solutions of the sulfite ion react with elemental sulfur to form the thiosulfate 
ion, 8203, according to 

S(s) + S07 = 8505. 

The ion 8305 is called the thiosulfate ion because the prefix thio indicates that — 

a sulfur atom has been substituted for an oxygen atom in the parent species. 


The relation between the structures of the sulfate and the thiosulfate ions is 
shown in Fig. 15.14. 
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(0) oes 10) The relation between the struc- 

d tures of (a) SO; and (b) S203. 
oO o 

(a) (b) 


In acidic solutions, the thiosulfate ion decomposes to sulfur and sulfite ion. 
Consequently, no such species as thiosulfurie acid can be isolated. In mildly 
acidic, neutral, or basic solutions, however, the thiosulfate ion is stable, and 
undergoes two important reactions. It acts as a mild reducing agent and forms 
the tetrathionate ion, 8405 : 


28,07 = S407 + 287, | &?— —0.08 volt. 


Thiosulfate ion will reduce iodine to iodide ion, and this reaction is used exten- 
sively in quantitative analysis. The general procedure is to allow an oxidizing 
agent whose concentration is to be determined to react with excess iodide ion 
to produce Is. The iodine is then titrated with a solution of 8203 of known 
concentration, and the amount of unknown oxidant calculated. 

The thiosulfate ion also forms stable complexes with some metal ions. In 
particular, the silver-thiosulfate complex ion is very stable, as is shown by 


Agt + 28.07 = [Ag(8203)]] ?, | K = 1.6 x 10". 


Solutions of thiosulfate ion can dissolve the otherwise insoluble silver halides, 
and are used as fixing agents in the photographic process. 

The following reduction-potential diagrams summarize the properties of some 
of the aqueous sulfur species. For acidie solutions we have 


sor. 0.17 S05 0.40 8,05- 0.50. S 0.14 HS. 
0.51 8405. 0.08 | 


It is clear that the sulfate ion is a poor oxidizing agent in 1 M H*. Aqueous 
sulfur dioxide is a moderately good oxidizing agent, but can be oxidized rather 
easily to sulfate ion. Thiosulfate ion is easily oxidized to tetrathionate, S405 , 
but stronger oxidizing agents are required to convert 8505 to SO. Thiosulfate 
is unstable with respect to disproportionation to sulfur and sulfur dioxide. In 
acidic solutions, hydrogen sulfide is a mild reducing agent. 
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The reduction-potential diagram for basic solutions is the following. 
sor e 907.95 8,0 5-0-9 9M gm 


—0.59 


It is clear that sulfate, sulfite, and thiosulfate ions are all very poor oxidants in 
basic solutions, and in fact SOF and 8503 are easily oxidized in basic solutions. 
Sulfide ion is a reducing agent in basic solutions, and $203 is no longer unstable 
with respect to disproportionation to sulfur and sulfite ion. 


Table 15.8 The halides of sulfur 


Fluorides Chlorides Bromide 
Melting | Boiling Melting Boiling Melting Boiling 
point point point point point point 
(°C) Co) Co) (°C) (°C) (°C) 
SF4 —121 —40 S2Cl2 —80 138 S2Br2 —46 90 
SFe — 51 —65(sub) SCI2 —78 decomp 
SeFio — 55 29 SCl4 decomp 


Sulfur forms a number of binary compounds with fluorine, chlorine, and 
bromine, and these are listed in Table 15.8. The halide of most practical 
importance is sulfur hexafluoride, the principal product of the direct reaction 
between sulfur and fluorine. Sulfur hexafluoride is a thermally stable, extremely 
inert gas which has great resistance to electrical breakdown. It is used, there- 
fore, as a gaseous insulator in high-voltage generators and other devices. As 
was discussed in Section 11.5, the six fluorine atoms in SFe are at the corners 
of a regular octahedron, with the sulfur atom at the center. Because there are 
six pairs of electrons around the sulfur atom, the description of the bonding 
in SFg in terms of atomic orbitals involves the 3d- as well as the 3s- and 3p- 
orbitals of sulfur. Because of its regular octahedral geometry, with six equivalent 
sulfur-fluorine bonds, SF¢ is said to exhibit sp? d? hybrid bonding. The sulfur- 
fluorine bond in SFe is not particularly strong: D(SF;—F) = 86 + 3 kcal. 
Consequently, the inert nature of SF, is attributed not to its thermodynamic 
stability alone, but also to the fact that its reactions with other reagents are 
exceedingly slow. 

The other well-characterized fluorides of sulfur are SF; and S5F;,. . Their 
structures are given in Fig. 15.15. Disulfur decafluoride, S2F 1, is a rather un- 
reactive compound like sulfur hexafluoride. In contrast, SF, is extremely 
reactive and is rapidly hydrolyzed by water to SOs and HF. It is used as a 
fluorinating agent for organic compounds. As was discussed in Section 11.5, 
SF, is related structurally to PCls, for both have a central atom surrounded 
by five electron pairs. The PCl; molecule has the trigonal bipyramid structure, 
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The structures of (a) SF, and 
(b) S2F io. 


(a) ; (b) 


and the geometry of SF, can be pictured as a distorted trigonal bipyramid with 
a pair of nonbonded electrons occupying one of the equatorial positions. 


FIG. 15.15 


Selenium and Tellurium 


These elements are quite rare and are recovered as byproducts from sulfur ores. 
Selenium is a poor conductor of electricity in the dark, but its conductivity 
increases when it is illuminated. Consequently, it is used in photoconductive 
cells to measure light intensity. Selenium is also used as a component of rectifiers 
for converting alternating to direct current. Tellurium also is used in certain 
electronic and light-sensitive devices. 

The chemistry of selenium and tellurium resembles that of sulfur, and the 
differences that exist usually are associated with the metallic character that 
increases with atomic number. Selenides and tellurides of the metals are analo- 
gous to the sulfides, but are somewhat more covalent in nature because the 
ions Se^ and Te™ are larger and more polarizable than S^. The hydrides H28; 
H;Se, and H;Te are all offensive, poisonous gases of moderate solubility in 
water. As was discussed in Section 13.4, HoSe and H;Te are thermodynamieally 
unstable with respect to their elements, as is characteristic of the hydrides of 
the heavier elements of groups IV, V, and VI. The strength of the hydrides as 
acids increases in the sequence from H3S to H3Te, as the following equilibrium 
constants show: 

HS=Ht+HS;. sK-11x107, 
HSe = H*--H8e^, K=2x 1074, 
H Te = H*--HTe, K= 2.3 X 107?. 
A similar trend in the acidities of the hydrides will be found in group VII. 
The oxides SeO, and TeOs are both rather- different physically from S05. 


Both SeO, and TeO; are solids at room temperature, and the structure of 
TeO; suggests that it is an ionic lattice. Selenium dioxide has an infinite chain 


- 15.2 | THE ELEMENTS OF GROUP VIA 


FIG. 15.16 


structure of the type shown in Fig. 15.16. It dissolves in water to give acidic 
solutions, and the compound H58e03 has been prepared pure and its structure 
studied. In contrast, TeO; is quite insoluble in water and no such species as 
H;TeO5 has ever been isolated. Treatment of TeO2 with strong bases, however, 
does give solutions that contain the tellurite ion, TeO3. 


eo 
A segment of the infinite chain of SeO;. 


Oxidation of selenites gives selenates, the salts of selenic acid, H,SeQ,. 
Selenic acid is rather similar in acid strength to sulfuric acid, but is a much 
stronger oxidizing agent, as is shown by the potential for 


SeOF + 4H*+ + 2e7 = H,SeO3;+H20, 6° = 1.15 volts. 


The +6 oxyacid of tellurium is quite different from those of sulfur and sele- 
nium. The formula of telluric acid is Te(OH)e, and x-ray crystal structure 
studies show that the OH groups are at the corners of a regular octahedron with 
the tellurium atom at the center. Besides being structurally different from 
H80; and H58e0,, Te(OH)gs is a weak acid, with a first ionization constant 
of about 1077, 
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The elements fluorine, chlorine, bromine, and iodine are reactive nonmetals 
that are always found in nature in the combined state. Although these haiogens 
resemble each other chemically, there is a noticeable gradation of properties in 
the family. Fluorine is the most electronegative of the elements and displays 
only the oxidation state of —1. Chlorine, bromine, and iodine are also electro- 
negative elements, but form compounds in which they are assigned positive as 
well as negative oxidation states. While all the halogens are oxidizing agents, 
their strength as oxidants decreases as the atomic number increases. Each of 
the halogens exists as discrete molecules in the solid, liquid, and gas phases, 
but the volatility of the elements markedly decreases as the atomie number 
increases. The variations in other properties such as ionization energy, electron 
affinity, and ionic size are evident from the data given in Table 15.9. 

Fluorine and chlorine are the two most abundant halogens. Fluorine occurs 
principally as fluorspar, CaFs, and eryolite, NagAlFs. Because it is such a 


THE NONMETALLIC ELEMENTS | 15.3 


Table 15.9 Properties of the group VIIA elements 


F cl Br [ 
Atomic number 9 17 Suo y Ed 
Configuration 2s?2p5  3s?3p5  4s?4p5 5s25p5 
lonization energy, kcal 402 300 273 241 
Atomic radius, A 4 0.72 0.99 1.14 1.33 
Melting point, *K 54 172 266 387 
Boiling point, *K 85 239° > 331 455 
AH;(atom), kcal 18.6 29.01 26.71 25.48 
Electron affinity, kcal 79.5 83.5 77.3 70.5 
lonic radius, X^, A 1.33 1.81 1.96 2.19 
AHnya, X^, kcal 123 89 81 72 


powerful oxidizing agent, fluorine is prepared commercially by electrolysis. 
Either fused potassium hydrogen fluoride, KHF», or a solution of KHF, in 
liquid hydrogen fluoride is electrolyzed to produce F3 at the anode and H at 
the cathode. 

Chlorine also is prepared by electrolysis. The process is 


Na*(aq) + Cl" (aq) + H50 = 3Cls(g) + $H2(g) + Nat(aq) + OH~(aq) 


and the hydrogen gas and the sodium hydroxide solution are useful byproducts 
of the reaction. Chlorine is a very strong inexpensive oxidizing agent, and 
consequently it has many industrial uses. One of these is the oxidation of 
bromide ion in sea water to bromine, 


Cl;--2Br ^ = Br; + 2017. 


While fluorine, chlorine, and bromine are found in the —1 oxidation state in 
nature and must be oxidized to the elemental state, iodine is obtained mainly 
by reduction of naturally occurring iodates. The bisulfite ion is a convenient 
reductant, and the reaction employed is 


2105 (aq) + 5HSO3 (aq) = 3HSO4 (aq) + 2507 (aq) + H20 + Is(s). 


The fifth member of the halogen family, astatine, is not found in nature. 
All its isotopes are radioactive, and the most stable, At?!°, has a half-life of 
only 8.3 hours, As a result, the chemistry of astatine has been studied qualita- 
tively, and few quantitative data on astatine are available. 


Most metallic elements react directly with the halogens to form compounds 
that are thermodynamieally very stable. If the metal atom is relatively large 
and has an oxidation state of +1 or +2, the bonding in the halide is ionic, while 
for the higher oxidation states of the smaller metallic and semimetallic atoms 
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The Halides 


the bonding in the halides tends toward a covalent nature. To see what factors 
determine the stability of the ionic halides, let us examine the energetics of 
formation of a metal halide of formula MX. The overall reaction is 


MG) + $X.@) = MX(), AH = AHD(MX). 


This can be written as the sum of the following processes: 


M(s) = M(g), AH wb, 
M(g = Met eT a Jn 
$Xo(g) = X (8), $D(X2), 
e + X(g) = X" (g) A(X), 
X (g) + M*(g) = MX(), AH crys. 


Thus the enthalpy of formation of the metal halide is determined by the en- 
thalpies associated with sublimation and ionization of the metal, dissociation 
of the halogen molecule and electron attachment to the halogen atom, and 
formation of the ionic erystal lattice. The ionic halides as a class of compounds 
are very stable because the halogen molecules have relatively small bond 
energies and very large electron affinities. Fluorine has the smallest dissociation 
energy of all the halogens, and because F7 is the smallest of the halides, fluorides 
have the most stable crystal lattices. Consequently, the ionic fluorides are 
particularly stable compounds. The relative instability of the iodides must be 
a consequence of the large size of the iodide ion and the resulting small lattice 
energies of ionic iodides. 

In addition to the simple monatomic halide ions, polyhalide ions are known. 
When iodine is added to an aqueous solution of iodide ion, the tri-iodide ion, 
Ig is formed. The ion is of moderate stability in aqueous solution as the equilib- 
rium constant for its dissociation 


Ig(aq) = I-(ag) + In(aq), | K = 1.3 x 107%, 


suggests. 

The corresponding dissociation constants for Brg and Clg are 6 X 107? 
and 5.5, respectively, so these ions are less stable than Iz. Direct action of the 
halogens on the halides of the larger alkali metals can produce more complicated 
polyhalides such as KI;CsICl4, and KBrF,. 

The halogens react directly with many of the nonmetallic elements to form 
compounds that in general consist of small covalently bonded molecules. To 
see what factors determine the stability of such compounds, let us examine the 
energetics of formation of a halide of a nonmetal. As a specific example, con- 
sider the formation of the gaseous phosphorus trihalides, PX3: 


4P4(6) + $Xo(g) = PXs(g) AH = AH? (PX). 
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Table 15.10 Bond energies of halides (kcal/mole) 


This overall reaction can be broken into the following steps: 


3P4(s) = P(g), AH atom; 
Xole) = 3X(g), 3D(X3), 
P(g) + 3X(g) = PXs(g, | —3D(P—X). 


Thus the enthalpy of formation of the phosphorus trihalides, or any halide, is 
the difference between the energy required to convert the elements to atoms and 
the total bond energy of the compound. The relative stabilities of the gaseous 
halides of phosphorus depend on the strength of the P—X bonds relative to 
the strength of the bonds in the X5 molecules, and an analogous conclusion 
holds for other nonmetals. The order of the dissociation energies of the gaseous 
halogen molecules is D(F;) S D(z) < D(Brz) < D(Cl5), and. if all other 
factors were the same for all halogens, this would be the order of decreasing 
stability of the halogen compounds. The energies of the bonds formed by the 
different halogens vary considerably, as Table 15.10 shows. It is clear that 
with a given element, fluorine forms bonds that are substantially stronger than 
those formed by chlorine, and chlorine forms bonds that are stronger than those 
made by bromine and iodine. As a result of both the small dissociation energy 
of fluorine and the very strong bonds it forms with nonmetals, the fluorides are 
in general the most energetically stable of the nonmetallic halides. Even though 
chlorine has the largest dissociation energy of the halogen molecules, the bonds 
it forms with other elements are strong enough to make the nonmetallic chlo- 
rides second to the fluorides in energetic stability. Despite the small bond 
energy of Ij, the iodides are generally the least stable of the halides because 
iodine forms only very weak bonds with the nonmetals. 


The Hydrogen Halides 


The hydrogen halides can be prepared by the action of a nonvolatile non- 
oxidizing acid on a soluble halide, as in 


NaBr + HPO4 = HBr(g) + NaH3PO,. 


The hydrogen halides exist as gaseous diatomic molecules under ordinary con- 
ditions, and like the other nonmetallic halides, they decrease in thermodynamic 
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Table 15.11 Properties of hydrogen halides 


HF HCI HBr HI 
Melting point, °C — —83.1 —114.8  —86.9 —50.7 
Boiling point, *C 195 — 849  Á—668  —354 
AH Yap, kcal 7.24 3.85 4.21 4.72 
AH?, kcal —64.2  — 22.00 — 8.66 6.20 
AG}, kcal —647 — 2277 —12.72 0.31 


stability as the atomic number of the halogen increases. Some of the properties 
of these compounds are listed in Table 15.11. 

The electrical conductivity of pure liquid HF is rather small, but does in- 
dicate that a small amount of self-ionization occurs according to 


2HF = HoFt++F-, F- + HF = HF}. 


The other pure liquid hydrogen halides show very little if any self-ionization. 
In aqueous solutions, however, the hydrogen halides are good electrical con- 
ductors. Hydrogen fluoride is a fairly weak acid, as is shown by 


HF--H;0— Hj0*-F-, K,=7.2x10-4, 
F` + HF = HF;, Kp = 54. 


The other hydrogen halides are strong acids, and are almost totally dissociated 
in water. When HCl, HBr, and HI are dissolved in solvents that are poorer 
proton acceptors than water, they are not as extensively dissociated to ions. 
In fact, under these conditions it is possible to determine that the strength of 
the hydrogen halides as acids increases in the sequence HCl, HBr, and HI. 


AH. 
HX(g.— ———À Hig) + Xe) 
AH; [s 
Thermodynamic cycle for the dis- H* X-(g) 
sociation of a halogen acid HX. AH 9 
AH; |AHe 


Hx = H*(aq) + X~(aq) 


To see what factors determine the acid strength of the hydrogen halides, let 
us examine the thermodynamic cycle shown in Fig. 15.17. It is evident that the 
enthalpy of dissociation of the HX molecules is given by 


AHaiss = AH, + AH; + AH3 + AH4 + AH + AH, 
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Table 15.12 Enthalpies associated with the 
dissociation of the halogen acids (kcal/mole) 


Acid AH;  AHz(D) AH3() AHa(—A) AHs-+AH6  AHgis 

HF 1L5. 134.6 315 —79.5 —381.9 —1 

HCI 42 103.2 315 —83.5 —348.8 —10 

HBr 5.0 87.5 315 -773 —340.7 —11 

HI 5.5 71.4 315 —70.5 —330.3 -9 
where 

AH; = AHaehya(HX), AH, = D(HX), AH; = I(H), 


AH, = —A(X)  AH§ + AHs = AHyy«(H* + X7). 

The measured values of these quantities are given in Table 15.12, together with 
the computed value of AHa;4,(HX). Because AHaiss(HF) is less negative than 
the enthalpies of dissociation of the other hydrogen halides, we are not surprised 
to find that HF is a weaker acid than any of the other hydrogen halides, The 
enthalpy of dissociation is not the only factor that determines acid strength, 
however. The entropy changes for the dissociation reaction have also been 
estimated and are given in Table 15.13. The data show that HF is the weakest 
of the acids not only because its dissociation is the least favored energetically, 
but ‘also because the entropy change that accompanies its dissociation is the 
most negative. The relative importance of entropy and enthalpy effects can 
be assessed by comparing AHaiss with T ASaiss. The data in Table 15.13 show 
that while the values of AHaiss set the general trend of the acidities of the 
hydrogen halides, entropy effects are important and in fact are what make HI 
a slightly stronger acid than HCl. 


Table 15.13 Thermodynamics of dissociation of halogen acids 


AHaiss ASaiss -TAS AGaiss 
Acid (keal) (cal/deg) (kcal) (kcal) 
HF —1 —21 6.3 5 
HCI —10 -13 3.9 —6 
HBr —11 -9 2.7 —8 
HI -9 -3 0.9 —-8 


The Halogen Oxides 


The known halogen oxides are listed in Table 15.14. These compounds are 
characteristically unstable reactive substances that exist as discrete small mole- 
cules in all phases. At room temperature they exist as gases or volatile liquids, 
with the exception of I30;, a solid. 


15.3 THE ELEMENTS OF GROUP VIIA 673 


674 


Table 15.14 The halogen oxides 


Fluorine Chlorine Bromine lodine 
F20 Cl20 Br20 1204 
F202 ClO2 BrO2 1405 

Cl204 BrOs 1205 
Cl206 Br207(?) 1207 
Cl207 


pM a 


The compound F;O is the only halogen oxide that is thermodynamically 
stable with respect to its elements. Its stability is slight, however, and it reacts 
readily with a variety of reducing agents. For example, when dissolved in 
water, it produces oxygen slowly according to the reaction 


F20: H50 = 02+ 2HF. 


The chlorine oxides are all small covalently bonded molecules that are rather 
unstable highly reactive oxidizing agents. Chlorine monoxide, Cl50, is prepared 
by the reaction 

2Cl + 2HgO = HgCls. HgO + Cl;O 


and upon heating, explodes spontaneously to give Cl; and Os. Chlorine dioxide 
can be synthesized by the reaction 


a 2C107 + SO = 2CI0; + 801. 


Chlorine dioxide is also spontaneously explosive, but is safe if treated carefully, 
and is in fact used commercially as an oxidizing agent. 

Dichlorine tetroxide is not a dimer of chloride dioxide, but rather has the 
atomic arrangement CIOCIOs, which corresponds to chlorine perchlorate. It is 
stable for only short periods at room temperature. 

Chlorine hexoxide, C130g, is formed when ozone reacts with ClO., 


20102 + 203 = Cl150g + 202. 


Chlorine hexoxide is unstable and reacts explosively with organic compounds. 
The +7 oxide of chlorine, Cl307, is a volatile liquid obtained by dehydrating 
perchloric acid, 

2HCIO0, => Cl;0;. 


Even though it is the most stable of the chlorine oxides, it explodes when it is 


-'theated or subjected to mechanical shock. 


The bromine oxides are not at all well characterized chemically or physically. 
of the oxides of iodine, only 1,0, has been investigated extensively. It is the 
. dehydration product of HIO;, iodie acid, for at 200°C the reaction 


2HIO3 = 1,0; + H50 
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occurs. Iodine pentoxide is a stable compound and reacts in a controlled manner 
with a number of reducing agents. The most important of its reactions is the 
oxidation of carbon monoxide, 


1,05 + 5CO = T; + 5CO;. 


This reaction is quantitative, and a determination of the iodine formed allows 
a quantitative analysis for CO to be made. 


The Halogen Oxyacids 


The known oxyacids of the halogens are listed in Table 15.15. The hypohalous 
acids HOX, except HOF, are formed by the disproportionation of the halogens 
in aqueous solution, 

Xa(aq) + H20 = Ht + X- + HOX. 


The values of the equilibrium constant of this reaction for the various halogens 
are: Clo, 4.2 X 1074; Bro, 7.2 X 107°; and Is, 2.0 107!%. From these 
equilibrium constants, it can be deduced that in a saturated solution of chlorine, 
the concentration of HOCI is about half the concentration of chlorine, while 
only about 0.5% of a saturated solution of I; is hydrolyzed to HOI. One method 
of producing the hypohalous acids in greater yield is to pass the halogen into 
an aqueous suspension of mercuric oxide, 


2X; + 2HgO + H.0 = HgO - HgX; + 2HOX. 


The hypohalous acids are all very weak acids, for their dissociation constants 
are: HOCI, 2 x 10-5; HOBr, 2 x 107*; HOI, 1 x 107'!', They are also 
rather unstable, and have never been isolated as pure compounds. The com- 
pound HOF is made by passing F5 over ice and collecting the product in a cold 
trap. It reacts rapidly with water to produce oxygen and is thermally unstable, 
decomposing with a half-life of less than an hour at 25*C. : 


Tabfe 15.15 Oxyacids of the halogens 


Fluorine Chlorine Bromine lodine 

HOF HOCI  HOBr HOI 
HCIO2-  HBrO»(?) * 
HClO3 HBrO3 HIO3 
HCIO4 HIO4, HslO6 


The only known oxyacid in which a halogen appears in the +3 oxidation state 
is chlorous acid, HClOs. Salts of chlorous acid can be made by the reaction of 


CIO? with peroxides, 
Na505 + 2Cl0; = 2NaClOz + O2. 
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Acidification of solutions of chlorites yields HClO;, which is a moderately 
strong acid with a dissociation constant of 107°. 

The acids HXO; and their salts are known for all the halogens except fluorine. 
Solutions of chlorates, bromates, and iodates can be obtained by the dispropor- 
tionation of hypohalides in basic solution, 3XO^ = 2X7 + XO;. This 
reaction is quantitative for all three heavier halogens. It proceeds rapidly at 
room temperature for iodine, and at a temperature of 75°C for chlorine and 
bromine. 

All the halic acids are strong acids, and are essentially totally dissociated in 
aqueous solution. Chlorie and bromic acids have never been isolated as pure 
compounds, but iodic acid, HIOs, appears as white crystals when iodine is 
oxidized by concentrated nitric acid. The acids and their anions are strong 
oxidizing agents, and chloric acid in particular reacts violently with organic 
compounds. 

The oxyacids of the halogens in the +7 oxidation state are perchloric, per- 
bromic, and periodic acids. Perchlorates are prepared by the electrolytic oxida- 
tion of chlorates, and when a perchlorate salt is heated with concentrated H804, 
perchloric acid distills from the mixture. Perchloric acid is totally dissociated 
to ions in aqueous solution, and is probably the strongest acid known. Thus 
the oxyacids of the halogens of the type HOXOn show a steadily increasing 
acid strength as n increases from 0 to 3. This trend of increasing acidity with 
increasing oxidation state of the central atom has been noted previously for 
other elements. y 

Perchloric acid is a very strong oxidizing agent and reacts explosively with 
organic compounds. In dilute aqueous solutions at room temperature, per- 
chloric acid tends to be rather unreactive, for despite its very great oxidizing 
strength, its reactions with inorganic compounds are very. slow. Because the 
perchlorate ion is a large ion with a small charge, it does not tend to form 
complexes with cations, and its salts are, in general, quite soluble in water. 
Consequently, perchlorate salts are often used when studies of the properties 
of cations in aqueous solutions are made. 

Perbromates have been unknown until fairly recently. They can be syn- 
thesized by the reaction of XeF, or Fa on bromates: 


BrOg + XeF2+ H20 = BrO; + 2HF + Xe, 
BrO3 + F2 + 20H7 = BrO7 + 2F~ + H30. 


Despite their elusive nature, perbromates are stable both in aquéous solution 
and as solid alkali salts such as KBrO4. 

; Periodic acid exists in several forms. In strongly acidic solutions the most 
important Species is paraperiodie acid, H;IOg, a weak acid in which a central 
iodine atom is surrounded by five OH groups and an oxygen atom, all located 
at the corners of an octahedron. Paraperiodie acid is in equilibrium in aqueous 
solution with the anion H1057, and with the metaperiodate ion IO. Solutions 
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of periodic acid are strong oxidizing agents that react smoothly and rapidly with 
a number of reagents. In one of the standard procedures for the analysis of 
manganese, periodic acid is used to oxidize manganous ion to permanganate. 

Chlorine, bromine, and iodine each have extensive solution chemistry and it 
is helpful to summarize their properties with reduction-potential diagrams. 
The following diagrams apply to chlorine species in acidic and basic solutions, 
respectively. 


CI0;- 1.19 Cl0;- 1.21 HCIO; 1.64 HOCH 1.63 Cl 1.36 CI- 


147 


CIO; —235.. gjo; 038 caoz co Qj, 136 .gi— 

0.50 0.80. 
It is clear that in both acidic and basic solutions, all chlorine species except C17 
are strong oxidants. Hypochlorous and chlorous acids react rather rapidly to 
oxidize a variety of reagents, but the reactions of chlorate and perchlorate ions 
with inorganic reagents are usually quite slow. There are two disproportionation 
reactions that are of importance in alkaline solutions: 


Cl; J-20H- = CI- + CIO- + H,0, A8? = 0.96 volt, 
3CIO- = CIO; + 2017, A&° = 0.39 volt. 


The first of these reactions is used to prepare hypochlorites, and the. second is 
used to synthesize chlorates. i 
The reduction-potential diagrams for bromine in acidic and basic solution, 


respectively, are as follows. 


1.52 


[ae aoe PEN 
;—:45 -HOB 


Bro: 1.59 Bry 1.07 Br- 


0.61 


[ . . oi 
54 Bro Bra gr 
peum - | 


BrO 
0.71 


All species except Br are strong oxidizing agents. The potentials show that in 
basic solutions, bromine can disproportionate spontaneously to BrO~ and Br”, 
Since BrO- itself. can disproportionate to Br and BrO;, these ions are the 
eventual products found in alkaline solutions of bromine. In acidic solutions, 
however, bromine does not disproportionate, and in fact the reaction 


BrO; + 5Br- + 6H+ = 3Br; + 3H,0, ^ AE? = 0.45 volt, 


proceeds spontaneously from left to right. 
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All oxidation states of iodine except the —1 state have strong or moderately 
strong oxidizing properties, as the following reduction-potential diagrams show. 


053 t 
2 I 


HyI0y— —10;——HOE—^-1 
L 


0.53 {- 


H107 0.7 IO; 0.14 IO— 0.45 Ty | 
i 0.29 


Like chlorine and bromine, iodine is stable with respect to disproportionation 
to the +1 and —1 states in acidic solution, but does disproportionate in alkaline 
solutions. Both hypoiodous acid and hypoiodite anion are unstable with respect 
to self-oxidation and reduction: 

5HOI- 2], + 107 +H*++ 2H,0, A&° = 0.31 volt, 

310- = 2I- +103, A8? = 0.35 volt. 
In acidic and basic solutions, the iodate ion is stable by itself, but it does react 
quantitatively with I^ to produce iodine in acidic solutions: 


IO; + 5I- + 6H* = 3I; + 3H50, A8? = 0.67 volt. 


The Interhalogen Compounds 
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The known binary interhalogen compounds are listed in Table 15.16. The 
principal interest in these compounds lies in their molecular structure, although 
some practical use is made of BrFs as a fluorinating agent. 


Table 15.16 The inter- 
halogen compounds 


cl Br | 
F CIF BrF 
CIF3 BrF3 
CIFs  BrFs IFs 
IF? 
Ci Brci ICI 


Br IBr 


The geometry of CIF; is shown in Fig. 15.18. As we remarked in Section 
11.5, the structure of CIF; is related to those of PCI, and SF,, for each of these 
molecules has à central atom that is surrounded by five pairs of valence elec- 
trons. Interelectron repulsion should be minimized if each electron pair is 
directed toward one of the corners of a trigonal bipyramid. In CIF s, only the 
axial and one equatorial position of the bipyramid are occupied by fluorine 
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atoms. Thus we can regard the T-shape of CIF; as a slightly distorted: frag- 
ment of a regular trigonal bipyramid. By analogy with CIF; we expect BrF3 
and ICl3 to be T-shaped molecules, and this is found experimentally. 

F 


1.70 A| 
87.5? 1.60 A 
c F 
87.5 The structure of CIF3. 
1.70 A 


The molecules CIF5, BrF; and IF; have respectively a central chlorine, . 
bromine and iodine atom surrounded by six electron pairs, five of which are used 
to form bonds to fluorine atoms. The geometry of these molecules should be 
related to that of SF¢, which also has six electron pairs around a central atom. 
Figure 15.19 shows the structure of BrF;. It can be rationalized by imagining 
the six electron pairs around the bromine atom directed toward the corners of an 
octahedron, with five of these corners occupied by fluorine atoms. If we assume, 
as we have done consistently, that the nonbonded pair of electrons occupies more 
space than bonding electron pairs, the departure of the geometry of BrF; from 
that of a regular octahedron is not surprising. The geometry of IF ; is similar to 
that of BrFs, for all five of the fluorine atoms lie on the same side of a plane that 
contains the iodine atom and which is perpendicular to the axis of symmetry 
of the molecule. 


$ The structure of BrF;. The bromine atom lies slightly below 
F the plane of four of the fluorine atoms. 


There are several ions of the interhalogens whose structures fit the patterns 
established by the interhalogens and other halides of the nonmetals. The ions 
I5, ICIz, IBrz, and BrICI- are all linear and have a central iodine atom sur- 
rounded by five electron pairs. Their structures can be pictured as being re- 
lated to that of PCls, with only. two of the five electron pairs at the central 
atom being used to form bonds. These two bonding pairs are directed along 
the axis of a trigonal bipyramid, and the three nonbonding electron pairs are 
directed toward the equatorial corners of the bipyramid. 
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FIG. 15.18 


FIG. 15.19 


679 


FIG. 15.20 


The structure of ICs. ; 1 


cl 


The ion ICI; has the structure shown in Fig. 15.20. The iodine atom is at 
the center of the square formed by the four chlorine atoms, and apparently the 
two pairs of nonbonded electrons around the iodine atom are directed per- 
pendicular to the plane of the ion. Thus the six electron pairs around the iodine 
atom can be regarded as directed toward the corner of an octahedron, and the 
structure of ICI? is related to that of SF. The ion BrF; also has a planar 
structure, as would be expected by analogy with ICI; . 


15.4 THE NOBLE-GAS COMPOUNDS 


It has been known for a number of years that the noble-gas atoms form strong 
bonds to certain other atoms. For example, species such as He, Arf, ArH*, 
and CHgXe* have been detected repeatedly as transient gaseous ions. The 
bond strength in some of these molecular ions is substantial. Dissociation of 
Het to He and He* requires 60 kcal/mole and separation of ArH* to Ar and 
H* requires at least 93 kcal/mole. Despite these large bond energies, such 
gaseous ions are only transient species, for if they acquire electrons, they 
dissociate immediately into atoms. The existence of these transient ions is 
important, however, for it shows that there is no mysterious property of the 
completed octet in the noble-gas atoms that absolutely prevents these atoms 
from being bonded to other species. Apparently strong electron acceptors, 
such as positive ions, can form strong bonds with the noble-gas atoms. This 
lesson was largely ignored by chemists before 1962. 

In 1962 N. Bartlett found that molecular oxygen forms a compound with 
PtFe that can be represented as OF PtFs. Because xenon has nearly the same 
ionization energy as oxygen, Bartlett decided to investigate the possibility of 
a reaction between xenon and PtFg. A reaction between these reagents was 
observed, and did demonstrate that xenon is not a totally inert gas. This 
observation stimulated other investigations of the chemistry of xenon and the 
other noble gases. Several compounds of xenon and krypton with the strong 
electron acceptors fluorine and oxygen are now known. 

The most stable and best characterized of the noble-gas compounds are the 
xenon fluorides, oxyfluorides, and oxides. These are listed in ‘Table 15.17 with 
some of the known thermochemical data. The xenon fluorides can be made in 
a variety of ways, and apparently the only requirement is that xenon be expose! 
to fluorine atoms. Xenon difluoride is usually formed first, and continued expo- 
sure of XeF’; to fluorine atoms yields xenon tetrafluoride. Xenon hexafluoride 
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is formed by the reaction of XeF, with a considerable excess of fluorine. These 
three binary fluorides of xenon have negative enthalpies of formation, and 
combination of these values of AH; with the dissociation energy of fluorine 
shows that the average xenon-fluorine bond energy in these compounds is 
30 + 3 kcal/mole. 


Table 15.17 Some compounds of xenon 


AH; AH; 
Compound. (kcal/mole) | Compound (kcal/mole) 


XeF2 —30 XeFa —96 
XeF4 —69 XeOF4 - 
XeOF2 Ph XeOs 96 


The oxygen compounds of xenon are obtained by hydrolysis of the fluorides. 
For example, 
XeFs + H0.— XeOF, + 2HF, 
XeFs + 2H,0 = XeOoF 2 + 4HF, 
XeF’s + 3H:0 = Xe05 E 6HF. 


Of these compounds, XeO3 has been prepared in quantity and is fairly well 
characterized. Although it is easy to synthesize, it is violently explosive when 
dry. In aqueous solutions, however, it is well behaved, and as its large positive 
enthalpy of formation might suggest, it is a very powerful oxidizing agent. 
Because the only byproduct of its reduction is xenon gas, it does not introduce 
extra complicating chemical species into a reaction system when it is used as an 
oxidizing agent. Because of these features, it may be used considerably in the 
future as a general oxidizing agent. 

When solutions containing XeOs are made alkaline with sodium hydroxide, 
disproportionation of XeOs occurs, xenon gas is evolved, and sodium perxenate, 
Na4XeO, - 8H20 can be recovered from the solution. In acidic solutions, the 
perxenate anion decomposes slowly to XeOs and oxygen. "These acidic solutions 
of perxenate ion have strong oxidizing properties and can convert manganous 
ion to permanganate. Although standard reduction potentials are hard to 
determine for these systems, the following values have been obtained, which 
indicate clearly the powerful oxidizing properties of the xenon compounds: 


H4XeO0, + 2H* + 2e7 = Xe05 + 3H,0, £9 — 2.36, 
XeO; + 6H* + 66^ = Xe + 3H30, £9 — 2.12, 
XeF, + 2H* + 2e- = Xe + 2HF (aq), 6° = 2.6V. 


The structures of the xenon compounds fit the patterns established by other 
isoelectronic species, so far as is known. For example, XeF’ is isoelectronic in 
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FIG, 15.21 


15.5 CONCLUSION 


the valence shell with 17, IClz, and BrICI-, and like these ions, is linear and 
symmetrical. Xenon tetrafluoride is isoelectronic with IC]; and BrF;, and is 
accordingly a symmetrical square planar molecule. Xenon trioxide is isoelec- 
tronic with the iodate ion IO3,, and has the same trigonal pyramid structure. 
The XeO; * ion has the six oxygen atoms at the corners of a regular octahedron, 
as might be expected by analogy with the molecules SFe, SeFe, and TeF,. 
Xenon tetroxide, XeO,, is a tetrahedral molecule, as might be expected from the 
fact that there are four pairs of electrons around the central xenon atom, and 
also from analogy with the isoelectronic tetrahedral periodate ion, IOF. The 
structure of XeOF, is related to that of the isoelectronic molecule BrF;. In 
XeOF,, the four fluorine atoms form the base, and the oxygen atom the apex, 
of a square pyramid. 

The structure of xenon hexafluoride is not known. This molecule has seven 
pairs of electrons around the central xenon atom, but certain theoretical argu- 
ments have led to the prediction that the molecule should have the shape of a 
regular octahedron, while others predict that XeFg should have a less sym- 
metrical structure. At the present time, the experimental evidence tends to 
favor the latter conclusion, but, the problem has not been solved conclusively. 

Xenon difluoride can act as a fluoride ion donor, and as a result, forms a 
number of addition compounds with fluoride acceptors such ag AsF 5 and SbF;. 
For example, 


2XeF; + AsF5 = (XeoFf)(AsF9). 
The XeyFf cation has the planar structure indicated in Fig. 15.21. 


The structure of Xe;Ff. F wee aec 


151* 


Xenon hexafluoride can act as a fluoride ion donor, and forms such compounds 
as (XeFZ)(PtFg). XeFg also acts as a fluoride acceptor, and reacts with alkali 
metal fluorides to give heptafluoro-or octafluoro xenates: 


CsF + XeF 5 = CsXeF, 
2CsXeF; = XeFe + CsoXeF's. 


Thus the chemistry of the seemingly inert element xenon is in fact quite rich. 


Although the nonmetallic elements display a wide range of chemical and physical 
properties, certain trends and regularities in their behavior are evident. In any 
given family, there is a trend toward metallic behavior as the atomic numbers of 
the elements increase. In any row of the periodic table the elements become less 
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metallic in nature as atomic numbers increase. All the nonmetals except the 
noble gases are electronegative and react with the active metals by accepting 
electrons to form negative ions. In addition, many of the nonmetals display a 
number of positive oxidation states, most commonly as oxides and oxyanions. 
These nonmetallic oxides are typically acidic in nature, and in general, the 
acidity is more marked, the higher the oxidation state of the nonmetal. 
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15.1 On the basis of van der Waals forces, and the electronic properties that deter- 
mine them, explain fhe trend in volatility among the halogen elements. 


15.2 Calculate the entropy of vaporization for each of the hydrogen halides. Do 
these values indicate that one of the hydrogen halides is markedly different from the 
others? What phenomenon could be responsible for this deviation? 
15.3 Solid iodine has a dark purple color, and the crystals have a lustrous appearance. 
In addition, solid iodine displays a small conductivity that increases with increasing 
temperature. Are these observations consistent with the position of iodine in the 
periodic table? Explain. 
15.4 Make an analysis of the energetics of the electrode reaction. 

$Xo(g) + e7 = X-(aq) 
for Fo, Clo, and Brg, and suggest reasons why the strength of the halogens as oxidizing 


agents decreases in this sequence. 
15.5 What sequence of reactions could be used to synthesize (a) Na28903 and 


(b) H2S20s from the elements? 


PROBLEMS 


PROBLEMS 


15.6 Nitrous oxide reacts with sodium amide to give sodium azide and water, 
N30 + NaNHə = NaN3 + H20. 
By analogy with other triatomic molecules and ions, predict the structure of the azide 
ion, Nj. Similarly, predict the geometry of the cyanate ion, OCN-, formed by the 
reaction 
(CN)2-+ 20H- = CN- 4- OCN- 4- H20. 
15.7 We noted that NFs is not at all basic, in contrast to ammonia, NH3. With this 
fact and its interpretation in mind, try to predict whether hydroxyl amine, H2NOH, 
is more or less basic than ammonia. 
15.8 Calculate the pH of 0.10 M NasSOa. 
15.9 In the compound O2PtF¢ it has been suggested that the oxygen exists as OF 
By considering that bond distances in solids can be determined by x-ray methods, 
suggest an experiment that will help to decide whether the oxygen is present as O2 
or OF. 
15.10 How would you convert: (a) chlorine to KClOs; (b) chlorine to HCIO4; 
(c) chlorine to ClO2; (d) iodine to I205; (e) bromine to NaBrOs? 
15.11 Calculate the equilibrium constants for the following disproportionation re- 
actions: (a) ClO~ to CIO; and Cl-; (b) Br, to BrO; and Br~ in basic solution; and 
(e) I2 to IOz and I~ in basic solution. 
15.12 Mercury is oxidized by NO? according to the reaction 
Hg(1) + NO2(g) = NO(g) + HgO(5). 
In contrast, mercury is not attacked by N20. Is this difference in reactivity a kinetic 
or thermodynamic effect? Explain. AG?(HgO) = —13.99 kcal. 
15.13 Complete and balance the following expressions. 


Cu + H2504 (hot, conc.) > NO2-+ H20 (cold) —^ 


Zn + HNO; (dilute) > NO2+ H20 (hot) — 
Zn + HNO; (cone) —> HCO, +2, 
Mg+P > CasP2 + H20 > 


15.14 What sequence of reactions leads to the synthesis of N20, if the starting 
reagents are elements? 


15.15 The ion SOF has a pyramidal structure, and in SOz the oxygen atoms are at 
the corners of a tetrahedron with the sulfur atom at the center. What would you 
expect the structures of SOClz and SO2Clz to be? All the oxygen and chlorine atoms 
are bonded directly to sulfur. 


15.16 Consider the following cations to be present in 0.1-M aqueous solution: Fe**, 
Zn**, Mn++, Pb**. Which of the ions will be precipitated as sulfides if the solution 
is saturated with H2S (0.1-M) and the pH is maintained at (a) 0; (b) 2; (c) 5. Solu- 
bility products: PbS, 1 X 10-29; ZnS, 4.5 X 10-24; FeS, 1 X 10-19; MnS, 7 X 10-19. 
15.17 When HS is bubbled into nitric acid solutions, sulfur, NO2, NO, No, and 
NH; are formed. Write the four balanced reactions that describe this process. 
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CHAPTER 16 


THE TRANSITION METALS 


As was noted in Section 18.1, the transition elements occur between groups 
IIA and IIIA in the long form of the periodic table. In the first, second, and 
third transition series, respectively, the 3d-, 4d-, and 5d-electrons make their 
appearance, The third and fourth transition series also include, respectively, 
the lanthanides and the actinides, the “inner” transition elements; in each of 
these series an inner set of f-orbitals is filled. This chapter is concerned prin- 
cipally with the chemistry of the elements of the first transition series, but we 
shall also comment briefly about the properties of the other transition elements. 


16.1 GENERAL PROPERTIES OF THE ELEMENTS 


Before investigating the detailed chemistry of the individual elements, let us 
assess the general nature of the transition metals. All the transition elements 
are metals, and most of them have high melting points, high boiling points, 
and relatively large enthalpies of vaporization. The exceptional elements in 
this respect are those in group IIB: zinc, cadmium, and mercury. These metals 
have relatively low melting points and are moderately volatile. The atoms of 
these elements have completely filled sets of valence d-orbitals and in this 
respect also are different from the rest of the transition elements. This observa- 
tion suggests that among the elements that have incompletely filled valence 
d-orbitals, the d-electrons are involved in the metallic bonding and contribute 


to the cohesion of the metallic crystal. 
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Virtually all the transition metals are good conductors of heat and electricity, 
and as was noted in Section 13.2, the elements copper, silver, and gold of 
group IB are particularly outstanding in these respects. From the thermo- 
dynamic point of view, many of the transition metals, particularly those of the 
first transition series, are “active” metals. That is, their electrode potentials 
indicate that they should react spontaneously with 1-M H+ to yield aqueous 
solutions of their ions. On the other hand, the rates at which many of these 
metals are attacked by oxidizing agents are very small, and despite their 
thermodynamic tendency to react, they appear to be rather inert. Moreover, 
some of the heavier transition metals, particularly palladium, platinum, and 
their close neighbors, react only with the strongest oxidizing agents. Thus while 
we shall find noticeable similarities between many of the transition metals, 
there is at the same time an enormous range of properties displayed by these 
elements. 

The elements of the first transition series resemble each other in a number of 
ways. Some of the properties of these elements are summarized in Table 16.1. 
We see first that although there is a general decrease in the atomic radii of the 
elements as the atomic number increases, the radii of the elements from chro- 
mium through copper are very similar. The increase in the nuclear charge along 
the series tends to cause an electron cloud to contract, but the added 3d-electrons 
exert an opposing effect. Consequently, the general size of the atoms remains 
nearly constant and decreases only slowly in the transition series. ! 

Another indication that the effects of increasing nuclear charge and addition 
of 3d-electrons tend to offset each other is found in the variation of the first 
lonization energy of the atoms. Table 16.1 shows that although the first ioniza- 
tion energy, in general, increases as the atomic number increases, the ionization 
energies of neighboring elements are very nearly the same. A similar behavior 
is found for the second ionization energies, which for the most part increase 
smoothly as the atomie number inereases. The exceptions are chromium and 
copper; the second ionization energies of these elements are notably larger than 
those of their neighbors. A rationalization of this observation lies in a com- 
parison of the electron configurations of the singly and doubly charged ions. 
The second ionization of chromium involves the removal of an electron from a 
half-filled set of 3d-orbitals, and in the second ionization of copper, an electron 
is removed from a filled set of 3d-orbitals. The extra stability of a filled or half- 
filled set of equivalent orbitals has been encountered previously, for we have 
noted that the atoms of the nitrogen and noble-gas families have higher ioniza- 
tion energies than do their neighbors. We shall see that the stability of the 
half-filled or filled set of d-orbitals is reflected in the chemistry of chromium 
and copper. 

The electronic configurations of the transition-metal atoms and ions illustrate 
an important point concerning the orbital energy-level scheme. Because the 
3d-orbitals of the neutral transition-metal atoms are filled only after the 4s- 
orbital is occupied, one might conclude that the 4s-orbital lies lower in energy 
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than the 3d-orbitals. The electron configurations of the ions show, however, 
that this isnot always true. The configurations given in Table 16.1 indicate that 
the 4s-orbitals are vacant in the gaseous transition-metal ions. In other words, 
the 8d-orbitals are of lower energy than the 4s-orbital in the ions, even though 
the reverse is true in the neutral atoms. This phenomenon, discussed in more 
detail in Chapter 10, shows that there is no rigid pattern of orbital energies 
that holds for all atoms and ions. 

The ionic radii given in Table 16.1 follow the trend established by the atomic 
radii. For ions of a given charge, the ionic radius decreases slowly as the atomic 
number increases. The radii of the doubly charged ions are all somewhat 
smaller than that of Cat*, and thus we should expect to find the oxides of the 
transition elements similar to, but perhaps less basic and less soluble than CaO, 
This is found to be true experimentally. In addition the magnitudes of the ionie 
radii suggest that the hydration energies of the +2 ions of the transition elements 
should be similar to but greater than that of Cat+ (395 kcal). Examination of 
the hydration energies in Table 16.1 confirms this expectation. 

The radii of the +3 ions of the transition elements are slightly larger than 
that of Gat? (0.60 A). Consequently we should expect the hydration energies 
of the +3 transition-metal ions to be similar in magnitude to that of Gat? 
(1124 keal). Table 16.1 shows that this expectation is realized. Similarly we 
might expect the +3 oxides of the transition metals to be similar to but slightly 
less acidic than GayO3. We shall see that this is in fact true. 

Examination of the standard electrode potentials given in Table 16.1 shows 
that all metals of the first transition series, with the exception of copper, should 
be oxidized by 1-7 H+. While these transition metals are good reducing 
agents, they are not as strong as the metals of groups IIA and IIIA. If we 
recall from Section 14.1 how the enthalpies of vaporization, ionization, and 
hydration influence the performance of metals as reducing agents, we can 
understand why the transition metals are not as good reductants as the alkaline- 
earth metals are. The enthalpies of vaporization of all the transition metals are 
quite large, and it is this relatively great stability of the metallic lattices that 
makes the transition elements poorer reductants than magnesium or aluminum, 
The reason that copper is a particularly poor reductant can be found by examin- 
ing the data in Table 16.1.. The second ionization energy of copper is quite a 
bit larger than the corresponding quantity for the other transition elements; 
and this factor makes the aqueous Cut+ ion relatively less stable and copper 
metal a poorer reductant than the other transition metals. 

Although the electrode potentials indicate thatthe metals of the first transi- 
tion series are relatively good reductants under equilibrium conditions, the 
actual rate at which the metals react with oxidizing agents like hydrogen ion is 
sometimes immeasurably small. Several of the metals are protected from 
chemical attack by a thin impervious layer of inert oxide. Chromium provides 
the best example of this, for despite its electrode potential, it can be used as & 
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protective nonoxidizing metal, because it is coated with a nonreactive oxide, 
Cr203. Thus while the transition metals can behave as active reductants under 
the proper circumstances, in other situations they may appear to be essentially 
inert because of reaction rate effects. 


16.2 THE SCANDIUM FAMILY 


This group includes seandium, yttrium, lanthanum, and the lanthanides, the 
fourteen elements that follow lanthanum in the periodie table. Although 
scandium is not a particularly rare element, rather little is known about its 
chemistry. In a number of respects scandium resembles aluminum. The metal 
reacts vigorously with water to liberate hydrogen as does aluminum, when it is 
freed of its oxide coating. "The oxide Sc203 is insoluble in water as is A1405, 
but because of the larger size of Sc*?, Sc505 is basic rather than amphoteric 
like Al;Os. Like aluminum, scandium forms stable compounds only in the 
+8 oxidation state. f 

Yttrium is very similar to:scandium. It is an active metal, as is shown by 


Yt? + 3e-= Y, 8° = —2.37 volts. 


The oxide of yttrium, Y2Qz, is a white powder, insoluble in water but soluble 
in acids. In its compounds, yttrium displays the +3 oxidation state exclusively. 

Lanthanum also displays only the +3 oxidation state and has an insoluble 
basic oxide and a negative standard reduction potential: 


Lat? + 3e7= La, 6° = —2.52 volts. 


The fourteen elements that follow lanthanum also display the +3 oxidation 
state and in this respect resemble the members of group IIIB. These lanthanide 
elements are listed in Table 16.2, together with their oxidation states and elec- 
tron configurations. The configurations and the occurrence of oxidation states 
other than +3 for some of the elements suggest that there is some extra stability 
associated with a half-filled or completely filled set of 4f-orbitals. 

The values of the standard reduction potentials for the +3 ions of the lan- 
thanides, given in Table 16.2, demonstrate the remarkable similarity of the 
chemistry of these elements. There is a smooth but rather slight trend toward 
less negative reduction potentials as the atomic numbers increase. This trend 
is parallel to the lanthanide contraction, the decrease in ionic radii in this series 
that we discussed in Section 13.2. Because of the similarity between the lan- 
thanides, they are difficult to separate, and many of the early investigations of 
their chemistry were made on mixtures/of the elements. Particularly pure 
Preparations of the lanthanide elements were made in the 1940’s with the aid 
of ion-exchange techniques, and now the properties of the individual pure 
elements and their compounds are well known. 
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Table 16.2 Some properties of the lanthanide elements 


Configurations £9. 
E soo SpA ar ee eain $i watt ; 
pple Ng M M** | mts | M** M3 4+ 3e- = M 

Lanthanum La 5d6s? - [Xe] - —2.52 
Cerium Ce Af?es? - 4f [Xe] —2.48 
Praseodymium Pr Af?6s? - Af? | 4f —247 
Neodymium Nd A4t*es? Af |4P | 4f 2.44 
Promethium Pm 4f56s” - 4ft - —2.42 
Samarium Sm 4196s? 4f$ | 4f? - —2.41 
Europium Eu Af'6s? Af! | 4f$ - —2.41 
Gadolinium Gd A4f'5d6s? = art - —2.40 
Terbium Tb A4f?6s? - 4f. | 4f? —2.39 
Dysprosium Dy 4f106s? - 4f? | 4f8 —2.35 
Holmium Ho 4flles? sa ir YE don —2.32 
Erbium Er Af!?6s? zr Ant - —2.30 
Thulium Tm 4f136s? 4n9 |" afl? | - —2.28 
Ytterbium Yb 4f!*6s? Afi* | Ar!3 - —2.27 
Lutetium Lu Af!*5d6s? pant] - —2:25 


16.3 THE TITANIUM FAMILY 


The atoms of titanium, zirconium, and hafnium have valence-electron con- 
figurations of the type (n — 1)d?ns?. Of the possible oxidation states, +2 and 
+3 are observed only in the chemistry of titanium and zirconium, while the 
-4 state is common to all the elements. The tendency of the lower oxidation 
states to be less important for the heavier elements in a group is typical of the 
transition-metal families. 

The data in Table 16.3 show that all of the group IVB metals have high 
melting and boiling temperatures and large enthalpies of vaporization. Despite 
the stabilities of the metallic erystals themselves, the compounds of the elements 
are formed with the evolution of considerable energy. On the basis of thermo- 
dynamic properties alone, each of the metals would be considered to be very - 
reactive. However, all three metals are protected from chemical attack by 8 - 
thin transparent layer of oxide MO» and therefore are quite resistant to chemical 
attack at ordinary temperatures. 

Tt is difficult to prepare the pure titanium, zirconium, and hafnium metals, 
for each element reacts readily with oxygen, nitrogen, and carbon at elevated - 
temperatures. The commercial preparation of titanium involves conversion of 
the oxide TiO; to the tetrachloride. The latter is à volatile compound that can 
be purified by distillation and then reduced with magnesium metal. Thus the © 
process can be represented by 


Tio, 2 TiC, —— Ti. 
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Table 16.3 Properties of the group IVB elements. 


Atomic number 
Configuration 


Atomic radius, A 
Melting point, *K 
Boiling point, °K 

AH, (atom), kcal 
lonization energy, kcal 
lonic radius, M**, A 
AH) (M03), kcal 

AH) (MFa), kcal 

AH? (MCI4), kcal 


In the laboratory, small amounts of the very pure metals of group IVB can be 
prepared by the thermal decomposition of the volatile tetraiodides MI, on a 
very hot wire. The reaction for titanium is simply: 


Til,(g) — Ti(s) + 2I2(g). 


There is no particularly strong resemblance between the metals of groups 
IVA and IVB. The important oxidation state of tin and particularly lead is 
+2, not +4, while the reverse is true in the titanium family. The tetrahalides 
of both groups are, however, somewhat similar. Like SnCl4, TiCls; ZrCl4, and 
HfCl, are relatively volatile compounds that exist as discrete covalently bonded 
molecules. 


Of the three known oxidation states of titanium, +2, +3, and +4, the +4 state 
is most common and most stable under many conditions. Compounds of 
titanium in the +2 oxidation state can be prepared by reduction of the +4 state: 


TiO; + Ti = 2Ti0, 
TiCl, + Ti = 2TiCl,. 


The oxide TiO somewhat resembles the oxides of group IIA metals. It is basic, 
ionic; and has a rock-salt.crystal lattice. Like many of the other transition- 
metal oxides, however, it is a nonstoichiometrie compound and has a composi- 
tion close to TiOg.75. Titanium in the +2 state is an extremely good reducing 
agent, and both TiO and TiCls will reduce water to hydrogen. Because MERT 
decomposes water, there is essentially no aqueous solution chemistry of this ion. 
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Titanium 


The titanous ion, Ti*, is a violet species which, although stable in aqueous 
solution, is a strong reducing agent. It reacts rapidly and quantitatively with 
oxidizing agents like Fe** and MnO% and with the oxygen of the air. The 
oxide TizO can be prepared by reduction of TiO; with hydrogen at high 
temperature: 

2TiOs + H3 >= Ti50s $ H20. 


Like many of the other +3 oxides of the transition metals, Ti3O; is stable with 
respect to the elements, basic, and quite insoluble in water. 

The best known of the compounds of titanium in the +4 oxidation state is 
TiO. This oxide is a white insoluble powder that is used as a paint pigment. 
Because TiO» has a large refractive index, crystals of the oxide have a greater 
brilliance than diamonds, but are rather soft and are therefore relatively un- 
suited for use in jewelry. Although TiO; is very insoluble in pure water, it does 
dissolve slightly in strong base to form the titanate ion, whose formula is prob- 
abiy [Ti02(OH)2]~. When treated with strong acids, TiO? dissolves to form 
species such as Ti(OH)} and Ti(OH)}*. The structures of these ions are not 
known, and the latter is sometimes represented by the formula TiO**. In any 
case, it is clear that TiO? has both acidic and basic properties, and that the 
simple ion Ti** does not exist in aqueous solutions. 

‘All of the tetrahalides of titanium have been prepared. A comparison of 
titanium tetrachloride, TiCl,, with TiCls and TiClg is interesting because it 
illustrates a useful correlation between oxidation number and physical prop- 
erties. The compounds TiCl; and TiCls are ionic erystals whose vapor pressure 
reaches 1 atm only at temperatures near 1000°C. On the other hand, TiCl, is a 
liquid at room temperature and boils at 137°C. To explain the marked increase 
in the volatility of the halides as the oxidation number of titanium increases 
from three to four, it has been suggested that the bonds in TiC], are of a covalent 
nature. Certainly it is difficult to imagine that four chloride ions could sur- 
round Ti** without being so distorted as to share their electrons with the 
central titanium atom. 

When Ti, TiF'4, or TiO; are treated with aqueous HF, the very stable anion 
TiFg is formed. The anion TiCls is less stable: while it can be formed by 
reaction of TiCl, with KCl, it is rather easily hydrolyzed in aqueous solution 
to species which contain oxygen. 


Zirconium and Hafnium 


These two elements are so similar chemically and physically that for some time 
a mixture of them was thought to be a single element. As Table 16.3 shows, the 
atomic and ionic radii of zirconium and hafnium are virtually identical. The 
expected larger size of the heavier element is not observed, because the lan- 
thanide elements precede hafnium in the periodic table. The contraction in size 
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associated with these elements makes the atoms of the elements that follow 
them smaller than would otherwise be expected. 

The best known compounds of zirconium and hafnium are the oxides ZrO. 
and HfO2. Zirconium dioxide has an extremely high melting point (3100°K) 
and once it has been heated to a high temperature, it is not attacked by acids 
or bases, and it has very favorable mechanical properties. Consequently it is 
used as a refractory material in furnace linings and in the manufacture of 
crucibles. The oxides of zirconium and hafnium are more basic than TiO», and 
thus are less soluble in alkalis and more soluble in acids. This change to a more 
basic nature is to be expected from the increased size of Zr** and Hft* com- 
pared to Ti**. Because of this increase in size, the solutions of Zr(IV) and 
Hf(IV) are less hydrolyzed than the acid solutions of Ti(IV), and consequently 
the aqueous solution chemistry of the heayier elements is more extensive than 
that of titanium (IV). j 

This chemistry is quite complicated, however. Acidic solutions of Zr(IV) 
contain polymeric cations such as Zrs(OH)2? and Zr4(OH)$?. In concentrated 
HF, the situation is simpler, and the ions ZrF& and HfF¢ are the principal 
species in solution. 


Table 16.4 Properties of the group VB elements 
. 


V Nb Ta 
Atomic number 23 41 73 
Configuration 3034s? | 4d45s! | 5d*6s? 
lonization energy, kcal 155 159 182 
Atomic radíus, A 1.22 1.34 1.34 
Melting point, *K 2190 | 2770| 3270 
Boiling point, °K 3650 | 4900 | 5600 
AH, (atom), kcal 123 173 186 
AH? (M205), kcal —373 | —463| —500 
AH? (M203), kcal -290| - - 


at 16.4 THE VANADIUM FAMILY 


The three elements of group VB are vanadium, niobium, and tantalum. As 
Table 16.4 shows, these metals have high melting and boiling points and large 
enthalpies of vaporization. The gross features of their chemistry resemble ina 
general way those of thé group IVB metals. All elements of the vanadium 
family show several oxidation states: +2, +3, +4; and +5. All of these states 
are important in the chemistry of vanadium, but only the +5 state and toa 
lesser extent the +3 state are important for niobium and tantalum. Like the 


metals of group IVB; the metals of the vanadium family react readily with - 
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Vanadium 


oxygen, carbon, and nitrogen at high temperatures, and thus are difficult to 
prepare by conventional high-temperature reduction processes. At lower tem- 
peratures an oxide coating protects the metals from chemical attack, even 
though they are strong reducing agents from the thermodynamic standpoint. 
Another feature which is held in common with the metals of the titanium family 
is that the two heavier elements of the group, niobium and tantalum, have 
virtually the same atomic radii. Consequently niobium and tantalum, like 
zirconium and hafnium, resemble each other chemically and physically. 


The chief commercial use of vanadium is as an alloying agent in steels. Its 
general effect is to increase the ductility and tensile strength of the alloy. 
Fortunately this application does not require very pure vanadium, which, as 
we have noted, is difficult to prepare in quantity because of its high-temperature 
reactivity with carbon, nitrogen, and oxygen. Small amounts of very pure 
vanadium can be prepared by the decomposition of VI, on a hot wire. 

The most important compound of vanadium is the pentoxide, V20s. This 
red solid can be prepared by the direct combination of the elements at an 
elevated temperature, and it is used commercially as a catalyst in the contact 
process for preparation of sulfuric acid. Vanadium pentoxide is amphoteric. 
It dissolves in acids to form the pervanadyl ion, VOZ. 


V205 + 2H+(aq). = 2VO7 (aq) + H20. 


There is a tendency for the vanadium species to polymerize in solutions of 
moderate acidity according to the reaction 


10VO£ + 8H20 = HV 10034 + 14Ht. 


"When treated with strong base, V20s dissolves as VO; 2, which also has a 
tendency to polymerize: i 


2V0;? + 3H* = HV;07? + H50, 
HV307? + VO;? + 3H* = V309° + 2H50. 


Thus the aqueous solution chemistry of vanadium (V) involves some rather 
complex species, 

If an acidic solution of vanadium (V) is treated with a reducing agent like 
zine metal or ferrous ion, a blue solution of vanadium (IV) or VO **, the vanadyl - 
ion, results. The vanadyl.ion occurs as a discrete unit in such salts as VOSO4 
and VOClə:: Like titanium (IV), vanadium (IV) is amphoteric. If a solution of 
VO*+ is treated with alkali, VO precipitates, but further treatment of this 
oxide with strong base dissolves it: as the ion VO7* and its polymerization 
products. Another point of resemblance between titanium (IV) and vanadium 
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(IV) is that VCL,, like TiCly, is a low-boiling liquid (boiling point 154°C). ‘This 
again illustrates the tendency of halides to exist as discrete small molecules 
when the oxidation number of the metal is high or the size of the metallic atom 
is small. ` : 

An aqueous solution of vanadium (III), V*?, can be prepared by reduction 
of VO** with zinc. As the reduction proceeds, the color of the solution changes 
from the bright blue of the vanadyl ion to the green color of V*?. The +3 
state of vanadium is entirely basic in nature, and treatment of a solution of 
V*? with alkali precipitates the insoluble V203. The salts of V+? are all ionic 
compounds. 

Exhaustive reduction of aqueous solutions of any of the higher oxidation 
states of vanadium yields a violet solution of V**. This ion is a rapid and 
moderately strong reducing agent. The oxide VO is basic and insoluble and 
has a nonstoichiometrie composition. In each of these respects, vanadium (II) 
resembles titanium (II). Í 

The following reductidn-potential diagram provides a concise summary of 
the chemistry of vanadium in acidic aqueous solution: 


vor 1.0 yot+ 0.36 y —0.25 yt. -12 y. 


We can see from the reduction potentials that vanadium. (V) and (IV) are 
easily reduced, that V+* is a moderately good reductant, and that vanadium 
metal is a strong reducing agent. 

The only known halide of vanadium (IV) is VFs, a viscous liquid which boils 
at 48°C. Both VF, and VCl, are known and are volatile substances which can 
be rather easily reduced to lower halides. VCl4 resembles TiCl, in its general 
physical properties and in its very rapid reaction with water to form the oxide 
and oxychloride VOCls. All the vanadium trihalides are known and are intensely 
colored solids which ean be decomposed at moderate temperatures (300-500*C) 
to the dihalides. The latter are ionic solids of considerable stability. 


Niobium and Tantalum 


Niobium and tantalum are frequently found together in nature, have similar 
chemical and physical properties, and are difficult to separate and prepare in a 
very pure state. There is considerable interest in niobium metal, for it loses 
all electrical resistance and becomes a superconductor at low temperatures. 
Tantalum is a very ductile metal, is resistant to chemical attack, and has good 
mechanical properties at high temperatures. It forms a carbide, TaC, that is 
extremely hard and which is used in the fabrication of cutting, tools. 

The most important oxidation state of niobium and tantalum is +5. The 
oxides Nb2O; and Ta;05 can be dissolved by fusing them with hydroxides, 
but they are not attacked by hydrogen ion. Like the anions of vanadium (V), 
the anions of niobium (V) and tantalum (V) are polymeric. However, the only 


16.4 | THE VANADIUM FAMILY 


16.5 THE CHROMIUM FAMILY 


milains't 


696. 


species that exist in aqueous solutions have the formula MO 1$, where Mis 


metal atoms. In the lower halides such as NbCl3 and N bCls, the basic struc 
unit is the (M¢X,2)*?*% cation combined with halide anions. The Mg 
unit consists of an octahedron of metal atoms with a bridging halogen a 
along each edge of the octahedron. Because this unit may bear either a 
or-t3 charge, both species can appear in the same crystal lattice, and the niobiu 
and tantalum halides are typically nonstoichiometric compounds. 


The metals of group VIB are chromium, molybdenum, and tungsten. 
Table 16.5 shows, they are high-melting, high-boiling elements and have la y 
enthalpies of vaporization. Tungsten, in fact, is the least volatile of all th 

elements. All the metals are hard and corrosion resistant and have a variet 
of ‘technical uses, both as pure metals and alloying agents. Again the t 
heavier members of the family resemble each other markedly and differ som 
what from ‘the’ first element in the group. Chromium forms the ions Cr**, 
Cr*?, and CrOT;, and each oxidation state has an extensive solution chemis 

"a Table 16.5 Properties of the group VIB elements 


Cr Mo w 
Atomic number 24 42 74 
Configuration 3d°4s! | 4d5551 | Sat6s2 
lonization energy, kcal 156 164 184 
iai Atomic radius, A 1.17 1.29 1.30 
m Melting point, °K 2176 | 2890| 3650 
Boiling point, °K 2900 4900 5900 
AH, (atom), kcal 95 157 | 200 
AH? (M03), kcal —145 | —180| —201 
AH? (MCl2), kcal —946| — 44| — 38 
sin AH) (MClg), kcal = | —90| —987 


E p 
On the other hand, the solution chemistry of molybdenum and tungsten is large! i 
confined to the +6 state, and in contrast to chromium (VI), molybdenum (VI) ` 
and tungsten (VI) show no oxidizing properties, . 
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The most stable oxidation state in most circumstances is chromium (III). 
Chromium (II) compounds are reducing agents, and chromium (VI) com- 
pounds are strong oxidizing agents. The acid-base properties associated with 
these oxidation states vary in the expected manner, with the acidity increasing 
as the oxidation number of chromium inereases. The oxide CrO and the hy- 
droxide Cr(OH); are basic, Cr303 is amphoteric, and CrO; is acidic. 

The preparation of chromium from its ore illustrates some important features 
of its chemistry. The principal chromium ore is the mixed oxide chromite, 
FeO-Cr203. Direct reduction of chromite with carbon produces an iron- 
chromium mixture that is used in the manufacture of steel, 


FeO - Cr203 + 4C = 20r + Fe + 4CO. 


To obtain pure chromium, the chromite ore is first oxidized with air under 
basic conditions at high temperature: - 


FeO: C05 22> KCrO, + FesOs. 


Potassium chromate, K3CrO,, is readily soluble in water, but Fes05 is not, 
so the iron and chromium can be separated. The chromate is reduced to CrO 
with carbon: 


2K5CrO, + 2€ = K5C0; + K50 + CO + Cr505. 


Finally, Cr505 is reduced with aluminum in the thermite process: 
Cr203 + 2Al = Al503 + 2Cr. 


From the thermodynamic standpoint, chromium metal is a good reducing 
agent, and in fact, when it is finely divided it reacts rapidly and completely 
with oxygen. In the massive state, however, chromium is protected by a thin 
transparent coat of CrO, and is extremely resistant to corrosion. Conse- 
quently chromium is used as a protective and decorative coating for other 
metals, and when incorporated in alloys like the stainless steels, it endows them 
with corrosion resistance. T , 

Aqueous solutions of chromium (III) can be obtained by dissolving Cr203 
in acid or alkali: . 

Cr505 + 6H* = 2Cr**(aq) + 3H30, 


Cr503 + 20H” + 3H50 = 2Cr(0H);. 


It is well established that Cr*? in aqueous solution consists of a central ion 
surrounded by six water molecules located at the apices of a regular octahedron. 
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Chromium 


697 


- 


"> 


3; This ion is hydrolyzed, or in other words, it is a weak acid: 


unb 


GrGH,0)2 = ICrH,O)(OR*? + Ht,  K = 13 x 10-4 


It is interesting to note the relation of Cr*? to the other M *? ions of the 3d 
transition series (Ti*?, V*3, Mn*?, Fe**, and Cot). The first two of these 
ions are reducing agents, while the last three are oxidizing agents. Chromium 
(LII) is intermediate in behavior, since it is neither a strong reductant nor a 
strong oxidant. 

Perhaps the outstanding characteristic of chromium (III) is its tendency 
to form stable complex ions with an enormous number of electron donors. The 
other di- and tripositive ions of the transition metals also display this property, 
but the complexes of chromium (III) are particularly inert once formed, and 
therefore have been studied extensively. Examples include the hexaquo ion 
Cr(H30)$*, the hexammine complex Cr(NH;)¢%, and anion complexes such as 
CrFo”. The nature of these complexes, as well as those of the other transition 
elements, will be considered in some detail in Section 16.11. 

Alkaline solutions of chromium (III) are easily oxidized to chromium (VI), 
as the following standard potential shows: 


Or + 44,0 + 3e~ = Cr(OH)3+ 50H7, 8° = —0.13 volt. 


Solutions of the chromate ion, CrO1, are bright yellow. When these solutions 
are acidified, the orange dichromate ion, Cr.07, is formed: 


2Cr07F + 2H* = Cr,0O7 --H,0, K= 4.2 x 10". 
The dichromate ion is a very powerful oxidizing agent, as shown by 
(77 nO + YaH* 4 Ge — 2Cr* E 7H;O, ^ 6? = 1.33 volts. 


Comparison of this standard potential with that of 


4 j 


si O;--4H*-rF4e- = 2H,0, © 6° = 1.23 volts, 


shows that solutions of the dichromate ion are intrinsically unstable with 
respect to decomposition to oxygen and Cr*?. This reaction is slow, however, 
and solutions of dichromate ion can be kept for long periods without significant 
decomposition. © $ 

Addition of chromate salts to concentratėd sulfuric acid produces a solution 
of the red oxide CrOs. The reaction can be written 


Na2Cr207:+ 3H980, = 2Na* + H30* + 3HSO7 + 2CrOs. 
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- 
"a 


These solutions have extremely powerful oxidising properties, and are used to 

clean chemical glassware of grease, . À |i n 
The aqueous chromous ion can be obtained by reducing solutions of Cr*? 

with zinc. The potential for the reaction 


x 


Crta pen = Ort, 80 = OF volt, oe 


shows that chromous ion is one of the strongest redu&ing agents that can exist 
in aqueous solution. Solutions of chromous ion react rapidly and quantitatively 
with oxygen, and are sometimes used to remove oxygen from a mixture of gases. 


Molybdenum and Tungsten 


The ores of these metals can be converted to MoO; and WOs, and reduction of 
these oxides with hydrogen yields the pure metals-as powders. Because of the 
extremely high melting points of these metals, the fabrication of the powders 
into useful objects is very difficult. Both metals are used in situations where 
high temperatures may develop:"x-ray tubes, electron tubes, electric furnaces, 
and electric light filaments are some examples. When incorporated into steels, 
molybdenum acts as a,toughening agent, and tungsten extends the temperature 
range in which the steel remains hard. 

Both molybdenum and tungsten form halides in the +4, +5, and +6 oxida- 
tion states, but only in the +6 state do these elements have any significant 
solution chemistry. The oxide MoO; is acidic and dissolves in base to form a 
very complicated series of polymeric oxyanions. Such ions as Mo307 and 
Mo;Oz$ occur, as well as many others. The behavior of tungsten (VI) in 
aqueous solution is similar. 

In the lower oxidation states, the halides have structures in which the fun- 
damental structural unit is a cluster of metal and halogen atoms. Thus in 
MoCls, the structural unit is MogCl¢*, which consists of eight Mo atoms at the 
corners of a regular octahedron, with one Cl atom on each triangular face of the 
octahedron. In WCls, the structural unit is the WeCliz ion, an octahedron of 
tungsten atoms, with bridging chlorine atoms along each edge of the octahedron. 
Thus, both with regard to formation of polymeric anions and halides which 
contain cluster cations built on metal octahedra, Mo and W resemble Nb and 


Ta rather clearly. 


16.6 THE MANGANESE FAMILY 


Of the elements manganese, technetium, and rhenium, manganese is by far the 
most abundant and important. Technetium does not occur in nature, for all its 
isotopes are radioactive and have fairly short half-lives. Rhenium is very rare, 
80 rare that it was not discovered until 1925. It has a few applications in high- 
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Table 16.6 Properties of the group VIIB elements 


Atomic number 
Configuration 
lonization energy, kcal 


25 43 75 
3d^4s? | 4d95s! | 5q56s? 
171 168 182 


Atomic radius, A 1.17 - 1.28 
Melting point, °K 1517| - 3453 
Boiling point, °K 2340| - 5800 
AH? (atom), kcal 672| - 187 
AH) (MOs), kcal -1242| - —100 


temperature technology and catalysis. Some properties of these elements are 
given in Table 16.6. 


This element is a high-melting, high-boiling metal of considerable chemical 
reactivity. The potential for the reaction 


Mn** + 27 = Mn, &° = —1.18 volt, 


shows that manganese should dissolve readily in dilute acids, and indeed it does. 
In contrast to previous members of the first transition series, the metal is not 
protected by an oxide coating. Manganese occurs naturally as the oxide MnOs. 
Small amounts of pure manganese can be made by thermal decomposition of 
MnO; to a mixture of the oxides MnO and Mn305, followed by reduction with 
aluminum: 
3Mn0; = MnO- Mn505 + 205, 
3MnO - Mn.0; + 8Al = 4A1503 + 9Mn. 


The principal use of Manganese is as an additive in steels. For this purpose the 
impure manganese that results when the ores are reduced directly with carbon 
is satisfactory. Small amounts of manganese in steels react with the oxygen 
and sulfur and remove them in the slag as MnO; and MnS. Addition of larger 
amounts of manganese toughens and hardens the steel. 

Compounds of manganese in the +2, +3, +4, +5, +6, and +7 oxidation 


states are known. Dissolution of the metal in dilute acid produces Mn**, an 


ion with a faint pink color. In contrast with the aqueous doubly charged ions 
of titanium, vanadium, and chromium, Mn++ has no reducing properties. In 
fact, the potential of the reaction 


Mn** e = Mnt+,... <9 = 1,51 volts, 


shows that it is very difficult to oxidize Mn++ to Mat? in aqueous solution. 
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When solutions of Mn** are treated with alkali, a gelatinous precipitate of 
Mn(OH); forms. This hydroxide and the oxide MnO are entirely basic. 

It is not possible to obtain significant quantities of Mn*? in aqueous solution, 
for as its reduction potential of 1.51 volts shows, it is an oxidizing agent powerful 
enough to evolve oxygen from water. Moreover, combination of the half- 
reactions 

Mnt? + e~ = Mnt+, E? = 1,51 volts, 


MnO, + 4H* + e7 = Mnt? + H;0, 6° = 0.95 volt, 
to give 
2Mn*? + 2H;0 = Mn++ + Mn0; --4H*, A8? = 0.56 volt, 


shows that Mn*® is unstable with respect to disproportionation to Mn*+ and 
MnO;. Consequently there is essentially no aqueous solution chemistry of 
manganese (III). The ion.Mn** is stable in the solid state, however, and can 
be obtained by oxidation of Mn(OH). under basic conditions: 


2Mn(OH)2 + 302 = Mn203 + 2H50. 


The solid Mn20; is a completely basic oxide. 

Tue chemistry of manganese (IV) is not extensive. Virtually the only stable 
compound of manganese in this state is MnOs, a dark brown powder which is a 
nonstoichiometrie compound that is always noticeably deficient in oxygen. In 
acidic media MnO; is a very powerful oxidizing agent: 


MnO, + 4H* + 2e— = Mn+++2H,0, 6° = 1.23 volts. 


Quite a different situation obtains in basic solution: 
MnO, + 2H50 + 2e7 = Mn(0H)s 4-20H^, 6° = —0.50 volt. 


These potentials illustrate the important generalization that oxyanions and 
oxides are most powerful oxidizing agents when in acid solution, and correspond- 
ingly, that it is easiest to produce these oxygenated species of high oxidation 


State in basic solution. 1 

When MnO; is heated with KNO; and KOH, solid K2MnO,, or potassium 
manganate, is produced. This salt, in which manganese is the +6 oxidation 
state, is bright green, soluble in water, and is stable only in basic solutions. 


The half-reactions 


MnO7 + 4H+-+ 2e7 = MnO, +2H20, 8° = 2.26 volts, 
MnOj = MnO; +e", 6° = 0.56 volt, 


show that manganate ion is unstable with respect to disproportionation in acid 
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ms, 
solution: - 


3Mn0; + 4H* = 2Mn0; + MnO: 42H;0,  &?— 1.70 volts, 
As a consequence of this extreme instability in acidic solution, there is very 
little aqueous solution chemistry of manganese (VI). ; 
Perhaps the best known compound of manganese is potassium permanganate, 
KMn0,. This salt has a very intense purple color and is a very powerful 
oxidizing agent: 


MnO; + 8Ht + 5e- = Mn**--4H;0,  &^— 1.51 volts. 


Even though permanganate is capable of oxidizing water to oxygen, the reaction 
is rather slow, and aqueous solutions of permanganate are important reagents 
in analytical chemistry. By addition of potassium permanganate to concen- 
trated sulfuric acid, it is possible to produce the extremely unstable liquid 
Mn;0;7. As we might have anticipated from the trend established among the 
other transition elements, compounds of manganese (VII) are entirely acidic. 


Technetium and Rhenium 


.702 


These two elements resemble each other and differ in a number of respects from 
manganese. The +2 oxidation state, important for manganese, is unknown in 
the chemistry of technetium and rhenium. The most important oxidation states 
of technetium are +4 and +7, while the +3, +5, and +6 states are difficult to 
prepare. For rhenium, the +3, +4, and 4-7 states are best known, while +5 
and +6 states are difficult to prepare. 

When technetium and rhenium are heated in air, the heptoxides Tc.07 and 
Re30; are obtained. Both these compounds are low-melting solids (119 and 
220*C, respectively). The oxides dissolve readily in water to give acidic solu- 
tions of TcO7 and ReOj. These solutions possess only moderate oxidizing 
strength, in contrast to solutions of MnO;. The lower oxides of technetium 
and rhenium can be made by heating the metals with the heptoxides, as for 
example in 

Re ge 3Re50; = 7ReO0;. 
For both technetium and rhenium, the oxides MO; and MO; are known. 


In contrast to manganese, the heavier elements of group VIIB form a number 
of relatively volatile halides. The known halides of technetium are TeCla; 


.TeCls, and TcFs. Rhenium forms a more extensive series of halides. The 


compounds ReX, are known; here X stands for F, Cl, Br, and I. Only fluorine, 
chlorine, and bromine form compounds of the formula ReX s. The only known 
halides of rhenium (VI) are ReF'; and ReClg, while ReF; is the only halide of 
rhenium (VII). Once again, the tendency for the heavy transition metals to 
form clusters in the halides of lower oxidation number is displayed. ReCls 
actually consists of ResClo units, with the three Re atoms forming an equilateral 
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triangle. Along each edge, and in the plane of the triangle, there is a Cl atom 
forming bridge bonds between Re atoms. In addition, two more Cl atoms:are 
bonded to each Re, one above and one below the plane of the triangle. 


16.7 IRON, COBALT, AND NICKEL 


At this point we will temporarily abandon our practice of discussing the yertical 
groups of the transition metals, and instead treat the horizontal triad, iron, 
cobalt, and nickel together. The reason for this is that the horizontal resem- 
blances among these members of the first transition series are more noticeable 
than are their similarities to the heavier members of their vertical groups. 
These latter six elements, ruthenium, rhodium, and palladiuni inthe second 
transition series, and osmium, iridium, and platinum in the third: series, bear 
some strong resemblances to each other and will be treated as a group in the 
next section. 


Table 16.7 Properties of the iron triad elements 
Fe Co Ni. 


Atomic number 26 27 "28 

Configuration 3d94s? | 3474s? |.3d84s? 

lonization energy, kcal 182 181 176 

Atomic radius, A 1.16 1.16 1-15 

Melting point, °K 1812 1768} 1728 . 

Boiling point, °K 3150 | 3150| 3160 

AH? (atom), kcal gob T Dquaso IUS eMe 
AH) (MO), kcal —63.8| —57.2 | —58:4 ' i 


Iron, cobalt, and nickel are hard, high-melting, high-boiling metals of mod- 
erate reactivity. Table 16.7 summarizes some of their properties. "They. are all 
ferromagnetic to some degree. Their chemistry is principally confined to the 
lower oxidation states +2 and +3. Some higher oxidation states are known, but 
in accordance with the trend established by Ti, V, Cr, and Mn, these higher 
oxidation states are very unstable and have powerful oxidizing properties. 


LH fjeodatos e Iron 


Iron constitutes 4.7% of the earth's crust and is second in abundance only to 
aluminum among the metals. This abundance, and its desirable mechanical 
properties in the impure condition, make iron an element of foremost techno- 
logical importance. As is well known, metallic iron is produced by the reduction 
of iron oxide in a blast furnace. Some of the reactions that occur in the furnace 
reveal notable features of the chemistry of iron. One of the first. clianges that, 


Y 
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the oxide FezO3 undergoes occurs in the relatively cool regions (200°C) of the 
furnace: 
3Fe.03 + CO = 2Fe30, + CO2. 


The oxide of composition FegO4 also occurs naturally as magnetite, the mag- 
netic iron oxide. It can be regarded as a mixed oxide of iron (II) and iron (III): 
FeO- Fe.03. At somewhat higher temperatures (350°C), further reduction of 
the iron oxide occurs: 


Feg0,4 -- CO = 3FeO + CO. 


As the oxide drops further down into the blast furnace, it encounters higher 
temperatures and is finally reduced to the metal: 


FeO + CO = Fe + COz. 


The iron that is drawn from the blast furnace contains sulfur, phosphorus, 
and silicon impurities as well as 4% carbon, which is present as the carbide 
FesC. To produce high-quality steels in which the carbon content is, in general, 
less than 1.5%, the molten iron is treated with air or oxygen until most of the 
carbon is burned out, and the other impurities are separated as oxides in a slag. 
The desired alloying metals are added, and the steel poured into molds to cool. 

As pointed out in the summary of the steel manufacturing process, there are 
three important oxides of iron, FeO, Fe2O3, and Fe3O4,. Each of these com- 
pounds has a marked tendency to have a nonstoichiometric composition, and 
each is rather readily oxidized or reduced into one of the other forms. We can 
rationalize these features in terms of the crystal structures of the solids. Imagine 
a cubic closest-packed lattice of oxide ions. If all the octahedral holes were 
filled with Fe** ions, we would have a perfect rock-salt lattice, which is the 
structure of FeO. If a small number of the Fe** ions are replaced by two-thirds 
as many Fe*? ions, we would have an iron-deficient, but electrically neutral 
crystal. The actual composition of iron (II) oxide as usually prepared is Feo.950. 
Conversion of two-thirds of the Fe** ions to Fe*? would give a composition 
FeO - Fe203 or FegO,. In this mixed oxide, all Fe** ions are in octahedral 
sites, but half of the Fe*® ions are in octahedral sites and half are in tetrahedral 
sites. Finally, replacement of all the Fe+* ions by two-thirds as many Fe*® ions 
gives the composition Feo.g70 or Fe203. Thus each of the oxides can change 
its composition in the direction of one or two of the others without the occur- 
rence of a major structural change in the oxide lattice. 

As the potential for the reaction 


Fett + 2e7 = Fe, 8° = —0.44 volt, 


shows, iron is a moderately good reducing agent, and it does in fact dissolve 
slowly in dilute acids. When treated with concentrated nitric acid, however, & 
protective oxide film forms and the metal becomes “passive” and does not 
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dissolve. Although the anhydrous salts of iron (II) like FeCl, are colorless, 
the hydrated salts and aqueous solutions of Fe** are pale green. In aqueous 
solution Fe** can be oxidized by air to Fet®, as the following potentials show: 


Fe*3-Le- = Fett, 8° = 0.771 volt, 
2Fe** + 30, + 2H* = 2Fe** + H30, A8? = 0.46 volt. 


This oxidation of Fe** is moderately rapid in neutral solution, but is somewhat 
slower in acidic solution. Because of air oxidation, solutions of Pe++ always 
contain some Fe*? unless they have been freshly prepared and are acidic. 

When solutions of Fe** are treated with base, Fe(OH)» precipitates. Al- 
though this compound is white, it is darkened very rapidly by air oxidation. 
Although Fe(OH), dissolves readily in acids and appears therefore to be basic, 
it does show some amphoteric behavior. Prolonged treatment with hot concen- 
trated NaOH dissolves Fe(OH)s, and when the solution is cooled, Na,{[Fe(OH).] 
precipitates. Under most circumstances, however, Fe(OH). behaves like a 
basic hydroxide. 

Iron (III) exists in aqueous solution as the hydrated ion Fet’. Because of 
its large charge and small size, Fet® hydrolyzes, or acts as an acid, as the 
following equilibrium constants show: 


(Fe(H50)g]** = [Fe(H5O)(OED]** -- H*, K = 9 X 107‘, 
[Fe(H30)5(OH)]** = [Fe(H20),(0H);]* + Ht, — K = 5.5 X 107*. 


The reddish-brown color of solutions of Fe*? is attributed to the hydrolysis 
products, as the solutions ean be almost decolorized by the addition of nitric 
acid. On the other hand, as the pH of a solution of Fet? is raised, the color 
deepens until hydrated Fes05 precipitates from solution. As might be expected 
from the extreme acidity of Fe*? in aqueous solution, hydrated e203 dissolves 
somewhat in base as well as in acids and is therefore slightly amphoteric. 

Both Fe++ and Fe*? form complexes with a large number of electron donors. 
The nature of some of these will be discussed in Section 16.11. At this point, 
however, a comparison of the reduction potentials 


Fet? +e7 = Fett, 6° = 0.771 volt, 
Fe(CN)g?--e- = Fe(CN)e*, 8° = 0.36 volt, 


provides a good example of how the relative stabilities of oxidation states can 
be affected by complex-ion formation. Aqueous ferric ion is a good oxidizing 
agent, but the ferricyanide ion, Fe(CN)g ^, is much less powerful. Apparently, 
formation of the complex ion stabilizes Fe(III) more than it does Fe(II). 
While virtually all the solution chemistry of iron is confined to the +2 and 
+3 oxidation states, it is possible to prepare a compound of iron (VI) Treat- 
ment of FeO; with strong base and chlorine produces a solution of the ferrate 
ion, FeO7. Although stable in basic solution, in neutral or acidic media it 


16.7 | IRON, COBALT, AND NICKEL 


Cobalt 


Nickel 


706 


decomposes according to 


2Fe07 + 10H* = 2Te*? + 305 + 5H50. 


The ferrate ion is a powerful oxidizing agent, even stronger than MnOj. 


This element occurs in nature as the sulfide CogS4 and arsenide CoÁss. Its ores 
also usually contain nickel and often iron and copper. The recovery of cobalt 
involves roasting the ores to convert them to the oxide CoO, which is then 
reduced with carbon, aluminum, or hydrogen. The metal itself is hard, has a 
bluish-white lustre, and is moderately reactive. The potential for the reaction 


Co**--2e- — Co, . &? = —0.28 volt, 


shows that cobalt is a less active reducing agent than iron, but will nevertheless 
dissolve in dilute acids. Like iron, cobalt has two important oxidation states: 
+2 and +3. However, cobalt (III) is a much more powerful oxidant than 
iron (III). As the potential for the reaction 


Cot? +e-= Cott, 6° — 1.84 volts, 


shows, Co*? can oxidize water to oxygen, and does so quite rapidly. Conse- 
quently there is essentially no aqueous solution chemistry for the free Cot ion. 
Complexes of cobalt (III) are important, however, and are considerably weaker 
oxidants than the aqueous Co**, as is shown by 


[Co(NH3)g]*? + e7 = [Co(NH3)g] ^, &? = 0.1 volt. 


Many other complex ions of cobalt (III) are known, and some of these will be 
discussed in Section 16.11. 

The hydroxide Co(OH); is insoluble, and somewhat amphoteric: It dis- 
solves readily in dilute acids, but very concentrated alkali is necessary to 
dissolve it as [Co(OH)4]". Thus it behaves quite similarly to Fe(OH)». The 
oxide CoO, like FeO, has the rock-salt structure with the Co** ions occupying 
the tetrahedral sites in the cubic closest-packed oxide lattice. Treatment with 
oxygen at high temperatures converts CoO to Co3Q4, another cubic close- 
packed lattice of oxide ions with Cot? at tetrahedral sites and Cot? at octa- 
hedral sites. The simple oxide Co50, which would be analogous to Fe20g is not 
known, but the hydrate Co203- H0 is known. Thus while there are some 
similarities between the Co-O and Fe-O systems, they are not completely 
analogous. 


Nickel continues the trend of decreasing stability of higher oxidation states 
established by the other transition elements. The only important oxidation 
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state that occurs in aqueous solution is +2, and the +3 and +4 states appear 
only in a few compounds. The electrode potential 


Nit+ + 27 = Ni 8° = —0.25 volt, 


shows that from the thermodynamic standpoint, nickel is only slightly poorer 
as a reductant than cobalt is. In fact, nickel is quite corrosion resistant, for it 
is covered with a thin protective coating of oxide, and reacts only very slowly 
with oxidizing agents: It is particularly resistant to attack under alkaline con- 
ditions, and is often used to make crucibles or electrodes for use with basic media. 
Finally divided nickel can absorb large amounts of hydrogen gas, which enters 
the metallic lattice as atoms. As a result, porous nickel “sponge” is an excellent 
catalyst for the hydrogenation of organic compounds: 


Hs + C,H, S CHo. 


Monel, an alloy of nickel and copper, resists attack by fluorine, and is used to 
contain and handle this gas. s 

In Nature, nickel is frequently found as the sulfide NiS. Roasting this 
compound in air produces the oxide NiO, which can be reduced with carbon to 
give metallic nickel. Very pure nickel can be made by the carbonyl process. 
Crude metallic nickel reacts readily with carbon monoxide at 50°C to give the 
volatile nickel tetracarbonyl, Ni(CO)4. The es as can be recovered merely 
by pyrolysing the carbonyl at approximately i ; 

BES solution rA hydrated Ni*? is green, and the salts of Nit? are 
green or blue. Like iron (II) and Co (III), nickel (II) forms many complex ions. 
Like Fe(OH) and Co(OH)s, Ni(OH); is insoluble, but in contrast to the 
former substances, Ni(OH) shows no amphoteric properties. The oxide NiO, 
like FeO and CoO, has the rock-salt structure. amt 

When Ni(OH), is treated with alkali and a moderately strong oxidizing agent 
like bromine, a black solid whose composition * n Nis0s : «t <p 
Strong oxidizing agents like Clo acting on Ni 2 give a solid whose com- 
TERE p NiO». Thus it is possible to prepare both the nickel (III) 
and (IV) oxides, although neither is pure. Both oxides are very strong oxidizing 
agents. In fact, NigOg is used in the Edison cell, which employs the reaction 


Fe + NizOs HO + 2H,0 === Fe(OH): + 2Ni(OH)» 


and delivers about 1.3 volts. 


16.8 THE PLATINUM METALS 


Ruthenium, rhodium, palladium, osmium, iridium, and platinum are the ele- 
ments of the 4d- and 5d-triads of group VIII, and are commonly known as the 
platinum metals. They are rather rare metals and have in common a general 
resistance to chemical attack. As Table 16.8 shows, the platinum metals have 
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Table 16.8 Properties of the platinum metals 


Atomic number 44 45 46 76 77 78 
Configuration 4d75s! | 4d85s! | 4d!° | 5d%6s? 5d? | 5d?6s! 
lonization energy, kcal 170 172 192 200 200 210 
Atomic radius, A 124| 1.25| 125| 126| 126| 129 
Melting point, *K 2770 | 2250| 1823| 2970| 2720| 2043 
Boiling point, °K 4000 | 4000 | 3300| 4500| 4400| 4100 
AH? (atom), kcal 144 133 91 165 155 135 


high melting and boiling temperatures and large enthalpies of vaporization. 
Apparently it is this great stability of the metallic lattice that is largely respon- 
sible for the inert nature of the metals. 

The platinum metals differ somewhat in physical appearance and mechanical 
properties. Ruthenium and osmium are gray brittle metals that are very hard. 
Rhodium and iridium are white in appearance, and rhodium is rather soft and 
ductile while iridium is hard and brittle. Palladium and platinum are white 
metals of considerable lustre and are softer and more malleable than the other 
metals of the group. In this latter respect palladium and platinum resemble 
silver and gold, their neighbors in the periodic table. 

Many of the generalizations that apply to the behavior of the other transition 
metals fail or are modified when applied to the platinum metals. The impor- 
tance of the higher oxidation states, so obvious for the other heavy transition 
elements, is considerably diminished among the platinum metals. Ruthenium 
and osmium, members of the iron family, do form the oxides RuO4 and OsO, 
in which the oxidation number of the metal is +8. However, Table 16.9 shows 
that none of the other platinum metals displays an oxidation number higher 
than +4 in its oxide. In general, oxidation states of +4 and lower are most 
important in the chemistry of the platinum metals. 

Although the metals have in common a general inert nature, their response 
to the various oxidizing agents is rather different. Only osmium and ruthenium 
are readily attacked by oxygen and form volatile oxides. Only palladium will 


Table 16.9 Principal oxides and halides of the platinum metals 


Ru Rh Pd Os Ir Pt 
F RuFs | RhF3 | PdF3 | OsFs, OsFe IrF3, IrFg | PtF4, PtFo 
cl RuCl3 | RhCl3 | PdCla | OsClz, OsCl4 | IrCla PtCle, PtCls, PtCls 
Br RhBra PtBre, PtBrs, PtBr4 
1 Ptl2, Ptig, Ptla 
MEE PdO 
M Rh203 Ir203 
MIY RuO2 | RhO2 OsO2 Iro» PtO» 
_ MVI | RuO, Os04 
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dissolve in nitric acid, while platinum, osmium, and palladium are attacked by 
aqua regia, a mixture of nitric and hydrochloric acids. Osmium and ruthenium 
react with alkaline oxidizing agents to give Na90s04, and NasRuO,, and 
similar treatment attacks platinum and palladium. Iridium combines rather 
readily with fluorine, but the other metals must be heated above 300*C before 
they react. Chlorine combines with all the metals at elevated temperatures, 
but ruthenium and palladium are particularly resistant and must be raised to a 
red heat before they react. In the use of platinum laboratory apparatus, it is 
important to remember that the platinum metals react with the semimetallic 
elements, particularly sulfur, phosphorus, arsenic, antimony, and lead. 

The chemistry of the platinum metals is difficult to systematize, and in some 
respects is not well documented. Like the other heavy transition metals, these 
elements do not form simple monatomic cations. Moreover, only ruthenium 
and osmium form oxyanions. The oxides, halides, and sulfides are the only 
compounds that do not involve coordination or complexation of the metal atom. 
For a description of the complex compounds of the platinum metals, an advanced 
textbook of inorganic chemistry should be consulted. 


16.9 COPPER, SILVER, AND GOLD 


Copper, silver, and gold are moderately soft, very ductile and malleable metals 
that are excellent conductors of heat and electricity. These group IB elements 
show little resemblance to the alkali metals of group IA. Table 16.10 shows 
that copper, silver, and gold are moderately high-melting and high-boiling 
metals that have enthalpies of vaporization from two to four times greater than 
those of the alkali metals. The ionization energies of the atoms of the copper 
family are nearly twice those of the alkali atoms. Thus we might expect, and in 
fact find, that the metals of group IB are more inert than those of group IA. 
Copper, silver, and gold are sufficiently resistant to oxidation that they are 
sometimes found in the uncombined state in nature. 


Table 16.10 Properties of the group IB elements 


Cu Ag Au 

pact: cae uer PESO 

Atomic number 29 47 79 
Electron configuration | 3d!94s! 
lonization energy, kcal 178 
Atomic radius, A 1.17 1.34 1.34 
Melting point, ^K 1356 1234 1336 
Boiling point, °K 2855 2450 3080 


AH? (atom), kcal 81.1| 684] 87.3 


Oxidation states 41,42 | +1, +2 | +1, +3 
AH? (MCI), kcal —325| —304| -—8 
AH? (M20), kcal -398| —73| — 
AH? (MO), kcal -3731| — 60| — 
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Table 16.10 gives the oxidation states displayed by the group IB elements. 
The +1 oxidation state is very important in the chemistry of silver, but less 
important for copper and gold. The +2 state is the most important oxidation 
state of copper, but occurs in only a few silver compounds, and does not appear 
at all in the chemistry of gold. The +3 state is not at all important for copper* 
and silver, but is the most important state of gold. In the aqueous solution 
chemistry of these elements, the number of oxidation states is even further 
restricted. Only the +2 ion of copper and the 4-1 ion of silver exist i in important 
concentrations in aqueous solutions. 


The extraction and refinement of copper are relatively simple processes and 
reveal some of its more important chemical properties. The carbonate ores of 
copper can be reduced with carbon: 


CuCO0; - Cu(OH)2 + € = 2Cu + 2C0; + H20. 


Sulfide ores are partially oxidized and then smelted to give a rather impure 
product: 
CuS 2+ Cu.0 + CuS = Cu + 805. 
The copper obtained from these reductions contains iron and silver impurities 
which can be removed by electrolysis. The impure copper is oxidized at the 
anode and the pure product recovered at the cathode. The half-reaction 
potentials 
Ag*--e- = Ag, 8° = 0.80 volt, 
Cutt +2e7= Cu, 8° = 0.34 volt, 
Fett + 2e- = Fe, 6° = —0.44 volt, 


show that metallic silver is more difficult to oxidize than copper, and ferrous 
ion is more difficult to reduce than cupric ion. Thus by applying an appropriate 
potential to the electrolysis cell, it is possible to oxidize copper and iron, but not 
silver, and to reduce cupric ion, but not ferrous ion. The copper metal is re- 
covered pure at the cathode, and the metallic silver is left as a sludge in the 
anode compartment. 


Tn its most common compounds, copper is found in the +1 or the +2 oxidation 
states. The potentials for the half-reactions 


Cut+e—=Cu, — 8° = 0.52 volt; 
Cutt 427 = Cu, 8° = 0.34 volt, 


show that cuprous ion, Cu, is unstable in aqueous solution, for we have 


2Cu* = Cu+Cut*, A8? = 0.18 volt, 
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and thus E tr db 


y ae = K=12x 10°. 

Consequently there is no aqueous solution chemistry for uncomplexed copper 
(I) ions. On the other hand, complexes of copper (I) can be prepared without 
difficulty and many are stable in aqueous solution. For example, if a solution of 
Cu** is boiled with excess chloride ion and metallic copper, the following 
reaction occurs: 


Cu** + Cu + 4CI- = 2CuCl;. 


If the resulting solution is diluted, the chloride-ion concentration decreases, 
and the insoluble CuCl precipitates: 


CuCl (aq) + H20 = CuCl(s) + Cl-(aq),  K = 6.5 x 107%. 


The cuprous halides CuCl, CuBr, and Cul are quite different from the alkali- 
metal halides. In the first place, the cuprous halides are only slightly soluble in 
water, as is shown by 


CuCl = Cu* ls, 4/ K = 32 x 1077, 
CuBr2 Qu*-- Br, K=59x 107°, 
Cul = Cu* +D, K-—14 x 107. 


Secondly, the cuprous halides have the zinc-blende crystal structure in which 
the coordination number is only four, while the alkali halides have either the 
rock-salt or cesium-chloride structure. Third, although the lattice energies of 
the alkali halides can be calculated quite accurately on the assumption that 
they are ionic crystals, the lattice energies of the cuprous halides are slightly 
greater than would be expected from the ionic model. This suggests that in 
contrast to the alkali halides, the cuprous halides exhibit a certain degree of 
covalent bonding. 

Other vill kane compounds of copper (I) are the oxide Cu;O and the, 
sulfide CuS. Both these compounds can be made by direct, combination of 
the elements at high temperature, both tend to be nonstoichiometrie, and both 
are extremely insoluble in water. In these chm ring they differ noticeably 
from the corresponding compounds of the alkali metals. — i 

The clie of aner io the +2 oxidation state is similar to the chemistry 
of the other +2 ions of the transition metals. The cupric ion is colored and 
reacts with a number of electron donors to form complex ions. Addition of 
base to a solution of Cutt precipitates Cu(OH)s. This hydroxide dissolves 
readily in acids and to a slight extent in excess base to form the anion Cu(OH);. 
Like the other sulfides of the transition metals, CuS is only very slightly soluble 


in water. ^ 
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Cuprie fluoride is an ionic compound which has the fluorite crystal lattice. 
In contrast, anhydrous cupric chloride and bromide consist of infinite chains 
of atoms with the arrangement shown in Fig. 16.1. This type of structure is & 
departure from those found in the dihalides of the alkaline-earth metals and the 
metals of the first transition series, and the low coordination number of copper 
in cupric chloride and bromide is interpreted by some chemists as an indication 
of some covalent bonding in these compounds. Cupric iodide is not known. 
Addition of I^ to Cu** solutions results in the rapid, quantitative production 
of Cul and Ip. 


FIG. 16.1 The infinite chain structure of cupric chloride. 


Silver 


Both in solid compounds and in aqueous solutions, the normal oxidation state 

sof silver is +1. The colorless salts AgNO; and AgClO, are readily soluble in 
water, but for the most part the simple binary compounds of silver are sparingly 
soluble. Thus addition of base to a solution of Ag* precipitates the brown oxide 
AgoO. This compound is predominately basic, but it does dissolve slightly in 
concentrated alkali to form Ag(OH)>. Similarly, silver sulfide and the halides 
„except the fluoride are quite insoluble: 


AgS = 2Agt +87,  .K — 10 95, 

AgCl = Agt-+Cl-, —.K — 28 X 10-15, 

AgBr = Agt-Br^, ^K 50x 1073, 
‘Kel ASE Tos Pelheet edt ornate: 
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Silver forms a number of complexes in aqueous solution. The following 
equilibrium constants indicate the range of stabilities: i 


AgClz = Agt +201, — K —22x10^5, 
Ag(NH;)f —Ag tA-2NH, K = 59x10-5, 
Ag(8;05)7? = Agt +25:07, K= 5.9 X 10775, 

Ag(CN); = Ag*+20N7, K=18X 107". 


Combination of the reactions 


AgCl(s) = Agt + CI", K =28 x107", 
AgCly — Agt +2017, K = 22x10 ^5 
gives us 


AgCl(s) + Ol” = AgCl, K = 12x 10 *. 


This reaction and its equilibrium constant show that the slightly soluble AgCI 
can be dissolved in an excess of chloride ion. : 

Combination of the dissociation constant of the silver-ammonia complex ion 
with the solubility products of the silver halides yields the equilibrium con- 
stants for the following reactions: 


AgCl--2NH, = Ag(NH)f--Cl- ^ K—47X10^, 
AgBr + 2NH; = Ag(NH3)Z--Br, K=85x TIO 
AgI + 2NHa = Ag(NHsa)z +D, K — 14x10 *. 
Thus AgCI] is moderately soluble in concentrated ammonia, but AgBr and AgI 
do not dissolve to an appreciable extent, Silver bromide and silver iodide are 
soluble in solutions of thiosulfate ion, $207, for the silver-thiosulfate complex 
ion has a very small dissociation constant. In the photographic process, the 
developed image is fixed by washing out unexposed grains of AgBr with a 
solution of sodium thiosulfate. 
The electrode potential 


Agt +e7 = Ag, 6° = 0.799 volt, 


shows that silver metal is rather difficult to oxidize to the aqueous ion. It is 
even more difficult to obtain higher oxidation states of silver. Treatment of 
solution in which Ag** exists as a 


aqueous silver nitrate with ozone yields a J : ; S 
Short-lived species which is partially stabilized by complex formation with 


nitrate ion. The potential for the reaction 
Agtt e 2 Agt, 8° = 20 volts s 


is only approximate, but does show how strong an oxidizing agent Ag** is. 
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Gold 


One of the few known binary compounds of silver (II) is AgF», which is also a 
powerful oxidizing agent. Thus the +2 oxidation state, so important in the 
chemistry of copper, is not at all common for silver. 


This element is the most ductile and malleable of metals and is an excellent 
conductor of heat and electricity. It is also quite inert to chemical attack, as 
the potentials for the reactions 


Aut+e-= Au, | 6° = 1.7 volts, 
Aut? 3e7= Au, '; 8° & 1.5 volts, 


suggest. In fact, these electrode potentials cannot be measured directly, since 
both the aurous ion Au* and the auric ion Aut? are oxidizing agents powerful 
enough to oxidize water. 

Aurous ion is also unstable with respect to disproportionation. Use of the 
estimated potentials gives 


3Au*t = Au*?-L2Au, A8? & 0.2 volt, 


[Au**] 
[Aut]? 


= K=10"°. 


Thus for two reasons Aut does not exist as a simple cation in aqueous solution. 
In both its oxidation states, gold forms stable complex compounds and ions. 
For example, gold can be oxidized readily in the presence of cyanide ion 


Au--2CN- = Au(CN); + e7, . 8° = 0.60 volt. 


Combination of this half-reaction potential with that for reduction of Aut to 
the metal gives a standard potential and an equilibrium constant for 


Au(CN); = Aut+2CN-, K 25x 1075% 


Gold also can be dissolved by nitric acid in the presence of chloride ion 
according to the reaction 


Au +3N0; + 4Cl- + 6H* = AuCl; + 3NO; + 3H50. 


It is the formation of the stable complex ion AuCI; that causes this reaction to 
proceed spontaneously. 


16.10 ZINC, CADMIUM, AND MERCURY 
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These metals differ noticeably from the elements that precede them in the 
periodic table, and even among themselves display a considerable range of 
properties. As Table 16.11 shows, the metals of group IIB have rather low 
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melting and boiling temperatures. Cadmium and particularly zinc are electro- 
positive metals and in this respect resemble the elements of group IIA. Mercury, 
on the other hand, does not dissolve in hydrogen ion and is about as inert as 
silver and copper. Besides displaying the +2 oxidation state common to the 


group ITB elements, mercury forms the Hg} * ion, and compounds of this species 


have considerable stability.» In contrast, Zn and Cd form the MZ ion only 
under very special conditions. Thus while cadmium and zinc resemble each 
other fairly closely, mercury displays rather different properties. 


Table 16.11 Properties of the group IIB elements 


Zn Cd Hg 

Atomic number 30 48 80 
Configuration 3d!04s? | 4g!05s2 | 5g!06,2 
lonization energy, kcal 217 207 240 
Atomic radius, A 1.25 1.41 1.44 
Melting point, °K 693 594 234 
Boiling point, °K 1181 1040 630 
AH) (atom), kcal 312 26.7 15.3 
lonic radius, M++, A 0.74 0.97 1.10 
AH? (MO), kcal —83.17| —60.86| —21.68 
AH) (MCI2), kcal —9940| —93.00| —534 


6°, M++ + 2e = M, volts | —0.763| —0.402| 40.854 


al Zinc occurs in a number of minerals, of which zinc blende, ZnS, calamine, 
ZnCO;, and zincite, ZnO, are most important. Cadmium is found in these zine: 
ores and is recovered as a byproduct of the zine reduction process. Zinc ores 
are usually roasted. to produce the mixed oxides which are then reduced with 
carbon to give a mixture of zine and cadmium metals. The cadmium and zinc 
are separated by distillation. 

The principal source of mercury is the mineral cinnabar, HgS. To recover 
the metal, HgS is roasted to HgO, and when the oxide is heated to 500°C, it 
decomposes to give free mercury. Most of the world’s supply of mercury comes 
from Spain, and the once copious ores in California and Nevada are all but 
exhausted. Unless substantial new deposits are found, all sources of mercury 
may be used up by the end of the 20th century. 

As we have remarked, zinc and cadmium react with aqueous hydrogen ion, 
but mercury does not. All the metals react with oxygen and other nonmetals 
Such as sulfur, phosphorus, and the halogens either at room temperature or 
Upon moderate heating. The oxides ZnO, CdO, and HgO have very slight 
solubility in water, but all dissolve in solutions of strong acids. Zinc oxide also 
dissolves in strong bases according to the reaction 


ZnO + 20H- + H50 = Zn(OH) 
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and is therefore amphoteric. As might be expected from the larger size of the 
cadmium ion, CdO is not amphoteric, but is a basic oxide. Mercuric oxide is 
also basic, but very weakly so. : 

The halides of the group IIB metals show interesting trends in their prop- 
erties. The halides of zinc have only moderately high melting temperatures, 
but when these compounds are fused, they conduct electricity. Consequently 
they are generally classified as ionic compounds. The structures of zinc chloride, 
bromide, and iodide can be pictured as close-packed lattices of halide ions with 
zine ions occupying the tetrahedral holes. The cadmium halides are similar to 
the zinc halides, but have slightly different structures. The structures of the 
chloride, bromide, and iodide again can be thought of as a close-packed halide 
lattice, but the cadmium ions occupy the octahedral holes, rather than the 
tetrahedral holes. 

While mercuric fluoride has a fluorite lattice that is associated with an ionic 
bonding, the other mercuric halides are covalently bonded. In the mercuric- 
chloride lattice, discrete, linear, symmetrical HgClz molecules can be identified. 
This compound melts at 280°C and when fused does not conduct electricity. 
Moreover, in aqueous solution mercuric chloride remains largely as undissociated 
HgCl, molecules, for the equilibrium constants of the reactions 


HgClo(aq) = HgCl+ + C17, K=3.2x 107’, 
HgCl* = Hg** + CI7, K-—18x107, 
are quite small. 

Although zine and cadmium display only the +2 oxidation state, both the 
+1 and.-++2 states are known for mercury. There is a wealth of evidence that 
the mercurous ion has the formula Hg}*; perhaps the most convincing is the 
direct observation of this structure in the x-ray analysis of mercurous salts, 
and the observation of a spectral feature of aqueous mercurous solution that 
can only be due to Hg} *. The conditions under which mercurous ion is formed 
can be understood with the aid of the following half-reaction potentials: 


Hgf* + 2e- = 2Hg(l), . &?— 0.789 volt, 
2Hgt+ + 2e7 = Hg}, g” = 0.921 volt, 
Hg**--2e- = Hg(l), &° = 0.854 volt. 
Combination of the second and third half-reactions gives 


Hg(l) + Hgt+ = Hei, A8? = 0.066 volt, 
K = 10/(2(4591,0.059 


= 17x 10°. 


Thus mercurous salts have a slight tendency to disproportionate to Hg and 
Hgt*. If a solution of a mercurous salt is treated with a reagent that removes 
Hgt* from solution, the mercurous ion decomposes to form more Hg** and 
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mercury, and is eventually consumed. Thus we have reactions such as 
Hgi*-t HS = Hes L-Hg + 2H+, 
Hg? * + 20H- = HgO + Hg + H30, 


and consequently no mercurous oxide or sulfide exists. Among the mercurous 
salts that do exist are the halides, the nitrate, perchlorate, and sulfate. 


16.11 TRANSITION-METAL COMPLEXES 


Throughout our discussion of inorganic chemistry we have referred to the 
existence of complex ions such as BF;, Ag(NH3)7, Fe(CN)5?, and others, 
These complex ions, and neutral complex compounds as well, have distinctive 
properties that may be quite unlike those associated with their constituent 
molecules and ions. Because of their electronic structure, the transition metals 
form a large number of complex compounds, and a major part of current 
research in chemistry is devoted to the study of transition-metal complexes. 

In general, a complex ion or compound consists of a central atom closely 
surrounded by a number of other atoms or molecules that have the property 
of donating electrons to the central atom. The central atom in a complex is 
sometimes called the nuclear atom, and the surrounding species are called co- 
ordinating groups or ligands. The nearest neighbor atoms to the nuclear atom 
constitute the first or inner coordination sphere, and the number of atoms in 
this first coordination sphere is the coordination number of the nuclear atom. 
A complex compound is distinguished from any other type of chemical com- 
pound by the fact that both the central nuclear atom and the ligands are 
capable of independent existence as stable chemical species. 

As suggested above, the ligands in a complex compound, in general, donate 
electrons to the nuclear atom, which is usually an electron-deficient species. 
The word “donate” must not be overinterpreted, however, for in many instances 
it is not clear whether the ligand-nuclear atom interaction truly involves the 
sharing of electrons or is better described as Coulomb attraction between 
oppositely charged ions. In either case we can expect that the most stable 
complexes will be formed by small highly charged positive ions interacting with 
electron-donating atoms. This crude analysis accounts in some measure for the 
frequency with which transition-metal ions in particular form complexes with 
such species as NH3, H20, Cl-, and CN~. There are many subtle features 
associated with the stability of complex ions, however, and we shall investigate 
some of them after discussing the geometric properties of complexes. 


Stereochemistry 
Complexes with coordination numbers from two to nine are known, but most 


exhibit two-, four-, or sixfold coordination and have structures with the geom- 
etry illustrated in Fig. 16.2. Twofold coordination occurs in the complexes of 
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Cu(D, Ag(D, Au(I) and some complexes of Hg(II); common examples are 
Cu(CN)z, Ag(NHa)i, Au(CN);, and Hg(NH3)3*. Fourfold coordination 
with tetrahedral geometry is common among complexes of the nontransition 
elements, but oceurs with less frequency in transition-metal complexes. The 
_ ions ZnCl7, Zn(CN)z, Cd(CN)z, and Hg(CN); all have the tetrahedral con- 
figuration, but this geometry is otherwise fairly rare in the transition series. 


(a) (b) 


Common shapes for complex ions: (a) linear, (b) square planar, (c) tetrahedral, (d) octa- 
hedral. (After K. B. Harvey and G. B. Porter, Physical Inorganic Chemistry. Reading, Mass.: 
Addison-Wesley, 1963.) 


Fourfold coordination with square planar geometry occurs in complexes of 
Pd(ID, Pt(ID, Ni(II), Cu(ID), and Au(III). For most other ions this arrange- 
ment of ligands virtually never occurs. Sixfold coordination is the most common 
and occurs only in one geometric form, the octahedron. 

A ligand that is capable of occupying one position in the inner coordination 
sphere and forming one coordinate bond to the nuclear atom is called a unidentate 
ligand, Examples are F7, Cl", OH7, H20, NHs, and CN~. When a ligand 
has two groups that are capable of bonding to the central atom, it is said to be 
bidentate. Common bidentate ligands are ethylene diamine, NH;CH5CH3NHs; 
where both nitrogen atoms can act as coordinating groups, and the oxalate ion, 
which has the structure 

|'0 (0) 
N aA 
PON 
~9 o- 
Because the two bonds from a bidentate ligand appear to enclose the metal 
atom in a pincerlike structure, the resulting compound is known as a chelate 


(Greek, chele-claw). Other ligands which have up to six coordinating groups 
are known, and the most common example is versene, or ethylene diamine 
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tetra-acetic acid. The way in which versene occupies all six positions in the 
inner coordination sphere is shown in Fig. 16.3. 

Several types of isomerism occur among complex ions. Structural isomerism 
is illustrated by the following example. There are three distinct compounds 
with the same formula: Cr(H20)¢Cls. One of these, violet in color, reacts 
immediately with AgNO; to precipitate all chlorine as AgCl. A second, light 
green in color, also reacts with AgNOs, but only two-thirds of the chlorine is 
precipitated as AgCI. The third compound, dark green, releases only one-third 
of its chlorine to be precipitated as AgCl. On this basis the formulas might be 
written 

[Cr(H20)6]Cls (violet); 
[CrCKH;O)s]Clo: H20 — (light green), 
[CrCl(H,O0)4]Cl: 2H,0 (dark green), 


Where the species within the brackets are regarded as ligands bonded to the 
central chromium atom with some permanency. This assignment is substan- 
tiated by the fact that exposure of these compounds to drying agents results in 
the loss of zero, one, and two moles of water, respectively. Thus these structural 
isomers differ in the composition of their first coordination sphere and have 
noticeably different properties. Other similar examples are known, for instance 


[Co(NH3),Cl]NOs and [Co(NH3)4 (CD (NO3)]CI. 
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FIG. 16.4 


FIG, 16.5 


FIG. 16.6 
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NH; 


NH; 
(a) (b) 


(a) (b) 


Geometrical isomers of octahedral Ma,bs complexes: (a) cis isomer, (b) trans isomer. 


NH; 


NH; 


The geometrical isomers of dichlorotetraaminecobalt(III) ion. 


Schematic drawing of the geometry of the optical isomers of an octahedral complex with 


bidentate ligands. 
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Besides the structural isomers, there are geometrical isomers which have 
coordination spheres of the same composition but different geometric arrange- 
ment. As a simple example of geometrical isomerism, consider the occurrence 
of cis and trans isomers of dichlorodiammineplatinum (II), shown in Fig. 16.4. 
Cis and trans isomers of square planar complexes of the type Mab, can occur 
because although the ligands may be equidistant from the central,atom M, 
they are not all equidistant from each other. Consequently it is possible to 
distinguish between ligands that lie next to each other on an edge of the square, 
and those that lie opposite each other on the square diagonal. In tetrahedral 
complexes, all four ligands are equidistant from each other, and cis-trans 
isomerism is not possible. k 

Geometrical isomerism is possible for ‘octahedral complexes of the type 
Ma4bs, as Fig. 16.5 shows. Any two corners of an octahedron are cis to each 
other if they are linked by a single edge of the octahedron, while the trans posi- 
tions lie on opposite sides of the metal atom. For example, two geometrical 
isomers of the complex ion [Co(NH3)4Cla]* exist: a cis isomer (violet) and a 
trans isomer (green), and they have the structures shown in Fig. 16.6. 

Another important stereochemical feature of transition-metal complexes is 
optical isomerism. A molecule that lacks a plane or point of symmetry can exist 
in two nonequivalent forms that are mirror images of each other. These two 
forms are related as the right hand is to the left and cannot be superimposed on 
each other. Figure 16.7 illustrates the geometry of the optical isomers of a 
complex ion in which the ligands are bidentate. These optical isomers are 
identical in all respects except that one isomer rotates the plane of polarized 
light to the left, while the other rotates the plane of polarization to the right. 
Optical isomerism also occurs in organic molecules, and is discussed further in 
Section 17.8. 


Nomenclature 


Many complex ions, for example the ferrocyanide ion, Fe(CN)s *, have aequired 
common names that are fairly descriptive of their composition. As more com- 
plicated complex ions have been synthesized, it has been necessary to adopt a 
systematic naming procedure. The following rules are sufficient to name many 
of the common complexes. 


1. Ligands are assigned names as in 
end in o, while for neutral ligands ; 
tions to the latter rule are water, ammonia, 
oxide, which are named as indicated in Table 16.12. 

2. In naming a complex, the ligands are given first, with the Greek prefixes 
di, tri, teira, etc., to indicate the number of identical ligands at 

3. The name of the central atom is given next, followed by its oxidation state 
designated by a Roman numeral enclosed in parentheses. 


Table 16.12. The names of anionic ligands 
the name of the molecule is used. Excep- 
carbon monoxide, and nitric 
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EE ' Table 16.12 Names of coordinating groups 
* LEA » 


*. siLigand .. Name Ligand |, Name 


H20 aquo OHT hydroxo 
NH3 ammine C,0r oxalato 
os oxo sor sulfato 
c7 chloro co carbonyl 
CN^ cyano NO nitrosyl 


4. If the complex is a cation or neutral molecule, the name of the central atom 
is left unchanged. If the compound is a negative complex ion, the name of 
the central atom is made to end in ate. As examples we have 


[Ag(NH3)s]*, diamminesilver (I) ion, 
[Zn(NH3)4] ^, tetraamminezinc (II) ion, 
[Co(NH 3)8(NO3)3], triamminetrinitrocobalt (IIT), 
[PtClg]^, hexachloroplatinate (IV) ion, 
[Fe(CN)g]"*, hexacyanoferrate (II) ion, 
[Fe(CN)g] 5, hexacyanoferrate (III) ion. 


For complexes that have common names, it is convenient to avoid using the 
sometimes eumbersome systematie names. For the more complicated and 
obscure complexes, however, use of the systematic name is necessary. 


BONDING IN TRANSITION-METAL COMPLEXES 


Like all other compounds, transition-metal complexes owe their stability to the 
lowering of energy that occurs when electrons move in the field of more than 
one nucleus. Therefore, the theories of bonding in the transition-metal com- 
plexes do not differ fundamentally from the theories used to discuss other 
chemical bonds. However, the bonding in transition-metal complexes does 
involve some new features that were not emphasized in our discussions of other 
systems. First, the d-orbitals of the transition-metal atom are involved in the 
bonding to the ligands. Second, it is important to take explicit account of the 
behavior of the nonbonding electrons. Third, it is interesting to examine not 
only the lowest electronic states, but also their excited electronic states, for it 
is the existence of these states that is responsible for the light absorption and 
color of the ions. Finally, the magnetic properties of transition-metal complexes 
are very important, and should be satisfactorily explained by the bonding 
theories. There are three important approaches to the problem of bonding in 
transition-metal complexes, and we shall now discuss each briefly. 
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In the crystal-field theory, the bonding between the central metal ion and its 
ligands is assumed to be purely electrostatic, due either to the attraction 
between oppositely charged ions or between the central positive ion and the 
negative end of dipolar molecules. This is an extreme picture that is probably 
never rigorously accurate, but it does have the virtue of simplicity. Because 
crystal-field theory assumes electrostatic bonding in complexes, it does not 
pretend to explain the nature of the metal-ligand bonds. The theory does, 
however, attempt to explain the effects of the ligands on the energies of the 
d-electrons of the metal ion and in this way helps us to understand the magnetic 
properties of complexes and their absorption spectra. 


al Six ligands of an octahedral complex defining a 
cartesian coordinate system. 


The conclusions of erystal-field arguments depend on the spatial arrangement 
of the ligands about the central transition-metal ion. Because sixfold coordina- 
tion with regular octahedral geometry occurs so frequently in complex ions, let 
us begin our discussion to this case. Imagine a transition-metal ion in free space. 
In this condition, the energies of its five valence d-orbitals are the same, Or as 
is often stated, the orbitals are degenerate. Now imagine six ligands placed 
symmetrically around the central ion so as to define a cartesian coordinate 
system, as shown in Fig. 16.8. As the ligands are brought close to the central 
ion, there is a general lowering of the energy of the entire system due to the 
electrostatic attraction between the metal ion and the ligands. Now the five 
d-orbitals of the metal ion are not spatially equivalent, as Fig. 16.9 shows. 
Two of them, dz2_y2 and dz, have their greatest electron density in directions 
that lie along the cartesian coordinate axes. The other three d-orbitals, Gey; 
dan, and dya, have their greatest density in regions between the coordinate axes. 
The former pair of orbitals is often designated as dy- or e,-orbitals, while the 
latter three are called the de or to,-orbitals. As the negative ligands are brought 


ay i in the e,orbitals feel a stronger electrostatic 
“lion fon the gid d RN ,-orbitals, because the 


Tepulsion from the ligand than do electrons in the tz 
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The 3d-orbitals. (Adapted from K. B. Harvey and G. B. Porter, Physical Inorganic Chemistry. 
Reading, Mass.: Addison-Wesley, 1963.) 


e,-orbitals are more concentrated along the coordinate axes where the negative 
ligands are situated. Thus the presence of the ligands "splits" the d-orbitals 
into a higher energy pair of e;-orbitals and a lower energy triplet of t2,-orbitals, 
as Fig. 16.10 shows. 

The magnitude of the crystal-field splitting of the d-orbital energies is usually 
designated by Ao. The magnitude of this quantity depends, according to crystal- 
field theory, only on the metal ion-ligand distance, the mean electron-nuclear 
separation for a d-electron, and the charge or dipole moment of the ligand. 
The smaller the metal-ligand distance, the larger the average d-electron-nucleus 
separation, and the larger the charge or dipole moment of the ligand, the larger 
is the splitting Ao. In general, the predicted values of Ao based on crystal-field 
theory calculations are not highly accurate and give only fair estimates of 
splitting of the d-orbital energies. 

Experimental values of Ao can be derived from the absorption spectra of com- 
plex ions. In the simplest cases, the absorption of light by a complex ion is 
accompanied by the excitation of an electron in one of the lower tz,-orbitals to 
an ¢,-orbital. The energy that corresponds to the frequency of the light most 
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Complex 
The splitting of the d-orbital energies by the octahedral ligand field. 


hy = Ao Energy 


Schematic representation of the absorption of light by [Ti(H20).]+3, showing the excita- 
tion of an electron from a tzg- to an e,-orbital. 


strongly absorbed is equal to A: For example, the hexaaquotitanium (III) ion, 
[Ti(H20)¢]**, has an absorption band in the visible region, and the absorption 
is strongest at wavelengths of approximately 5000 A. This absorption gives the 
ion its purple color and corresponds to the excitation of the single d-electron in 
Ti*? from a t55- to an e,-orbital, as shown in Fig. 16.11. 


Table 16.13 Crystal-field splittings, Ao (kcal/mole) 


Ligand 

Metal ion 
H20 NH3 CN- 

Ti (II) 3d! 58 
v (Il) 3d? 51 
Cr (IIl) 3d3 50 62 75 
Mn (IH) 3d* 60 
Fe (Ill) 3d5 39 
Mn (il) 3d5 22 
Co (IIl) 306 53 65 <97 
Fe (Il) 3d$ 30 | 94 
Co (Il) 347 28 29 
Ni (I) 3d8 24 31 
Cu (II) 3d? 36 43 

for the various transition-metal 


. Table 16.13 gives a few of the values of Ao : 
lons and ligands. While the value of Ao is approximately constant for ions ofa 
given charge with the same ligand, changing the ligand does change Ao, and:thus 
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alters the absorption spectrum associated with the metal ion. It is this change 
in the erystal-field splitting of the d-orbital energies that is responsible for the | 
color change that occurs when one ligand is replaced with another. From 
measurements of the absorption spectra, it is possible to arrange the common ~ 
ligands in the order of the value of Ao they induce in any metal ion. This spectro- 
chemical series is as follows: 


Br- < Cl- < F- < OH- < O07 < H;0 < NH; < NO; < CNI, 


where Ao increases from left to right. The order of a closely related set of ions — 
like the halides can be understood, for the smaller the ion, the smaller is the 
ligand-central ion separation, and the larger is the splitting, according to the 
crystal-field theory. It is important to note, however, that the crystal-field 
theory cannot explain the order of the entire spectrochemical series, and con- 
sequently the electrostatic picture of the bonding in transition-metal complexes 
must be an oversimplification. 

The magnetic properties of the transition-metal complex ions can be under- — 
stood with the aid of erystal-field theory. Compounds composed of molecules 
or ions that have unpaired electron spins tend to be drawn into a magnetic 
field. If, when the magnetic field is removed, the material retains a permanent 
magnetization, it is said to be ferromagnetic. If, however, the sample loses its 
magnetism when the field is removed, it is said to be paramagnetic. Materials 
that have no unpaired electrons tend to move out of magnetic fields and are 
designated as diamagnetic. Complex compounds of the transition-metal ions 
very often have unpaired electron spins and are therefore paramagnetic. For 
example, because the three ¢o,-orbitals have the same energy in an octahedral © 
complex, any central atom or ion that has three valence d-electrons will have 
one electron in each t2,-orbital, and these electrons will have the same spin, 
just as the three p-electrons in the nitrogen atom have the same spin. The ~ 
magnetic properties of such a complex, [Cr(H0)¢]*?, for example, do in fact — 
indicate the presence of three unpaired electron spins. 


E " | 
Orbital occupancy scheme for a d* complex , Energy - 


ion in which the crystal field splitting Ao is 


is amm 


If the central atom has four d-electrons, the electron configuration to be 
expected is not so obvious. After the three ts,-orbitals are half-filled, the fourth 
electron may be accommodated in one of the higher-energy ¢,-orbitals, or it 


THE TRANSITION METALS | 16.12 


may enter one of the ¢2,-orbitals at the cost of some energy associated with the 
coulomb repulsion of two electrons in the same orbital. Which of these two 
alternatives occurs depends on which is energetically the most favorable. If 
the crystal-field splitting Ap is small, then the fourth electron will be accom- 
modated in an ej-orbital, as shown in Fig. 16.12. If the splitting of the orbitals 
is large, however, it is energetically more favorable for the fourth electron to 
enter an already half-filled t2,-orbital than to go into a high-energy e¢,-orbital. 


g i 


i Orbital occupancy scheme for a d* complex 


Energy 
a ion in which the crystal field splitting Ay is 
Bae 


"large. 
This situation is represented in Fig. 16.13. Thus if the splitting is small, there 
will be four unpaired electrons and if the orbital splitting is large, there will 
be only two electrons with unpaired spins. The former “high-spin” case has a 
larger paramagnetism associated with it than does the latter “low-spin” situation. 


‘He Em NH 
Hit HEE Bee 
d$ d 
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Orbital occupancy for the high- and low-spin states of the d°-, d^-, d'-configurations. 


Our discussion can be extended to central ions with d, d, and d? valence- 
ws the orbital occupancy for the high- 


electron configurations. Figure 16.14 sho - 4 
and low-spin states of these ions in octahedral crystal fields. The high-spin 
complexes which 


states are expected in complexes in which Ao is small; that is, 
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FIG. 16.15 


“have ligands that lie in the first part of the spectrochemical series. Low-spin 


complexes are those whose ligands fall in the latter part of the spectrochemical 
series. 

Some examples that illustrate the foregoing discussion are the following. 
The ion Fet? has a d*-configuration, and as the aquo-complex, exists in the 
high-spin state (t2,)%(e,)?. The erystal-field splitting induced by the cyanide 
ion is much larger than that produced by the water molecule, and it is not too 
surprising that in the ferricyanide ion, [Fe(CN)e] ?, iron is in the low-spin 
state (fo)°. Similarly, in [CoF]~*, cobalt (d°) is in the high-spin state 
(t2g)*(e)”, while in [Co(NH3)¢]**, the low-spin configuration (ls,)° is found. 
Tons like Ti*#(d'), V**(2?), and Cr*?(d?), have unique d-electron configura- 
tions that are unaffected by the crystal-field splitting, and thus these ions are 
always found in a high-spin state. 


The Structure of a tetrahedral complex and its relation to a cube centered at the nuclear 
atom. 


Recognition of the fact that the hexa-aquo complexes of Mn++ and Fe** exist 
in the high-spin (t2)? (e)?-configuration leads to an explanation of why these 
ions are only very weakly colored. Manganous ion is a very pale pink, and ferrie 
ion is a very pale violet in solutions acidic enough to prevent, its hydrolysis and 
polymerization. In these ions, excitation of a 13;-electron to an e,-orbital requires 
a change in electron spin (see Fig. 16.14) during the process, and this is a highly 
improbable event. Thus these ions absorb only a very small fraction of the light 
incident on them and appear to be virtually colorless. 
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Tetrahedral geometry occurs in a few transition metal complexes such as 
CoCly, MnBr7, and FeCl7, so it is of interest to examine the d-orbital energy 
level pattern for this structure. To begin, consider Fig. 16.15, which shows that 
placing ligands at alternate corners of a cube centered on the nuclear atom 
produces a complex with tetrahedral geometry. If the coordinate axes are taken 
to be perpendicular to the faces of the cube, then it is easy to see that the d- 
orbitals divide into two groups. The dz2- and d,2_,2-orbitals point directly at the 
faces of the cube and bisect the tetrahedral angle between the ligands. The 
dzy-) dzz-, and dy--orbitals have lobes that point directly at the edges of the cube, 
and thus are close to the ligands. Consequently, an electron in one of these latter 
three orbitals feels more repulsion from the electron clouds of the ligands than 
does an electron in the dz- or dz; —,;-orbital. As a result, splitting of the d- 
orbitals in a tetrahedral complex is as indicated in Fig. 16.16, with the magnitude 
of the splitting A, generally less than the splitting in octahedral complexes with 
the same ligands. Because the splitting parameter A, is small, there are no known 
low-spin tetrahedral complexes. The energy to be gained by moving an electron 
from the dzy, dzz-, or dy,-orbitals to either of the dz,—y and d,,-orbitals is 
evidently always small compared to the energy lost through electron-electron 
repulsion. 


Isolated atom e 


E. 
Am mmu p, DN 
BH 


Complex 


The splitting of the d-orbital energies by a tetrahedral ligand field. 


To find the orbital energy-splitting pattern characteristic of square-planar 
complexes it is easiest to begin by imagining an octahedral complex with the two 
¢,-orbitals lying above the three tz,-orbitals. Then consider the effect of gradually 
Withdrawing the two ligands which are along the z-axis while diminishing the 
metalligand distance along the z- and y-axes. The result of this so-called 
tetragonal distortion of the octahedron is shown in Fig. 16.17. Withdrawing 
the two ligands along the z-axis diminishes ligand-electron repulsion and thus 
lowers the energy of an electron in the dz-orbital. Correspondingly, shortening 
of the metal-ligand electron-ligand repulsion, raises the energy of the dz: 
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FIG. 16.17 


orbital, as is indicated in Fig. 16.17. The energy of the dz,-orbital is also raised, 
since this orbital has its greatest density in the zy-plane and experiences greater 
repulsion from the ligands in the zy-plane as they are brought closer to the metal 
atom. In contrast, the dzz and d,,-orbitals decrease in energy, since they point 
out of the zy-plane. The square-planar complex is the limiting case of a tetragon- 
ally distorted octahedral complex, with the two ligands along the z-axis com- 
pletely removed. 


diy 


Octahedral Tetragonal Square-planar 


Correlation between the energies of d-orbitals in octahedral, tetragonal, and square-planar . 


complexes. 


As Fig. 16.17 shows, a square-planar complex has two d-orbitals of low energy, 
two more of intermediate energy, and one (dz2_y2) gf quite high energy. Con- 
sequently, square-planar complexes are most likely to be formed with d5- and 
d?-ions, since in these situations the high-energy dz2_y-orbital is either empty or 
only half-filled, and the other four d-orbitals lie fairly low in energy. Complexes 
of the d&-ions Pt(II), Pd(ID, Au(III), Rh(I), and Ir(I) are usually square- 
planar, as are most complexes of Ni(ID. Complexes of the d?-ion Cu** are 
either octahedral with substantial tetragonal distortion, or square-planar. 


Valence-Bond Theory 


730 


In this approach, each ligand is assumed to donate a pair of electrons to the 
metal ion to form a coordinate covalent metal-ligand bond.. The criterion for 
bond formation in an octahedral complex is that the metal ion have available 
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six vacant equivalent valence orbitals, so that the valence bonds can be “made” 
from the overlap of orbitals on the metal with those on the ligands. Six equiva- 
lent orbitals on the metal ion can be formed as a d?sp?-hybrid set. Specifically, 
the orbitals that would be used.for an ion of the first transition series are 
the two 3e,-, the 4s-, and the three 4p-orbitals. The three 3¢s,-orbitals on 
the metal ion do not participate in the bonding. Thus formation of the complex 
[Cr(NH3)g]*? from Cr*? and the ligands would be represented by 


d dedi up d2sp3 
o TTT E SPE con M ae 


where the configuration on the left is that of the free metal ion, and on the right 
the twelve electrons shared. with the ligands are indicated. 

Application of the valence-bond theory to complexes of Co(III) and Ni(II) 
reveals some significant points. The configuration of the free Cot? ion is 


4s 4p 


To form the vacant d?sp? hybrid orbitals, two of the d-electrons must be 
relocated, and this is accomplished by placing them in two other half-filled 


d-orbitals to give the configuration 


4s 4p 


From this configuration, d?sp? hybrid orbitals that accept twelve electrons 
from the ligands can be formed. The resulting complex has no unpaired electrons, 
and therefore should not be paramagnetic. Indeed, ions like [Co(NHa)s]*? and 
[Co(CN)5]7? have no unpaired electrons, as the theory suggests. 

The ion [CoF]-? is paramagnetic, however, despite being isoelectronic with 
the other complexes of Co(III). The rationalization of this observation is that 


the metal-ligand bonding in [CoFe]-? is not covalent, but ionic, and conse- . 


quently the cobalt ion in the complex retains the configuration it has in the 
free state with four electron spins unpaired. Thus just as erystal-field theory 
rationalizes the high- and low-spin complexes of Co(III) in terms of the mag- 
nitude of the splitting parameter'A associated with the various ligands, valence- 
bond theory rationalizes the same phenomena by suggesting that some ligands 
are ionieally bonded to the metal while others are bonded covalently. 

The sharp distinction between ionie and covalent complexes that results 
from valence-bond theory is not particularly satisfactory. For example, with 
one exception, all the octahedral complexes of Ni(II) are paramagnetic, and 


46.12 | BONDING IN TRANSITION-METAL COMPLEXES 


731 


since free Ni** has the configuration f 
-3d 4s 4p 


this must mean that all octahedral complexes of Ni(II) are ionically bonded if 
the valence-bond theory is accepted. Various experiments make this conclu- 
sion seem very unlikely and force the conclusion that the simple valence-bond 
theory of metal-ligand bonding is not entirely satisfactory. 


Ligand-Field Theory 


FIG. 16.18 


In this approach, it is imagined that molecular orbitals are formed by the over- 
lap of orbitals from the ligands with the atomic orbitals of the central atom. 
These molecular orbitals may be of a bonding, antibonding, or nonbonding 
character. Depending on the nature of the metal and the ligand, the bonding 
orbitals may be of a covalent type, where the electrons are shared approximately 
equally between the metal and ligands, or they may concentrate most electron 
density on the ligands, and thereby represent ionic bonding. The nonbonding 
orbitals in octahedral complexes are simply the dzy, dzz, and dy,-orbitals of 
the central atom. The antibonding orbitals are similar to the bonding orbitals 
except that they lie higher in energy and have nodes or regions of low electron 
density between the central atom and the ligands. 


Antibonding 
orbitals 


[Energy 


yh pry 
Nonbonding 
orbitals 

duy dr dyz 
o-bonding 
orbitals 


Qualitative molecular-orbital energy- 
level diagram for octahedral com- 
plexes. 
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The energy-level pattern for the molecular orbitals of an octahedral complex 
is given in Fig. 16.18. The six orbitals of lowest energy are o-bonding orbitals, 
and are filled by six-electron pairs from the ligands. The nonbonding to, atomic 
orbitals and the first two antibonding orbitals are filled according to the number 
of electrons available, the energy difference between the orbitals, and the mag- 
nitude of the repulsion between two electrons in the same orbital. In effect, 
the V4 and V,» antibonding orbitals in ligand-field theory take the place of 
the d, and d,2_,2 atomic orbitals used in erystal-feld theory.  Ligand-field 


theory differs from the valence-bond approach by recognizing the existence of 


the antibonding as well as the bonding and nonbonding orbitals. The orbital 
occupancy diagram in Fig. 16.19 shows how, by using the ligand-field energy- 
level scheme, we can explain the high-spin complexes of Ni(II) without haying 
to invoke ionic bonding between the metal ion and the ligand. It is this ability 
to account for magnetic properties without forcing postulates of unreasonable 
forms for metal-ligand bonding that is one of the most satisfactory features of 
ligand-field theory. 


Antibonding 
orbitals- 
“™ EE 
yh piy 
Nonbonding The orbital occupancy diagram for a 
orbitals high-spin d®-complex. 
dz duz yz 
c-bonding 
orbitals 


"um 


There are a number of consequences of the splitting of the energies of the d- 
Orbitals of transition metal ions by the electric field of surrounding ligands. 
Consider first the apparent ionie radii as derived from the interionic distances 
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in the metal (II) oxides MO. These compounds have the rock-salt structure, 
with each metal ion M++ surrounded by six oxide ions located at the corners 
of a regular octahedron. The variation in the apparent radii of the Mt* ions 
is displayed in Fig. 16.20. If we look first at the ions Cat+(d°), Mn**(d*), and 
Zn (19), all of which have spherical electron distributions, we see that there is 
a general decrease in ionic radius with inereasing nuclear charge. However, 
the ions Ti^ and V++ are much smaller than would be expected by interpolating 
between Ca^* and Mn++. The reason for this is quite straightforward. In 
v+t+ the three d-electrons occupy the t2,-orbitals which are principally directed 
between the coordinate axes where the surrounding oxide ions lie. The e, orbitals, 
which point directly toward the oxide ions, are empty in Titt and V**, and 
therefore the oxide ions can reside closer to the metal ion in these compounds 
than in MnO or ZnO, where the e,orbitals are half- and completely filled, 
respectively. 


0.6 caus oe As s n 


Catt Sett Ti^ V+ Cr+ Mnt+ Fett Cott Nitt Cut Zntt 


Variation of the radius of the doubly charged ions of the first transition series. 


A similar rationalization can be applied to behavior observed for the ions 
between Mn++ and Zn**. In Fe**, Co**, and Ni**, the e,-orbitals are no 
more than half-filled, and the radii of these ions are less than the values inter- 
polated from the radii of Zn** and Mn**, Thus the behavior of the d-electrons 
in the ligand field provides a very satisfactory explanation for the observed 
variation in ionic radii. 

‘ In Fig. 16.21 the variation of the enthalpy of hydration of the doubly charged 
ions of the first transition series is displayed. Considering only the spherical 
ions Cat+, Mn++, and Zn**, we see the expected trend of increasing hydration 
enthalpy with diminishing size and increasing nuclear charge. However, the 
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ions Tit+, V**, and Cr** are more stable in aqueous solution than would be 
expected from interpolation between Ca++ and Mn**. This extra stability 
is a result of the fact that in Ti * * and V^, the d-electrons occupy f2,-orbitals 
which are directed between, rather than at, the six nearest water molecules. In 
Cr**, there is only one electron in a relatively unstable e,-orbital. However, in 
Mn++, both the e,-orbitals are occupied, the electron distribution is spherical, 
and there is no extra ligand field stabilization energy derived from having the d- 
electrons avoid the ligand regions. 


AR sya, (kCal) 


Catt Sett Ti^ V* Cr Mn++ Fett Cott Nit Cu** Znt* 


Variation of the hydration energies of the doubly charged transition metal ions. 


A similar argument applies to the variation in the hydration epthalpy observed 
between Mn** and Zn**. In Fett, Cott, and Ni**, the e,-orbitals are never 
more than half-filled, and there is a ligand field stabilization derived from having 
most of the electrons in ta-orbitals. This effect is diminished in: Cu** which has 
a d? configuration, and is lost totally in Zn**, where all d-orbitals are occupied. 
Ligand field stabilization effects resulting from favorable occupation of d- 
orbitals are observed in many other complexes of the transition metal ions. 


FIG. 16.21 


Transition Metal Carbonyls 


The carbonyls are compounds of the transition: metal elements with carbon 
monoxide. They are rather remarkable substances in which the metal atom 
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has a formal oxidation number of zero. It has already been mentioned that nickel 
carbonyl is formed readily by the direct reaction of carbon monoxide with metallic 
nickel at room temperature: 


Ni(s) + 4CO(g) = Ni(CO).(g). 


Tron carbonyl also can be made this way, but a temperature of 200°C and 
100 atm of CO are required: 


Fe(s) + 5CO(g) = Fe(CO)s(g). 
In some cases, one carbonyl can be used to make another, as in 


WCl, + 3Fe(CO) 5 = W(CO) + 3FeCl; + 9CO, 


' but more frequently, a metal halide and a reducing agent are used: 


2VCl3 + 2Mg—Zn + 12CO = 2V(CO)s + ZMgCls + ZnCls. 


The carbonyls which contain one metal atom with several carbon monoxide 
molecules are usually very volatile liquids at room temperature. 

The structures of some metal carbonyls are shown in Fig. 16.22. The simplest 
description of the bonding and structure of the carbonyls of the first row of 
transition elements is that the metal atom receives a pair of electrons from each 
carbon monoxide molecule so that it attains completely filled 3d-, 4s-, and 4p- 
orbitals. Thus in Ni(CO), there are 10 electrons from Ni and 8 from CO to give 
18 valence electrons, which corresponds to the complete valence shell in Kr. 
Similarly, Fe(CO)5 and Cr(CO)s have 18 valence electrons. In Mn3(CO)15, 
each Mn is bonded to 5 CO molecules located at the corners of an octahedron, 
and the 2 Mn(CO); units are joined by an electron pair bond between Mn 
atoms. Thus around each Mn there are 10 electrons from the CO molecules; 
7 from the metal atom itself, and 1 from the other Mn atom, for a total of 18. 
In Co2(CO)g there is a Co—Co electron pair bond, and in addition, 2 GO 
molecules form a pair of 3-center, 2-electron bonds between cobalt atoms.. Thus 
around each Co there are 6 electrons from CO molecules directly bonded to it, 
9 electrons of its own, 1 from the other Co, plus 1 electron from each of the 2 
bridging CO molecules, or a total of 18. This simple approach does not explain 
the existence of the molecule V(CO) e, which has 17 valence electrons. 

In metal carbonyls, carbon monoxide molecules which are bonded only to 
one metal atom are oriented so that the M—C=0 structure is linear or nearly 
so. This is consistent with a metal-carbon o-bond being formed by donation of a | 
pair of (initially nonbonding) c-electrons by CO to the metal atom. However, | 
the stability of metal carbonyls and their spectral properties suggest that there 
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Structures of some transition metal carbonyls. 


is more to the bonding than just the simple M—C o-bond. The additional bond- 
ing can occur as indicated in Fig. 16.23. One of the /;;-orbitals of the metal atom, 
usually nonbonding, does in fact overlap one of the 7'*-antibonding orbitals of 
CO in such a way that a -bonding orbital can be formed between the carbon 
and metal atoms. If the metal t,-orbitals are occupied, there can be a strength- 
ening of the metal-ligand interaction through this so-called back-bonding. The 
presence of electrons in what is still a C—O antibonding orbital should weaken 


the bonding in the carbon monoxide ligand, and there is clear spectroscopic ` 


evidence that this happens. Other ligands besides CO can engage in 7-bonding 
with metal orbitals. For example, this is probably a major reason why CN ^ 
Complexes of transition metal ions are particularly stable. 
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FIG. 16.23 Formation of c- and z-bonds between a transition metal atom and carbon monoxide. 


SUPE E. Ou y 


Transition Metal-Organic Compounds 


Compounds of the transition metal elements with organic molecules have been 
known since 1830. However, only in the last two decades has it been possible 
to understand the nature of these substances. Many have been found to be 
valuable catalysts or intermediates in useful synthetic processes, and con- 
sequently the interest in organo-metallic compounds has become particularly 
intense. 


FIG, 16,24 The structure of the PtCI;C;H7 anion. 


One of the first organo-metallic substances made was a salt containing the 
anion [PtCl3C;H,4] . Its formation involves replacing one of the chloride 
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ligands in the tetrachloroplatinate anion with ethylene, C2H4: 
PtCle + C2H4 = [PtCl;C;H4]- + Cl. 


The structure of this anion is shown in Fig. 16.24. The ethylene molecule has its 
axis perpendicular to the plane of the PtCl3 group, and it occupies one of the 
ligand positions associated with square-planar coordination of the platinum. 

The bonding in this and other olefin-transition metal complexes is closely 
related to the bonding in transition metal carbonyls. Figure 16.25 illustrates 
the basic mechanism of bond formation. The ethylene molecule has two electrons 
in a 7-bonding orbital which can be donated to the metal atom. The constructive 
overlap between the positive lobe of the ethylene -orbital and the positive lobe 
of a metal dsp? hybrid produces a molecular orbital which is bonding between 
the metal and ligand. In addition, there can be constructive overlap between 
the 7* antibonding orbital of ethylene and one of the d-orbitals such as dz; 
which points out of the coordination plane. Any electrons which occupy this 
orbital in the atom can contribute to the metal-ligand bonding, and stabilize 
the complex. 


Formation of c- and z-bonds between a metal atom and ethylene. 


The most stable transition metal organic compounds involve the cyclopen- 
tadiene anion, C5H5, which has the structure 


G2G2 O- Ge 


where there is a CH group at each apex of the regular pentagon. Thus the 
cyclopentadiene anion has six electrons in a system of delocalized 7-orbitals, 
very much like benzene. These six electrons can be denoted to a transition metal 


lon to form stable metal-ligand bonds. 
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The first compound of this type to be recognized and its structure understood 
was ferrocene, bis- (7-cyclopentadienyl) iron (II). As Fig. 16.26 shows, ferrocene 
consists of a sandwich of iron between two cyclopentadiene rings. The rings 
are staggered with respect to each other, with the apices of one ring directly 
below the sides of the other. However, very little energy is required to rotate 
the rings into an eclipsed position, and in some sandwich compounds this 
arrangement is the more stable. 


Sandwich structure of ferrocene, (C;H ;); Fe. 


It is of interest to note that in ferrocene, the iron atom is surrounded by 18 
valence electrons, which corresponds to the electron configuration of krypton. 
That is, the valence shell of ferrocene contains 6 electrons from Fe**, and 12 
electrons donated by the two cyclopentadiene anions. The ion (CsH;)2Cot 
is isoelectronic with ferrocene, and is a very stable sandwich of Cot? between 
2 cyclopentadiene anions. Dibenzene chromium, (CsH¢)2Cr is a sandwich of 
neutral chromium atom between benzene rings. It also has 18 electrons around 
the central chromium atom, but is much less stable than ferrocene. 

One of the most compelling reasons for the considerable interest of chemists 
in transition metal-organic compounds is the importance of these substances as 
catalysts. For example, a complex of rhodium (I) permits the addition of hydro- 
gen to unsaturated organic molecules by a mechanism which involves metal- 
organic bond formation. This catalytic compound is RhCI(PPh)s, where PPhs 
stands for triphenylphosphine, phosphorous with three phenyl (C;H¢) groups 
bonded to it. The mechanism of the catalysis is as follows. Hydrogen adds 
to the complex, and occupies as separate atoms two of the coordination sites 
around the rhodium: 


RhCl(PPh)3 + H; = RhOI(PPh)s(H)(H) + PPhs. 


A molecule of the olefin to be hydrogenated (for example, ethylene) then adds ' 
to the sixth coordination site: 


RhCl(PPh) 2(H)(H) + CoH, = RhCl(PPh)>(H)(H)(C2H,). 
The hydrogen atoms add to the ethylene molecule, which then separates as 
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ethane, C2H6: : 
RhCKPPb);(H) (H)(C4H4) = RhCI(PPh); + C4Hs. 


The rhodium complex is then ready to add a new hydrogen molecule and begin 
another catalytic cycle. 

Transition metal compounds are also important catalysts for polymerization 
reactions. Solid titanium trichloride is used to produce high quality polyethylene 
and polypropylene. The process is initiated by a reaction which produces an 
ethyl group (C2H;) bonded to a titanium atom at the surface of the catalyst. 
We can represent this surface atom by Ti(C2H;)Lz, where L represents the 
surrounding ligands. If, as the formula indicates, one of the coordination sites 
is vacant, an ethylene molecule can add to it: 


Ti(C;H5)L, + CoH, = Ti(C2H5)L4(C2H,). 


This facilitates addition of the C3H5 group to the CH4, and the result is a 
longer carbon chain (C4Hs) bonded to titanium, and a vacant coordination site: 


Ti(C4H5)L4(C;H4) = Ti(C4Hs)L.. 


The metal atom is then ready to receive another ethylene molecule, and continue 
the carbon chain building process. 
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The transition metals constitute most of the known chemical elements and 
display an enormous range of chemical and physical properties. Some of the 
behavior of these elements can be understood through use of the general con- 
cepts that were applied to the representative metals. That is, along any of the 
transition series, there is a general decrease in electropositive character that is 
associated with the increase in nuclear charge and ionization energy. In their 
lower oxidation states, the transition metals form oxides and halides that are 
best described as ionic compounds. In aqueous solution, the +2 and +3 tran- 
sition-metal ions tend to hydrolyze and produce acidic solutions. As was true 
for the representative metals, the higher oxidation states of the transition 
elements tend to be more acidic than the lower oxidation states. There are, 
however, some properties of transition metals that are not often encountered 
among the representative metals. The transition-metal ions are often colored, 
and we have seen that this phenomenon is a consequence of the splitting of the 
energies of the d-orbitals by the ligands surrounding the ions. The transition- 
metal ions are frequently paramagnetic, and this behavior also is a reflection 
of the energy separation of the d-orbitals. Indeed, there is a variety of chemical 
Phenomena that have qualitative and quantitative explanations in terms of 
crystal-field theory and its refinements, as examination of the suggested reading 
will show. plc 
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16.1 The metals Cu, Ag, and Au of group IB have properties that are very different 
from those of the alkali metals of group IA. Compare the enthalpies of vaporization 
and the ionization energies of elements in each of these two groups and suggest reasons 
why the elements of group IB are much less active reducing agents than the elements 
of group IA. 
16.2 Write balanced equations to complete each of the following. 
Au-++ CN~(aq) + 02 > Cu**(ag) + Cu+ I-(aq) > 
vO} + Zn > Fe**(aq) + 02 > 
Cot*(aq) + NH3(aq) + 0» > MnO; + H* > 
16.3 Suggest a reason why copper is a much poorer reducing agent than its neighbors 
nickel and zinc, 
16.4 Why is the complex ion [CoFg]-? paramagnetic, while [Co(CN)¢]~3 is dia- 
magnetic? 
16.5 Name the following complexes. 
[Zn(NH3)4]** = Co(NH3)sCls 
[FeF6]-3 [Fe(CN)6]-3 
[Ag(CN)2)7 [Cr(H20)6] *3 
16.6 What series of steps could be used to synthesize potassium manganate and 
potassium permanganate from MnO5? 
16.7. Stainless steel is an alloy of iron with approximately 18% chromium and 10% 
nickel. Suggest a reason why this alloy is corrosion resistant. 


16.8 Give some specific examples of the influence of the lanthanide contraction on 
the properties of the transition-metal elements. 
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16.9 Consider a solution that contains 0.10 mole of Fe(NO3)3 per liter. Assume 
that [Fe(H206]*? is a monobasic acid and calculate the hydrogen-ion concentration 
in this solution. Now consider the second acid dissociation of the complex and calcu- 
late the hydrogen-ion concentration in the solution. 3 

16.10 Discuss the reasons why the reduction potential for manganous ion is more 
negative than those of chromous and ferrous ions. 

16.11 In the synthesis of compounds in which metallic elements are in high oxidation 
states, alkaline conditions are usually employed. Explain why. 

16.12 For which of the following reactions is the increase in entropy the largest? 
[Cu(NH;CH3CH2NH5)5]* * 4- 4H20 = [Cu(H20)4]* * + 2NH2CH2CH2NHo 
[Cu(NH3)4] ** + 4H20 = [Cu(H20)4]** + 4NH3 
This question can be answered on the basis of the number of product molecules formed. 
Given that the bond energies are the same in both complexes, which will be the more 

stable with respect to dissociation? 
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CHAPTER 17 


ORGANIC CHEMISTRY 


The element carbon is unique: in combination with about a half-dozen other 
elements, it forms well over a million known compounds and thus it has a 
chemistry which is more extensive than any other element. Since the com- 
pounds of carbon are involved in all life processes, it is not surprising that 
there is enormous interest in the chemistry of this element. One of the most 
intriguing problems in science is that of uncovering the relations. between 
molecular structure and physiological activity. But even apart from the bio- 
logically important compounds and their reactions, the richness and subtlety 
of the chemistry of carbon can account for the intensity with which it is studied. 
In this chapter we can present only a brief introduction to organic chemistry. 
We shall be concerned principally with classes of organic compounds and the 
characteristic reactions of the compounds in each class. Our object is to demon- 
strate the basis for systematizing the subject of organic chemistry and to convey 
something of the nature of the problems that an organic chemist attempts to 
solve. First, to see how such a large number of distinct compounds can arise 
from the combination of so few elements, let us examine the molecular struc- 
tures of the simplest carbon compounds, the alkanes or paraffin hydrocarbons. 


. 17.1 THE ALKANES, OR PARAFFIN HYDROCARBONS 


As their name implies, these are compounds of carbon and hydrogen only, and 
are comparatively inert (paraffin, from the Latin, means “small affinity "). 
The alkane of simplest structure is methane, CH4. As was discussed in Section 


11.5, there are four equivalent carbon-hydrogen bonds in this molecule, and 
the four hydrogen atoms lie at the apices of a regular tetrahedron with the 
carbon atom at the center. ‘The equivalence of the hydrogen atoms is an im- 
portant structural feature of methane, and should be noted carefully, for it is 
common practice to represent methane and other organic molecules by form- 
ulas that disguise this property. Figure 17.1 shows three representations of 
methane. The space-filling model and the ball-and-stick drawing show how the 
atoms are actually located in space and demonstrate the equivalence of the 
four hydrogen atoms. The conventional representation of methane is typo- 
graphically convenient, but can be misleading, The five atoms in methane do 
not all lie in one plane, and the implication that there are two kinds of hydrogen 
atom, those that are opposite and those that are neighbors, is incorrect and 
must be ignored. 


Three representations of the methane molecule: (a) conventional; (b) ball-and-stick 
model; (c) space-filling model. 


It is the ability of one carbon atom to form strong bonds to as many as four 
other carbon atoms that is largely responsible for the enormous number of 
organic molecules. This begins to be evident as we examine the other hydro- 
carbons. Next in order of complexity is ethane, C2He. Three representations 
of its structure are given in Fig. 17.2. Once again the space-filling and ball-and- 
stick pictures show the geometric properties of the molecule, and once again 
the conventional picture must be interpreted with care. In ethane there are 
six geometrically equivalent hydrogen atoms, three bonded to each of the two 
carbon atoms that are themselves linked by an electron-pair bond.» The bond 
angles in ethane are all very close to 109.5°, the tetrahedral angle. Conse- 
quently, the simplest description of the bonding in ethane is that each carbon 
atom forms four sp? hybrid bonds, three to hydrogen atoms and one to the 
other carbon atom. f 

It is sometimes profitable to regard ethane as a derivative of methane, formed 
conceptually by replacing one of the four hydrogens of methane with a CH 
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FIG. 17.2 


(a) (b) (o) 


Three representations of the ethane molecule: (a) conventional; (b) ball-and-stick model; 
(c) space-filling model. 


fragment. We might represent this concept by 
H H 


H H 
| 
nou T nd — not +H. 
i H HH 
A fragment of a molecule, such as CH, is called a radical, and since CH; is a 
fragment of methane, it is known as the methyl radical. We shall find that 
other radicals can be formed from other hydrocarbons; the general term applied 
to any fragment of an alkane is alkyl radical. 
Propane, C3Hg, can be derived conceptually by replacing one of the six 
equivalent hydrogen atoms of ethane by a methy] radical 


H H H HH H 
tb. bn o ao on 
hh X nuk 


The group CH3CH;, derived from ethane by removal of a hydrogen atom, is 
called the ethyl radical. 

The structural representations of propane shown in Fig. 17.3 demonstrate 
that the eight hydrogen atoms are not equivalent, but fall into two groups: 
the six that are bonded to the exterior carbon atoms, and the two that are 
bonded to the interior carbon atom. Consequently, as we continue our con- 
ceptual process of generating paraffin hydrocarbons by replacing a hydrogen 
atom on propane by a CH; group, we find two ways of making the substitution. 
If any one of the six equivalent hydrogen atoms on the exterior carbon atoms 
is replaced by CHs, the result is the molecule called normal butane, or n-butane, 
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1 IR 
HoH Ow 
(a) (b) 


`x 


Two representations of the propane molecule: (a) conventional; (b) ball-and-stick model, 


whose structure is represented by 


HHHH 


| 
ud n or — CH;CH;CH5CHs. 


n-butane 


On the other hand, replacement of either one of the two hydrogen atoms bonded 
to the internal carbon atom of propane gives the molecule known as isobutane. 


CH; 
n- on, 


Hs 
isobutane 


The molecules n-butane and isobutane both have the molecular formula 
C4Hio, yet they are distinct compounds with different physical properties and 
‘slightly different chemical properties. They are examples of positional isomers; 
molecules that differ by the sequence in which their atoms are bonded to each 
other. Hydrocarbons like n-butane, in which no carbon atom is bonded to more 
than two other carbon atoms, are called straight-chain hydrocarbons. isobutane, 
on the other hand, is an example of a branched-chain hydrocarbon, for one of its 
carbon atoms is bonded to three other carbon atoms. 

Table 17.1 contains the names, formulas, and physical constants of the 
Paraffin hydrocarbons containing five or fewer carbon atoms. The number of 
Positional isomers increases rapidly as the number of carbon atoms increases. 
There are five isomers of CeH14, nine of C7H;e, eighteen of CsH1s, and seventy- 


17.1 l THE ALKANES, OR PARAFFIN HYDROCARBONS 


FIG. 17.3 


747 


FIG. 17.4 


748 


Table 17.1 Some saturated hydrocarbons 


Name Formula MP(°C) BP(°C) 
Methane CH4 —183 —162 
Ethane C2H6 —172 — 89 
Propane C3H8 —187 — 42 
n-butane C4H10 —135 0 
Isobutane (CH3)sCH —145 — 10 
n-pentane CsH12 —130 36 
Isopentane CH3CH2CH(CH3)2 —160 28 
Neopentane (CH3)4C — 20 9.5 


five of CioH22. Despite the multiplicity of compounds, all hydrocarbon mole- 
cules have two structural features in common: each carbon atom is bonded to 
four other atoms by four electron-pair bonds, and the angle between any two 
bonds is always close to the ideal tetrahedral angle, 109? 28’. 


The structure of cyclopropane. 


There is another elass of paraffin hydrocarbons that consists of molecules 
in which the carbon chain is formed into a ring. These are the cycloparaffins, 
and the first member of the series, cyclopropane, is pictured in Fig. 17.4. The 
carbon atoms in cyelopropane are at the apices of an equilateral triangle, and 
the hydrogen atoms lie above and below the plane of the three carbon atoms. 
In the four-carbon cycloalkane, cyclobutane, the carbon-carbon bond angles 
are nearly 90°, and the carbon skeleton forms a slightly puckered square. In 
cyclobutane and cyclopropane, then, there is considerable departure from the 
109.5° bond angles found in other saturated hydrocarbons. In cyclopentane 
and other larger cyclic hydrocarbons, the atoms in the ring are arranged so that 
all the bond angles are near 109°. 
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Table 17.2 The simple alkyl radicals 


CH3— CH3CH2— CH3CH2CH2— CH3CHCH3 
Methyl Ethyl n-propyl Isopropyl 
CH3CH2CH2CH2— CH3CHCH2CHs (CH3)2CHCH2— (CH3)3C— 


n-butyl sec-butyl Isobutyl tert-butyl 


Nomenclature 


The large number of organic molecules presents a formidable problem in nomen- 
clature. Many familiar organie molecules have “common” names, based on 
their biological origin, the whim of their discoverer, or some other historical 
accident. To back up the common nomenclature, there are systematic methods 
for naming compounds which use the distinguishing structural features of a 
molecule for identification. Some of the formal rules of nomenclature are rather 
cumbersome, but fortunately we will need only the simplest of them to deal 
with the compounds we shall discuss. 

First, the names of the straight-chain hydrocarbons are assigned as shown 
in Table 17.1. The suffix ane (from alkane) is combined with a prefix which, 
after the C4 hydrocarbons, is derived from the Greek expression for the number 
of carbon atoms in the chain. Branched hydrocarbons are regarded as alkyl 
derivatives of the straight-chain hydrocarbon; that is, as molecules obtained 
by replacing a hydrogen atom of a straight-chain hydrocarbon by an alkyl 
radial. For example, isobutane is a methyl derivative of propane, and its 
systematic name is methyl propane: 


CHs 
csc 


H 


isobutane or 
methylpropane 


To name other hydrocarbons in this way, the names of the alkyl radicals are 
needed; some of these are given in Table 17.2. 

The name of a branched hydrocarbon is assigned as follows. The longest 
Straight hydrocarbon chain in the compound is found and the molecule treated 
as a derivative of this hydrocarbon. As we noted above, isobutane contains a 
chain of three carbon atoms, and is considered to be a methyl-substituted 
propane. The next step is to number the chain starting at the end of the mole- 
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cule which is closest to the branches. Thus we would have 


CH; CH; 
CH,CHCH,CH, CH;CH3 i H2CH2CHs 
172.354 CH; 

1-2 4 5 6 


The positions of the alkyl substituents are given by the number of the carbon 
atom to which they are attached. The names of these alkyl groups are prefixed 
to the name of the parent hydrocarbon. Thus our examples are named 


CH 3 i 3 
CEDRO ČH; CH3CH3C—CH.CH3CH3 
Hs 
2-methylbutane 3, 3-dimethylhexane 


The naming of compounds more complicated than hydrocarbons requires only 
minor extensions of these rules, as we shall see in the next sections. 


17.2 FUNCTIONAL GROUPS 


The multiplicity of hydrocarbon structures suggests that the number of mole- 
cules that can be constructed from the combination of carbon and hydrogen 
with nitrogen, oxygen, sulfur, etc., should be virtually limitless. The prospect 
of having to master the chemistry of a significant fraction of these compounds 
would be exceedingly depressing, were it not for the fact that organic com- 
pounds can be grouped into a few classes, members of which have very similar 
chemistry. The basis for this enormously helpful classification is the functional 
group, a group of atoms that occurs in many molecules and which confers on 
them a characteristic chemical reactivity, regardless of the form of the carbon 
skeleton. There are a number of different functional groups, but only about a 
half dozen that are of frequent occurrence. Thus instead of having to cope 
with the chemistry of a million compounds, we need only study the chemistry 
of a half-dozen functional groups. 


Common Functional Groups 


750 


The functional groups of most frequent appearance and greatest importance 

occur in the following classes of molecules. 

1. Alcohols contain the hydroxyl group, —OH, bonded to a hydrocarbon frame- 
work. The alcohols are named after the alkyl group to which the hydroxyl 
group is attached, or alternatively, the final e in the name of a hydrocarbon 
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is replaced by ol. Typical alcohols are 


H HH HHH 
n_b_on uot on m H 
i kd bok 

h 


methyl alcohol ethyl aleohol isopropyl alcohol 
or methanol or ethanol or isopropanol 


2. Acids contain the carbozyl group, 


(0 
ee 
Son 
which is often represented by —COOH. As examples we have 
fo) H [0] o (0) 
uí moio. ie 
O—H i es uo Nou 
formic acid acetic acid oxalic acid 


The suffix ic is used to indicate the presence of the carboxyl group, or 
alternatively, the final e in the name of a hydrocarbon is replaced by oic. 
Thus formic and acetic acids can be called methanoic and ethanoie acids 
respectively. 


8. Aldehydes and ketones contain the carbonyl group, 2) 


‘oxo, 


WA 


In aldehydes, one of the two undesignated bonds is to a hydrogen atom; in 
ketones, both bonds link the carbonyl group to carbon atoms. Thus we have 


H ay 
EA Se 
oft, CHs 
acetaldehyde acetone 
(a ketone) 
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4. Alkenes incorporate the carbon-carbon double bond, 


Au 
A SN 


and are sometimes called olefins. A few examples are 
cl Tees OPI N 
C=C C=C CH CH: 


oN oe EN, 
H Hu sH H ln bu, 
Mo we 
CH3 
ethylene propylene 
or ethene or propene cyclohexene 


To name an alkene, the ane ending in the name of the corresponding alkane 
is replaced with ene. Sometimes the suffix ene is added to the name of the 
alkyl radical that contains the appropriate number of carbon atoms. Thus 
the two-carbon alkene is ethylene, since the two-carbon alkyl radical is the 
ethyl radical. 


5. Ethers have an oxygen atom bonded to two carbon atoms, C—O—C, and in 
a sense are derivatives of alcohols. Two examples of ethers are 


CH;0CHs; CH;0CH.CHs3. 
dimethyl ether ^ methyl ethyl ether 


6. Esters contain the group 
J O 
7A 
c o 


fas 
0—C 


and are the result of the reaction between an alcohol and an acid. Examples 
derived from acetic acid and methyl alcohol, and from formic acid and ethyl 
alcohol, respectively, are 


VA E a S 
4 
CH;—C nof 
O—CH; O—CH,CH3; 
methyl acetate ethyl formate 


The first part of the name of an ester is the name of the alkyl radical corre- 
sponding to the alcohol from which the ester is formed. The second part of 
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the name uses the suffix ate with a prefix derived from the name of the acid 
constituent of the ester. : 

7. Amines contain the amino group, —NH». These molecules can be thought 
of as derivatives of ammonia: 


CH;NH2 CH;CH2NHz. 
methylamine ethylamine 


There are other amines in which two or three alkyl groups are bonded to 
nitrogen: 
(CHs)2NH (CH3)sN. 
dimethylamine trimethylamine ^ 
The naming of these compounds involves a straightforward combination of 
the names of the alkyl radicals with the suffix amine. 


The great simplifying feature of organic chemistry is that the majority of 
the chemical reactions involve changes.of the functional group only, with no 
change in the carbon framework of the molecule. This observation is sometimes 
called the principle of skeletal integrity, since the carbon skeleton of an organic 
molecule remains unchanged as the funetional groups are altered. 

There are a large number of reagents, organic and inorganic, which react 
with the various functional groups. Once again, however, there is a classifica- 
tion scheme that simplifies the chemistry considerably. Most reactions of the 
functional groups fall into one of the following classes. 

l. Displacement reactions. "These are processes in which one functional group 

is displaced (or replaced) by another. 

2. Addition-elimination reactions. Often a functional group is modified by the 
direct addition of new atoms to it. The reverse process is also possible; a 
functional group is sometimes changed by losing or eliminating atoms. 

- Oxidation-reduction reactions. The name speaks for itself; some functional 
groups can be oxidized, others can be reduced, and still others can undergo 
both types of reactions. 

There are other, less important, types of reactions of functional groups, and 
each of the three we have listed might be broken down into more subtle sub- 
divisions. Nevertheless, we have now a scheme that helps considerably to 
organize the chemistry of organie molecules. Let us now examine the reactions 
of the functional groups and look for specific examples of these types of reaction. 


eo 


17.3 REACTIONS OF ALCOHOLS 


Table 17.3 gives the names, formulas, and physical properties of a few alcohols. 
Methanol, ethanol, and the propanols are colorless nonviscous liquids completely 
miscible with water, but as the carbon chain lengthens, alcohols approach the 
behavior of hydrocarbons ánd the water solubility decreases. The alcohols in 
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Table 17.3 Physical properties of alcohols 


Name Formula MP(°C) BP(°C) 
l! - Methyl alcohol CH30H = 97 65 
Ethyl alcohol $ CH3CH20H —114 78 
n-propyl alcohol CH3CH2CH20H —126 97 
Isopropyl alcohol (CH3)2CHOH — 89 82 
n-butyl alcohol CH3(CH2)30H — 90 118 
Isobutyl alcohol (CH3)2CHCH20H —108 108 
sec-butyl alcohol CH3CHOHCH2CH3 100 
tert-butyl alcohol (CH3)sCOH 25 83 


Table 17.3 are of three different kinds, called primary, secondary, and tertiary, 
according to:the number of alkyl radicals attached to the carbon atom bearing 
the —OH group. Thus-we have 


* RY 
ROH,OH ' RUCHOH’ R—¢_on 
f . | R j " 
sese a rr od e prn 


where. the symbol Ris used to represent any alkyl group. 

Alcohols are named systematically as derivatives of hydrocarbons, with the 
chain numbering chosen to give the atom bearing the functional group the 
lowest number, as illustrated by 


CH3CHCH2CHs, 2-butanol; not 3-butanol, 
seria 

CH;CHCH,CHCHs, 4-methyl-2-pentanol; not 
H3 OH 2-methyl-4-pentanol. 


The boiling points of the alcohols are higher than those of alkanes which have 
approximately, the same molecular weight and number of electrons. This is & 
consequence of hydrogen bonding: the association between a hydrogen atom 
on one hydroxyl group with a pair of electrons on the hydroxyl group of another 
molecule. This hydrogen bonding suggests that alcohols can act as very weak 


acids and bases. In fact, alcohols do accept un from the strongest acids, 
according to the reaction ROH + H* = ROH}, but the equilibrium con- 


stants for such reactions,are very small. The haberi group is also very weakly 
acidic, as evidenced by 


ROH + Na —.RONa--iH, ROH 4 NaOH — RONa + 4H20. 
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Compounds of the type RONa are called alkoxides, and consist of the ions 
RO” and Nat. The hydroxyl group bonded to an alkyl radical has only very 
limited acid-base properties: it acquires protons only from the: strongest acids, 
and releases its proton to none but the strongest bases. 


Displacement Reactions 


The hydroxyl group can be displaced by a number of reagents. Typical of such 
reactions are 
HBr + CH;CH,0H — CH;CH.Br + H20, 
ethyl bromide 


HI--CH,0H — CHI +4H,0. 
methyl iodide 


Displacement reactions have been inyestigated very thoroughly, and their 
reaction mechanisms are known. For example, the rate of the.reaction of HBr 
With a primary alcohol like ethanol is found to be proportional to the concen- 
trations of Ht, Bro, and the alcohol. That is, i ] 


SICH CH BH | [H]Br-]ICHICH;OH]. 


A mechanism consistent with this rate law is 


CH,CH,OH + H+ = CH,CH,OH{ (fast equilibrium); 
CH;CH,OHf + Br > CH;CH:Br+H,0 ^ (sow). 


` The second step is slow and rate-determining, and since it is an elementary 
process, its rate law is 


HCP = ks[Br-][CH4CH;OHj]. (17.1) 


Since the first step in the mechanism is rapid, and the reactants and products 
are at equilibrium, [OH3CH30H7] = K[H*][CHa4CH50H], and substitution 
of this expression in Eq. (17.1) gives the experimentally observed rate law, 
With herp = k;K. 

Further substantiation of this mechanism comes from the observation that 
the rate of displacement of a hydroxyl group by the various halide ions depends 
on the identity of the ion. That is, for 

F- 
3 Cl- 
ROH +H+ + — RX + H30, 
Br- 
I- 
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the reaction rate constants are in the order F^ < Gly Bra <I.) The 
sensitivity of the reaction rate to the nature of the halogen shows that the 
halide ion is involved in the rate-determining step of the mechanism. 

Other types of investigations of these displacement reactions have provided 
a convincing picture of the way in which the halide ion displaces the protonated 


hydroxyl group: 


H eae (e H CHs 
Br- oon Brace O — Br—C H + H20. 
ea N N À Ss 
H H H a H H 


transition state or 
activated complex 


That is, the halide attacks the “pack side" of the C—O bond, and causes the 
molecule to invert its geometric arrangement as the H,0 group leaves and the 
halide becomes attached to the carbon atom. 

The mechanism we have discussed operates for the displacement reactions 
of primary and second alcohols. Tertiary aleohols behaye somewhat differ- 
ently. The rate of the reaction 


CH; CH3 
Cu,_¢_on + Ht + Br — CyB + H20 
Ha CH; 
tert-butyl alcohol tert-butyl bromide 


is proportional to the concentration of H* and of alcohol, but does not depend 
on the concentration of the halide ion. That is 


ACHE] _ fH *][(CHa),COHI- 


Moreover, the rate of reaction does not depend on the nature of the halide ion: 
F-, Cl-, Br-, and I~ all react with tert-butyl alcohol at the same rate. Con- 
sequently, the mechanism of the displacement reaction of a tertiary alcohol 
must have a rate-determining step that does not involve the halide ion. A mech- 
anism consistent with these and other data is 


CHs CH; 
CH,—C—OH + H+ = cu, 6-on; (rapid equilibrium), 
CH; CH; 
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CH; CH; 
E. fo dest 
CH;—C—OH} 44 CHE" "3 HO" “Glow, 


CH; CH; 
CH; CH; 
s : | 
CH;—C + Br- > CH.—O—Bro (fast). ;, 
CH; CH3 


The species (CH3)3C* is called a carbonium ion. It,is a stable but very reactive 
fragment and combines rapidly with the halide ion to give the final product. 
The rate of the reaction is equal to the rate of the slow step: 


al(CHa)sCBr] a CHa)eC") — y (og y cog 


The reaction 
[((CHs)sCOH3] = K((CH3)sCOH][H*] 
also holds, so the overall rate law is 


ACHACA L y. K[H*I((CHa),COH], 


which is what is found by experiment, with 


keap = kK. 


The displacement reactions of alcohols are good examples of how the re- 
actions of a functional group can be influenced by the nature of the carbon 
skeleton to which it is attached. Primary, secondary, and tertiary alcohols all 
undergo the displacement reaction with halides, but the reaction mechanism 
followed by tertiary alcohols is different from that followed by primary and 
Secondary alcohols. The carbon skeleton thus may influence the rate and mech- 
anism of a reaction of a functional group, but usually does not change its overall 
nature. 3t s 
Before concluding the discussion of displacement reactions of alcohols, we 
might remark that alcohols can be formed from alkyl halides by a displacement 
reaction. Thus the process 


CH;CH,Br + OH- > CH;CH,0H + Br- 


illustrates à convenient way to convert'an alkyl halide to an alcohol. 
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The Elimination Reaction 


The second major type of reaction that alcohols undergo is the elimination 
reaction. Two examples are 


CH,CH,OH 22> CH,—CH, + 420, 


CH; 


ANC pp AA 
(CHg,COH => — “C=C + H20. 


H CH; 


We see that the elimination reaction of alcohols is a “dehydration” reaction 
that forms an alkene. The dehydration of alcohols is a convenient method of 
synthesizing alkenes, and this reaction is important both in the laboratory and 
as an industrial process. In general, tertiary alcohols are easier to dehydrate 
than secondary alcohols, which in turn dehydrate more readily than primary 
alcohols. The facility with which tertiary alcohols dehydrate is a consequence 
of the ease with which these molecules form carbonium ions. Thus the mech- 
anism of the dehydration of a tertiary aleohol is 


CH; CH; 
CH,—C—OH + H380, — CH;—C—OH# + H80;, 
CHa CH; 
CH; CH; 
cH,—b_oH} s cali. + H30, 
Hs CH; 
CH, H CH; 
Ama, duigk isi vicos ie 
XN AE TN 
CH, H CH; 


That is, if the carbonium ion does not combine with a negative ion, it may 
lose a proton, and become an alkene. Secondary and primary alcohols do not 
form carbonium ions readily, and their dehydration follows a slower, more 
complicated reaction path. 


Oxidation Reactions 


The oxidation of alcohols can be accomplished by using a variety of oxidants, 
and is an important laboratory and industrial reaction. The oxidation of 8 
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secondary alcohol by dichromate ion in acidic aqueous solution is a moderately 
rapid reaction and produces a ketone as the final product. For example, 


rie me 
CH,—C—OH 9, ^ c—0 
| SA 
CH; 
isopropanol acetone 
CH; CHs 
cnc e-on -Saug ew 
H CH3CH2 
isobutanol methyl ethyl 
ketone 


When a primary alcohol is oxidized under the same conditions, the immediate 
reaction product is an aldehyde. 


H H 
cs N i AN 
CH,0H “2%, C—0 CH,CH,0H “22 C—0 
H CH; 
formaldehyde 


The aldehydes are themselves susceptible to further oxidation; snd must be 
distilled out of the reaction mixture as they are formed, to prevent their 
destruction. s 

We see from the examples that the oxidation of an alcohol produces a car- 
bonyl compound: primary alcohols yield aldehydes, and secondary alcohols 
give ketones. Tertiary alcohols cannot be oxidized without destruction of their 
carbon skeleton, and these reactions will not be discussed. : 


17.4 THE REACTIONS OF ALKENES 


Molecules that have included in their structure the carbon-carbon double 
bond are called alkenes. "These compounds are said to be unsaturated because 
one of their principal reactions is the addition of reagents to the double bond. 
In contrast, alkanes are called saturated hydrocarbons because they do not 
Undergo addition reactions. A few alkenes and their physical properties are 
listed in Table 17.4: The physical properties of the alkenes resemble those ‘of 
the corresponding saturated hydrocarbons. Alkenes and alkanes with the same 
number of carbon atoms have similar boiling and melting points; and’ both 
types of hydrocarbon are insoluble in water. 
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Table 17.4 Physical properties of alkenes 


Name Formula MP(°C) BP(°C) 
Ethylene CH2—CH2 —169 —102 
Propylene CH3CH—CH2 —185 — 48 
1-butene CH2=CHCH2CH3 — 6.5 
Isobutene (CH3)2C—CH2 —141 — 7 
cis-2-butene CH3CH—CHCH3 —139 1 
trans-2-butene CH3CH—CHCH3 2.5 


A discussion of the electronic nature of the carbon-carbon double bond was 
given in Section 11.7. As noted there, the double bond can be pictured "i 
consisting of a -bond and a v-bond between two carbon atoms that are sp?- 
hybridized. This qualitative description; while highly approximate, is consistent 
with the geometry of the olefinic group: the doubly bonded carbon atoms and 
the four other atoms attached to them all lie in a single plane, and all bond 
angles are near 120°, as Fig. 17.5 shows. 


The structure of ethylene. 


As is also discussed in Section 11.7, the nature of the g-m double bond leads 
to the possibility of geometrical isomers. Consequently, there are two distinct 
geometrical isomers of 2-butene: 


CH3 CH3 CH3 H 
ve 
I C=C 
we NA ys cod N, 
H CH3 
cis-2-] Daten. trans-2-butene 


The isomer cis-2-butene has' both methyl groups on the same side of the double 
bond, while in trans-2-butene: the methyl groups ‘are on opposite sides. AS 
Table 17.4.shows, the two isomers of 2-butene have nearly the.sa&me boiling 
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and melting points. In addition, the two compounds have nearly the same 
molar free energies of formation: 71.9 kcal/mole for cis-2-butene, and 70.9 
kcal/mole for trans-2-butene. Thus the trans isomer is the more stable by a 
small amount. 


Addition Reactions of Olefins 


The most important reactions of alkenes involve addition of reagents to the 
double bond. An olefin will rapidly consume bromine, as in the reactions: 


CH; = CH; + Br; > foe 


Br Br 
1, 2-dibromoethane 
CH3 H CH; 
ee | 
C=C + Bra = se RENE 
CH; H Br Br 
isobutene 1, 2-dibromo-2-methylpropane 


These reactions can be carried out merely by passing the hydrocarbon through 
a solution of bromine in water at room temperature. The addition of bromine 
to the double bond is the basis for a simple test that differentiates between an 
alkene and an alkane. The alkanes, saturated hydrocarbons, do not react with 
bromine except at elevated temperatures or under the influence of intense 
illumination by visible light. Consequently, if an unknown hydrocarbon is 
treated with bromine water, and the red color of bromine disappears, the pres- 
ence of a double bond in the hydrocarbon is indicated. 

An alkene can be converted to an alkane by addition of hydrogen to the 
double bond. These reactions are usually carried out by using a high pressure 
of hydrogen gas in the presence of a catalyst such as finely divided platinum, 
palladium, or nickel. 


CH3CH—CH; + H: 24, CH3CH2CHs 


CH 2 CHo 
cyclohexene cyclohexane 
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The halogen acids also add to the double bond: Two examples are 
+ j m 
CH;CH=CH, + HBr > CH3CHCH3 
isopropyl bromide 
g 
(CH;)2C=CH2 + HCl > wu Sam 
: CH; 
tert-butyl chloride 
These reactions illustrate the addition of an acid to unsymmetrical molecules, 
where the two doubly bonded carbon atoms have different numbers of hydrogen 
atoms attached to them. Such reactions follow a predictable course: the hydro- 
gen atom of the acid adds to that carbon atom which has attached to it the 
greater number of hydrogen atoms. The acid anion adds to that carbon atom 
which has the lesser number of hydrogens. This is known as Markovnikov's 
rule and is further illustrated by the hydration reaction 
CH,CH—CH; + H0 595, CH;CHCHs 
H 


There is considerable evidence that addition of acids to double bonds proceeds 
by a mechanism involving a carbonium ion formed by the attachment of a 
proton to the olefin, 


CH3 
EA 
(CH3);C—CH; + H+ > CH3—C 


CH; 
The second step of the mechanism is 
CH; CH; 
+f | 
CH;—C + Br- —^ CH;—C—Br 
CH; Hg 


It is clear from this reaction that the carbon atom to which the anion becomes 
attached is the one that bears the positive charge in the carbonium ion. The 
position of the positive charge is determined by the position of attachment of 
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ditum 


the proton. For isobutene we have the following alternatives: 


Ba et eis CH, 
ae | 

Cc attachment of H+ here gives CHo OCH, 

l a tertiary carbonium ion; 


UNS 
CH; CH; attachment of H+ here gives (CHs)2CHCH3, 
a primary carbonium ion. 


Now there is considerable evidence that the order of stability of carbonium 
ions is 
I ilii 1 
R—C-—R more stable than R—C—H more stable than R- CH 
+ + 
tertiary secondary primary 


Recall, for example, that the carbonium ion plays a role in the substitution 
and dehydration of tertiary alcohols, which is one indication of the relative 
stability of tertiary carbonium ions. With the order of carbonium ion stabil- 
ities in mind, a little reflection leads us to conclude that the more stable 
carbonium ion is formed if the proton attacking a double bond adds to the 
carbon atom which has the greater number of hydrogen atoms attached to it. 
This, briefly, is the rationalization of the Markovnikov rule for addition 
reactions. 


Oxidation Reactions 


Alkenes react readily with a number of oxidizing agents. A simple test for the 
presence of the olefin group is the reaction with an aqueous acidic solution of 
permanganate ion. The purple color of permanganate ion disappears as the 
olefin is oxidized. The course of such a reaction is illustrated by the following 
examples: 


ze 
CH3 H3 CH: 3 
acetone 


H H ws 
Mee Mas, 9CH;C 
Wa 


pre 
CH; CH; OH 


17.4 | THE REACTIONS OF ALKENES 


763 


That is, the olefin is cleaved into two oxidized fragments. A carbon atom with 
two alkyl groups attached is converted to the carbonyl group of a ketone, while 
# carbon atom with one attached hydrogen becomes the carboxyl group of an 
acid. We can summarize the general features of the reaction by writing 


ds x ee pe 
Quo - RC + 0=C 
area N N 
R R (0) R 


17.5 CARBONYL COMPOUNDS 


The carbonyl group occurs in aldehydes and ketones. Some of these com- 
pounds have considerable importance in the chemical industry; many tons of 
formaldehyde are used every year to make plastics, and large quantities of 
acetone and other ketones are consumed as paint and lacquer thinners. The 
large number of reactions that the carbonyl group can undergo also makes 
aldehydes and ketones valuable starting materials in laboratory syntheses. 


FIG. 17.6 Schematic representation of the bonding and nonbonding valence orbitals of the carbonyl 
group. 


The carbon-oxygen double bond that occurs in carbonyl compounds is inter- 
mediate in length and strength between the single bond in alcohols and the 
triple bond in carbon monoxide. 


| N 
—C—0OH C=0 c=0 


Ze 
142A 1.22 A 1.13 A 
85 kcal 170 kcal 256 kcal 


The detailed picture of the carbon-oxygen double bond is in many respects 
similar to that of the olefinic linkage. Conventionally the double bond is 
thought of as consisting of a c- and a 7-component linking the carbon and 
oxygen atoms which are regarded as being sp?^-hybridized. Thus we have the 
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situation represented in Fig. 17.6. This description, while erude, is consistent 
with the geometry of aldehydes and ketones; the carbonyl group and the two 
atoms bonded to it lie in a single plane, and the bond angles about the carbenyl 
carbon atom are, in general, near 120°. 

Because oxygen is more electronegative than carbon, the carbonyl group is 
polar with the oxygen atom negative. The extent of this polarity is suggested 
by comparison of the dipole moments of propylene and acetaldehyde: 


CH;CH=CH, CH3;CH=O 
p = 0.35 D, p = 2.65 D. 
These molecules are isoelectronic, but the aldehyde is considerably more polar 
than the alkene. The charge distribution in the carbonyl group can be repre- 
sented by 
BN ue 
C—0: 
7 


The existence of this polarity and the presence of the pairs of nonbonded elec- 
trons on the oxygen atom suggest that aldehydes and ketones should be weak 
Lewis bases. As expected, these compounds can be protonated by strong acids, 
as in the reaction 


CH; CH; 
N. 
C—O + H;S0,— — C—OH + H80;. 
v. 
CH, CH; 


The name aldehyde is derived from the observation that these molecules 


can be propared by alcohol dehydrogenation at elevated temperatures, 


CH;,CH;0H z^ CH,CHO + Ha. 


Individual aldehydes are named by combining the suffix al to the name of the 


longest straight-chain alkyl group. Thus we have 


CH; 
CH3CH;CH;CHO H,CHICH,CHO, 
butanal 3-methyl butanal 


The numbering of the carbon chain in such molecules always begins at the 
aldehyde group. 
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Addition Reactions 


766. 


The designation ketone is derived from the name of the simplest such mole- 
cule, acetone. One systematic way to name individual ketones is to use the 
names of the two alkyl groups attached to the carbonyl carbon as in 


ie 
CH3CCH3 d ped Use ap 
O CH; 
acetone or - methyl ethyl methyl isopropyl 
dimethyl ketone ketone ketone ^ 


For more complicated ketones the functional groups and substituents are 
located by number, 


p | 
CH;CHCH5CCH; 4-methyl-2-pentanone i 
Has 3 "21 j 
"OH (0) i 
Ge Ge OCH. 4-hydroxy-2-butanone 


We see that the suffix -one indicates that the compound is a ketone, and the 
carbon chain is numbered from the end nearest the carbonyl group. 


Additions formed the most important class of reactions of the olefinic double b 
bond, and they are equally important for the carbonyl double bond. One D 
reaction, characteristic only of the carbonyl group, is the bisulfite addition 
reaction, 


M R 
C=0 + H803 — pon 
R SO; 


The bisulfite addition product is an ion that can be precipitated as a sodium 
salt; this reaction is used as a method for separating aldehydes and ketones 
from other organic substances in mixtures. After the bisulfite adducts are 
separated and crystallized, the aldehydes or ketones ean be regenerated by 
treatment of the adducts with strong acid. 

Two other addition reactions useful in demonstrating the presence of carbonyl 
groups in a compound are the following. Hydroxyl amine, NH2OH, and hy- 
drazone, NH2NHsz, each add to the carbonyl bond, but the initial addition 
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products lose water to give the final compounds. 
R Bae rok 
> | SoS 
C—0 + NH,OH — SUM e C—NO: 
R NHOH R 
an oxime 
R R 
Es | 1,0. \ 
C=0 + NH;NH, > R—C—0H —2% | 'C—NNHs 
R NHNH2 R 
a hydrazone 


These reactions are useful in identifying molecules because oximes and hydra- 
zones are often crystalline compounds with characteristic melting points. 

A very useful addition reaction of carbonyl molecules involves an organo- 
metallic compound known as a Grignard reagent. These substances are con- 
ventionally represented by the symbol RMgX, where R is an alkyl group, and 
X is a halogen atom. Grignard reagents are prepared by the reaction of an 
alkyl halide with metallic magnesium in an ether solvent, 


CH,CH Br + Mg = CH3CH2MgBr, 
RX + Mg 2 RMgX: 


This preparation must be carried out in the absence of water; one reason is 
that Grignard reagents react with water to give a hydrocarbon 


RMgX + H;0 — RH + $Mg(OH)2 + $MgX2. 


This reaction can in fact be used to prepare a hydrocarbon froman alkyl halide. 
Grignard reagents react with carbonyl compounds in the following general 
way: t I 
R 
NS b. 
R'MgX + ry = im fea 1 
ÓMgX 


Water is then added to hydrolyze the addition product to an alcohol, 


R R 
| | s 

R—C—R’ + H,O — R—C—R’ + 3Mg(0H); + 3MgX». 
ÓMgX H 


17.5 d CARBONYL COMPOUNDS 


767 


Thus the reaction of a Grignard reagent with a ketone leads to a tertiary alcohol. 
The reaction with aldehydes gives secondary alcohols, 


R R R 
Soo + R'MgX > HR me, H6 w 
H MgX br 


It is clear that the Grignard reaction provides a way of introducing any desired 
alkyl group into a molecule. Therefore the reaction is often useful in the syn- 
thesis of new molecules. 


Oxidation-Reduction Reactions 


Ketones are highly resistant to oxidation; they react only with the strongest 
oxidizing agents, and the result is the destruction of the carbon skeleton. Such 
reactions are seldom of value, and we will not consider them further. In con- 
trast, aldehydes are very easily oxidized to carboxylic acids: 


R 0 
A Cr,07 wat 
H 0—H 


"This difference in response to oxidizing agents is the basis for qualitative tests 
that distinguish between aldehydes and ketones. Aldehydes, but not ketones, 
react with the complex ion Ag(NHs)} to give a bright “mirror” of metallic 
silver, plated on the walls of the reaction vessel, 


RCHO + 2Ag(NH3)3 + H,O — RCOO- + 2Ag + 3NHt + NH3. 


Other functional groups like alcohols and olefins are not oxidized in this manner, 
80 the test is quite specific to aldehydes. 
: Both aldehydes and ketones can be reduced to alcohols in a number of ways. 


For example, 
R R 
Ne-o + Hy BS non, Nco ast R H, 
R Rí 
CH,—CH—CH; CH; CH,—CH—CH, CH; 
C=0 + H— 0H Qm, R—b_on + Noo 
R Hs à of, 
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These examples show that reduction of an aldehyde yields a primary alcohol, 
while a secondary alcohol is the product of ketone reduction. The last reaction, 
catalyzed by aluminum isopropoxide, Al(OR),, is a very specific way of reducing 
the carbonyl group without simultaneously adding hydrogen to any carbon- 
carbon double bonds. Such highly specific reactions are very useful for effecting 
desired modifications of molecules that have more than one functional group. 


17.6 SYNTHESES AND STRUCTURE DETERMINATIONS 


Having discussed only a few reactions of organic molecules, we are in a position 
to see how the business of synthesizing new molecules is carried out. Suppose 
that we wished to make 3-hexanone, and 1-propanol was our only available 
organic compound. The simplest’ way to formulate a scheme for the synthesis 
of a compound is to work backward from the desired molecule. For the problem 
at hand, we know that 3-hexanone can be prepared by the oxidation of 3-hexanol, 
CH,CH,CHCH,CH,CH; “> CH,CH;CCH;CH;CHs. 
H 


Now 3-hexanol is a secondary alcohol, and thus can be prepared by the addition 
of a Grignard reagent to an aldehyde. The reaction we need is 


H 
CI CHC + CH3CH2CH2MgBr — CH3CH;5CHCH;CH;CH; 
N 


MgBr 
propanal 


CH,CH,CHCH,CH,CH, 229» CH sCH,CHCHsCH.CH, 
MgBr H 
To carry out the preparation of 3-hexanol, then, we must have available pro- 
panal and n-propyl bromide. These can be obtained from 1-propanol in the 
following manner: 
H 
CH,CH,CH,0H 95» CH,CH;C 
o 
CH,CH,CH,0OH —> CH3CH;CHsBr 
The propyl bromide is converted to the Grignard reagent by 


CH,CH,CH,Br + Mg “> CHsCH2CH»MgBr. 
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Thus we have found a set of reactions that can lead to the synthesis of 3-hex- 
anone from 1-propanol. ^ 

As a second problem, let us attempt to prepare isobutene from 1-propanol 
and methyl bromide. The final product could be obtained by dehydration of 
tert-butyl alcohol, 


CH; CH; H 

| H280,4 nx wa 
CH,—0—CHg =, “C=C + H,0. 

OH CH H 


The necessary alcohol can be prepared from acetone and methyl Grignard 
reagent: 
CH;Br + Mg — CH3MgBr 


ool eq 
CH ,MgBr+  C—0— CHe-C- CH. 42°, CH;—C—CH; 
CH; OMgBr OH 


While acetone is the oxidation product of isopropanol, our starting material is 
1-propanol. To obtain isopropanol, we take advantage of the Markovnikov rule: 


CH,CH,CH,OH 595 GH,CH—CH; + H30 


CH,CH=CH, + H0 > CH;CHCHs 
SSOR 


As a third example, let us plan the preparation of methyl cyclopentane, 
starting with cyclopentanone. The structures of the starting material and the 
products are similar enough so that we can proceed sequentially from reactants 
to product: 


CH; OH 
O 
I 
A a er 
1. CHsMgBr, H2504 
POR p ma T A ecu ES = 
HC—CH2 H3;C—CHo 
fs : T CH; 
€ EN * bet 
H0 CH; + Zi CH F H.C CH2 
HC—CH2 H3C—CH2 H3;C—CH3 
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Because we are familiar with only a few reactions, these examples of synthesis 
have been very simple, and can only give some flavor of the problems solved by 
organic chemists. As the molecules to be synthesized become more complicated, 
the subtlety and interest of the problems increase. ‘ 

Another type of problem that we can demonstrate using reactions familiar 
to us is the determination of the structure of a molecule from its chemical 
behavior. For example, there are two compounds, A and B, with the empirical 
formula C3Hg. Compound A reacts readily with bromine to give a colorless 
product, but compound B does not. What are the structures of A and B? 
From the empirical formula C3Hg and the general rules of valence, we see there 
are only two possibilities, : 

CH2 


HINN 
CH,CH=CH, HC—— CH: 
propylene cyclopropane 


Since A reacts with bromine, but B does not, compound A must be an un- 
saturated molecule, and is therefore propylene. 

A similar, but more challenging, problem is the following. A compound 
C,H; reacts with bromine water and adds one mole of hydrogen per mole of 
compound upon catalytic hydrogenation. When C4Hg is treated with aqueous 
permanganate, acetone is found in the products. 

To proceed with the structure determination, we note. that the reactions 
with bromine and hydrogen show that the molecule is unsaturated, and thus 
must be one of the butenes: 


CH,CH,CH=CHa, CH,CH=CHCHs, . (CHa) 20—CH». 


Of these molecules, the only one which would give acetone upon oxidation with 
permanganate is isobutene, or 2-methyl propylene, and consequently this must 
be the unknown C4Hg compound. 


17.7 AROMATIC 


In Section 11.8 we discussed the nature of the electronic structure of benzene, 
CeHe, and pointed out that this molecule offers a particularly good example of 
multicenter bonding. There is a vast number of organic molecules whose struc- 
tures are based on that of benzene, and these are called aromatic compounds, 
as distinguished from aliphatic compounds which are related to alkanes. The 
multicenter bonding that exists in benzene and its derivatives confers charac- 
teristic chemical properties on aromatic compounds which are unique and very 
interesting. Before discussing the chemistry of aromatic compounds; let; us 
review and extend our discussion of the bonding in benzene. : 
X-ray crystallography and spectroscopic studies show that benzene 1s a 
planar molecule with the form of a regular hexagon. All C—C bonds are iden- 
tical, and all bond angles are 120°. There is no single valence formula made up 
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H H 
Em. 
Pone A 

E 
AEN SAX ANZ > 
H [6] H H Cc H 
l i 


Representation of benzene as a resonance hybrid of two extreme structures. 


of electron-pair bonds localized between pairs of atoms that is consistent, with 
these geometric data. Consequently it is conventional to represent benzene as 
a resonance hybrid of two extreme structures as shown in Fig. 17.7. As noted 
in Section 11.8, this representation is to be interpreted to mean that the six 
T-electrons are not localized between pairs of carbon atoms, but can each 
Visit all six atoms in the ring. Thus benzene exhibits multicenter 7-bonding. 
Another notation sometimes used to represent the multicenter 7-bonding and 
complete equivalence of the C—C bonds is 


Q equivalent to Q e © 


where we have followed the usual convention of omitting the hydrogen and the 
carbon atoms. 

We have called attention to the fact that each type of chemical bond has a 
characteristic length which is nearly independent of the molecule in which the 
bond occurs. With this in mind we can compare the C—C bond length found in 
benzene with that in ethane and ethylene: 


oe y Q ; H3C-—CH; 
DOMMAC C Casa e A 
The C—C bond in benzene is shorter than a single bond but longer than a 
double bond. This is consistent with the idea that the six -electrons of benzene 
are distributed among six C—C bond regions and suggests that we might think 
5 we tu bond in benzene as neither a single nor a double bond, but as a 
nd. 
We can pursue the relation between resonance and bond lengths a bit further 


by examining the resonance structures of naphthalene, C45Hs. The important 
Tesonance structures are those in which all electrons are paired, and there are 


ORGANIC CHEMISTRY | 17.7 


Table 17.5 Bond lengths in naphthalene 


Bond 1-2 ‘2-3 1-9 9—10 
Order 13 1} u 1 
Length (A) 1.365 — 1404 — 1425 1.393 


bonds only between neighboring atoms. For naphthalene there are only three 
~ such structures: : 


We can see that in two of these three structures the bond between carbon 
atoms 1 and 2 is double. Thus we can assign this bond a bond order of 1$, and 
expect it to be longer than the double bond of ethylene (bond order 2), but 
Shorter than the bond in benzene (order 13). Table 17.5 gives the bond order 
8nd bond length for the various bonds in naphthalene. It is clear that there 
is a definite correlation between the bond lengths and the bond orders assigned 
from the resonance structures. Thus resonance structures are of use in under- 
standing the geometries of the aromatic compounds. 

Let us now examine: the thermochemical evidence that concerns the bonding 
in benzene. As Table 17.6 shows, the heat evolved when olefins of various 
structures are hydrogenated is nearly constant at 28.6 kcal/mole of double 
bonds. This fact is consistent with the approximate constancy of bond energies. 
In the hydrogenation process the H—H and C=C bonds are destroyed and 
replaced with two C—H bonds and one C—C bond. If these bond energies are 
nearly constant, the AH of hydrogenation per double bond should be nearly 


Constant, as is observed. This reasoning 
Suggests that if the bonds in benzene 43H, > 
Were in fact three ordinary double bonds, 


4H for the reaction shown at the right 


Table 17.6. Enthalpy of hydrogenation 
of olefins, AHnyarog (kcal/mole) 


Name AH 
Ethylene —32.8 
1-butene —30.3 
cis-2-butene —28.6 
trans-2-butene —27.6 
Isobutene —28.4 
2-methyl-1-butene —28.5 
Cyclohexene —28.6 
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should be approximately 3 X (—28.5) = —85.5 kcal/mole of benzene. The 
experimental value for AH is in fact only —49.8 kcal, considerably less than 
expected. This means that benzene is more stable, or lower in energy, than it 
would be if the bonding consisted of three conventional double bonds. 

There have been many attempts to use quantum mechanics qualitatively to 
explain the peculiar stability of the multicenter bonding in benzene, but the 
problem is complicated enough that no universally accepted explanation has been 
found. One quite logical and straightforward suggestion is that the multicenter 
bonding diminishes electron repulsion by permitting the 7-electrons to be far 
from each other, but still be in regions between two nuclei. A structure that 


represents this situation is 


where electrons of one spin are indicated by crosses, and those of opposite spin 
by circles. The fact that the electrons are not grouped as pairs, but still are in | 
regions near and between nuclei leads to the extra stability of this situation. 
Whatever the source of the extra stability, however, the empirical observation 
that multicenter bonding leads to energy lowering is very useful. This observa- 
tion is sometimes stated by saying that resonance between conventional struc- 
tures leads to a decrease in the energy of a molecule. This language can be 
misleading, for it tends to suggest quite incorrectly that the resonance struc- 
tures exist and the molecule oscillates between them. The real point is that the 
strueture that actually exists has lower energy than any of the individual 
resonance structures we can draw using conventional localized electron-pair 
bonds. 

Further evidence for the unique nature and considerable stability of benzene 
comes from its chemieal behavior. Although benzene is unsaturated, it does 
not usually undergo addition reactions, which are characteristic of the alkenes 
we have studied. Instead, the characteristic reaction of benzene is substitution, 
or displacement of a hydrogen atom, as evidenced by 


Br 
Br. P 

rmm + HBr 
NO: 

HNO; ee 

H3804 : + H20 
CH; 

CHCl sa 

TAKE + HCl 
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In these reactions, substitution, not addition or oxidation, occurs. There are 
many other examples that might be added. The point is that reagents that 
ordinarily add to or oxidize the double bond in alkenes leave the multicenter 
T-bond in benzene untouched and instead displace one of the hydrogen atoms 
attached to the benzene ring. 


The Mechanism of Aromatic Substitution 


The nitration of benzene and other substitution reactions of aromatic com- 
pounds have been carefully studied, and a rather detailed picture of the reaction 
mechanism has been generated. The nitration of benzene proceeds readily if a 
mixture of concentrated nitric and sulfuric acids is employed 


HNO, 
Ch Cre + H,0 
nitrobenzene 


Freezing-point depression measurements show that for each mole of nitric acid 
dissolved in sulfuric acid, four moles of particles are formed. This observation 
can be explained by postulating that the reaction 


2H580, + HNO; — H30* + 2H803 + NO? 


occurs when nitric acid dissolves in sulfuric acid. The existence of the nitronium 
ion, NOZ, in mixtures of nitric and sulfuric acids has been confirmed by spec- 
troscopic studies, and the nitronium ion is believed to be the reagent responsible 
for the nitration of aromatic compounds. The first step of the nitration reaction 
is the attack of the nitronium ion on the 7r-electrons of the benzene ring. 


H H eh 
7 
Q t ORE is Hu pA UM xi S 


The fact that three resonance structures can be drawn for the intermediate 
addition product shows that multicenter. -bonding between five of the carbon 
atoms still exists in the intermediate molecule. The loss of a proton to some 
Proton acceptor, for example HSO7, leads to the restoration of the original 
T-bonding system. 


H NO: 


H804 
+ NO2 
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The important idea illustrated by the nitration mechanism is that attack 
on the benzene ring is generally accomplished by an electron-deficient species 
such as a positive ion, or the positive end of a polar molecule. Thus the mech- 
anism of the catalyzed bromination of benzene is the following: 


bre On, ôt 
FeBr; + Br; —^ Br—Fe—Br - - - Br 
Br 


H eama Good AL 
+ BrFeBr, > o e + FeBrz 
Br Br Br 
H Br 
+ FeBrn — + HBr + FeBrs 
+ Br 


When benzene derivatives undergo further substitution, a “directing effect” 
on the position of the new substituent is observed. Consider the following: 


NO: NO: X Th NO: 
HNO; Ge i 
H2504 T "n 
NO: 
NO: 
7% 88% 1% 


The first isomer, ortho-dinitrobenzene, is formed in small amounts, while the 
most abundant product is meta-dinitrobenzene; para-dinitrobenzene is formed 
only in trace amounts. This pattern is quite general: whenever nitrobenzene 
undergoes further substitution by any reagent, the meta isomer is produced in 
greatest abundance. 

To explain the directing effect of a nitro group on further substitution, we 
note first that the nitrogen atom in the nitro group has a formal charge of +1. 


vO, TOi S0 o 


9 --à 
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With this in mind, consider the electronic nature of the intermediate formed 
when NO} attacks nitrobenzene at the para position. 


xoig pi, cut oM A 
Nw NA 


VA 
: Ne N 
i E 
HNO} UIBÁÉCNO, H NO, 


The resonance structures suggest that the electronic nature of the para inter- 
nediate is such that, an electron deficiency exists on the carbon atom to which 
_ the already electron-deficient nitrogen atom is attached. Such extreme local 
- electron deficiency is not energetically favorable; thus the energy of the para- 
- Substituted intermediate is relatively high. This means that the activation 
energy of the para-substitution reaction is rélatively large, and therefore the 
Tate of this reaction should be small, and the yield of para-dinitrobenzene 
relatively unimportant. A similar argument can be constructed for the inter- 
- mediate formed by the ortho attack of NOF on nitrobenzene, as the reader 
can verify by writing the resonance structures of the intermediate. 
Attack at the meta position leads to an intermediate with somewhat more 
| favorable electronic properties. 


io Bo: ih NO2 NO» NO2 

ía + NO: NO2 NO: 

IO (Oe OO 
Hes [ H it H ! 


In the resonance structures of this intermediate, the positive charge never 
occurs on the carbon atom to which the original nitro group is attached. Con- 
Sequently, the extreme local electron deficiency encountered in ortho and para 
Substitution is avoided, the meta intermediate is relatively more stable, and 
the rate of formation of the meta isomer is greater than that of the ortho and 
Para isomers, l 

~ Quite the opposite pattern of substitution is observed when anisole is nitrated. 


BS. OCH, OCH, OCH; OCH, 

| NO2 

I iad HNO { 
atf: O H2804 zd E 

; ; H : NOs NO, 


anisole some trace most 
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In this case the ortho and para isomers are favored, and the meta isomer appears 
only in very small amounts. The explanation makes use of the idea that the 
OCH; group of anisole can participate in the multicenter bonding of the benzene 
ring by donating electrons to it. 


: O-CHs *0—CHs '9-cHs +CH 
So aO 


The resonance structures suggest that the electron density is increased, par- 
ticularly at the positions ortho and para to the anisole group. Now consider 
the resonance structures of the intermediate formed by para attack of NOF 
on anisole. 


OCH; OCH; OCH; +OCH3 
+ | 
H- e acd T ridi 
NO, H NO; NO, Ha NO? 


Note that the last resonance structure shows that in the para intermediate, 
the OCH; group can participate in multicenter bonding and donate electrons 
to the benzene ring. A similar conclusion can be reached concerning the ortho- 
substituted intermediate. In both cases the OCHs group relieves the electron 
deficiency in the ring brought about by the attack of the nitronium ion. The 
meta intermediate does not have this property. 


OCH; OCH; OCH; 
+ + 3 
e 
NO; NO, '* NO» 
H H to fH 


That is, the OCH; group cannot operate so as to remove positive charge from 
the ring. Because of this limitation, the energy of the meta intermediate is 
relatively high, and the rate of formation of the meta-substituted intermediate 
is relatively small. 

The examples we have discussed illustrate a generalization that has been 
very useful in explaining the nature of the substitution reactions of aromatic 
molecules. Groups like —NO» which are electronegative or which tend to draw 
electrons from the benzene ring have a meta-directing effect. Groups like 
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—OCH; that can act as a source of electrons at the ortho and para positions 
exert an ortho-para directing effect. With this rule it is possible to predict the 
course of a variety of aromatic-substitution reactions. 


17.8 ISOMERISM 


In our discussion of organic chemistry we have encountered three types of 
isomeric molecules. First, there are functional isomers: molecules with the 
same atoms but with different, arrangements of them so as to give different 
functional groups. As a simple example we have C2H60: 


jee it 
mee nebon 
H HiHi 
dimethyl ether ethyl alcohol 


A second type of isomerism occurs in positional isomers: molecules that have 
the same functional groups placed in different positions on the carbon skeleton. 
For example, 

CH3;CH;CH5CCH3 Mea E 


| 
Ó 


Bi Br Br 
T Br 
Br Br 


The third type of isomerism with which we are familiar is geometrical isomerism: 
geometrical isomers differ with respect to the location of groups attached toa 
pair of doubly bonded carbon atoms. The following are geometrical isomers. 


O 


H H 
end C=C 
CI em h 
: H 
cis-stilbene trans-stilbene 
mp 1°C © $ mp 124°C 


There is a fourth important type of isomerism which can arise if a molecule 
has no plane or point of symmetry. The isomeric molecules in this case are. 
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related as the right hand is to the left: they are mirror images of each other 
but cannot be superimposed. Lactic acid is an example: 


oon coon 
sis à M "dd : TON 
On H CH, CH, H OH 


The carboxyl group and the central carbon atom lie in the plane of the paper, 
while the CH, and OH group project in front of the paper and the hydrogen 
atom behind. The two molecules shown are mirror images, but if we imagine 
an attempt to superimpose the two three-dimensional structures, we realize 
that it must fail. If the central carbon atoms, the COOH groups, and the H 
atoms are superimposed, the CH; group of one molecule is coincident with the 
OH group of the other, and no amount of twisting can change this. Two mole- 
cules related in this way are called enantiomorphs (Greek enantios, opposite; 
morph, form). Two enantiomorphs have identical physical properties except 
in one respect. Both isomers rotate the plane that contains the electric vector 
of polarized light, but one isomer rotates the plane in a clockwise direction, the 
other in a counterclockwise direction. Compounds that rotate the plane of 
polarized light are said to be optically active, and consequently enantiomorphs 
are also called optical isomers. -+ ` 

The requirement for optical isomerism is molecular asymmetry, and this can 
occur in several ways. Molecules such as lactic acid that have four different 
groups attached to a single carbon atom have neither a point nor a plane of 
symmetry, and can exhibit optical isomerism. Also, if a molecule has a coiled 
or helical structure, there are two ways in which the helix can exist—one 
having the sense of a right-handed screw thread, the other wound in the sense 
of a left-handed screw. These two forms of the same helix rotate the plane.of 
polarized light in opposite directions and are optical isomers. 

Is it possible to determine the absolute configuration of enantiomorphs; 
that is, to be able to tell which of the two structures belongs to the isomer that 
rotates the plane of polarization clockwise? This is a very difficult problem, 
but it was solved in 1951 by an x-ray erystal-structure determination. In this 
experiment, the optical isomer of glyceraldehyde that rotates the plane of 
polarization in a clockwise (positive) direction was found to have the structure 


CHO 
HL——C——À30H 


CH,OH 
p-(+)-glyceraldehyde 
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In the name of this compound the (+) refers to the direction in which the 
plane of polarized light is rotated, and the p designates the structure in which 
the H and OH is in front, and the CHO and CH50H behind the plane of the 
paper. Once the absolute configuration of p-(+)-glyceraldehyde had been 
determined, it was possible to assign configurations to molecules that could be 
made from it. For example, p-(+)-glyceraldehyde can be converted without 
disturbing the bonds at the asymmetric carbon atom to the lactic-acid isomer that 
rotates polarized light in a negative sense. 


CHO COOH 
nobop Se, gp 60H 


CH40H CH, 
p-(—)-lactic acid 


Thus the absolute configurations of the lactic-acid isomers are known. dn 
The compounds in living organisms are for the most part optically active. 
As an example, we have the amino acids whose general formula is 


i 
NH,CHCOOH 


Proteins are. giant molecules consisting of many amino acids linked together. 
The amino acids have an asymmetric carbon atom, and. thus can: exist in two 
enantiomorphie forms. 


COOH COOH 
H>>6—=NH, NE CH 


R R 
p-amino acid r-amino acid 


The amino acids recovered from the hydrolysis of proteins are all 1-amino 
acids. The reason for this specificity is not known, but it has important con- 
Sequences. The various metabolic processes in the body are sensitive to the 
Configurations of the molecules ingested as foods and drugs. Despite the simi- 

ity of optical isomers, the natural processes of the body consume one isomer 
and not the other. Apparently the reason for this is that the protein enzymes 
that catalyze the metabolic reactions are made from molecules with asym- 
Metric carbon atoms, and as a result can only associate with, and catalyze the 
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reactions of, molecules that have very specific geometric properties. There is 
much to be learned about this problem, and this accounts for a very active 
interest in the geometrie properties of biologically important molecules. 


17.9 INDUSTRIAL ORGANIC CHEMISTRY 


One of the major technical developments of the 20th century is the use of organic 
chemieals to manufacture on à massive scale produets which contribute to the 
comfort and variety of life. These important industrial organic processes range 
in chemical sophistication all the way from the controlled pyrolysis of crude 
petroleum to make low molecular weight hydrocarbons, to the subtle multistep 
syntheses of pharmaceutical agents. The products of industrial synthetic 
organic chemistry have had profound effects on the lifestyle in developed 
nations, and consequently it is appropriate to explore some of the processes used 
to manufacture these substances. 

First, it is important to understand that a powerful and ubiquitous practical 
influence in all of industrual chemistry is the ultimate cost of the product. Asa 
result, many industrial processes are carried out using reagents and reaction 
conditions which would not be used at all in a chemical laboratory. For example, 
expensive oxidizing agents such as permanganate and chromate ions, which are 
commonly used in laboratory syntheses, are never used in the manufacture of 
chemicals like acetic acid and acetone, whose annual production is measured in 
billions of pounds. Instead, cheap oxidants like oxygen and nitric acid are used. 
In general, processes are sought in which the desired chemical is produced 
continuously, rather than in batches, and can be readily separated from by- 
products with a minimum number of time and energy consuming purification 
steps. The possible utilization of by-products is also a very important considera- 
tion in the selection of an industrial synthetic process. It is clear that when a 
chemical is manufactured in amounts of 10° pounds yearly, a saving of only a 
fraction of a cent a pound can be economically significant. 


Raw Materials—Coal and Oil 
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The important bulk organic chemicals are for the most part those which can be 
obtained from the inexpensive, readily available raw materials coal and crude oil. 
Let us examine the origin, nature, and uses of these important forms of fossil 
carbon. 

Geological evidence indicates that coal had its origin in tree ferns and other 
vegetation growing in fresh water swamp areas approximately 300 million years 
ago. The action of the waters covered the dead plant material with sediment 
and allowed it to decompose in the absence of air. The pressure and increased 
temperature arising from the weight and insulation of the layers of sediment led 
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to the conversion of the dead vegetation to coal. In this conversion, cellulose 
and lignin, the carbohydrate components of wood, lost oxygen and were con- 
verted to hydrocarbon substances. Thus, while wood has a composition by weight 
of 50 percent carbon, 6 percent hydrogen, and 43 percent oxygen, bituminous 
coal has 80 percent carbon, 6 percent hydrogen, and only 10 percent oxygen. 
All coals contain small but noticeable amounts of sulfur and nitrogen, and trace 
quantities of as many as 30 other elements. ' 

The chemical structure of coal is exceedingly complex. However, the basic 
units are benzene rings that are fused together in the following manner: 


These fused aromatic systems are linked together by aliphatic hydrocarbon 
chains and also have hydrocarbon chain appendages which incorporate oxygen, 
nitrogen, and sulfur atoms. The number of rings in the aromatic clusters tends 
to be greater in anthracite than in the softer bituminous coals. P 
Given the complex molecular structure of coal, it is not surprising that it can 
be used to produce valuable industrial chemicals. Simple pyrolysis of bituminous 
coal at 1100°C yields a mixture of carbon monoxide and methane gases which 
can be used as fuel. In addition, there are produced quantities of methanol, 
ammonia, urea, and nitric acid which can be used in various industrial syntheses. 
Coal tar, the highest boiling fraction from the pyrolysis of coal, contains a variety 
of aromatic compounds, some of quite complicated structure. The solid carbon 
Tesidue, or coke, is a valuable reducing agent in metallurgical processes. Pyrolysis 
of coal in the presence of hydrogen gas produces even greater amounts of simple 
and complex aromatic hydrocarbons, aliphatic hydrocarbons, and smaller 
amounts of coke. Even though important chemicals can be derived from coal, 
there has been little effort made to develop this type of use. Until 1974, the 
Very low cost of petroleum made it the most attractive source of industrial 
organic chemicals, and the principal use for coal has been as a fuel. : 
Crude oil and natural gas are the other major sources of reduced fossil carbon. 
atural gas is‘an almost pure hydrocarbon mixture, and it consists mostly 
of methane and ethane, with smaller amounts of propane and butane. The 
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fact that its sulfur content is low makes natural gas a particularly attractive 
nonpolluting fuel. Crude oil also consists mostly of hydrocarbons, but it includes 
varying amounts of sulfur and oxygen containing compounds. Like coal, oil 
has a biological origin, and is usually found in areas which were marine sedimen- 
tary basins. Apparently, when marine plankton are precipitated and protected 
by sediment from contact with oxygen, they slowly decompose at moderate 
temperatures and pressures to yield a liquid hydrocarbon product. 

Crude petroleum can be separated by distillation into several fractions. So- 
called petroleum ether (which contains little if any ether functional groups) 
boils from 20-70°C, and includes C5 and Cs hydrocarbons. The higher boiling 
fractions include ligroin, Ce-C7 (70-100°C); straight gasoline, Ce-Cis (85- 
200°C); kerosene, Cy2-Ci4 (200-27 5°C); heating oils, C55-C1s (275°C); and 
the highest boiling fraction yields lubricating oils, paraffin wax, asphalt, and tar. 
Included in most of these fractions are alkanes, cycloalkanes, and aromatics in 
varying amounts depending on the source of the crude oil. ‘Because there is in 
crude oil & variety of chemicals which have very similar physical properties, 
it is usually not economical to separate any one compound, particularly if it has 
more than four carbon atoms in it. Instead, in petroleum chemistry the emphasis 
is placed on finding reactions which convert natural mixtures of hydrocarbons to 
more desirable mixtures, or to the low molecular weight hydrocarbons (C2-04) 
which can be separated readily. As we shall see, these latter compounds are the 
starting materials in a great many industrial syntheses. 

Because of the availability of crude oil and the ease with which it can be 
refined and transported, petroleum has become the single most importarit energy 
source in the United States and certain other highly industrialized nations. 
However, the known world resources of petroleum are limited, and in view of the 
value of oil as a source of industrial organic chemicals, its indiscriminant use as à 
fuel is a great mistake. 


Hydrocarbons 


In order to convert abundant high molecular weight hydrocarbons to the more 
valuable light alkanes and olefins, the higher boiling petroleum fractions are 
“cracked,” or subjected to temperatures of 700-900°C.. In many cracking 
processes, catalytic agents, such as the transition metal oxides CrOs, Mn305; 
and Fe,03 supported on alumina, are used to promote the formation of par- 
ticularly desirable hydrocarbon products. The result of cracking reactions isa 
mixture consisting mostly of Cs, Ca, and C, olefins along with methane and 
hydrogen. The individual components can. be separated readily. Some of the 
major uses for these C5-C, olefins are indicated below. 

Acetylene is one of the most important light hydrocarbons in industry. It 
ean be hydrated to give acetaldehyde which, in turn, can be oxidized to acetic 
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; HC=CH + H,0 > CH4CHO -2> CH,COOH. — 
), a large number of acids can be added tò aheiyiene to produce the vinyl 
ners used to make a variety of polymers: = = € 


H + HCl >. H,C—CHCl, _ vinyl chloride; 
+ HCN — H.C=CHCN, acrylonitrile; 
-+ CHCOOH — HC=CH00CH;, vinyl acetate; 
+ CO + CH,OH =C, H,C—O(CH;)COOCHs, 
| methyl methacrylate. 


dition of chloride to acetylene gives tetrachloroethane, a starting material 
the production of cleaning solvents. He t Y 
hylene is also a very important cracking product, and has a large number 
es. It can be polymerized directly to polyethylene or hydrated to give 
hol or ethylene glycol: 


H,C—CH, + H,0 > OH,CH,0H - Sai E 
HOCI — CICH;CH,0H ===, HOCH;CH;0H. 


thylene glycol is used as an antifreeze and cooling agent in engine radiators, 
is one of the components in: condensation polymers such as Dacron. Like 

: lene, propylene can be polymerized directly or hydrated to give isopropanol: 
à CH CH=CH; + H0 > CHsHOHCH;. 

‘oxidation of isopropanol is the principal way in which acetone is 

anufactured : : 3 ; 

CH;CHOHCH; zo» (CHs)20=0.+ Hs. 

r a wa! vas al A 2 

he mixture of butenes collected from the cracking process can be isomerized 

id catalysts to isobutene: guts Inia arty tr cualoosie 

CHCH;CH, -- H+ > CH,C+HCHCHs — H+ + CHsCH—CH—CHs 


1 
(CHs) ;CHCHZ — (CH3)50—CHs + HS 


utene is the monomer used to make butyl rubber. In addition, isobutane 
isobutene can be combined to produce isooctane, an important constituent 


-performance gasoline: 
(CH3),C—CH; + (CH3)sCH == (CHs)2CHCH2C(CHs)s. 
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Synthetic Polymers 
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By linking together low-molecular-weight organic compounds (monomers), it 
is possible to produce polymeric substances of very high molecular weight which 
have mechanical and chemical properties suitable for the manufacture of fibers, 
films, protective coatings, elastomers, tubing, containers, and insulating 
materials. Consequently, polymer manufacture is a very important component 
of the chemical industry. Through the understanding of the relationship 
between molecular structure and macroscopic properties, it has been possible to 
design synthetic polymers appropriate for many different types of application. 

There are two major types of polymerization process in use in the chemical 
industry, addition reactions and condensation reactions. Addition polymeriza- 
tion almost always involves monomers with one or more carbon-carbon double 
bonds, such as ethylene, propylene, isobutene, and the various vinyl monomers. 
Addition polymerization frequently is initiated by free radicals formed by heat 
or irradiation, and it proceeds by the following mechanism: 


Initiation: 
I> 2R-, R: + CH;—CHCI — RCH CHCI. 
Propagation: 
RCH;CHCI + CH;—CHCI — RCH,CHCICH,CHCI. 

"Termination: 
R(CH;CHOI) ,CH;CHCI 4- R(CH;CHCI),CH;CHOCI > R(CHsCHCl) m4n+2k 
R(CH2CHCl) mCH,CHCl 5 R(CH,CHOI),CH;CHCI > 

R(CH;CHCI),,CH—CHCI + R(CH2CHCl)nCH 9CH,Cl 
R(CH,CHC)),,CH,CHCI + RH — R(CH.CHCl),CH2CH2Cl + R°. 


The possible chain termination reactions are a combination of two chains, 
disproportionation to an alkane and olefin by hydrogen atom transfer, and 
abstraction of a hydrogen atom from a saturated molecule. Careful control of 
the polymerization conditions must be maintained in order to produce a polymer 
of desirable molecular weight and mechanical properties. 

Addition polymerization can also be carried out using cationic initiators. 
This is the most common way to polymerize isobutene to butyl rubber: 


AIC], + H50 — AICIOH- + Ht, 
H+ + (CH3)20=CHe — (CHs)3C*, 
(CH3)3C+ + CHg—C(CH3)» — (CHs)sCCH2C* (CH3)z. 


Addition of monomers to the chain continues until terminated by a reaction 


with an anion. Transition metal compounds, such as TiClg, which form complexes 
with olefins also are used to catalyze addition polymerization. The polymers 
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_ produced in this manner have very regular geometric structures and tend to be 
more crystalline and higher melting than the same polymers produced by free 
radical reactions. FIRE. DR. 

By proper selection of monomer, combination of two or more monomers 
(co-polymerization), and control of the molecular weight of the polymer, it is 
possible to create by addition polymerization substances which serve a great 
variety of purposes. Some addition polymers such as polyethylene, polypropy- 
lene, and polyvinyl chloride have common or commercial names which reveal 
their chemical composition. Other polymers for which the connection between 
the commercial name and molecular. structure is less obvious or nonexistent 
include Teflon (C2F4), Lucite (CHs=C(CH3)COOCHs), and Orlon or Acrilan 
(CH;—CHCN). regen 

In condensation polymerization reactions, parts of the monomer units are 
eliminated and the polymer has a composition which is different from that of 
the monomers used to make it. The simplest example is the combination of 
bifunctional acids and alcohols to make polyesters, with the elimination of water. 
In practice, it proves to be more advantageous to make polyesters by reacting 
a bifunctional acid which has already been esterified with methanol. The 
reaction then proceeds by displacement of the methanol. For example, consider 
the reaction of ethylene glycol and dimenthyl terephthalate: 


onoo )-00.0H + 2HOCH,CH,OH 
HocH.cH.0,c-{__)-C0.0H.CH.08 + 2CH,OH. 


Polymerization continues in a similar manner with the methanol being distilled 
from the reaction mixture as it is formed. ‘The resulting polymer can be formed 
into a fiber known as Dacron, or a very strong film called Mylar. A 

Another important condensation polymerization is inyolved in the formation 
of nylon. ‘The starting materials are adipic acid and hexamethylenediamine, 
and the reaction proceeds to form a polyamide: 


nHOOC(CH,),COOH + nH;N(CHJsNH; > 


gp 30 9 | 
be peg 
NOCH) NCH) + 2nH.O. 


Because of the formation of hydrogen bonds between chains, nylon tends to be 
*rystalline, has a high melting point, and considerable tensile strength. 
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17.10 CONCLUSION 


Organic chemistry is a vast but highly organized subject. Many reactions of 
organic compounds leave the carbon skeletons of the molecules largely un- 
altered and inyolve only the small number of atoms in a functional group. 
Each functional group has a set of characteristic reactions whose nature is only 
slightly dependent on the identity of the carbon skeleton to which the group is 
attached. Consequently, organic compounds can be classified and their reactions 
discussed in terms of functional groups. In this chapter we have discussed only 
a few of the more important reactions of the common functional groups. It 
should be clear from this introduction, however, that an extensive study of the 
detailed reactions of organic compounds is necessary if we are to understand 
the behavior of complex biological systems. 
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171 Write the structural formulas of the following compounds: (a) 2, 2-dimethyl- 
butane; (b) 3-ethyl-2, 3, 4, 4-tetramethylheptane; (c) 2, 2, 4, 4-tetramethylpentane; 
(d) 4-methyl-3-hexanol; (e) 4, 4-dimethyl-2-pentanol; (f) "2, 3-dimethylbutanal; 
(g) methyl isopropyl ketone. 

17.2 How would you accomplish the following conversions? (a) Acetaldehyde to 
2-hexanol; (b) diisopropyl ketone to 2, 3, 4-trimethyl-3-pentanol; (c) tert-butyl bromide 
to 2, 2-dimethyl propanol. 

17.3 Give a procedure by which 3-ethyl-2-pentene can be synthesized from ethanol 
and inorganic reagents. 


17.4 Show how methyl ethyl ketone can be synthesized from ethanol and inorganic 
reagents. : 


17,5. Write the structural formulas of the hydration products of the following olefins: 
(a) propylene; (b) 2-methyl-2-pentene; (c) 1-methyl cyclohexene. 


17.6 Give the name of the compound formed by the addition of HC] to (a) isobutene; 
(b) 3-methyl-2-pentene. 
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CHAPTER 18 


BIOCHEMISTRY 


This topic includes all molecular phenomena associated with life processes, and 
is, therefore, a subject of enormous breadth, complexity, and challenge. Con- 
sequently, biochemistry is presently one of the most interesting and active | 
areas of chemical research. In this chapter we shall find that the principles of 
stoichiometry, equilibrium, oxidation-reduction, chemical kinetics, and molec- | 
ular structure discussed in earlier chapters are relevant to biochemical problems. 

In the last two decades in particular, application of chemical and physical” 
techniques and principles to biological problems has produced an almost sinag 

estimable increase in our understanding of life processes. | 


Although we are prineipally concerned with the molecular phenomena associated 
with the life process, a brief discussion of the structure of the biological cell isin 
order. The cell is the smallest unit capable of effecting and regulating metabo- 
lism, energy conversion and storage, and molecular synthesis. In order tol | 
understand how these chemical processes are related, we must have some famili- 

arity with cell structure and composition. Some of the chemical terms we shall” 
use to describe the cell composition may not be familiar, but all are discusse™” 
in more detail subsequently in this chapter. | 


Cells occur in & variety of sizes and shapes, but the one shown in Fig. 18.1 
displays the general features relevant to our discussion. This cell is approxi- 
mately spherical, with a radius of about 2 X 107* cm. The gross volume of the 
cell is therefore approximately 3 X 107 cm. The actual cellular surface area 
is greater than that of a sphere of the same radius, because the cell membrane 
contains numerous folds and irregularities. Since delivery of nutrients and 
removal of waste products occur largely by diffusional transport through the 
cellular membrane, the surface-to-volume ratio of the cell is important. Should 
the radius of the cell become, too large, and the surface-to-volume ratio too 
small, transport to and from the cell may not properly match the rate of chem- 
ical processes within the cell. j 


A; schematic representation of.a generalized animal cell. 


ihe 14 | 


by. weight. The nonaqueous 


The cell i i 80 percent water 
ell is approximately 80 pe! ] "esed org M ip NE 


Substances generally average. 14. percent, protein, ds or 
materials, E ed starch, 2.percent ribonucleic acid, and 
l percent deoxyribonucleic- acid.. "These percentages wary according, to, cell 
function, and in addition to the major substances mentioned, there are minor 
amounts of physiologically important constituents like sodium ion (~0.02 M) 
and potassium ion (~0.1 M). , i hort 4 

À membrane approximately 100 A thick surrounds the cell.. In animal cells, 
this membrane has a “sandwich” structure consisting of a lipid layer between 
two layers of protein which are each approximately 25 A thick. The membrane 
35 flexible and readily permeable to small molecules. 
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There are a number of substructures within the cell. The nucleus is sepa- 
rated from the main aqueous body or cytoplasm by a double-layered, slightly 
porous protein membrane. The nucleus serves as the site for storage and trans- 
mission of hereditary characteristics. This genetic control is accomplished by 
deoxyribonucleic acid (DNA) molecules, whose general structure we will study 
in Section 18.6. 

Animal cells contain mitochondria, small rod-shaped particles concerned with 
chemical degradation of fats, part of the carbohydrate metabolism, and produc- 
tion of the energy-rich compound adenosine triphosphate (ATP). 

The lysosomes are intracellular particles somewhat smaller than the mito- 
chondria. They contain enzymes that catalyze the degradation of various 
complex molecules in the cell. The controlled use of these enzymes permits the 
cell to digest large molecules and membrane material. 

The cell contains a highly folded, maze-like membrane called the endoplasmic 
reticulum. In certain areas of this membrane there are attached granular par- 
ticles of about 300 A diameter called ribosomes. The ribosomes are made up of 
lipid, protein, and ribonucleic acid (RNA), and are of extreme interest, since 
they are the sites at which protein synthesis occurs. 

We see that within the cell there are regions which are associated with quite 
different types of metabolic, synthetic, and transport processes. The operation 
of the cell involves concerted, coupled action by these components, each of 
which is itself a highly complex chemical system. The aim of biochemistry is 
to achieve an understanding of the operation of these systems by studying the 
structure and chemistry of lipids, polysaccharides, proteins, nucleic acids, and 
other cell constituents. 


' 18.2 BIOCHEMICAL ENERGETICS 


From our sketch of cell structure and function we can see that the energy- 
releasing metabolic processes occur at sites which are removed from the places 
where the often energy-consuming synthetic reactions go on. Moreover, much 
of the food metabolism occurs at a slower rate and at a different time from the 
energy-consuming muscle action. If the energy released by metabolism is not 
to be lost as heat, it must be stored as internal energy of molecules which can 
easily be transported to the appropriate places and used at the proper time and 
rate. The molecule of central importance in this energy storage and transport 
is adenosine triphosphate, or ATP. Its structure, shown in Fig. 18.2, should 
be examined carefully. It consists of a polyphosphate chain attached by an 
ester linkage to the sugar ribose. The nitrogen-containing base adenine is 
attached to the ribose fragment at another position. This base-sugar-phosphate 
structure is important not only because it occurs in ATP, but because it is the 
fundamental unit in nucleic acids, and in a number of other molecules involved 
in metabolism and synthesis. 


BIOCHEMISTRY | 18.2 


OG 20) 
sol o 4.— s 
ba dn 


HO OH 


The structure of adenosine triphosphate (ATP). 


In the course of oxidative metabolism, ATP is formed from adenosine 
diphosphate (ADP) and inorganic phosphate ions: 


Food metabolism 


energy 
ADP + phosphate ———————9» ATP 


Thus the energy for the ADP-to-ATP conversion comes from the oxidative 
metabolism of foods. This “stored” energy can be recovered when needed by 
the hydrolysis of ATP: 


ATP + H,0 — ADP + phosphate, — AG? = —8 kcal, 


9r by other reactions in which a phosphate group is transferred from ATP to 
another molecule. Because free energy decreases upon conversion of ATP to 
ADP or to adenosine monophosphate (AMP), the phosphorus-oxygen bonds 
in these molecules are often referred to as “energy-rich” or “high-energy” bonds. 
This terminology, in common use in the biochemical literature, may be some- 
What confusing, since a biochemist’s “high-energy bond” is, in fact, a weak bond, 
and not one with a high bond-dissociation energy. j Tto 

There is one other property of ATP which is important to its biochemical 
function, Although ATP is thermodynamically unstable with respect to hy- 
drolysis, this reaction is very slow. Consequently, ATP is kinetically stable, 
and its energy-releasing reactions occur only when the appropriate enzyme 
Catalyst is provided. This is the means by which the energy-release processes 
are controlled. f 
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As a simple example of how the energy stored in ATP can be used, consider 
the following. The AG? of the esterification reaction 


o 
I 
RCOOH + R'OH — RC—OR’+H20, ^ AG? = +2 kcal 


is positive, and consequently the ester synthesis does not proceed to completion. 
A more complete conversion can be obtained by coupling the esterification to 
the hydrolysis of ATP. The coupling can occur by the following two-step 
process: 


0 oO 
l | 
RCOOH + ATP > RC—-0—POH + ADP, . AG? = —3 keal, 
H 


00 
L] | 
RC—O—P—OH + R'OH — RC—OR’ + H;PO,, AG? = —3 kcal. 
H 
The overall reaction 


RCOOH + R'OH + ATP — RCOOR' + H5PO, + ADP, — AG? = —6 kcal 


has a negative free-energy change, and proceeds largely to completion. Thus, 
ATP formed by an exothermic metabolic reaction can be used subsequently to 
carry out a necessary synthetic or degradative reaction whose energetics may 
be quite unfavorable. The general phenomenon of the coupling of endo- and 
exoenergetic reactions is extremely important in biochemical systems, as the 
following discussion will demonstrate. 


Oxidation-Reduction Reactions 
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In the cell, oxidation of foodstuffs releases energy which is used subsequently 
for macromolecular synthesis, transport of matter, and muscle action. The 
complete oxidation of a carbohydrate food like glucose releases an enormous 


amount of energy: 
CeHi205 + 602 — 6H20 + 6CO;, AH = —686 kcal. 


In biochemical systems, oxidations of complex molecules do not take place in 
a single step. In contrast, they occur by a series of a dozen or more reactions, 
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which successively break down the original molecule into smaller, more highly 
oxidized species, and eventually produce carbon dioxide and water. The energy 
released in at least some of these individual metabolic steps must be used 
directly or indirectly to convert ADP to ATP. 

Even the individual steps in the metabolic sequence do not directly involve 
molecular oxygen. Oxygen is such a powerful oxidizing agent that the energy 
released in even the partial oxidation of an organic substrate molecule is so 
large that it could not be used or stored efficiently. For example, the direct 
oxidation of malic acid to oxaloacetic acid would release 46 kcal of free energy: 


COOH COOH 
HOH +40: > bo +H,0, AG? = —46 kcal. 
CH; CH; 
boon COOH 
Malic Oxaloacetic 
acid acid 


The large driving force of this reaction would be largely wasted if it were to 
occur directly. Instead, in the mitochondria of the cell, a much weaker oxidant, 
nicotinamide adenine dinucleotide (NAD*), carries out the oxidation of the 
substrate: ‘ 


COOH COOH 

! bo - 
HCOH + NAD*— + NADH + H+. 

Doc Ha 

COOH ‘OOH 


Because NAD* is not a particularly strong oxidant, its reduced form NADH 
can be oxidized by a slightly stronger oxidant found in the cell, flavin adenine 
dinucleotide (FAD). Concurrently, ADP and inorganic phosphate (designated 
by Pi) is converted to ATP: 


NADH + ADP + P; + H+ + FAD — NAD+ + ATP + FADH;. 


In effect, the driving force derived from the NADH oxidation and FAD reduc- 
tion is used to form energy-rich ATP. 

The reduced form FADH; is itself oxidized by an oxidant stronger than FAD. 
The Sequence of oxidation-reduction reactions continues for five more steps, 
and in each successive step, a stronger oxidant is used, Molecular oxygen 
appears as the oxidant only in the last of these steps. 
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The total sequence of oxidation-reduction reactions which couple the oxida- 
tion of a foodstuff substrate to the reduction of molecular oxygen is shown in 
Fig. 18.3. Four of the oxidant-reductant pairs are cytochromes, in which ferric 
or ferrous ion is complexed in a porphyrin ring and is bound to a protein, as 


shown in Fig. 18.4. Differences in the structure of the porphyrin ring and the’ 


protein account for the differing oxidative power of the cytochromes. 

Figure 18.3 shows that three of the sequential oxidation-reduction reactions 
involve the conversion of ADP and inorganic phosphate to ATP. Thus, by this 
sequence of coupled oxidation-reduction reactions, the energy released by the 
oxidation of the carbohydrate substrate can be stored in a usable form as ATP. 


H 
HOOCCH3CH; 'H;CH;COOH 


Part of the structure of cytochrome c, showing the iron atom complex in the porphyrin 
ring System which is in turn attached to a polypeptide chain. 


The intermediates NAD*, FAD, ete., are left unchanged, and the net reaction 
15 schematically : 
Substrate Hy + 3ADP + 3P; + 30s > Substrate + 3ATP + H20. 
d 
In subsequent discussions of metabolic processes, we shall frequently encounter 


oxidations by NAD+. It is important to realize that these can lead, by the 
Steps of Fig. 18.3, to reduction of oxygen and production of ATP. 


18.2 | BIOCHEMICAL ENERGETICS 


FIG, 18.4 


18.3 LIPIDS 


798 


Lipid is a name applied to the cellular components which are water-insoluble, 
but which can be extracted with organic solvents like ether, benzene, and 
chloroform; consequently, this classification includes a large number of mole- 
cules whose structures and functions are at best distantly related. A major 
part of a lipid extract, however, consists of substances which yield, upon hy- 
drolysis, long-chain aliphatic acids called fatty acids. We shall restrict our 
discussion of lipids to these substances. This group is further classified as 
follows: 


1. Simple lipids. This group includes fats, which are esters of fatty acids and 
glycerol, CH;£OHCHOHCH ;0H, and wazes, in which fatty acids are esteri- 
fied with alcohols of high molecular weight. 


2. Compound lipids. This includes molecules in which glycerol is esterified with 
fatty acids and phosphoric acid, and in addition, fatty-acid esters of sugar 
molecules. 


Fatty acids are carboxylic acids, RCOOH, óf high molecular weight, in which 
the alkyl group R may be saturated, unsaturated, cyclic, or branched-chain. 
Acids in which R is an unbranched open chain are by far the most common. 
In virtually all the naturally occurring acids, there is an even number of carbon 
atoms. The formulas, common names, and occurrence of some of the fatty acids 
are given in Table 18.1. The most abundant saturated acid in animal fats is 
palmitic (C16), with stearic (C13) second in importance. Oleic (Cg) and pal- 
mitoleie (C16) are the two most frequently occurring unsaturated acids. 
The most abundant unsaturated fatty acids have the formula 


RCH-—CH(CH53);C00H, 


where seven carbon atoms separate the carboxylic acid and ethylenic functional 
groups. The R group itself may be unsaturated. 'The presence of double bonds 
introduces the possibility of cis-trans isomerism. The cis configuration is the 
one found in virtually all the naturally occurring acids. 


Table 18.1 Some common fatty acids 


Common Name Systematic Name Formula Source 
Butyric Butanoic C3H7COOH Butter 
Caprylic Octanoic C7H15COOH | Coconut oil 
Palmitic Hexadecanoic C15H31COOH | Palm oil 
Stearic Octadecanoic C17H35COO0H | Mutton fat 
Palmitoleic 9-Hexadecenoic C15H29COOH | Butter 
Oleic 9-Octadecenoic €17H33COOH | Olive oil 
Linoleic 9, 12-Octadecadienoic C17H31COOH | Soybean oil 
Linolenic 9, 12, 15-Octadecatrienoic | C17H29COOH | Linseed oil x 
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Nearly 10 percent of the body weight of a mammal may be in the form of fats, 
or triglyceryl esters of the fatty acids. The general formula for these com- 


pounds is 
(eae adis 
On 
C=0 C=0 C=0 
int et nates 


(0) 


Il 

The three R—C— groups, which represent the fatty-acid residues, may be the 
same or different. Triglycerides of saturated acids tend to have higher melting 
temperatures than those of unsaturated acids. Animal fats are relatively rich 
in saturated triglycerides, and this is the reason they are solids at room tem- 
perature. Vegetable oils like corn and safflower oil have a greater percentage of 
unsaturated triglycerides, and consequently are liquids at room temperature. 
Frequently these liquid vegetable oils are hydrogenated in order to produce a 
more saturated solid fat for table use, 

Waxes are also esters of fatty acids, but the alcohol is a long-chain (~C30) 
aliphatic primary or secondary monoalcohol. As an example, we have beeswax, 
which is largely an ester of palmitic acid with myricyl alcohol, CH3(CH2)290H: 


CH3(CH3) P Begg 


Simple Lipids 


Lipid Function 


As was mentioned in Section 18.1, lipids occur in the cell membrane, sand- 
wiched between two layers of protein. The lipid layer exerts some selectivity 
and control over the transport of substances to and from the cell. Molecules 
which dissolve readily in organic solvents readily pass through the lipid layer 
of the membrane. Molecules which are only water-soluble cannot easily diffuse 
through the lipid layer, and must enter and leave the cell either in close associa- 
tion with lipid-soluble substances, or through pores in the membrane which 
themselves exert some selectivity on the size and charge of the molecules that 
can pass. 

Lipids are the principal constituents of the protective tissue which insulates 
warm-blooded animals against a low-temperature environment. In plants, 
Waxes serve to protect surfaces of leaves and stems against water, and attack 

Y insects and bacteria. j 

The main function of fats is to serve as the major and most efficient reposi- 

tory of energy. Complete combustion of 1 gram of fat produces approximately 
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Fatty Acid Oxidation 


9 keal, which is considerably more than 5.6 keal/gm obtained from protein, or 
4.2 keal/gm produced by carbohydrates. The high heat of combustion of fats 
is a consequence of their being nearly entirely hydrocarbon, whereas in proteins 
and particularly in carbohydrates, the hydrocarbon skeleton is already partially 
oxidized. ! 

The first step in the metabolism of fats is the hydrolysis (in the intestine): 
of triglycerides to glycerol and fatty acids. The reaction 


[o] : 
CH ot R 


CHOH 
ug. + 3H,0 > bioi + Fatty acids 
[0] HOH 
2, 0 4 n^ 
Glycerine 


is catalyzed by water-soluble enzymes called lypases or esterases. The water- 
insoluble lipids are emulsified by bile acids, and the hydrolysis catalyzed by 
the water-soluble enzyme occurs at the interface of the lipid drop and the! 
aqueous digestive fluid. "The hydrolysis products then are carried to the cells, 
where they undergo oxidative metabolism. The glycerol enters the carbohydrate- 
metabolism scheme which we shall study in Section 18.4. The acids, which are 
the major energy source, are oxidized by a stepwise process, the details of which 
we shall now discuss. 


In the first stage of utilization of fatty acids, these molecules are systematically 
and repeatedly shortened by two carbon atoms at a time by the series of re- 
actions indicated schematically in Fig. 18.5. A key substance in this cyclic. 
degradation scheme is called Coenzyme A (CoA or SCoA), a molecule whose 
structure is given in Fig. 18.6. Note that part of this molecule is made up of - 
the adenine, ribose sugar, and polyphosphate groups that occur in ADP, NAD, 
and FAD. For the present purposes, however, the important functional group. 
on CoA is the sulfhydryl or thio-aleohol group SH. In the first step of fatty-acid — 
degradation, a thioester, the sulfur analog of an ordinary ester, is formed between 
CoA and the fatty acid. This reaction is coupled to and driven by an ATP-to- | 
AMP conversion. | 

In the second step of the degradation, the acid residue in the thioester i8 ~ 
oxidized or dehydrogenated by FAD at the positions immediately adjacent to 
the carbonyl group. The FADH; producgd by this dehydrogenation can be 
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E 
ATP 
[0] 
Ha 


c 
p 


R 
1 SCoA 
FAD FADH; o 
©) CoA CH CoA 
R 2 R 
3 
[0] 
OH 
A 


H 
N EA 
wa 


To Step 2 NAD+ 


NADH 


[9 
| 


o Vo 
| 5 l 
C—SCoA J^ CoA 
K E S as, 
O sca Rk ” 
BH ^ 


The sequence of steps by which fatty acids are shortened by two carbon units. The car- 
boxyl and a-carbon atoms are removed as an acetyl-SCoA molecule which undergoes sub- 
Sequent oxidation. The fatty-acid residue reenters the degradative cycle. 


oxidized by oxygen through the cytochrome series with concomitant produc- 
tion of ATP. In step three, the ethylenic bond is hydrated catalytically to an 
alcohol which is then oxidized in the fourth step to a ketone by NAD+. In the 


fifth step, this ketone is enzymatically cleaved at the indicated bond, with the ' 


introduction of another molecule of SCoA. We have at this point two thioesters. 
One, acetyl CoA, or 
ku ee i 


contains the acetyl group, 


CH3C—, 
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FIG. 18.5 


FIG, 18.6 


which came from the first two carbon atoms of the original fatty acid. The 
other thioester, 


i 
R’C—SCoA, 


contains the original fatty-acid chain shortened by two carbon atoms. This 
thioester is ready to begin the degradation cycle again, and does so repeatedly. 
In each passage through the cycle, the acid chain is reduced in length by two 
carbon atoms, and each time one molecule of acetyl CoA is formed. 


Bc NH, 


oxen ee 
SES l CH: TANE Q—P. 
H CH; ba H 


The structure of coenzyme A. Note the SH group 
which is the point of attachment to the R—CO— 
function of acids. 


The acetyl CoA units from acid degradation are subsequently oxidized to 
CO; in the Krebs citric-acid cycle, and it is in these latter steps that most of 
the energy associated with fat metabolism is released, or stored as ATP. The 
Krebs cycle is also responsible for the oxidation of acetyl CoA produced from 
the degradation of carbohydrates, and will be discussed in detail in Section 18.4. 
It has been calculated that through degradation and Krebs oxidation, one mole 
of a Cy¢ fatty acid leads to the production of 130 moles of ATP. This stored 
energy corresponds to a stored energy of about 45 percent of the entire energy 
of combustion of a C16 acid; the rest is dissipated as heat. 


18.4 CARBOHYDRATES 


802 


Carbohydrates occupy a most important position in the chemistry of life pro- 
cesses. They are formed in plants by photosynthesis, and thus are the major 
product of processes by which inorganic molecules and energy from the sun are 
incorporated into living things. The carbohydrate cellulose, which is a very 
high molecular-weight polymer of glucose sugar units, is a major structural 
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component of plants. In animals, carbohydrate metabolism is a yery important 
source of energy. Nucleic acids, which control the replication processes within 
` the cells, are polymers in which the repeating unit contains a sugar molecule, 
and are consequently closely related to the carbohydrates. : 
Carbohydrates are polyhydroxyaldehydes or ketones of the empirical formula 
C,H5,0,. The simplest such molecules are called monosaccharides, and if n 
is 5 to 8, these substances have a sweet taste. Molecules in which two to ten 
monosaccharide units are linked are called oligosaccharides (Greek oligas, few), 
and the term polysaccharide is applied to polymeric molecules which may con- 
tain several thousand monosaccharide units. 


Monosaccharides 


The most important monosaccharides are the five- and six-carbon sugar mole- 
cules called pentoses and hexoses, respectively. There are a number of ways in 
which the structures of these molecules can be displayed. The five-carbon 
sugars p-ribose and p-2-déoxyribose, which are found in nucleic acids, are shown 
below as they occur in the form of five-membered rings. 


5 5 
HOCH; ^O H HOCH; H 
4 H 4 1 
He Ht HH 
H OH OH 
OH OH H H 
3 2 3 2 
p-ribose p-2-deoxyribose 


In this formula, a carbon atom is understood to be at each apex of the ring, 
except where an oxygen atom is indicated. It is important to note the spacial 
relationships of the OH groups that are revealed by these formulas. The five- 
membered ring is planar, and in both molecules, all OH groups bonded to ring 
carbon atoms lie below the plane of the ring, while the CH,OH group lies 
above this plane. 1 à 

A free sugar exists as an equilibrium mixture of ring and open-chain forms. 
Thus »-glucose, the repeating unit in starch, can exist in either of the following 
two forms: CHO ) 


D | 
HOCH; ae (2) 
5 
H u H HO—C—H (3) 
4 1 n 4) 
OH H H H ¢ 
oF on nion 6) 
H 
^ : CH;0H (6) 
p-glucose 
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" 
In the open-chain form, the functional group on the first carbon is an aldehyde. | 
When glucose assumes the ring form, the hydroxyl of the 5-carbon adds tothe 
aldehyde carbon, completes the ring, and converts the aldehyde oxygen to an 
OH group. The orientation of the OH group at the 1-carbon in the ring form 
is very important. The configuration shown above, where the OH at the 
1-carbon and at the 4-carbon are on the same side of the ring, is called o-glucose. 
The molecule which has these two OH groups on opposite sides of the ring is 
called 8-glucose. The two forms can interconvert through ring opening to the 
aldehyde structure, followed by ring closure: 1 


CHO 
HOCH; Ht og ^ HOCH, 
E H H MN: 
OH me OH ma oig OH i 
oH Con oH 
a-glucose Aca B-glucose 


Starch, a polysaccharide which is readily digestible by humans, is a polymer of 
a-glucose, whereas cellulose, which cannot be digested by humans, is a polymer 
of 8-glucose. 


Polysaccharides 


Three of the most important polysaccharides are starch, cellulose, and glycogen. 
Starch is a foodstuff produced in plants, cellulose is the structural material of 
plants, and glycogen is the form in which glucose is stored in animal cells. All 
of these substances are polymers of glucose, and differ from each other in molec- 
ular weight, the nature of the linkage between glucose molecules, and the degree 
of polymer chain branching. . 

: Cellulose is a long-chain polymer of about 3000-4000 glucose units. Cotton 
is approximately 90 percent cellulose. The strong fibrous nature of this and 
other such plant material is a consequence of the long-chain structure of the 
cellulose molecule. 

Figure 18.7 shows part of the cellulose structure. We see that adjacent 
glucose units are linked by an oxygen bridge between carbons 1 and 4. This 
bridge is called a glycosidic linkage. We see also that in each case, the 1-carbon 
has the B-configuration, and consequently cellulose is said to have a B-glycosidic 
linkage. Even though the enzymes in the human body can cleave an a-glyco- 
sidic linkage, they cannot cleave the B-glycosidie bonds in cellulose; conse- ` 
quently, humans cannot digest cellulose. Some bacteria found in the intestines 
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of herbivorous animals do possess the enzymes necessary to break down cellulose 
to glucose, and consequently these animals can use cellulose as a food. © 

As Fig. 18.8 shows, in the starch molecule the glucose units are joined by an 
a-glycosidic linkage between the 1- and 4-carbon atoms of successive rings. 
The hydrolysis of the a-glycosidic linkage is catalyzed by enzymes secreted by 
the human salivary and pancreatic glands, and consequently starch can be 
used as a food. 


6 
CH,0H 


'H30H 
6 


Part of the cellulose chain. Note the -glycosidic link between carbons 1 and 4 of adjacent 
rings. 


Part of the chain structure of starch. Note the a-glycosidic link between carbons 1 and 4, 
At other places in the chain these are 1-6 glycosidic bonds. 


Two kinds of starch molecules occur in nature. About 10 to 20. percent con- 
sists of long unbranched-chain molecules, and is called amylose. The other 
component, named amylopectin, is a highly branched polymer in which most 
monomers are joined by 1,4 linkages, with chain branching oceurring through 
1,6 linkages, as Fig. 18.9 shows. The linear polymer amylose is soluble in hot 
water, whereas amylopectin is not. Both forms represent plant-energy storage 
which can be used directly by humans. 3 

Glycogen is the ne in animal tissue to the amylopectin of plants. 

` Like amylopectin, glycogen is a polymer of glucose with 1,4-a-glycosidie link- 
ages, and considerable chain branching through 1,6 linkages. The molecular 
weight of glycogen ranges from 2 X 10° to 10°. While all animal tissue contains 
glycogen, the liver is the principal site in which it is stored. 
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Carbohydrate Metabolism 


The necessary first step in the utilization of polysaccharides by animals is the 
enzymatic hydrolysis of starch or glycogen to free glucose sugar molecules. The 
glucose molecules are then broken down and oxidized in two major stages. In 
the Embden-Meyerhof glycolytic pathway, glucose is converted by a series of 
steps to two molecules of pyruvic acid, CH3COCOOH. This decomposition is 
accomplished anaerobically, that is, without oxygen. The pyruvic acid then 
enters the Krebs citric-acid cycle, which has as its ultimate products COs, 
H530, and ATP. The oxidants which participate directly in the Krebs cycle are 
themselves oxidized by a chain of redox couples which has molecular oxygen as 
its ultimate oxidant. 

The major features of the Embden-Meyerhof glycolytic pathway are given 
in Fig. 18.10. Glucose is converted to a phosphate ester by ATP, isomerized 
enzymatically to a five-membered ring, and then another phosphate group is 
added by ATP. The resulting diphosphate is broken into two three-carbon 
fragments which are both converted to 1,3-diphosphoglyceric acid. This mole- 
cule then loses one phosphate group, and restores one mole of ADP to ATP. 
After an isomerization and dehydration, the last phosphate group is eliminated, 
and another molecule of ATP formed; the product pyruvic acid is then ready 
to proceed to the Krebs oxidative cycle. If no oxygen is available, as might be 

acs the case following brief but violent muscle action, pyruvic acid is reduced to 
lactic acid by NADH. When oxygen becomes available, this lactic acid is 
reoxidized to pyruvie acid, and then enters the Krebs oxidative cycle. 

There are, in the Embden-Meyerhof pathway, two oxidation-reduction 
reactions. In step 5, NAD* is the oxidant, and NADH is produced. If lactic 
‘acid is formed from pyruvic acid in the last step, however, an equivalent amount 
of NADH is consumed. Hence, if lactic acid is formed, there is no nét oxidation 
or reduction associated with glycolysis. There is, nevertheless, a net production 
of ATP. A total of two moles of ATP per mole of glucose are consumed by 
steps 1 and 3, but in steps 6 and 9, two moles of ATP per mole of three-carbon 
fragment, or four moles of ATP per mole of glucose are produced. Thus the 
decomposition of glucose to pyruvic acid is accompanied by formation of energy- 
rich ATP. 

The Krebs citric-acid cycle is sketched in Fig. 18.11. This cycle converts 
the products of glycolysis to carbon dioxide and water, and is also the pathway 
by which fragments from fatty acids are oxidized. It is, therefore, of central 
importance in the metabolic scheme. 

Pyruvic acid enters the Krebs cycle by losing CO; and being converted to 
an acetyl group CH3CO attached to the sulfur of Coenzyme A. The oxidation 
required in this step is effected by NAD+, which, as we haye discussed, is 
reoxidized and leads to production of three molecules of ATP. The acetyl CoA, 
which is also the product of fatty-acid breakdown, then transfers its acetyl 
group to oxaloacetie acid to form citric acid. Then follow dehydration and 
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hydration reactions which convert citric acid to isocitric acid. An oxidation by 

y NADP+, a phosphate ester of NAD*, liberates CO», leads to the eventual 
production of 3 ATP, and forms a-ketoglutaric acid. Another oxidation, this 
time by NAD? aided by CoA and other agents, liberates another CO molecule, 
and produces succinie acid. At this stage, the two-carbon fragment which 
entered the cycle as an acetyl group has been oxidized to CO», and the remain- 
ing steps of the cycle serve to restore the oxaloacetic acid with which the cycle 
began. The succinic acid is dehydrogenated to fumaric acid. Addition of water 
gives malic acid, and oxidation of this molecule by NAD* finally produces 
oxaloacetie acid, which is then available to begin the cycle again. 

For every acetyl group that enters the Krebs cycle, 12 molecules of ATP are 
produced. In addition, three molecules of ATP and one molecule of CO; are 
formed in converting the pyruvic acid from glycolysis to the acetyl CoA that 
enters the cycle. Consequently the overall carbohydrate oxidation reaction can 
be written 


r4 ~CsH403 + $05 + 15ADP + 15H3PO,4 — 3CO. + 2H50 + 15ATP-H30. 


The oxygen enters the reaction indirectly through the oxidants NAD+, NADP+, 
and FAD. 


-. 18.5 PROTEINS | 
^ | : 
RUN We have already pointed out that proteins constitute most of the nonaqueous 
component of the cell. Even considering this abundance, the variety of fune- 
tions performed by proteins is extremely impressive. Enzyme molecules which 
are such specific catalysts for so many synthetic and degradative reactions of 
the life cycle are proteins, as are many of the regulatory hormones. Proteins 
are components of the peri- and intra-cellular membranes, serve as antibodies 
. to foreign antigens, perform the oxygen-carrying function in the blood, and 
constitute some of the chromosomal material. Thus the form, regulation, and 
reproduction of living things are dominated by the proteins. 


» 


Amino Acids 1 


Proteins are polymers of o-amino acids. As we found in Chapter 17, the a-amino 
acids have the general structure 


a 
METH. 
NH2 


in which the amino group and the radical R are attached to the first (a) carbon 
atom removed from the carboxylic acid group. There are 20 amino acids which 
occur in protein molecules, and the individual properties of these acids are 
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.. dictated by the nature of the R group. The unique features of the different 
_ proteins are a consequence of ‘the total number, variety, and sequence of the 

amino acids which occur in the polymer chain, and as well, of the spacial con- 
figuration of the chain itself, 2: MR is AT 

The structural formulas, common names, and three-letter abbreviations for 
the 20 amino acids are given in Fig. 18.12. We see that the acids can be con- 
sidered to be derivatives of glycine, NH;CH5COOH, in which various R groups 
have been substituted for one of the a-hydrogen atoms, In a number of the 
acids, the R group is entirely an aliphatic or, in one case, aromatic hydrocarbon, 
In the other acids, the R radical contains a potentially reactive functional group. 
| Serine, threonine and tyrosine have an OH group which can esterify with organic 
- jacids or with phosphoric acid. Glutamic and aspartic acids have a second acid 
functional group, while lysine and arginine have a second amino group. The 
highly reactive SH or sulfhydryl function in cysteine is very significant, since 
two of these can form a disulfide bond , and thereby link together two 
protein chains, As was mentioned in Chapter 17, all of the amino acids except 


glycine have four different substituents on the a-carbon atom, and conse- 
: quently are optically active. Of'the two possible arrangements of atoms at the 
itd asymmetric center, only the r-strueture has been found in natural proteins, 
|... Amino acids are linked together to form proteins by the peptide bond. This 
linkage can be pictured as the result of the condensation of the carboxyl group 
_ of one acid with the amino group of another, accompanied by the elimination 
of water. ; à $ 


Tt is the link between the carbonyl carbon and the amino nitrogen that is called 
the peptide bond: . ede ET ! * 

Continuation of the condensation process to link together many amino acids 
produces a polypeptide. The repeating unit in the polypeptide chain 


referred to as an amino acid residue, 2 Does Gi agano 
` acid after the elements of Water are 
Or fewer amino acids are referred to 


Occurring molecules are called proteins. ^ 
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Side-Chain (R-Group) 
Characteristic 


Chemical structure Amino acid Symbol 
H 2 
Aliphatic, nonpolar E Glycine Gly 
An, OH 
H JA 
Alanine Ala 
Ny 


Valine Val 


Leucine Leu 


Isoleucine Ileu 


" 


H 0 
Alcoholic, aliphatic and aromatic Pe Serine Ser 
m Non 
HO 
E- Threonine Thr 
1m, Sou 


Aromatic Tyrosine Tyr 


Phenylalanine Phe 


Tryptophan Try 


FIG. 18.12 The common amino acids, their structures, and their symbols. 


Bide-Chain (R-Group) 


Characteristic 


Carboxylic (acidic) 


Amine bases (basic) 


Sulfur-containing 


Amides 


Imino 


Amino acid 


Glutamic 


Lysine 


Histidi 


Cysteine 


Methionine 


Asparagine 


Glutamine 


Proline 


Symbol 


Glu 


Lys 


His 


Cys 


Met 


Gin 


Pro 
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Protein. Structure 


There are four levels E which the structure of proteins can be described. The 
primary structural feature is the amino-acid sequence. The secondary structure 
refers to the spacial configuration of the amino-acid chain; frequently this is a 
helical structure. The tertiary structure is a description of how the helix is 
folded and bent. Finally, the quarternary structure arises from the association 
of individual proteins to form distinct complex super molecules. Each of these 
features can be very important to the biological function of the protein. To 
establish the complete structure of a protein at all four levels is an enormously 
difficult problem, and the techniques used to learn about each structural level 
differ very greatly. 

The first step toward establishing the primary structure of a protein or poly- 
peptide is to obtain an analysis of the amino acids present in a pure sample. 
s The preparation of the purified protein may in itself be a difficult task. An 
Y approximate molecular weight for the protein can be obtained by several 
physicochemical methods which include measurement of the rate of sedimenta- 
tion in a centrifuge, osmotie-pressure determinations, and light-scattering 
studies. Then weak-acid hydrolysis may be used to cleave the peptide bonds 
and produce free amino acids, which can then be identified and analyzed quan- 
titatively. With the quantitative amino-acid composition known, one has an 

empirical formula for the protein. 

At this point, however, the primary-structure determination has just begun. 
The number of different sequences of acids that is possible for even a very 
small molecule is very great. If we were dealing with a molecule in which there 
were only ten amino acids, all different, there would be 10! or 3,628,800 possible 
sequences. While there are some polypeptides of biological importance with 
only nine different amino acid residues, the relatively small insulin molecule of 
molecular weight 5733 has 51 acid residues, and the muscle protein myoglobin 
contains 153 residues. Other proteins have molecular weights up to the order 
of 7 X 109, and the number of possible acid sequences in such molecules is 
difficult to imagine. 

A number of chemical techniques have been used to determine the amino- 

' acid sequence in several polypeptides and proteins. One of the important 
reagents used is dinitrofluorobenzene. This molecule attaches itself to the free 
amino group at the end of a polypeptide: 


HHO R"O R"O 


D. + song Ho AF + e(t Cresc iom 


N-terminal C-terminal 
` acid acid 


If the resulting adduct is hydrolyzed, the peptide bonds break, but the dinitro- 
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benzene remains attached to the amino group of the N-terminal acid. This 
acid can. be separated and identified by chemical analysis. i 

It is also possible to establish the identity of the acid at the carboxyl end of 
the polypeptide chain quite simply. The enzyme carboxypeptidase removes 
the C-terminal amino acid from a protein along with only very much smaller 
amounts of the other acids. This separated acid is then easily identified. If the 
enzyme is left in contact with the peptide, and the identities of the liberated 
amino acids are studied as a function of time, the sequence of several of the 
residues near the end of the chain may be determined. 

The determination of the acid sequence of the protein hormone insulin 
exemplifies some of the other features of this general problem. Treatment of 
insulin with dinitrofluorobenzene followed by hydrolysis showed that there 
were two different dinitrobenzene derivatives formed. This indicated that there 
are two N-terminal acids, and therefore, two parallel polypeptide chains in the 
molecule. These so-called A and B polypeptide chains were separated by oxidiz- 
ing the disulfide (~S—S—) links between them to —SO3H groups. The two 
chains were isolated, and then partially hydrolyzed to intermediate-sized pep- 
tides containing two to five amino-acid residues. These peptides were separated, 
and their amino-acid sequences determined by the difluorobenzene method. 

The sequence determination was completed in the following manner. The 


acid hydrolysis cleaves the protein chain randomly into small groups of acid ' 


residues. However, if one finds that there are present the three-acid sequences 
Gly-Ser-His, | Ser-His-Leu, and His-Leu-Val, 
the overlapping suggests that there is a five-acid sequence 
Gly-Ser-His-Leu-Val. 


Evidence which corroborates and extends this order is found in the sequences 
of the four- and five-acid fragments. By making use of such overlapping short 
Sequences, the sequence of the entire chain can be deduced. É 

The complete primary structure of beef insulin, determined in this way by 
F. Sanger in 1953, is given in Fig. 18.13: We see that the A and B chains are 
held together in two places by disulfide links between cysteine residues in the 
Separate chains. In addition, there is a disulfide link between two acids in the 
Achain. Although these acids may seem to be separated, the coiling of the pep- 
tide chain in fact allows them to be close enough to form the disulfide bond. 

The acid sequence has been determined for insulin taken from swine, sheep, 
and whales. The molecules from the four sources are identical except for the 
three amino acids in’ positions 8; 9, and 10 of the A chain. Evidently this 
Variation is the chemical basis for some of the antigenic differences between 
insulin from different animal sources, which had been observed well before the 
Molecular structures were determined. 
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The complete amino-acid sequences are known for a small but growing 
number of proteins, including ribonuclease, myoglobin, and hemoglobin. Ribo- 
nuclease is an enzyme consisting of one chain of 124 acid residues. Myoglobin 
is a protein found in muscle tissue, and has 153 acid residues. Human hemo- 
globin contains two identical a-chains (141 residues) and &-chains (146 residues). 
The determination of each of these primary structures was & long and difficult 
job and is only the first step in finding an explanation of their biological function 
in terms of their molecular structure. 


FIG, 18.13 The primary structure of beef insulin, The acids are located by 
numbers starting with the N-terminal acid of each chain. B Chain 
Secondary Protein Structure 
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Figure 18.14 shows part of a polypeptide chain in a fully extended conformation. 
This conformation, known as the-8-form, is only one of many which are con- 
sistent with the C—C and C—N bond distances and angles, since it is possible 
to fold the chain back on itself by rotating two segments about a C=C or C—N 
bond. The fully extended 8-form of the polypeptide chain is thought to occur 
in the insoluble, fibrous proteins like 8-keratin; a major component of hair 
and nail. 

It is thought that in most proteins the polypeptide chain is largely in the 
form of the a-helix structure proposed by Pauling and Corey in 1951. These 
workers examined theoretically the properties of several conformations of the 
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protein chain, and selected the a-helix as i 

energy, and still be consistent with the Agent ead Teeth rdi 
amino-acid residues, Figure 18.15 shows two representations of the hel P 
The stability of this structure is derived from the fact that it allows the m: xi 
mum possible number of hydrogen bonds to be formed between the do 
hydrogen on one acid and the carbonyl oxygen of a residue in the AN 


turn of the helix. 


T 


7.23 A 


18.14 


ead A a polypeptide chain in the ex- 

by ed, or B-conformation. [Reprinted 

Bre scion from the Royal Society 

So tom Dr. Linus Pauling, Proc. Roy. 
c. B141, 10 (1953).] 


18.15 


The right-handed a-helix structure ofa 
polypeptide chain. The dashed lines 
represent hydrogen bonds. [Reprinted 
by permission from The Royal Society 
and from Dr. Linus Pauling, Proc. Roy. 
Soc. B141, 10 (1953).] 
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FIG. 18.14 


FIG. 18.15 
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FIG. 18.16 


818 


The deduction of the a-helix structure is a good example of how detailed 
knowledge of the structure of small molecules can facilitate prediction of the 
structures of complicated molecules. The fundamental dimensions of the pep- 
tide group as measured by x-ray investigations of small peptides is shown in 
Fig. 18.16. The C—C bond and the C—N bond which involves the a-carbon 
have lengths of 1.53 and 1.47 A respectively, which are normal distances for 
single bonds between these atoms. However, the length between the nitrogen 
and the carbon atom of the carbonyl group is 1.32 A, quite a bit smaller than 
the 1.47 A expected for a C—N single bond. This shortening suggests that the 
peptide link has partial double-bond character, which corresponds to the follow- 
ing resonance description: 


- 


Fr INC 


Q—o 


As a result, the peptide group has a planar conformation. That is, all bonds 
involving the amino nitrogen and the carbonyl carbon lie in the same plane. 
In postulating possible structures for proteins, Pauling and Corey ruled out any 
conformation which seriously violated this constraint. 


The fundamental dimensions of 
the peptide group. 


Close inspection of the a-helix shows that each peptide group is in a plane 
essentially tangent to a cylinder coaxial to the helix. Each peptide group is 
connected by a hydrogen bond to the third peptide group along the chain in 
either direction. Except near the ends of the helix, every carbonyl oxygen and 
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amino nitrogen is involved in hydrogen bonding. The helix itself is coiled very 
tightly, with no room in the center for any occluded molecules. The sense of 
the helices so far found in proteins is that of a right-handed serew. 


If the entire polypeptide chain were in the form of the a-helix, the molecules 
would have the shape of long, relatively narrow rigid rods. A number of physico- 
chemical techniques show, however, that many proteins are globular and nearly 
round, and that others are much shorter and thicker than their chain length 
and the pure helical structure would imply. Thus there must be folding of the 
a-helix in most proteins, and perhaps little or no a-helix in others. X-ray 
crystal studies of a number of proteins are beginning to make these tertiary 


structural features clear. ; 
Figure 18.17 shows & schematic representation of the myoglobin molecule 
which was derived from x-ray studies. The tube represents the space occupied 


N terminus 


The secondary and tertiary structure of the myoglobin molecule. Note that the helical 
conformation OF the peptide chain is lost at the bends in the molecule. Note also the 


porphyrin-ring structure attached to the chain near residue 40. 
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Tertiary Protein Structure 


FIG. 18.17 
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FIG, 18.18. 


by the chain which we see is folded into a complicated form. There are regions 
in which the tube is relatively straight for 30 to 40 A, and in these regions the 
chain has the a-helix conformation. At the regions in and around the bends in 
the tube, which constitute about 30 percent of the peptide, the chain is in some 
nonhelical form. Hemoglobin also has chains that are folded into a similarly 
complicated shape. The relation between the tertiary structural features and 
biological function of the protein is a completely unsolved problem. 


Phosphate Puri 
Phosphate Pyrimidine 
Sugar 
HDD Purine 
Phosphate Pyrimidine 
Phosphate Pyrimidine 
Sugar 
The general structure of a DNA or RNA molecule. 
Phosphate 


18.6 THE NUCLEIC ACIDS 


Biologists have long known that genetic information is carried by structures 
called chromosomes which are located in the nucleus of the cell, and whose 
subunits are the genes. It has been only relatively recently, however, that bio- 
chemists have been able to make substantial progress in elucidating the molec- 
ular structure of the chromosomal material. It is known that genes are made 
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up of the macromolecule deoxyribonucleic acid (DNA), and that this molecule 
carries the information needed to direct protein synthesis, and preserves and 
transmits this information during cell division. Another related type of mole- 
cule, ribonucleic acid, is present throughout the cell, and is even more directly 
involved in protein synthesis. Before considering these molecules in detail, let 
us examine some general features of their structure. 

Nucleic acids are polymers in which the repeating units are sugar molecules 
linked by phosphate bridges. This general structure is indicated in Fig. 18.18. 
In ribonucleic acid the sugar is ribose, and in deoxyribonucleic acid the sugar 
is deoxyribose. The structures of these two sugar molecules are 


We can see that these structures differ only in that deoxyribose has two hydro- 
gens attached to the 2’-carbon, whereas ribose has both H and OH at this 
position. ‘The numbers designating the carbon atoms in these sugar molecules 
are usually primed to distinguish them from the numbers used to locate atoms 
in the organic bases which also occur in DNA and RNA. 


NHs 0 NHa o o 
: l 
nN an e non — uw cH uw qos 
| prH H 
BO AN Ha NOn ON ont, Js ond hn o=0, OH 
H g H H H 
Adenine Guanine Cytosine Uracil Thymine 
(a) (b) 
The structures of the (a) purine and (b) pyrimidine bases that occur in DNA.and RNA. FIG, 18.19 
Attached to each sugar unit in DNA and RNA is an organic base of the type 
designated purine or pyrimidine. The structures of these bases are given in 
Fig. 18.19. The base uracil occurs predominantly in RNA, whereas the closely 
related thymine is found in DNA. Cytosine is present in both nucleic acids. 
The two purine bases, adenine and guanine, occur in both DNA and RNA: 
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FASES 3 k 
| 3 Thymine 
5 
HOCH: 
Ribose 4 Y 4 y Deoxyribose 
H HN  H/BH 
3" 2 3! 2! 
HO OH HO H 
Adenosine ‘Thymidine 
FIG. 18.20 The structures of the nucleosides adenosine and thymidine. 


The way in which the purine and pyrimidine bases are attached to ribose 
and deoxyribose is shown in Fig. 18.20. Such a combination of a sugar and a 
purine or pyrimidine base is called a nucleoside. In the pyrimidine nucleosides 
the sugar and base are joined by a 8-glycosidic link from the 1’-carbon of the 
pentose to the 1-nitrogen of the pyrimidine base; as is shown for thymidine in 
Fig. 18.20. In the purine nucleosides, the 1’-carbon of the sugar is connected 
through the -glycosidic link to the 9-nitrogen of the purine base, as for example, 

in the molecule adenosine. 

The combination 

E Base-Sugar-Phosphate 


is called a nucleotide, and is just a phosphate ester of a nucleoside. The structural 
formulas of two nucleotides are given in Fig. 18.21. The phosphate groups in 


" 
o=c__ CH 
Oo 
pov 
HO—P—OCH2 
ba 
H H/H 
‘HO 
Adenosine-5'-Phosphate Thymidine -5'-Phosphate 
FIG. 18.21 The nucleotides, or phosphate esters of adenosine and thymidine: 
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these molecules are, as shown, attached to the 5’-carbon of the sugar ring, but 
the 3'-carbon of both sugars or the 2'-carbon of ribose are also possible points 
of attachment. Nucleic acids are polynucleotides, in which the phosphate groups 
link the 5’-carbon of one sugar with the 3'-carbon of the next. A partial struc- 
ture of the polynucleotide chain in DNA is shown in Fig. 18.22. 


FIG, 18.22 


Part of the polynucleotide chain of a DNA molecule. 


The Structure of DNA 


In 1953, J. D. Watson and F. H. C. Crick proposed that DNA had a structure 
in which two parallel polynucleotide strands were wound into a double helix, a 
conformation which would be stabilized by numerous hydrogen bonds between 
bases attached to the two strands. In part, this proposal was based on x-ray 


18.6 | THE NUCLEIC ACIDS 823 


FIG. 18.23 


with a helical conformation, but in large measure it was suggested by observa- 


studies of DNA by M. H. F. Wilkins and R. Franklin which were consistent l 
tions of the frequency of occurrence of the purine and pyrimidine bases. j 


3 


Prior to 1953, studies of the base composition of DNA showed that whatever — 
the frequency of the individual bases, the molar ratio of adenine to thymine 
was unity, and the same was true for the molar ratio of guanine to cytosine. 
This observation made it appear that the DNA structure was one in which 
adenine was specifically paired with thymine, and guanine was specifically 
paired with cytosine. 


SUN 
Cytosine dg 
"To chain 
52° 
> i 
545, 
10.8 A To chain — 
To chain | 


Structure and critical dimensions of the base pairs thymine-adenine and cytosine-guanine. — 


A study of the molecular models fot these base pairs finally suggested why 
this pairing occurs, and what its consequences might be. Figure 18.23 shows the! | 
basis of the explanation. The structures of thymine and adenine are comple- 2 
mentary in that they can be fitted together in the same plane so that two hydro- 
gen bonds can be formed between them. At the same time, the atoms by which ~ 
the bases are attached to their sugar molecules, the 1-nitrogen of thymine and 
the 9-nitrogen of adenine, are at opposite ends of the molecular complex. The 
same Situation holds for cytosine and guanine, except that the base association 
in this case is accompanied by formation of three hydrogen bonds. A very sige | 
nificant point is that the “end-to-end” distances given in Fig. 18.23 are nearly | 
‘the same for the A-T and G-C pairs. ) 

These considerations led to the proposal that DNA consists of two parallel 
helical polynucleotide chains that are held together by hydrogen bonds between 
purine bases of one chain and pyrimidine bases of the other, and vice vers? ! 
The schematic structure of the DNA double helix is shown in Fig. 18.24. Each 
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Carbon in 
phosphate-ester chain 
e Guanine 
Cytosine 
Adenine 
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Phosphorus 


en bonds between the base pairs adenine- 
strands together. [Reprinted by 
ilton, Brookhaven National 
portion of drawing 


The double-helix structure of DNA. Hydrog 
thymine and guanine-cytosine hold the sugar-phosphate 
petpitsston from American Cancer Society and Dr. L. D. Ham 

aboratory; Ca, A Bulletin of Cancer Progress, 5, 163 (1955). Upper 
Simplified for clarity.] 
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FIG, 18.24 


strand of the double helix consists of a sugar-phosphate “backbone” with bases .' 

extending inward toward the axis of the helix. The bases lie in planes that are _ 

approximately perpendicular to the helix axis, and planes of successive base - 

pairs are separated by 3.4A. A complete turn of the helix occurs every 34 A. E 

The sizes of DNA molecules vary depending on the type of cell from which 

they are taken. One fairly well characterized-sample had a molecular weight 

of about 1.4 X 108, and thus involved approximately 400,000 nucleotides. 

" Autoradiographs of DNA from the bacterium escherichia coli show molecules 
about 0.4 mm long, which would have a molecular weight of about 10°. 


The Structure of RNA 


While ribonucleic acid is a polynucleotide like DNA, the size and structure of 
naturally occurring RNA show much greater variation. RNA occurs freouently 
as a single strand which may be coiled, but not in any simple, easily charac- 
terized manner. The molar ratios of the base pairs do not show the regularity 
displayed by DNA. , 

There are at least three distinct forms of RNA which have different roles in 
protein synthesis. These three molecular species are known as transfer or 
soluble RNA, messenger RNA, and ribosomal RNA, and they differ considerably 
in molecular weight and base composition. 

Transfer RNA is the smallest known type of ribonucleic acid, and usually 
consists of 70 to 80 nucleotides with a molecular weight of about 25,000. The 
biological role of transfer RNA is to pick up individual amino acids and carry 
them to the sites of protein synthesis. Since each amino acid is recognized 
and carried by only one type of transfer RNA, there are at least 20 distinct 
transfer RNA molecules. The sequence of the 77 nucleotides in the RNA 
molecule responsible for the transfer of alanine was first determined in 1965 by 
R. W. Holley. 

All transfer RNA molecules contain as terminal segments the three nucleo- 
tides containing the bases cytosine, cytosine, and adenine in that order. On 
the terminal ribose the 2’ and 3’ hydroxyl groups are free. The amino acid to 
be transferred by the RNA becomes attached by forming an ester linkage at 
either of these two hydroxyl groups in a reaction driven by ATP, and catalyzed 
by an enzyme. It is the specificity of the enzyme that assures that the proper 
amino acid becomes attached to the appropriate transfer RNA molecule. In 
the subsequent steps of protein synthesis, the amino acid is recognized by the 
t-RNA molecule to which it is attached. 

Messenger or template RNA is the most recently discovered form of ribo- ^ 
nucleic acid. Its biological function is to carry the genetic information con- - 
tained in one portion of one strand of a DNA molecule in the nucleus to the 
ribosomes, which are the site of protein synthesis. The transcription of the 
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information on the DNA molecule to messenger RNA evidently involves a 
partial uncoiling of the DNA helix, and then specific base pairing between the 
DNA and the nucleotides of the messenger RNA as the RNA is synthesized. 

Ribosomal RNA has the highest molecular weight (about 1.2 x 10°) of the 
cellular ribonucleic acids. It is concentrated in the ribosomes of the cell, where 
it participates in protein synthesis in some manner which is obscure at the 
present time. 


18.7 BIOLOGICAL FUNCTIONS OF THE NUCLEIC ACIDS 


The DNA molecule has two major functions: it contains the information neces- 
sary to replicate and synthesize new DNA for the chromosomes of daughter 
cells, and it stores and supplies the information necessary for protein synthesis, 
This information is contained in DNA as a genetic code expressed by the 
sequence of the bases adenine, quanine, cytosine, and thymine. Since DNA 
directs the synthesis of the enzymes which in turn catalyze the cell reactions, 
it is of central importance in physiological chemistry. 


Replication of DNA 


The double helical structure of DNA suggests the way in which this molecule 
may replicate. Because of the specific base pairing of adenine with thymine 
and guanine with cytosine, the two strands of the helix are complementary, and 
a particular base sequence in one strand implies a specific sequence in the other. 
In replication, the two polynucleotide chains may unwrap, either partially or 
fully, and act as templates upon which free deoxyribonucleotides can be de- 
posited and linked in a complementary pattern. The result is two DNA mole- 
cules identical to the first. This process is indicated schematically in Fig. 18.25 
on page 782, 

Experiments in which bacteria have been allowed to replicate in a medium 
containing nitrogenous compounds entirely labeled with the isotope N! have 
shown that the DNA in the first-generation daughter cells is 50 percent labelled 
with N!5, This suggests that in the daughter cells, the DNA had one helical 
strand from the parent cell which contained only N!*, and one newly synthe- 
sized strand which had only N'5-labelled bases. When these daughter cells 
Were transferred to an all-N!* medium and allowed to replicate, their first 
generation had some DNA which contained entirely N'*, and some which had 
equal amounts of N!* and N!5.. The pure-N!* DNA evidently came from the 
N^ strand in the parent serving as the template for synthesis of a new strand 
containing only N!*-labelled bases, while the N!*-N!5 DNA came from com- 
bination of the N! strand with new N!* nucleotides. These results are con- 
Sistent with the DNA replication mechanism outlined above. 
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FIG. 18.25 


A schematic representation of the DNA replication process. |n step (a), the double: 
stranded helix separates. In step (b), free nucleotides complementary to those in the 
DNA strand are delivered and selected by base pairing, and then linked in (c) to give a 
completed DNA molecule. A, T, G, and C stand for adenine, thymine, guanine, and cytosine 
respectively, the sugar-phosphate chain by S— P— S. 


Nucleic Acids and Protein Synthesis 


As we have already remarked, the DNA in the cell nucleus contains in its base 
Sequence the information necessary to direct specific protein synthesis. The 
sites of protein synthesis are the ribosomes, which are located on the endo- 
plasmic reticulum. The genetic information is carried from the nuclear DNA 
to the ribosomes by messenger RNA. In addition, transfer RNA delivers the 
amino acids for protein synthesis to the ribosomes, and serves as the label by 
which each acid is recognized. 

The relation between the molecules and processes involved in protein syn- 
thesis is indicated schematically in Fig. 18.26. In the cell nucleus the DNA 
serves as a template upon which ribonucleotides are deposited and messenger 
RNA synthesized. The base sequence in the m-RNA is complementary to the 
sequence in the part of the DNA template used. 3 

As the transcription of the DNA code to m-RNA goes on in the nucleus, 1? 
the body of the cell specific enzymes attach amino acids to transfer RNA. The 
m-RNA and t-RNA move to the ribosomes where they interact. The m-RNA 
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The general scheme for information transfer and protein synthesis. FIG. 18.26 


selects the certain +RNA and its amino acid by a base-pairing mechanism 
between the two molecules. Another selected -RNA and its acid complexes on 
the m-RNA adjacent to the first acid, and a peptide bond is formed. The first 
t-RNA then leaves, freed of its acid. The process continues as the specific 
tRNA and its acid appropriate for the third position in the peptide chain 
arrives, is recognized by base-pairing, and complexes with m-RNA. Acids con- 
tinue to be added in this manner until a base sequence in the m-RNA is en- 
countered that causes the synthesis to stop. It is known that polypeptide 
growth starts from the amino or nitrogen end of the peptide chain, with succes- 
sive acids being added to the carboxyl end. In at least some cells, the growth of 
a chain is always triggered by a molecule of the amino acid’ methionine which 
has had a formyl group HCO— attached to the amino nitrogen. This formyl 
group blocks growth of the peptide chain at the nitrogen end, but allows sub- 
sequent acids to be added to the carboxyl end of the molecule. " 


The Genetic Code 


We have seen that there are only four different kinds of bases in DNA mole- 
cules, and that the sequence of these bases must be able to determine uniquely 
the sequence of 20 amino acids in a protein chain. Since there are fewer types 
of bases than amino acids, it must be that various groupings of bases constitute 
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genetic code words for the different acids. The code word in DNA which corre- 
sponds to a specific acid must consist of more than a base pair, since there are 

— from four bases only 4? or 16 distinct types of pairs. This is not enough wordsto 
specify the 20 amino acids separately. The words of the code could consist of _ 
base triplets, since there are 4° or 64 distinct combinations possible, more than 
enough to specify 20 amino acids. 

The actual code words that correspond to each of the 20 amino acids have 
been discovered by feeding synthetic RNA of known base composition to cells, 
and detecting the new polypeptides formed as a result. For example, in an 
early experiment a synthetic RNA containing only the base uracil (“poly U”) 
was used, and a small amount of a polypeptide which contained only the amino 
acid phenylalanine was found. This suggested that the RNA base code word 
for phenylalanine is the sequence of three uracils, UUU. Similar experiments 
with other synthetic RNA’s led to the discovery of the triplets for the other 
acids. 

In other, separate work, it was discovered that trinucleotides of only three 
uracil bases (UUU) or three adenine bases (AAA) or three cytosines (CCC) 
were able to cause the binding of the transfer RNA of respectively phenyl- 
alanine, lysine, and proline to the ribosomal sites where polypeptide synthesis 
occurs. In contrast, the dinucleotide UU showed very little such activity. This 
observation constitutes a quite direct demonstration that the genetic code is 
indeed made up of triplets of bases. 


18.8 CONCLUSION 


From this brief introduction to biochemistry we can see that the beginnings 
of an understanding of the life process in terms of molecular properties and 
structure are well established. As this understanding deepens and becomes 
more complete, it may become possible to treat disease and aging as chemical 
problems, and to perform specific chemical alterations and construction of 
genes. The construction of specifically designed organisms is an inevitable 
result of this work. The area of biochemistry introduces, therefore, not only 
problems of immense scientific challenge, but opens up possibilities which have 
moral and humanistic implications that exceed any yet encountered by mankind. 
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PROBLEMS 
18.1 For the following classes of molecules give a brief description of the chemical 


composition, molecular structure and conformation, and the principal biochemical 
role: 


a) lipids; 3 b) proteins; * €) carbohydrates; 

d) nucleotides; e) enzymes; f) cytochromes. 

18.2 Briefly describe the principal function of each of the following animal cell com- 
ponents: E 

8) lysosomes; b) mitrochondria; c) nucleus; 

d) ribosomes; e) membrane. 


18.3 Explain the significance of the following: 

a) the Krebs or citric acid cycle; 

b) the Embden-Meyerhof glycolytic pathway; 

c) coupled reactions in biochemistry ; 

d) purine-pyrimidine base pairing in DNA and RNA; 

e) the base sequence in nucleic acids; 

f) polyphosphate groups; 

g) ATP. 

18.4 List the four principal types of nucleic acids, and describe briefly their structure 
and function. 

18.5 For each of the following molecules, describe briefly a principal biological 
function: 

a) bile acids; b) Coenzyme A; c) NAD; d) glycogen; 

e) glucose; f) triglycerides; g) the porphyrin ring structure. 
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CHAPTER 19 


THE NUCLEUS 


Even though the nuclei retain their identities in chemical processes, and even 
though nuclear properties other than charge influence chemical behavior only in 
indirect and subtle ways, the nature of the nucleus is an important subject to 
chemists. The abundance of the elements and their origin is a problem in nuclear 
structure and reactivity. The synthesis of new elements not found in nature 
has been cartied out primarily by chemists. The use of both radioactive and 
stable isotopes has aided in the determination of the mechanisms of chemical 
Teactions and complex biochemical processes. Many of the problems that are 
associated with the use of nuclear reactions as sources of energy are chemical in 
nature. Thus there are ample reasons for all chemists to be familiar with nuclear 
properties and phenomena. In this chapter we shall examine the aspects of 
the nucleus that are of most importance in chemistry. 


19,1 THE NATURE OF THE NUCLEUS 


To begin, let us review some definitions and notation. Nuclei are composed of 
protons and neutrons, and thus these particles are often referred to as nucleons. 
The description of a particular nucleus is given in terms of its charge Z and its 
mass number A, which is the sum of its neutrons and protons. To represent & 
nucleus, the chemical symbol is written with a subscript equal to Z and a 


ay SOL SOLUM 


E represent three isotopes of oxygen: nuclei with the same charge but different 
T mass numbers. 

Now we can discuss the general properties of the nucleus—its size, mass, 
_ shape, and the type of forces that hold it together. 


The first indication of the size of the nucleus was the Rutherford a-particle 
scattering experiment, which we discussed in Section 10.2. The qualitative 
result of Rutherford’s experiment is that a-particles can approach to within 
10? em of the center of an atom and still be scattered away by a force given 
_ by Coulomb’s law. If, however, the energy of the bombarding a-particles is 
increased sufficiently, the intensity pattern of the scattered a-particles changes 
__ in a way which indicates that Coulomb's law of repulsion fails when a-particles 
- eome very close to the atomic center, The scattering pattern and other data 
_ indicate that the potential energy of an a-particle as a function of the distance 
_ from the atomic center can be represented as in Fig. 19.1. As the a-particle 
— approaches the nucleus, there is an initial repulsive Coulomb force that causes 
_ the potential energy to rise until the a-particle is close enough to feel the very 
strong attractive nuclear forces. At this distance, which we might take as the 
nuclear radius, the potential energy drops abruptly. The increase in potential 
- energy that an a-particle experiences as it enters or leaves the nucleus is often 
called the Coulomb barrier. 


Potential energy 


Distance of a-particle 


Ero ceneni msg The potential energy of an a-particle 


as a function of its distance from the 
center of a nucleus. 


E Because a neutron is uncharged, it experiences no Coulomb repulsion when 
it approaches a nucleus. Instead, the potential energy of a neutron remains 


1 essentially constant until it falls abruptly at a distance somewhat less than 


E 
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Nuclear Size 


FIG, 19.1 


FIG. 19.2 


Potential energy 


Distance of neutron 


The potential energy of a neutron mte 


as a function of its distance from the 
center of a nucleus. 


107? cm from the atomic center. This behavior is represented in Fig. 19.2. 
As far as a neutron is concerned, the nucleus is a potential energy “well” with 
rather steep sides. Because the neutron experiences an abrupt change in poten- 
tial energy at the nuclear surface, the pattern of neutrons scattered by nuclei 
can be used to determine the size of the nucleus. A large number of nuclear 
radii have been determined by neutron scattering, and the results can be sum- 
marized by the following equation: 


R= RA", 


19.1 
3 Ro = 1.33 X 1071? cm. aon 


In Eq. (19.1), R is the nuclear radius, A is the mass number, and Ro is a con- 
stant common to all nuclei. 

We can draw an interesting conclusion from the dependence of the nuclear 
radius on the mass number. The nuclear volume V should be proportional to 
R? or, according to Eq. (19.1), to A: 


V « R? « A. 


Thus the nuclear volume is directly proportional to the total number of neutrons 
and protons in the nucleus. This fact suggests that protons and neutrons pack 
together somewhat like hard spheres and make the total nuclear volume equal 
to the sum of the volumes of individual protons and neutrons. We shall en- 
counter other evidence that is consistent with this simple picture, but it should 
not be overinterpreted. The nucleons in the nucleus are not stationary, stacked 
like oranges, but they contribute to the nuclear volume as though they were. 


Nuclear Shape 


A perfectly spherical nucleus exerts an electrical force on the atomic electrons 
that is given exactly by the Coulomb law expression. However, if the protons 
in the nucleus are not grouped in a spherical shape, the nucleus is said to have 
an electric quadrupole moment, and the surrounding electrons feel, in addition 
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to the Coulomb attraction, a small electric quadrupole force. While the effects 
of the nuclear quadrupole are small, they can be detected, and a measure of the 
quadrupole moment and the shape of the nucleus obtained. Several nuclei have. 
zero quadrupole moment and thus are spherical: ;H, &O, 20Ca, ogNi, 50Sn, and 
s2Pb are a few examples. Nuclei which have atomic numbers close to one of 
those in the preceding list are either spherical or very nearly so, while the 
majority of other nuclei are slightly prolate spheroids (football shaped). The 
departure from spherical shape is never very extreme: the ratio of the semi- 
major axis to the semiminor axis is generally less than 1.2. 


Nuclear Masses 


The unit of nuclear mass is the atomic mass unit, or amu, which is defined to 
be exactly 45 of the mass of a gC!” atom. On this scale, a neutron has a mass 
of 1.00866544, while the mass of a hydrogen atom (proton plus electron) is 
1.00782522. In a discussion of nuclei we might expect to be concerned primarily 
with nuclear masses, but it is the masses of atoms (nucleus and electrons) that 
are determined experimentally and tabulated. This does not introduce any 
serious complications, as we shall see subsequently. 
Because both the neutron and the hydrogen atom have a mass of nearly 
1 amu, the masses of the various isotopes of atoms are all near integral values. 
In fact, the observation of integral masses was the basis for the original sug- 
gestion that nuclei are made up of neutrons and protons. A careful comparison 
of the mass of any atom with the sum of the masses of its constituent hydrogen 
atoms and neutrons reveals ari interesting mass deficiency. Consider, for ex- 
ample, the atom gO'®, which has a mass of 15.994915 amu. In contrast, the 
mass of eight neutrons and eight hydrogen atoms together is 16.131925 amu. 
Therefore, 50! is lighter than we might expect by (16.131925 — 15.994915) 
amu or 0.137010 amu. By the mass-energy equivalence expressed by the 
Einstein relation 
E= me?, (19.2) 


the mass deficiency of the oxygen atom can be attributed to the energy evolved 
or lost by the system when eight neutrons, protons, and electrons are formed 
into an s016 atom. In Eq. (19.2), c is the velocity of light; if it is expressed 
in centimeters/second, and the mass m in grams, the units of energy E are ergs. 
Thus 1 gram-mass is equivalent to about 9 X 10?" ergs, or 2.1 x 1019 kcal. 
Another mass-energy equivalence that is used more commonly is the following: 
lamu is equivalent to 931.4 million electron-volts energy (931.4 Mev). The 
energy released when one oxygen atom is formed from its neutrons, protons, 
and electrons is, therefore, 0.137010 x 931.4 or 127.6 Mev per atom. To appre- 
ciate how large an amount of energy this is, compare it to the 5.2-ev energy 
released when two oxygen atoms form a strong chemical bond with each other. 
In general, the energies associated with nuclear processes are roughly a million 
or more times as great as the energies involved in chemical phenomena. 
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By comparing the measured mass of an atom with the sums of the masses of 
its constituent neutrons, protons and electrons, we can calculate the total 
energy E, which binds the nucleus together. More instructive than the total 
binding energy, however, is the binding energy per nucleon, E,/A, which is 
plotted in Fig. 19.3 as a function of mass number. After an abrupt rise among 
the lightest nuclei, the binding energy per nuclear particle changes only slightly 
and has a value of approximately 8 Mev per nucleon. The nuclei of maximum 
stability have mass numbers of about 60 or charges of about 25. Because of 
the maximum in the binding energy per particle that occurs near mass 60, the 
fission of a very heavy nucleus to a pair of nuclei of approximate mass 60 is a 
process that releases energy. Similarly, the fusion of two of the lightest nuclei 
is also accompanied by release of energy. 

Because there are only slight variations in the binding energies per nucleon 


g 


E, = constant X-A. 


E 


is, the total binding energy of a nucleus is approximately proportional 
umber of nucleons, This observation suggests that the forces that 
nucleons together are of short range; that is, one nucleon exerts attrac- 
its nearest neighbors, If the nuclear forces were of long 
nucleons would be attracted to A — 1 others, and the total 
binding energy would be proportional to A(A — 1), instead of to A. 

being of short range, the attractive forces between nucleons are in- 
of charge. There is, however, a Coulomb repulsion between protons, 
net binding energy of two protons is less than that of two neutrons, 
^ correction is made for the Coulomb repulsions between protons, the 
nuclear binding energy is found to be 14.1 Mev per particle; it is the 


per particle we discussed earlier, 

Now let us suppose that in the nucleus, the neutrons and protons interact as 
though they were close-packed spheres, each having 12 nearest neighbors. 
This would mean that there exists 4%, or 6, nucleon bonds or attractions per 
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Binding energy per nucleon as a function of mass number for some stable nuctel, 


While they tell us nothing about the origin of nuclear forces, the foregoing 
observations do suggest the qualitative nature of the nucleon-nucleon intor- 
action, and how it affecta the stability of the nucleus. In 1935 Von Welasicker 
devised a semiempirical expression for the nuclear binding energy which is 
based largely on the qualitative picture we have outlined. The total nuclear 
binding energy is given, to a good approximation, by 


By = 14.14 — nam — 988, (19.3) 


The first term on the right-hand side expresses the fact that the attractive 
binding energy is 14.1 Mev per particle. Nueleons at the nuclear surface do not 
have their full complement of 12 nearest neighbors, however, and therefore do 
not contribute a full 14.1 Mev to the nuclear binding energy. ‘The number of 
surface nucleons is proportional to the surface area, which in turn varies aë the 
nuclear radius squared, or as A”/*, Consequently, the term —134?* appears 
in the binding energy equation; it is negative to represent the low of binding 
energy due to surface effects. Finally, there it the Coulomb repulsion between 
protons, which also constitutes an energy loss, and its effet is represented by 
the term —0.627/A!?, Coulomb repulsion increases as the square of the 


number of protons, and the energy loss is inversely proportional to the nuclear 
radius, or to A "3. 

. While Eq. (19.3) shows how some of the gross nuclear properties affect the 
binding energy, it does not, by any means, provide a complete picture of nuclear 
binding. Other more subtle effects are important. For example, nuclei with 
even numbers of neutrons and even numbers of protons seem to be particularly 
stable. Table 19.1 shows the distribution of stable nuclei. 


Table 19.1 Frequency of occurrence of stable nuclear types 


A N Zz Number of nuclei 
Even Even 166 
^ Even 
Odd Odd 8 
Even Odd 57 
Odd 
Odd Even 53 


There are only eight stable nuclei which have an odd number of both neutrons 
and protons, and most stable nuclei are of the even-even type. "These observa- 
tions suggest that there is a separate pairing of neutrons and of protons that 
affects nuclear stability. There is an even more specific effect having to do with 
numbers of protons and neutrons. Nuclei which have the “magic” neutron or 
proton numbers 2, 8, 20, 28, 50, 82, 126 are particularly stable and abundant 
in nature. The existence of these magic numbers suggested a “shell model” of 
the nucleus: an energy-level scheme somewhat analogous to the orbital energy- 
level scheme used for atomic electrons, and this idea has led to successful 
predictions of a number of nuclear properties. 


19.2 RADIOACTIVITY 


We have already mentioned one form of natural radioactivity, the spontaneous 
fission of a very heavy nucleus into two more stable fragments of mass number 
near 60. Spontaneous fission is rather uncommon, and most. spontaneously 
radioactive nuclei decay by emitting either an a-particle, a positive or negative 
B-particle, a Y-ray, or by capturing an orbital electron. Some simple rules for 
predicting the occurrence and nature of radioactivity can be generated by 
reference to Fig. 19.4. By plotting the charge Z as a function of the number of 
neutrons N for all the nonradioactive nuclei, we find that the stable nuclei fall 
in a well-defined belt. For nuclei lighter than 29Ca*9, most stable nuclei have 
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equal numbers of neutrons and protons. Among the heavier elements, the most 
stable nuclei contain more neutrons than protons. It appears that the cause of 
this behavior is the excessive Coulomb repulsion that occurs in nuclei of high 
charge, and this can be diminished somewhat by increasing the neutron number 
and increasing nuclear size. 


Number of protons, Z 


Number of neutrons, N 


The number of protons as a function of the number of neutrons for the stable nuclei. FIG. 19.4 


Beta-Decay Processes 


. Nuclei that lie outside of the belt of stability are radioactive and decay in a 
manner that forms a nucleus which lies in the stable region. Nuclei that lie to 
.  theright of the stability belt in Fig. 19.4 are neutron rich and achieve stability 
by emitting negative B-particles, or electrons. This process can be pictured as 
a transformation of a neutron in the nucleus to a proton and an electron which 
is emitted. The nucleus that results has one more proton and one less neutron 
than its parent and lies closer to the belt of stability. In contrast, nuclei which 
lie to the left of the stable region in Fig. 19.4 must diminish their positive charge 
to achieve stability. Two processes are possible: the first is the capture of an 
orbital electron (K-capture) followed by conversion of a proton to a neutron; 


19.2. | RADIOACTIVITY 839 


the second possibility is the emission from the nucleus of a positron, or positive 
electron, which results in the conversion of a nuclear proton to a neutron. As 
examples of the foregoing processes we have: 


nob eun eun Aen Aes (wey 


positron emission stable negative 6-emission 
electron capture stable negative 
B-emission 


A spontaneous 6-decay process releases energy, and although the nucleus 
does not undergo a change in mass number, there is a decrease in its mass. As 
an illustration, consider 

Aoi ge NA TX Nge: 


To calculate the energy released in this process, we have only to compare the 
mass of a gC!* atom with the mass of a &N!* atom, because in the decay, a carbon 
atom with six orbital electrons is converted to a nitrogen ion with six orbital 
electrons and a -particle. The total mass of these products is, therefore, equal 
to the mass of a 7N!4 atom. The mass of 7N!* is 14.003074 amu and that of 
eC'* is 14.003242. The mass difference, 1.68 X 1074 amu, corresponds to 
0.155 Mev, the total energy released in the 8-decay process. 

Caleulation of the energetics of a positron-decay process requires some care. 
We can write the decay of gC’? as 


ass pilis 
nucleus + nucleus 4- 6 electrons 
6 electrons + positron 


"Thus the total mass of the products is equal to the mass of a 5B‘! atom, plus 
the mass of the extra orbital electron not used by boron, plus the mass of the 
positron. The energy equivalent to the electron or positron mass is 0.511 Mev, 
so the energy of the positron-emission process is 


(mass gC!" — mass ;B!!) x 931 — 2 x 0.511 Mev, 
or 
(11.011443 — 11.009305)(931) — 1.022 = 0.156 Mev. 


Because a positron decay produces two “extra” particles equivalent to 1.022-Mev 
energy, the energy released by positron emission is less than the atomic-mass 
differences. Unless the atomic-mass difference exceeds 1.022/931 or 1.098 X 107? 
amu, spontaneous positron emission is not possible. 
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After an orbital electron-capture process such as 
electron 
4028 eres INS 


the correct number of electrons is associated with the newly formed nucleus, so 
the energy evolved can be calculated directly from the atomic masses. For the 
example at hand, we have 15.003072 for the mass of &O!5, and 15.000108 for 
the mass of ;N!5. Consequently, the energy released is 2.76 Mev. 


Energy diagram for a-particle emission. Level A-A represents the energy of thea-particle 
in the nucleus. Level B represents the kinetic energy the a-particle would have if it passed 
over the Coulomb barrier. Level C represents the kinetic energy of an a-particle that has 
tunneled through the Coulomb barrier. 


FIG. 19.5 


Alpha-Decay Processes 


With few exceptions decay by o-particle emission occurs only among elements 
with mass numbers greater than 200. A typical example of a-decay is 


o3U 238 ues oo Thi + Het. 


We see that the nuclear mass number decreases by four, and the nuclear charge 
by two units in this process. A particularly intriguing feature of a-decay is the 
observation that the energies of the emitted a-particles all lie between 3 and 9 
Mev. The reason this is interesting can be understood with the help of Fig. 
19.5, which shows the potential energy of interaction between an a-particle and 
a nucleus. Apparently, in order to be emitted, an a-particle in the nucleus 
should have enough energy to surmount the Coulomb potential-energy barrier, 
and after the a-particle has left the nucleus, the Coulomb repulsion should 
accelerate it to a kinetic energy equal to the barrier height, which is 20 Mev or 
more. This amount of energy is much greater than the largest value observed 
experimentally. This discrepancy can be removed if the behavior of the a-par- 
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ticle is described in terms of quantum mechanics. From this point of view, 
there is a finite probability that the o-particle will escape from the nucleus, 
even though it has insufficient energy to “pass over” the potential-energy 
barrier. In effect, the o-particle behaves as though it can “tunnel” through the | 
barrier at ‘an energy level below its maximum and thus acquire an energy which 
is less than 20 Mev as it departs from the nucleus. The mathematical analysis 
of this “tunneling” phenomenon leads to the prediction that the narrower the 
potential-energy barrier, the more probable and frequent is the emission of the 
a-particle. Because the width of the nuclear barrier decreases as energy in- 
creases, we can expect that those nuclei which undergo o-decay most frequently : 
also emit the most energetic o-partieles. This correlation between emission 
frequency and energy is observed experimentally. 


Gamma-Decay Processes 


FIG. 19.6 


Frequently the daughter nucleus formed by æ- or 8-decay of its parent is pro- 
duced in an excited state. The newly formed nucleus releases this excitation 
energy by emitting a Y-ray ; that is, electromagnetic radiation of extremely short 
wavelength. A nucleus can have only discrete energies which are determined 
by its structure. Therefore, it can only emit Y-rays that have energies equal to ` 
the difference in the energy of two nuclear levels. Consequently, an excited 
nucleus has a discrete emission spectrum of 7-rays, just as.an atom has a char- 
acteristic emission spectrum of visible and ultraviolet radiation, By determining 
the energies of emitted Y-rays, the energy-level pattern of a nucleus can be 
deduced, at least in part. For example, consider the data summarized in Fig. 
19.0. The nucleus 92U?** emits o-particles which have energies of either 4.18 
Mev or 4.13. Mey. When a 4.13-Mev a-particle is emitted, the daughter nucleus, 
ooTh7?*, is left in an excited state which has an energy (4.18 — 4.13) or 0.05 
Mev greater than the state reached when a 4.18-Mev a-particle is emitted. 
Consequently, it might be expected that the excited nucleus should emit a 
0.05-Mev y-ray, and this is indeed found experimentally. In other decay pro- 


9288 


Energy 
The decay scheme of »2U288 to ooTh2?54; 
o-particles of 4.18 and 4.13 Mev and a 
"I-ray of 0.05 Mev are observed. 


y-ray 0.05 Mev 


goTh?94 
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cesses, several excited states of the daughter nucleus are formed, and a number 
of y-rays of different. energies are emitted. In such cases, complete analysis of 
the energies of the emitted particles and Y-rays allows the nuclear chemist: to 
construct a detailed energy-level pattern for the daughter nucleus. 


Interaction of Radiation with Matter 


The a-, 8-, and Y-particles emitted in nuclear decay processes are highly 
energetic species which can cause substantial chemical alterations in the matter 
with which they interact. All three types of radiation cause the electronic 
excitation and ionization of atoms and molecules. The electrons produced by 
these primary ionization processes, in general, have high kinetic energy and can 
themselves cause further ionization and excitation. 

The electronic excitation of a molecule may lead to its dissociation into atoms 
or free radicals, or may cause it to react directly with other molecules. The 
atomic and molecular ions produced by radiation are also usually very reactive, 
and this may have important chemical consequences. For example, irradiation 
of a mixture of Hy and Ds, a very simple chemical system, induces a number of 
chemical reactions which lead to the formation of HD. Some of the more 
important reactions are 


H,+a—>Hj+a+e (fast), 
e7 +H? 2 H? + 2e7, 
H+ D; > HD +D, 
HD+ aii Hy ae Hy kis HD, 
HD+ + e (slow) ^ HD +H. 


In more complex chemical systems, the variety of ions, excited molecules, 
atoms, and free radicals which are produced by the primary nuclear radiation 
and secondary electrons can be much greater, and the resulting chemical 
changes more complicated. Biochemical systems, with their very complex and 
often delicate molecules, are particularly susceptible to deleterious alteration 
by radiation. 

The human body is fairly well protected from the effects of certain types of 
radiation, so long as the radiation sources are not ingested and incorporated in 
vital organs. Even the most energetic a-particles can travel only a very short 
distance in condensed matter before they lose their initial kinetic energy and 
become converted to harmless helium atoms. Thus a-particles are stopped 
without effect by the outermost layer of the skin. However, if an o-particle 
emitter like Pu??? is ingested, it tends to concentrate in the bones where its 
o-emission can interfere with the red blood cell production. Consequently, 
plutonium is one of the most deadly poisons known, and has a maximum tolerated 


dose of only 0.7 microgram. 
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AS 
E In a similar manner, the skin can protect the human body from the more — 
serious effects of -particles of moderate energy. However, severe burns can — — 
result from exposure to intense external 8-radiation, and ingestion of 8-emitters 
such as Sr"? and H? can be very serious. The skin does not provide protection 
from x-rays, Y-rays, and neutrons, which do penetrate the body, and can induce 
changes in internal organs. 

It is clear that some measure of the amount of radioactivity in a given chemical 
system is needed. Since the emission of an a-, 8-, or Y-particle corresponds to 
the alteration or "decay" of a nucleus, the activity of a source can be expressed 
in terms of the number of decays which occur per unit time. The standard unit 
of radioactivity is the curie, which corresponds to 3.70 x 10! disintegrations 
per second. The natural radiation in 1 cm? of air is about 10~'° microcurie 
(mostly radon), while milk contains approximately 5 X 107* microcuries of 

s K*" in 1em. The human body has a total activity of about 0.1 microcurie, 
due to ingestion of naturally occurring K*° and C'*. In contrast, the total 
opal gp nae ai brodio niiae reactors would be approximately 

curies, 

While the curie is the unit of nuclear radioactivity, other units are used to 
measure the amount of radiation necessary to produce a given effect in matter. 
The first of these units is the roentgen, which is defined as the quantity of x-rays 
or Y-radiation which produces in 1 cm? of air positive ions of total charge equal 
to one electrostatic unit. This corresponds to the creation of 2.1 x 10° singly 
charged ions, since the fundamental electronic charge is 4.8 x 107'° esu. A 
luminous dial watch produces approximately 30 milliroentgens (mr) per year, 
while dental or chest x-ray involves 5000 mr of radiation. The roentgen is 
applied only to x- and 7-radiation. To measure the effect of all types of radiation, 
the rad unit is used. One rad is defined as the amount of radiation which will 
deposit 100 ergs of energy in each gram of material. The energy deposited in 
1 gm of water or tissue by 1 roentgen is approximately 90 ergs. Thus 1 roentegen 
is equivalent to a radiation dose of 0.9 rad in body tissue. 

A dose of several hundred rad over the entire human body results in death 
within a few weeks. For doses of 100 rads, the immediate death rate is effectively 
sero, but such heavy exposures may have delayed (~20 years) consequences, 
such as leukemia, cancer, and a general acceleration of the aging process. It is 
very difficult to define the maximum dose of radiation which can be tolerated 
without a substantial chance of long term damage. It has never been established 
that doses of less than 50 rads actually do lead to cancer in humans, but this may 
RUD rn e s of tin typa that bore bee 
studied. By extrapolating fects of high down to lower dose rates, 
the International Commission on Se en has established 


limited to less than 0.2 rad per year. Nuclear reactors used for energy sources 
must be designed to be consistent with this exposure limitation. 
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In 1919, Rutherford achieved the first artificial transmutation of an element 
by bombarding a sample of nitrogen with a-particles from a radium source, 
The reaction was s 

1N'4 + gHe* — 40" + aH, 

d Rutherford was able to detect the emitted protons, Because a-particles 
ilable from naturally radioactive sources have a limited range of energies, 


they can induce relatively few nuclear reactions. The development of particle 
selerators like the cyclotron and its various modifications has made it possible 


sU H? > Np + 2n), 
s) Ut + sHe* " saPu??* + Bon', 
o1 U??* + (C? -— sra + Aon! 
pU NY —+ gp Es**? + Son', 


by Two neutron niaellone: 
,B'* + on! = iH? + 2,He*, 
aLi® + on! — H? + Het. 
nucleus 5,Co**, whose decay product emits 7-rays useful in cancer therapy, 
Iso a product of a neutron-capture reaction, 
aiCo* + on! — gCo. 
The most famous of nuclear reactions is the fission of »¢U***, induced by 


itro ture. There are no unique products of this reaction; the fission 
luces fragments whose mass numbers range from approximately 70 to 160. 


Tn uj 19.3 NUCLEAR REACTIONS 


FIG. 19.7 


Energy from 


One fission process for 92U7*° is 
92U235 + on! — 38r + saXe!43 + 3on!. 


Approximately 50 other modes of fission occur, and varying amounts of energy 
and different numbers of emitted neutrons are associated with each process. 
On the average, however, approximately 200 Mev of energy and 2.5 neutrons 
are released in the fission of g2U??5. The intense radioactivity of the fission 
products makes their chemical identification difficult. Nevertheless, these data 
have been obtained and are displayed in Fig. 19.7 by plotting the logarithm 
of the percentage yield as a function of the mass number. The two maxima of 
the yield curve show that the majority of the fissions occur asymmetrically to 
yield two fragments of rather different mass numbers. 
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Yield curve for the fission of 92U285 
induced by slow neutrons. 
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Nuclear Reactions 


Because more than one neutron is emitted per fission process on the average, 
it is possible for the fission of U?** to be self-maintaining. If neutrons are not 
lost in other ways, the fission of one nucleus can induce the fission of two or three 
others, and so on. When carried out in a controlled manner in a nuclear reactor, 
this chain fission process is a valuable energy source, for the 200 Mev per fission 
process amounts to 5 X 10? kcal/mole of U?35, As of 1972, there were 30 
nuclear power plants in the United States, and these generated 4 percent of 
the nation's electrical power. However, another 130 nuclear power plants were 
either under construction or licensed by the Atomic Energy Commission. 

In a conventional nuclear reactor used for power generation, the fuel is 
uranium oxides which have been enriched to contain approximately 3 percent 
U?35. The enrichment is necessary, since the natural abundance of the fission- 
able U2?5 is only 0.7 percent of the heavier U?35, which is not fissionable. The 
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uranium oxides are hermetically sealed in tubes of a zirconium alloy, and as- 
semblies of these tubes are mounted within a heavy-walled steel vessel, as shown 
in Fig. 19.8. Water at a pressure of 150 atm is used to remove the heat generated 
in the fuel rods, and transfer it toa steam generator. The water also serves to 
moderate the energy of the fast neutrons emitted by the fission process, and 
ponvert them to slow neutrons which are more effective in inducing fission of 
78”. 


Containment Shell Steam generator 


water 


Fuel 
rods 


Water pump Water pump 


Schematic diagram of a pressurized water nuclear reactor. 


In the steam generator, heat is transferred from the pressurized water to a 
secondary water system which operates at 50 atm. Because of the lower pressure 
in the secondary system, the water in it is converted to steam at approximately 
260°C, and this steam is used to drive a turbine-electric generator combination. 
The effluent from the turbine is condensed and pumped back to the steam 
generator. 

Application of the second law of thermodynamics shows that the maximum 
efficiency 7 with which the heat delivered to the steam generator can be con- 
verted to useful work is given by 


Ei AE A 
d , 


" T 


where T; is the absolute temperature of the steam generator, and T, is the 
temperature of the condenser. Taking T, and T. as 530*K and 330°K, re- 
spectively, we find that » is 0.38. Because of inevitable friction and heat losses, 
the actual operating efficiency is only about 32 percent. Power plants which 
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burn oil or coal generate steam at approximately 800°K, and therefore have 
significantly higher efficiencies than conventional pressurized water nuclear 
power plants. Significant increases in the thermal efficiency of pressurized water 
reactors are not foreseeable, since the necessary increase in temperature would 
require the primary water system to be pressurized at impractical levels to 
prevent boiling. 

Besides its low thermal efficiency, the pressurized water reactor has the dis- 
advantage that it consumes U??5, an isotope which has a rather small terrestrial 
abundance. The estimated reserves of U??? are small enough so that this 
resource might be exhausted in 30 years if as much as 50 percent of the nation’s 
electricity were generated by pressurized water reactors. Consequently, so-called 
fast breeder reactors, which generate more fissionable material than they con- 
sume, are under development as power sources. 

The fast breeder reactor is fueled with a mixture of plutonium and the 
abundant U?33, When Pu??? absorbs a fast neutron, it undergoes fission, and 
produces a pair of lighter nuclei and, on the average, 2.5 fast neutrons. The 
fission chain reaction is maintained if one of these neutrons is absorbed by 
another Pu??? nucleus. If another of these fast neutrons is absorbed by a U??* 
nucleus, it induces a sequence of transformations which result in the production 
of a Pu??? nucleus. That is, the sequence 


920788 + gn! — 990799, 
92U78° — osNp??? + 10°, 
os Np??? MEN g«Pu239. .- 48° 


exactly replaces the plutonium consumed in the first fission reaction. Since two 
or more neutrons are produced in each fission, the reactor can produce more 
Pu??? than it consumes. Reactors currently under development are expected 
to operate so as to double the amount of their fissionable material in periods of 
5 to 20 years. 

Since it is not necessary to moderate the energy of the neutrons in a breeder 
reactor, water is not used as a coolant and heat transfer agent. Instead, either 
helium gas or liquid sodium is used for this prupose. Since liquid sodium boils at 
880°C, the reactor can be operated at a high temperature, and steam generated 
at approximately 800°K. Therefore, the fast breeder reactor cooled by liquid 
sodium has a thermal efficiency which is comparable to that of the best con- 
ventionally fueled steam power plants. Based on considerations of fuel avail- 
ability and efficiency alone, breeder reactors could, if necessary, supply electric 
power at present consumption rates for tens of thousands of years. 

` There are very substantial problems associated with the use of breeder 
reactors. The amount of plutonium in the reactor at any time may be approx- 
imately 10° gm, and since the maximum dose of plutonium tolerated by the 
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human body is less than 1079 gm, it is extremely important to construct a 
reactor in such a way that the fuel and other radioactive materials will be 
contained even in the event of a serious accident. In addition, the recovery of 
the plutonium formed in the breeding process necessitates periodic removal of 
the fuel rods and transport to a processing plant where the plutonium can be 
separated from highly radioactive fission products. Finally, there is the necessity 
of safely disposing or storing these radioactive waste products until their activity 
has diminished to a safe level. Since the storage periods required may be of the 
order of one thousand years, this problem is extremely formidable. 

Because of the problem of the safe disposal of radioactive waste products 
associated with nuclear fission reactors, there is considerable interest in develop- 
ing methods of using nuclear fusion as an energy source. As Fig. 19.3 shows, 
the binding energy per nucleon in light nuclei such as 1H?, H5, 311°, and Li” 
is rather small. However, there is a general increase in the binding energy per 
nucleon as the mass number of the nucleus increases. Thus we can expect that 
the fusion of two of these light nuclei to form a heavier nucleus will be accom- 
panied by release of energy. As important examples, we have the fusion reactions 
of the “heavy” hydrogen isotopes, deuterium (1H?) and tritium GH’): 


iH? + H? > He? + on’ +38:27 Mev 
++ ,H® + ,H! 4.08 Mev, 
1H? + 4H? — Het + on’ + 17.6 Mev. 


While the energy released in each of these fusion reactions is much smaller than 
the average of 200 Mev released by the fission of U? and Pu?®®, the abundance 
of deuterium is so great that controlled fusion could supply the energy needs of 
the Earth for many millions of years. . 

In order for two deuterium nuclei to fuse into a heavier nucleus, they must, 
collide with sufficient kinetic energy to pass over or tunnel through the potential 
energy barrier imposed by their mutual Coulomb repulsion. The practical 
consequence of this requirement is that if fusion is to occur in a homogeneous 
hot gas of deuterons, the effective temperature of the gas must be approximately 
109*K. This corresponds to an average energy of about 107? Mev for the 
deuterium nuclei. Such very high temperatures are reached in stars where 
fusion reactions of light, nuclei are the source of the radiated energy, and in 
nuclear fission explosions used to trigger nuclear fusion bombs. However, 
attaining these temperatures in a controlled manner which would permit 
conversion of thé energy from fusion reactions into useful work has proved to be 
an exceedingly difficult problem. 

Since a gas at 10®°K is totally ionized to electrons and nuclei, it can be 
confined by strong magnetic fields which prevert charged particles from moving 
perpendicular to the magnetic field direction. In addition, the actual generation 
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of these confining magnetic fields can be used to heat a partially ionized gas up 
to the ignition temperature for fusion. In this manner, ignition of the reaction 


1H? + ;H? — 3He* + on! + 17.6 Mev 


has been achieved in a number of laboratories since 1963. However, interactions 
between the ionized gas (the plasma) and the confining magnetic fields have 
produced plasma instabilities which have limited the length of time and the 
density of the ionized gas that can be contained. It is generally believed that in 
order to be able to extract useful energy from a thermonuclear plasma, the 
product of the ion density (in ions/cm?) and confinement time (in sec) must 
exceed 10!^ ion sec/cm?. As of 1973, values of 6 X 10! ion sec/cm? (3 x 10! 
ions/cm?, 2 x 10^? sec confinement) had been achieved, and devices intended 
to reach the critical value of 10!* ion sec/cm? were under construction. 

Even when useful ion temperatures, densities, and confinement times are 
achieved, there will remain the problem of converting the fusion energy into 
useful work. Since the energy from the most easily ignited fusion reaction 


1H? + 4H? — 3He* + on! + 17.6 Mev 


appears principally as kinetic energy of the neutron, one proposal is to surround 
the fusion reactor with molten lithium. In this lithium blanket the reactions 


aLi” + on' (fast) — gLi® + 2on', 
aLi9 + on! — 2Het + H? + 4.8 Mev 


would occur, with the energy evolved producing a temperature increase in the 
molten lithium. The heated lithium would be used to generate steam, and the 
tritium would be extracted and used as fusion fuel. Such a mode of operation 
would consume lithium, but the supply of this element is sufficient to meet the 
energy needs for as much as a million years. It has also been proposed to convert 
the kinetic energy of the proton released in the reaction 


1H? + ,H? > ,H? + ,H! + 4.3 Mev 


directly to electrical energy. If this could be achieved, greater efficiency of 
energy conversion would be realized. In addition, it would not be necessary to 
generate tritium fuel from lithium, and thus the energy supply would be deter- 
mined by the virtually infinite amount of deuterium in sea water. 

In addition to the enormous energy resources that could be made available 
by controlled nuclear fusion, there are other attractive features of this process. 
No long-lived radioactive materials are produced in quantity, so the problem of 
waste disposal is virtually nonexistent. The tritium which would be produced 
in the lithium blanket would eventually be consumed, and the amount present 
in the reactor at any time would be very much smaller than the amount of 
radioactive materials in a fission reactor. A fusion reactor would be intrinsically 
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much safer than fission reactors, since there would be no danger of nuclear 
_ explosions, and in the event of fai lure of any component, the fusion reaction 
could be terminated essentially instantaneously, 


The proton is the most abundant nucleus in the Universe, and is the principal 
constituent of the visible stars. Stars are formed by the gravitational collapse 


nuclear reactions. After nuclear reactions start to occur, they produce enough 
energy to raise the internal temperature and pressure sufficiently to counteract 


of the Universe. 


The first step in the stellar conversion of hydrogen to heavier elements is 
postulated to be 


1H! +H! — H? + 4,89. 


Although this reaction has never been detected in the laboratory, there are 
indirect experiments which indicate that it can occur. The second step is the 
reaction of a deuteron with a proton to form sHe®: yi 


1H? 4- H! > He? + v, 
- Two 2He® nuclei can make gHe* by the process 
3He? + ;He? — ;He* + 2, H!, 


If we combine these three reactions in a way which eliminates intermediate 
nuclei (multiply the first and second by two, then add), we get 


41H! — 3He* + 2,418? + 26.7 Mey. 


Thus the net result is the conversion of four protons into an a-particle, two 
positrons, and a considerable amount of energy. This set of reactions is the + 

| principal source of energy in stars of approximately the same mass as the sun. 
— . In older and more massive stars, considerable amounts of helium nuclei 

- accumulate, and in the hot, dense interior regions, the reaction 


3;He* — 4C? + Y 


A is the most probable way in which carbon nuclei are formed. Once present, the 
_ Carbon nuclei can serve as catalysts for the conversion of protons to a-particles. 
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Stellar Nuclear Reactions 


851 


The sequence of reactions which accomplishes this is 


oC}? + GHI > QNI Y 
N78 — 60? + 418° 
eC’? + 1H! — 7N* +7 
INI HH! > 4015 +7 
8015 — 7N! + 418° 
7N15 + ,H! — 4C? + ;He* 


4H! ch oHe* + 24.18°. 


The net result is the same as the three-step conversion of protons to a-particles 
discussed previously. However, the individual steps of the carbon-catalyzed 
process have high reaction rates, and the oyerall sequence is responsible for most 
of the transformation of hydrogen in stars which are much more massive than 
the sun. 

The relative abundances of most of the elements in the solar system can be 
determined from observations of the light emitted by the sun and examination of 
meteorites. These elemental abundance data are an important clue to the reac- 
tions which occur in stars and which may have occurred as the Universe orig- 


inated. In Fig. 19.9, the relative numbers of atoms of the elements in the solar. 


system are displayed as a function of atomic number. There are several striking 
facts revealed by this graph. Hydrogen is more abundant than all other elements 
put together, with helium second. The next three elements, lithium, beryllium, 
and boron have very small abundances, while some of the other light elements 
like carbon, nitrogen, oxygen, and neon are very prominent. There is a general 
decrease in the abundances as the atomic number increases, but the element 
iron interrupts this trend with a particularly high abundance. Finally, the 
elements of even atomic number are present in greater amounts than those of 
odd atomic number. 

Some of these observations can be explained by using the simplest concepts 
of nuclear stability and reactions. As we have discussed, protons are converted 
to helium nuclei in the hot dense regions of a star. Since 9He* is a very stable 
nucleus with both the neutron and proton number at the “magic” value of two, 
it does not react with either protons or neutrons to form stable heavier nuclei. 
The reaction 


He? + ;He* — 4Be* + Y 
does occur, but in a star the Be” can be rapidly destroyed by 


4Be* + 1H! xc nu +7, 
. sB* — 2,He* + 418°, 


since the Bê nucleus is unstable. The only way to synthesize elements heavier 
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Relative numbers of atoms in the solar system as a function of atomic number. Note the 
gaps that occur at ¿Tc and ,,Pm which are not found in Nature. 


than Het appears to be by the previously mentioned reaction, 
3;He* — oC’? + 7, 


followed by 
ser 2He* > 3078, 


Thus the reason for the large amounts of C!? and O! in the sun is clear: these 
elements are formed directly from the abundant 2He*. The elements lithium, 
beryllium, and boron are of low abundance because they cannot be formed by 
direct reactions from lighter nuclei. The origin of these elements is evidently 
the fragmentation of heavier nuclei as a result of violent collisions with cosmic 
ray particles. 

The temperature and density: of the sun are not great enough to promote 
the production of elements much heavier than carbon. The fact that these 
elements are present suggests that they may have been produced in the violent 
nuclear processes which occurred at the origin of the Universe, or that they are 
the result.of the processing of hydrogen by much more massive stars which have 
since disappeared. In these massive stars, the temperatures are high enough 
so that carbon “burning” reactions can occur and produce elements of high 
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FIG. 19.9 


atomic number. The important processes are 


eC? + 40H? — 49Ne?? + 3He* + 4.6 Mev 
— 11Na?’ + ,H! + 2.24 Mev. 


As massive stars evolve, their temperatures rise so high that oxygen burning 
occurs and a variety of nuclei appear: 


8019 + 4019 — 48125 + ;He* + 9.6 Mev 
— 15P?! + H! + 7.7 Mev 
— 168°! + on! + 1.5 Mev. 


Still heavier nuclei are formed by fusion of 2He* with abundant species like 8i?*. | 
By such fusion reactions, elements up to Fe can be built from lighter nuclei. 
The binding energy per nucleon reaches a maximum at Fe®°®, and fusion reactions  - 
with this nucleus will absorb, rather than release, energy. Moreover, the Coulomb 
repulsion which inhibits nuclear fusion increases as the atomic number increases, i 
and synthesis of elements of high atomic number by this process would require 
temperatures in excess of those attained in stars. Some other mechanism must 
be responsible for formation of elements heavier than Fe*®. 
The primary reaction leading to synthesis of the heavy elements is the 
absorption of one or more neutrons, followed by emission of a &-particle. Signify- 
ing a nucleus of mass A and charge Z by (A, Z), the process may be written as 


(A; Z) + 8n! > (A + 8, Z) > (A + 3, Z +1) + 38". 


In the dense, neutron-rich stellar medium, the heavier elements are built up by a 
series of such steps. The nuclei with neutron numbers near the magic values of | 
50, 82, or 126 are particularly abundant because their greater stability tends to Í 
lower the rate at which they are destroyed. Similarly, nuclei with even numbers 
of protons are more stable to 6-emission processes than those with edd atomic 
numbers and are found in greater abundance. 

The final stage in the evolution of many massive stars is a violent explosion 
during which some of the less-stable nuclei may be produced. These explosions 
also ‘disperse the stellar matter, which eventually may condense with large 
amounts of hydrogéh to form a new star. Thus the heavier elements formed in 
massive stars can appear in smaller stars where the temperatures and density 
are insufficient to synthesize them from hydrogen. 


| 


19.4 RADIOACTIVE DECAY RATES 


The spontaneous decay of radioactive nuclei is a first-order process; the number 
of disintegrations per second is proportional to the number of nuclei present. 
Thus we can write for the decay rate, —dN /dt, 


dN 


- M, 
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where À is called the decay constant of the nucleus, and N is the number of 
nuclei in the sample. We can write this expression in the form 

-Nad 
which shows that the fraction of nuclei, dN/N, that decay in a length of time di 
is a constant. Integration of this last expression gives 


N 
In NS —M, (19.4) 


where N is the number of nuclei left at time 4, and No is the number of nuclei 
present at time zero. Rather than report the rate of a nuclear disintegration in 
terms of its decay constant, it is more convenient to give the half-life of the 
process; that is, the time it takes for half of the sample present at any given 
time to decay. To see the relation between the half-life and the decay constant, 
substitute N = No, and t = t12 in Eq. (19.4) to give 


In $ = —M/5, 
2.3 log 2= Ms; 
tijg = 0.693/^. 


Thus if the half-life of a nucleus is known, its decay constant can be caleulated 
and vice versa. 


Radiometric Dating 


The measured decay rates of certain naturally cocurring radioactive nuclei can 
be used to date minerals—that is, to determine the time at which the mineral 
sample was solidified. To illustrate the ideas involved in ratiometric dating, let us 
discuss the so-called rubidium-strontium method for determining the ages of 
mica and feldspar minerals. 

Naturally occurring rubidium contains 28 percent Rb®’, which decays to 
Sr*" by emission of a 8-particle: 


s;Rb?' — a881? + 18° 


The half-life of Rb" is 4.7 X 10° years, which is comparable to the estimated 
age of the universe. Let us assume that at the time a sample of mica solidified, 
it contained no Sr", and that in the time since solidification, all Sr?" formed by 
decay of Rb?" has been trapped in the rigid crystal lattice of the mica. If we also 
assume that no Sr?" from any other source entered the crystal, then it is clear 
that by measuring the ratio of Sr?” to Rbë” and knowing the half-life or decay 
constant of Rb57, we can calculate the length of time that the mica has been 


solidified. 
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The mathematical details are quite straightforward. Let P stand for the 
number of parent Rb?" nuclei in the sample, and D stand for the number of 
daughter Sr?" nuclei. Then at any time 


D+P= Po 


where Po is the number of parent nuclei at the time when the mineral solidified. 
According to Eq. (19.4), we have 


uL ec 
Po 


Substituting for Po, and rearranging, we get 
1 D 
=-In{1+=—}). 19.5 
A ( + = (19.5) 


The decay constant ^ for Rb" is given by 
= 0.693/t1/2 = 147x107" yr. 


Thus by measuring D/P, the age of the sample can be calculated. 

There are other parent-daughter pairs whose relative abundance can be used 
to date minerals that do not contain rubidium. The properties of the most 
important of these are summarized in Table 19.2. The potassium-argon method 
is valuable because potassium is abundant and widespread in the Earth’s crust. 
The isotope K*° decays in two different ways: 89 percent of the nuclei form Cat? 
by 8-decay, and 11 percent form Ar*® by electron capture. The formation of 
Ca^? cannot be used to date minerals, since this isotope is very abundant, and 
extraneous sources of it mask the Caf? formed from K*°. However, certain 
minerals have the property of trapping the radiogenic Ar*9, and preventing 
argon from the atmosphere from entering. Thus reliable age estimates can be 
from measurements of the K*° to Arf? ratio. The uranium-lead methods provide 
valuable consistency tests on dating procedures. The U?* radioactivity series 
involves eight e-decay steps and six -decay steps, and ends with the stable 
daughter nucleus Pb?99, The U?35 series involves seven a-decay steps and four 
B-decay steps, and terminates with the stable nucleus Pb?°’. If the ages cal- 


Table 19.2 Methods of radiometric age determination 


Parent nucleus np Daughter nucleus 
U238 4,51 x 109 Pb206 
, U285 0.713 x 109 Pb207 
K40 1.30 x 109 Arto 
Rb87 47.0 x 109 Sr87 
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culated from U?38/Pb?99 and U?35/Pb??7 agree, it is highly likely that no 
contamination or loss of isotopes has occurred, and that the radiometric age is 
the true age of the mineral. 

As an example of the dating of more recently formed objects, let us consider 
the technique of C! dating of archeological materials. In the atmosphere, 
nitrogen is constantly bombarded by cosmie neutrons and converted to sC!^, 


7N?4 + gn! È 4C iH’. 


This carbon is oxidized to carbon dioxide and eventually ingested by plants 
which are in turn consumed by animals. The «C!* nucleus is radioactive, and 
emits a low-energy B-particle in a process that has a half-life of 5730 years. 
Through natural balance of «C4 intake and radioactive decay, living organisms 
reach a stationary level of gO!* radioactivity which amounts to 15.3 + 0.1 
disintegrations per minute per gram of carbon. When life ceases, intake of 4C!* 
stops, and the radioactivity decays with a half-life of 5730 years. By carefully 
measuring the decay rate of a sample of wood, for instance, it is possible to tell 
when the tree died. In this way, an absolute time scale for dating archeological 
objects of ages between 1000 and 10,000 years has been developed, as shown 


in Fig. 19.10. 


FIG, 19.10 


19.5 APPLICATIONS OF ISOTOPES 


Although the decay of a single radioactive nucleus may seem to be an insignifi- 
cant event, the amount of energy released in such a process is often large enough 
to be detected easily. Consequently, measurement of nuclear radioactivity is 


19.5 | APPLICATIONS OF ISOTOPES 


857 


the most sensitive technique available for the detection of atoms. This sensi- 
tivity can be used to advantage in a number of ways. For example, consider 
the method of radioactivation analysis. The absorption of a neutron by any 
nucleus produces an “activated” or energy-rich species that decays by a process 
characteristic of the nucleus involved. The various isotopes of the elements 
differ considerably in their ability to absorb a neutron. Consequently, by irradi- 
ating a mixture of nuclei with neutrons, it is possible to selectively activate 
certain elements, detect their presence, and measure their concentration by 
ascertaining the intensity of the induced radioactivity. The sensitivity of 
activation analysis depends on the neutron flux available for irradiation, the 
ability of a nucleus to absorb a neutron, and on the energy of the decay process. 
It is possible to detect as little as 107'° gm of copper, sodium, or tungsten by 
activation analysis, and the method can be applied to a number of other ele- 
ments with somewhat reduced sensitivity. 

Another application of radioactive isotopes, in which the emphasis is more 
on specificity than on sensitivity, occurs in the study of reaction rates and 
mechanisms. With the aid of a radioactive isotope, it was possible to determine 
the rate at which iron ions change their oxidation states in an aqueous solution 
of ferric and ferrous perchlorate. In a mixture of ordinary ferric and ferrous 
ions, the exchange reaction 


Fett + Fet? — Fet3 + Fett 


goes on all the time, but it is impossible to observe, since the products are 
chemically the same as the reactants. It was possible to observe the reaction 
through use of 26Fe55, a positron emitter with a half-life of four years. In the 
mixture, the radioactive isotope was present initially as ferrous ion, and as 
time passed, extraction of samples of the solution, followed by separation of the 
Fe** from the Fe*?, and determination of their radioactivities showed that 
the Fe*? became increasingly radioactive. By studying the rate of exchange of 
radioactivity as a function of concentration, one term in the rate law for the 
exchange reaction was shown to be 


rate of exchange = k[le**][Fe*?]. 


Thus the use of radioactive or “tagged” atoms makes the exchange of oxidation 
states observable, and the reaction rate measurable. 

Use of radioactive isotopes in tracer experiments such as the one just de- 
scribed is advantageous, since the detection of the nature and intensity of the 
radioactivity is a simple method of qualitative and quantitative analysis. Some 
elements do not have a radioactive isotope of convenient half-life, and in these 
instances stable isotopes must be used in tracer experiments. As an example, 
let us consider the problem of determining the course of an esterification re- 
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action such as TUE. TT 
o 2i 0 
A a 
Be T CH30H m cunc. + H20. 
OH j O*CH; 


Does the starred oxygen atom come from the alcohol or from the acid? The 
problem was solved by synthesizing methyl alcohol in which the oxygen was 
abnormally enriched with the O!9'isotope. This “labeled” methyl alcohol: was 
then used in the esterification reaction, and the isotopic composition of the 
product ester examined with a mass spectrometer. The mass spectrum showed 
that the ester was enriched with the 078 isotope, and consequently, the oxygen 
atom in the ester linkage must come from the alcohol, not the acid. 

These simple examples indicate the types of applications of radioactive and 
stable isotopes in chemical research. There have been countless elaborations 
and variations on these ideas to deal with more complicated chemical systems. 
In particular, much of what we know of the chemistry of biological systems has 
been deduced from experiments with radioactive and stable isotopes. For more 
detailed diseussions of these applications, the reader is referred to the reading 
list at the end of the chapter. 
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19.1 Write equations that represent each of the following processes: (a) positron 
emission by siSb!20; (b) negative beta emission by 19S*°; (c) alpha emission by 
ggRa??®; (d) electron capture by 4De7. 

19.2 The masses of 11Na?? and 10Ne?? atoms are 21.994435 and 21.991385 amu, 
respectively. Is it energetically possible for Na?? to decay to Ne?? by positron emis- 
sion? 

19.3 What is the alpha activity in disintegrations per min for a 0.001-gm sample of 
Ra?229 (t12 = 1620 years)? 

19.4 A radioisotope decays at such a rate that after 68 min, only X of the original 
amount remains. Calculate the decay constant and half-life of the radioisotope. 


PROBLEMS 


PROBLEMS 


19.5 Articles found in the Lascaux Caves in France have a C14 disintegration rate 
of 2.25 disintegrations per minute per gram of carbon. How old are these articles? 


19.6 The only stable isotope of fluorine is F!9. What type of radioactivity would you 
expect from each of the isotopes F!7, F18, F?9, and pH? 


19.7 When an electron and positron encounter each other, they are annihilated and 
two photons of equal energy formed. Caleulate the wavelength of these photons. 
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Avogadro’s Number 


The Avogadro number is of fundamental importance in chemistry, and a variety 

of methods have been used to determine its value. Here we cite only a few. 
Radioactive decay and gaseous viscosity are two phenomena that can be 

used to give Avogadro’s number, accurate to within a few percent. The a-decay 


of a mole of Ra?7®, 
PAT od i2. SRNA p 2He* 


produces 1.35 X 1071} mole of helium/sec, while the number of disintegrations 
is 8.15 X 10!?/sec. The ratio of these two rates is Avogadro's number, but the 
accuracy of the result is limited by the difficulty of collecting and measuring 
the extremely small amounts of helium produced by the decay. 

The rigorous kinetic theory of a gas of hard spheres of diameter ø shows that 


the viscosity is 


_ 5 VeMRT 
7:516 "No? ' 


while the volume of a mole of liquid is 


Vanes, 
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where M is the molecular weight, R is the gas constant, T is the absolute tem- 
perature, and N is Avogadro’s number. Simultaneous solution of these equa- 
- tions yields N and c in terms of measured values of V and n. However, the 
accuracy of the result is limited by the underlying assumption that molecules 
behave like hard spheres. 

One of the most reliable methods of determining N involves combining the 
density of a crystal, its formula weight, and its interatomic spacing, as deter- 
mined by x-rays. This method has been discussed in Section 3.3. The diffrac- 
tion pattern of x-rays of grazing incidence on a plate that has been ruled with 
accurately spaced lines gives the wavelength of the x-rays. The x-ray diffrae- 
tion pattern of a erystal then gives the interatomic spacing d through the 
Bragg equation nA = 2d sin 6, where @ is the diffraction angle. Since one mole 
of a erystal like NaCl contains 2N atoms, we have for the volume V of 1 mole 
of NaCl 


ra= 2Nd?, 
p 


where J is the molecular weight, and p is the density. Knowledge of d allows 
ealeulation of N with an uncertainty of less than 0.01%. 

Another reliable method for determining N is through measurement of the 
Faraday constant F and the electronic charge e, since 


S Ne: 


The most direct way to determine the Faraday constant is to measure the 
number of coulombs (ampere-seconds) necessary to deposit one equivalent by 
electrolysis. "Thé determination of the electronic charge e can be carried out 
by Millikan’s method, as discussed in Section 10.1. However, this technique 
does not give a particularly accurate result for e, and other procedures described 
below are preferred. 

The electronic charge, in combination sith other physical constants, deter- 
mines a number of quantities that can be measured precisely. The problem is 
to combine these measurements so as to yield separate values of the constants. 
For example, the natural orbital frequency of an electron in a magnetic field, 
the so-called cyclotron resonance frequency v, is given by 


tif% 
” = Ome () = 
where 3€ is the magnetic field and c is the velocity of light. The value of e/m 
derived from measurements of v and 3€ can be combined with the measured 


value of the Rydberg constant 


Le 2a? met 
h3c 
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to give ] 

J 5 
(3 pete. 

m, ch3 
Only one more measurement of a quantity that involves e and Planck's constant 
h is necessary to give values of both constants. The most straightforward, 
although not the most precise, method of separating the constants is to use the 


photoelectric effect: i 
h(v = vo) = Gm?)sas, 


where vo is the photoelectric threshold frequency. The kinetic energy of the 
electrons is frequently measured by a. device that involves the interaction of 
their charge e with an electric field Æ. The electric field necessary to repel the 
most energetic electrons and prevent them from leaving the photoelectric 


surface is given by ' 
(3mv?)max = eb. 


Thus the photoelectric experiment determines h/e, and this, combined with 
the Rydberg constant and the cyelotron frequency, gives values for e, h, and m. 
Combination of e and F gives Avogadro's number N. 


Table B.1 Physical constants 


Avogadro's number 6.02217 X 1023 particles/mole 


Electronic charge 4.80325 x 10710 esu 
1.60219 x 10719 coulomb 

Electron mass 9.10956 x 10-28 gm 

Atomic mass unit 1.66053 x 10—24 gm 

Gas constant 8.31434 X 107 erg/mole deg 


1:9872 cal/mole deg 
0.08206 liter atm/mole deg 
Faraday constant 96486.7 coulomb/mole 
A 23061 cal/volt mole 
Boltzmann constant 1.38062 x 10—16 erg/deg 
Planck constant 6.6262 X 10727 erg sec 


Table B.2 Energy conversion factors 


ergs/molecule kJ/mole kcal/mole itle 
ergs/molecule 1 6.0222 x 1013 | 1.4393 x 1013 | 6.2415 X 101! 
kJ/mole 1.6605 x 10714 ae 0.23901 1.0364 x 107? 
kcal/mole 6.9478 X 10714 4.184 1 4.336 x 1072 
electron 
volts/molecule | 1.6022 X 10-12| 9.6487 x 10! 23.061 1 
LR IAS 
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APPENDIX C 


SI UNITS AND CONVERSION FACTORS. 


To make them meaningful, measurements of physical quantities must be 
expressed as multiples of appropriate standards or units. Thus the same length 
can be expressed as 10 inches, 0.83333 feet, or 0.2540 meters, where the words 
inches, feet, and meters refer to different standard lengths. As the various 
physical quantities we know came to be recognized and measured, units were 
defined for them usually to suit the immediate convenience of the experimenter. 
As a result, we have such units as light-years and nautical miles for length, 
electron volts, joules, and calories for energy. Consequently, it is necessary to 
have conversion factors such as 2.54 cm/inch to allow results expressed in one 
unit to be compared with findings expressed in other units. 

As the understanding of physical science increased, it became clear that all 
physical quantities such as volume, density, and energy could be expressed in 
terms of a few fundamental entities such as length, mass, and time. This led 
to the idea of a system of units where, for example, the unit of energy would be 
equal to the energy associated with a unit mass moving a unit distance in unit 
time. An important such system of units is the centimeter, gram, second, or 
CGS system, where the units for derived quantities such as force and energy 
are defined in terms of the base units for length, mass, and time. Thus the 
(unnamed) unit velocity in the CGS system is the cm/sec, and the unit of 
acceleration is the cm/sec”. 

Since force is defined as the product of mass and acceleration, the unit of 
force is the gm cm/sec”, which for convenience is called the dyne. The product 
of force and distance is work, and consequently the unit of work or energy is 
the dyne-cm, or one gm cm?/sec?. Again for convenience, the unit of work 
or energy is given a special name, the erg. 

To include electrical quantities in the CGS system, it is only necessary to use 
Coulomb's law. The force f between two equal charges q separated by a distance 
ris given by f = q?/r?. Thus the electrostatic unit (esu) is defined as the amount 
of charge that produces a force of one dyne on an identical charge at one cm 
distance in vacuum. One of the most attractive aspects of the CGS-esu system 
is the simplicity with which electrostatic quantities can be included in mechanical 
problems. For example, since the esu as defined has units of (dyne)!/? cm, use 
of esu and cm in the expression ¢ = q?/r gives the electrostatic potential energy 
¢ directly in units of dyne-cm or ergs. 

Unfortunately, there are several different systems of units. For example, 
the MKS (meter-kilogram-second) system of units offers certain advantages 
over CGS in dealing with macroscopic systems. The FPS (foot-pound-second) 
has been popular among engineers in English speaking countries. There are also 
units such as the atmosphere, the calorie, and the electron-volt which have no 
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obvious connection to a system of units. The existence of data expressed in these 
various units has necessitated the use of conversion factors which allow the 
results measured in one set of units to be compared or combined with data 
expressed in other units. To eliminate the necessity for the excessive use of unit 
conversion factors, the International System of Units (SI) was defined by the 
General Conference on Weights and Measures in 1960. This system has been 
widely adopted in Europe, and its use in the United States is being encouraged 
by the National Bureau of Standards. f 

The SI is constructed from seven fundamental units, given in Table C.1. 
These base units are, as far as possible, defined in terms of naturally occurring 
physical phenomena which can be reproduced and referred to with high precision. 
Thus the second is defined as 9,192,631,700 cycles of the radiation associated 
with a certain electronic transition of the cesium atom, and the meter is defined 
as 1,650,763.73 wavelengths in vacuum of a certain orange-red spectral line 
of Kr??, The Kelvin degree is defined as 1/273.16 of the interval between 
absolute zero and the triple point of water. The fundamental unit of mass is 
the kilogram, the mass of a platinum-iridium alloy cylinder kept in Paris. 
Thus in contrast to the foregoing base units, the kilogram is defined in terms of 
an artifact, not a naturally occurring phenomenon. The base unit of electrical 
current, the ampere, is defined in terms of the force between parallel wires 
produced by current they carry. We see that in contrast to the CGS system, 
the base electrical unit in the SI is a current, not a charge. 


Table C.1 SI base units 


Physical quantity j Name of unit Symbol 
ALERE Y NE tae ne Se NM NEO Re 
length meter m ` 
mass kilogram kg 
time second s 
electric current ampere A 
thermodynamic temperature kelvin K 
luminous intensity candela cd 
amount of substance mole mol 


Table C.2 gives the special names and symbols for certain derived units in 
the SI. The unit of energy is the joule or km m?/sec?. The unit of pressure is 
the pascal, or newton (force) per square meter. The utility of expressing all 
measurements in one such system of units can be illustrated by the following 
example. i 

Suppose:a gas undergoes an expansion and does 1 liter-atm of work. It is 
desired to compare this work with the energy change of some chemical reaction 
expressed in the conventional unit of kilocalories. To convert 1 l-atm to calories, 
it is necessary to have the appropriate conversion factor tabulated, or to re- 
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Table C.2 Certain SI derived units 


Physical quantity Name Symbol Definition 

force 1 newton N kg m s-? 

pressure pascal- Pa kg m~! s—! (= N m7?) 
energy joule J kg m2 s—2 

power watt w kg m2 s—3 (= J s7!) 
electric charge coulomb c As 

potential difference volt V kgm2s—3 A! (2JC71) 
electric resistance ohm 2 kg m2 s73 A7? (= VAT!) 
frequency hertz Hz si 


member that 1 atm = 1.013 x 10° dynes/cm?, and 1 cal = 4.184 J.. Then 


1l-atm = 10? em? x 1.013 x 10° dyne/em? = 1.013 x 10? dyne-cm 
1.013 x 10? J = 1.013 x 10? J x 1/4.184 cal/J 
24.21 cal. 


Il 


Now if the measurements had been made in SI units of pressure (pascals) and 
volume (cubic meters), we would have for the same quantities 


1.013 x 10° Pa x 107? m* = 101.3 N m = 101.3 J. 


Since in an exclusive SI tabu'stion of data, all energies, including heats of 
reaction, would be expressed in terms of joules, there would be no need to carry 
. the calculation further to calories. 

In using one base unit of, for example, length to describe dimensions ranging 
from atomic to astronomic size, it is useful to have prefixes which designate a 
multiple of the base unit. Thus distances between various cities are specified 
in terms of thousands of meters or kilometers (km), and atomic dimensions are 
given as a multiple of 10^? m or the nanometer (nm). Table C.3 contains a 

_ list of these prefixes and their symbols. 

As the SI units are adopted, they will replace a number of conventional units 

whose use will gradually diminish. However, because the older literature con- 


Table C,3 Prefixes for fractions and multiples 


Fraction Prefix Symbol Multiple Prefix Symbol 
1071 deci* d 10 deka da 
1072 centi e 102 hecto h 
1073 milli m 108 kilo k 
1076 micro m 106 mega M 
10-9 nano n 109 giga G 
10-712 pico p 1012 tera T 
10715 femto f 
10718 atto a 
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Table C.4 Units to be abandoned 


Physical quantity Name Symbol Definition 
length inch in 2.54 X 10-2 m 
mass pound ` lb 0.45359237 kg 
pressure atmosphere atm 101,325 N m72 
energy calorie cal 4.184 J 


tains data expressed in these units, it will be necessary to be able to re-express 
these data in SI units. Table C.4 gives a list of these units which will eventually 
be abandoned, and their definitions in terms of SI units. 

There is a special aspect of SI (and MKS) units that should be mentioned. 
Because static charge is not’ defined directly in terms of force and distance in 
these systems, Coulomb’s law involves a proportionality constant between 
q?/r? in terms of C?/m? and f in terms of newtons. The required expression is 


i 2 = g C? 
= — + = 8.9874 x 10° 5 [~=], 
Ime 5 8.987 £z 


where the proportionality constant which is conventionally written as 1/4Teo 
has the value 8.9874 x 10° N m?/C?. Thus the force between two electrons 


(1.602 x 10-!® C) one Angstrom (107? m) apart is 


j-1942 
f = 89874 x 10° eer = 231 x 10-* N. 
The same calculation done in CGS units is 


e? (4.808 X 10779 esu)? _ ag 
Jayne) = 5 = oat = 2.31 x 107? dynes. 


This is the same result, since 1 N = 10° dynes. The calculation done in SI or 
MKS units is only very slightly more complicated by the inclusion of the 


proportionality constant. 
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Some Fundamental Operations of the Calculus 
Often it is possible to put the equation that relates two variables z and y into 
the form 


y =f), 


which is read: y is some function (f) of 2. The quantity x is called the inde- 
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pendent variable, and y is the dependent variable, inasmuch as the equation 
.expresses the fact that y depends in some fashion on z. 

It is frequently of interest to learn what change Ay, in y, is produced by a 
given change Az, in z. The equation 


y + Ay = f(z + Az) 


states that a change Az in z does produce some change Ay in y. The question to 
be answered is, what is the relation between Ay and Az? 
When y is a linear function of z, as in 


y = f(z) — a+ bz, 
where a and b are constants, the answer is simple. We write 


y+ Ay = a+ b(z + Az), 
y = a+ bz, 


and subtract the second equation from the first to get 


Ay = b(z + Az) — bz, 
Ay = b Az. 


` Thus the quantity 


Ay/Az = b, 


which is the change in y per unit change in z, is for this function a constant, 
and is equal to the slope of the straight line represented by y = a + bz. 
Because the equation represents a straight line, the slope b = Ay/Az is a con- 
stant, independent of z and y. 

Suppose we apply the same operation to the function 


y — f(2) = 2°, 
which represents a parabola. Then we have 
y + Ay = («+ Az)? 


The method by which we found dy/dz for the function y = z? is called the 
delta process. Application of the delta process shows that for 


and, in general, for 


The derivatives of other important functions are listed in Table D.1. 
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Table D.1 Some important derivatives 


iosi Seet 
ELE. $ (sin u) = cos u 
A) m ni Se $ (cos x) — —sin u& 
PUDE Sw mute ER 


u and v denote functions of x; a is a constant. 


The following are noteworthy properties of derivatives. If c is any constant, 
and 


y = cx", then Ei = (cnx. 


If we have y not a function of z, as in 
y — c, then e £0. 
Finally, to find dy/dz when y is the product of two functions f(x) and g(x), as in 
y = J=): 9@); 
we write 


dy fe) BE + qq) HE. 


To demonstrate this relation, let us differentiate 


ME 


by writing it as 
; y= ar", t+m=n 
We get 
ay = a ma" + antt! 
m ma”) m A^ 


= nz, 


which is the answer found by more direct differentiation of z*. 
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FIG. D.1 


FIG. D.2 


FIG. D.3 
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It is often necessary to find the area under a curve y — f(x) between two 
values of the independent variable z. When f(x) has one of two simple forms, 
this presents no difficulty. As shown by Fig. D.1, if y = c, a constant, then 
the area under y = c between z; and 22 is simply A = c(r; — zi). Also, if 
we have the expression y — cz, which represents a straight line through the 
origin, then the area A between z = zı = 0 and zz is A = jczs, as Fig. D.2 
suggests. For situations in which y = f(x) represents a curve, a different 
approach is required in order to find the required area. 


y 

| ; -0r 

0 T2 y 

y 

We - 
z 


7, jaz t3 


This type of problem and its possible solution is sketched in Fig. D.3. 
The area under the curve is approximated by a series of rectangles of equal 
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width Az and height y; for the ith rectangle. Thus if AA; is the area of the 
ith rectangle, 


n n 
AS 5, AA; = D yite. 
iz Bei 
It seems intuitively obvious that the approximation should improve if we were 


to inerease the number of rectangles and make each one narrower. The area 
of a rectangle of height y is 


AA = y Az = f(a) Az; 


and since 
A dA 
S Lover m fG), 
we can write t. 
dA = f(a) dz. 


The interpretation of dA is that it is the area of a rectangle of height f(z) and 
infinitesimal width dz. Consequently, we can express the total area as the sum 
(or integral) of the infinitesimal contributions 


A= lim DAA; = lim Y; yi Az, 
Az—0 Az-0 


A= fu- [toa 


That is, the integral is the sum of small areas between 71 and zz in the limit 


where Az approaches zero. 
To evaluate the integral, we note from above the following relation: 


n 


Thus, since dA is the differential of A, and the integral sign restores dA to A, 
the integral sign must stand for the operation of reverse differentiation or 
antidifferentiation. With this in mind, we can evaluate 


[ro dz. 


If the function f(x) were itself the derivative with respect to z of another func- 
tion F(z), that is, if 


fa) = £ FG), 
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- then we could make the substitution 


fioa F iz = far. 


The last form shows that the integral sought is just F, so we might write 


Ab | f(x) dz— F, 
where 
fo - 2. 


We conclude that in order to evaluate the integral of f(x), we must find the 
function F whose derivative dF/dz is equal to f(z). To check this we start with 
our answer 

A=F(z), f(x) = dF/dz, 
and differentiate 


dA _ dP 
dt dz’ 
f(x) = f@). 


There is one very important problem remaining, however. Besides the 
answer already found, the result 


A(z) = F(z) +c, 


where c is any constant, is apparently equally valid; for differentiation gives us 


fe) = f@). 


Thus the integral we have found is indefinite in that any constant may be added 
to it. 

€ This problem has arisen because we have ignored the fact that what we are 
seeking is the area under the curve y = f(x) between two limits x; and z2. 
If we regard A(z2), that is, A(x) evaluated at x = xo, as the area under the 
curve up to the limit z plus the constant c, and A(x) as the area up to zi 
plus the same constant, then we can write 


A(z2 — A(z;) = A = F(z3) -c — Fx) — 6 
` A = F(z) — F(z). 
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"That is, the area A under y = : f(a) between. E and z, is just the difference 
"between the integral evaluated ; at the “upper limit” a and the “lower limit” z4. 
- This is compactly denoted by (95 


ie Mei fs 


=A-0= vo = F9) — - Pa). 


Thus, when the limits of integration are specified, the numerical jest i is not 
arbitrary, and we have a definite integral. 

From the table of derivatives, we can deduce a few specific formulas for the 
evaluation of integrals. Since 


a a” per nz", 
we must have 
a m4i |7? 
m = 
ie os T m+ lla 
Also from 
To 
d(cosz) i ricas 
de sin v 
we deduce that i 
4 "n 8 
Í sin x dx = —cosz| » 
E71 zi 
Z3 L2] 


Because 


dz 
dr 
z 


fe- 


Finally, we have the very important relation 


2% de ae” 


E di , 
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- z3 2 72 
Í Ey eg d(e? Eat 
zi a Jz a 


Other important integrals are given in Table C.2. 


ži 


Table D.2 Some important integrals 
ours DW 58:2 36 10 — LOI —————— 


[imm [£0 


IEEE [ee-72 


[eso fuses [ve [mis me 


A unti 
u ducit n#—l cosudu=sinu+c 
" a e " e 
[os] f(x) dx [ws] tace |, roae 
a b a a b 


u and f(x) are functions of x; a, b, and c are constants. 
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Some Useful Mathematical Approximations 


The form 1/(1--z) occurs frequently in equations that describe physical 
phenomena. It can be replaced by an infinite series of powers of z with alter- 
nating sign 


an es Seer ag 
Teg ete 394 


As we can verify by algebraic division, 


1—2+2? 
1+2)1 
1+2 
—z 
—z—2* 
x? 
a? + 2° 


If z is less than unity, each higher power will be a smaller magnitude than the 
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one preceding, and for x very small, it may be sufficiently accurate to write 


1 
l-c-z 


£1-—z, t&l, 


which is a useful approximation. Similar analysis of 1/(1 — z) shows that 


zlta, z«1l. 


A useful approximation to square roots can be derived in the following 
manner. Consider that 


2 2 
T T 
(1 +2) —-lizsctu 


If z « 1, we ean write 


z\? 
(1 +3) Slt, «Kl. 


Taking the square root of both sides and transposing gives 
(1 +a)? ~145, z«l 


which is the desired approximation. For example, the square root of ten is 
10”? = (9-1)? = 311+ 4)? 
= 3(1 + 4g) = 3.167 


approximately, while the more accurate value is 3.1623. 
Other frequently used approximations are derived from infinite series. The 


series 
f= ea eee one 
is valid for any value of z, but if z is much less than unity, the higher powers of 
x can be neglected to give simply ` 
e xlr tl. 
If we take the natural logarithm of both sides we get 
lne*? £ In (1 + 2) 


or 
l]n(1zz)£z 4r, zl, 


which is another useful approximation. 
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ANSWERS TO 
SELECTED PROBLEMS 


Chapter 1 

1.1 Sb205 1.2 CHs, C3H6 14 Fe203 1.6 SnF4 
1.7 (d) Tl 1.9 199, MO 1.11 0.74 1.13 95.3% 
1.15 BH3, BeHg, 27.6, 1.51 gm 117 0.377 

Chapter 2 

24 23.1 cc 2.3 274, HgCle 2.5 9 vol O2, CSH4, molecular 
2.7 048 2.9 He 


241 No; 5.4 X 109, 5.4 X 10°, 54; He, 7.1 X 10°, 7.1 X 109, 71 

243 1.16 X 107 cm/sec, 1.45.X 10* cm/sec 

245 A» distance between walls, P < 107* mm Hg 2.17 He 
2.19 Cp/Cy = 1.67 for monatomic gases only 


Chapter 3 


33 V = 16V2 R?, 0.74 

3.5 Octahedral face planes contain all Na* or all Cl. 

3,6 /6 R, (V3 — V2)R/V2 3.9 (a) 0; (b) 0.002 gm/cc 
3.11 0.53A 
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Chapter 4 


41 2.92 m, 2.57 M 43 40 ml 4.5 3.85 
4.7 333 gm 49 470, Hg2Cle 

441 (a) ethanol = 0.51 

b) P(ethanol) = 22.7, P(methanol) = 43.5, ethanol = 0.34 
4.13 absorbed, AH > 0 


Chapter 5 

5.2 reaction (b) 

5.4 (a) increased (b) decreased (c) increased 5.6 0.137 
5.8 2.31 X 1074, greater, decrease 5.10 202 gm 


5.12. SO2Cle = 0.67 atm, 802 = 0.86 atm, Clo = 1.86 atm 
514 CO = H20 = 1.36 atm, CO2 = H2 = 4.3 atm 


Chapter 6 


6.1 11x 10-19 6.3 0.69 X 10-3 M, K,, = 6.1 X 107? 

6.8 (a) L34 X 10-4 M. (b) L8 X 1077 M (c) 1.8 X 1075 M 

6.7 [805] = 1.1 X 10-? M, BaSOs, [Ba**] = 4.6 X 1077 M 

6.9 [Pbt++] = 2.9 X 1071, [IO3] = 0.03 M 

6.11 (a) [OH] = 4.2X 10-4 M (b) [NH;] = 6.5 X 1075 M, [OH] = 3.5 X 10-5 M 
6.13 [H30+] = 0.11 M, [S07] = 0.94 X 107? M, [HSO7] = 9.1 X 107? M 

6.14. [NH;] = 0.15 M, [OH-] = 0.05 M, [NH7] = 5.4 X 1075 M 


6.17 [OH-] = [HCN] = 272 X 107? M 6.19 4.1 X 107^ M 
621 [OH-] = 44 X 1071! M 623 1.2X 1075 
625 [CO7] = 0.05 M, [HCOg3] = 3.23 X 107? 627 pH = 10.3 
6.29 1.23 X 10-5 M, 1.36 X 10-5 M 6.31 pH = 2.12, no 


632 (a) 2.1 X 10-9 M (b) 25 X 10-19 M (c) 10-13 M 


Chapter 7 


7.4 stronger: Cr207, MnOz; unchanged: Cl», Fet? 

7.6 A8? = 0.13 volt, K = 1.6 X 10? 

7.8 (a) negative (b) Ni**, Zn (c) no, yes (d) less positive (e) zinc, 0.52 volt 
7.10 (a) Co+ Cle = 2Cl--- Co** (b) —0.27 volt (c) increase (d) 1.67 volts 
712 H+ «0.1 M, H* = 1.9 X 107* M 

7.15 872 sec, 0.430 gm, 0.443 gm 


Chapter 8 


8.1 AHjCa(OH)s] = —235.4 kcal 83 AE = 1238 kcal, AH; = 18.3 kcal 
8.7 (a) ASsys = 4.57 eu = —ASsurz, (b) ASsys = 4.57 eu, ASsurr = 0 

8.9 AS(H20) = —4.94 eu, ASsurr = 5.13 eu, AStot = 0.2 eu, yes 

8.11 (a) Ag (b) B(398°K) (c) 2Br(g) (d) Ar(0.1 atm) 

8.13 AG? = —8.33, K = 1.3 X 108, enthalpy 

8.15 Koos = 1.86 X 1012, Keoo = 3.96 X 108 

8.17 3.38 kcal, 0 849 AH = 13.1 keal 

$21 AG? = —2.12 X 105 joules = —50.7 kcal, K = 1.94 X 1037 
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Chapter 9 


9.1 (a) sec^! (b) liter/mole-see (c) liter?/mole?-sec 9.4 —1 
9.6 —[d[NH]/di] = ksK1Ko[HNOS]INHZ] 
9.7 (a) ko[E] « k—3[D] (b) ko[E] > k-3[D] 
9.9 first order, k = 5.X 10-* sec-! 9,11 12.4 kcal 9.12 AE 


Chapter 10 


10.1 1.24 X 1015 eps, 2412 A 

10.3 5203 A, 2.35 eV 

10.9 J?(2p,) « cos? 0, cos @ = 0 in zy-plane 

10.11 Na, Na*, Zn, N, O7 

10.13 1.63 X 10—!! ergs = 10.1 ev, 1.29 X 10-8 ergs = 8.05 X 10? ev 


Chapter 11 


11.1 LiF has smallest separation and is most stable. 
11.3 MgO, 1110 kcal; CaO, 970 kcal; SrO; 900 keal; BaO, 840 kcal 
11.5 tetrahedral, very distorted tetrahedral, linear, bent, octahedral, square planar, 


linear 
11.7 Build-up of electron density between and near nuclei; electron sharing is not 
sufficient. 

1111 sp?, sp?, sp?d?, sp*d 

11.13 Linear molecule, sp hybrid at carbon atoms, carbon atoms linked by one 


o-bond and two z-bonds 
1115 12.8D 


Chapter 12 
121 (a) Ff (b) NO (c)BO (d)NO (e) Bey 124 nonlinear 
12.5 linear: (a), (b), (f), (g) 12.7 linear: (a), (b), (d) 


Chapter 13 

13.3 Increasing nuclear charge increases bonding energy of extra electron. In nitrogen 
an extra electron must be added to a p-orbital that is already half-filled. 

13.5 Ti**, Mn**, O7, Se~, TI* 13.6 HCl, PH3, H20 

13.7 Higher oxidation state (a) increases (b) decreases in stability 

13.8 (a) acidic (b) small molecules (c) covalently 

13.9 Increasing metallic bond strength, ionization energy, an 
more positive. 


d ionic size makes AH? 


Chapter 14 
14.1 Increasing [OH-] should make Mg a better reductant, and the same effect should 


occur for Ba, but less marked. 
14.3 Compare Lit, Be**, Mg++, AI? — 145 2.14 A 147 10-9 


14.9 Least stable BeSO4, most stable BaSO4 


ANSWERS TO SELECTED PROBLEMS 
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Chapter 15 


15. As atomic number increases, so do van der Waals attractions, and volatility goes 
down. 

15.3 Properties indicate incipient metallic behavior, which is appropriate for this 
region of the periodic table. 

15.6 Nz, OCN- are isoelectronic with CO2, and are linear. 15.8 pH = 10.1 

15.9 X-ray determination of O—O bond length to distinguish between Oz (1.21:A) 
and Of (1.12 A) 

15.11 3.2 X 1026, 5 X 1045, 3.2 X 10?7 15.12 A kinetic effect 
15.15 SOCls is pyramidal, SO2Cle tetrahedral. 


Chapter 16 


46.1 The values of AH,u», I; for IB metals are uniformly greater than those of IA 
metals, and this accounts for difference in activity. 

16.3 Cu is a poorer reductant than Ni because of difference in I2, Cu is poorer than 
Zn because of difference in AHsub- 

16.5 tetraamminezinc(II) ion, hexafluoroferrate(III) ion, dicyanoargentate(I) ion, 
trichlorotriamminecobalt (IIT), hexacyanoferrate(III) ion, hexaaquochromium(III) ion 
16.9 [H+] = 9 X 10-3 M, [H+] = 9.5 X 107? M 

16.12 Second reaction has greater AS, first complex is the more stable. 


Chapter 17 


17.6 (a) tert-butyl chloride (b) 3-chloro-3-methyl pentane 
17.8 (a) acetic acid (b) methylethyl ketone (c) acetic acid and acetone 
17.9 1,3,5-trinitrobenzene 


Chapter 19 

19.2 yes 19.3 2.16 X 10? events/min 
19.4 0.0204 min^! 19.5 1.5 X 10* years 

19.7 0.024 A 


ANSWERS TO SELECTED PROBLEMS 
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13. 


14. 


. Show that for an ideal gas 


. At 25°C the vapour pressure of 


SUGGESTED EXERCISES 


. Predict the ratio of the rates of diffusion of helium and O, gases. 


What is the compressibility factor of an ideal gas? 


. Predict C, of H; at room temperature, assumming that the gas behaves ideally. 
. Predict C, of H, at 1500°K assumming that the gas behaves ideally. 
. The “hard sphere” potential is a simple intermolecular potential, defined as 


Vif) =~ for 0 <r «d 
V(r) =0 for r>d 


Where d is the diameter of the molecule. Plot this potential as a function of the 
intermolecular distance r. 


. The quantity kT is called thermal energy. Calculate its value in 


(a) kcal mol-!, (b) electron volts (eV) 


. How many atoms are there in (a) a body-centered cubic (b.c.c.) unit cell, 


(b) a face—centered cubic (f.c.c.) unit cell, and (a) a primitive cubic unit cell? 


. Show that for an ideal gas the coefficient of thermal expansion defined as 


a = (1/v) (9v/8t), is equal to 1/T. 

the coefficient of isothermal compressibility defined as 
= —(1/V) (8 V/8p),- is equal to 1/p. 

water is 23.756 mm Hg. Calculate the vapour 


pressure of an aqueous solution of sucrose if the mole fraction of sucrose is 0.1. 


. A certain NMR frequency is 60MHz. Convert this frequency into Cm^'. 
. What are the units of the equilibrium constant K, of the following reactions: 


(a) Nz ())3H; (g)  2NH;.(g) 

(b) H, (g)--L (9) = 2HI (e) 
Assume that the concentrations of the various species are in mol pe 
The temperature—dependence of the equilibrium constant of a gaseous reaction is 
given by d(ink,)/dT = AH'/RT where AH? is the standard heat of reaction. If the 
P'acton is endothermic, will K, increase or decrease with an increase in 
temperature? 
Write the solubility product expressions for the sparingly soluble 
Ca, (PO4»- 


salts CaF, and 


15. 


16. 
17. 
18. 


19. 


20. 
21. 
22. 


23. 


24. 


202 


At room temperature the solubility product of a sparingly soluble salt AB is 
121 x 10-5. What is the molar solubility of AB? 

Which is the conjugate acid or.conjugate base of (a) HCL, (b) OH’, (c) c;H;NH;?? 
The pH of an aqueous solution is 5. What is its hydroxyl-ion concentration? 
In the hydrolytic equilibrium A^ + H;O =HA + OH, K,=1.0 x 105, What is the 
hydrolysis constant of the salt? 

For a homogeneous gaseous reaction 2A (g)+3B(g) &3C (g)--4D (g) at 27°C, 
AH=17 kcal mol-'. Taking R=2cal k~! mol~', calculate AE for the reaction. 


Calculate the entropy change accompanying the evaporation of one mole of water at 
100°C, given that the latent heat of vaporization of water is 540 cal go. 
Calculate the standard Gibbs free energy change for a gaseous reaction if K, of the 


reaction is 10-™. 
The A G° for the reaction Ag cl (s) Ag* (aq) + cl” (aq) is —21.20 KJ. What is the 
standard e.m.f. of this reaction? 


The rate Jaw for the reaction A+B+C— Products, is found to be -d(A)/ 
dt =k(A)'? (B)'7(C). What is the order of the reaction? 


The units of an n™ —order reaction (Where n4-0) are given by expression 1"' mol'™ 
s. Compute the units of the 1/2-order, first order, 3/2-order, second order and 
third order reactions. 


Determine a and b for the rate equation, 
Rate — k(A)* (B) 
from the following data: 
(A)y/mol 17! (B))/mol 17! Rate/mol 17! $=! 


26. 
21. 


28. 


29. 


30. 


4.00 x 102 2.00 x 102 2.5 x 107% 
12.00 x 102 2.00 x 102 TEC Tre 
12.00 x 107 8.00 x 102 3.0 x 107* 


Determine the rate constant for the above reaction. 


The half-life of a reaction is halved when the initial concentration of the reactant is 
doubled. Verify that the reaction is second order. 


The half-life of a reaction is doubled when the initial concentration of the reactant is 
doubled. Verify that the order of the reaction is zero. 


In general, the tate constant of an elementary reaction is doubled when the 
temperature is increased from 25°C to 35°C. Show that the activation energy of the 
reaction is 12.4 kcal mol-'. 
Verify that the ground state energy of hydrogen atom and the first excited state 
energy of He*ion are equal. 


3t. 


32. 


33. 


34. 


35. 


36. 


37. 


38. 


39. 


40. 


45. 


. Calculate the ratio of the radii 
. It is known that sjBi 


. What are the *pseudo-atoms" positroni 


The ground state energy of hydrogen atom is —13.6 eV. 

What is its ionization potential? 

The energy of hydrogen atom can be written as Ej — —Ry/n?, where Ry, the 
Rydberg constant of hydrogen atom = 109, 700 cm-!. What is the energy of the 
fourth excited state of hydrogen atom? 

The radious of the n Bohr orbit of hydrogen atom is given by r, = n’a, where a, is 
the Bohr radius. What is the radius of the fifth Bohr orbit (i) in A*, (ii) in pm (i.e. 
picometers)? 

Verify that the wave function y, (x) — Q/a)'? sin (nnx/a) for a particle moving 
along the x — Coordinate in a one dimensional box of infinite height and width a is 
normalized. 

The orbital angular momentum of an electron in an atom is given by [10 + D]'^h 
where tr —h/21 What is the angular momentum of (a) a 1s-electron, (b) a-3d- 
electron, (c):a 4f-electron? 

What is the Zero-point energy ofa diatomic molecule vibrating as a simple 
harmonic oscillator if its vibrational frequency is 1500 cm-'? 

The force constant of a diatomic molecule is 400 Nm-.. Assuming that its reduced 
mass is 107% kg, what is its fundamental vibrational frequency? 

A diatomic molecule has a stretching vibrational frequency but not a bending 
vibrational frequency, Why? 


(a) Defined the degeneracy of an energy level. 

(b) The degeneracy of a rigid diatomic rotor is given by 8j 
degeneracy of the fourth rotational energy level? 

Two approaches to the theory of chemical bonding have been proposed: The 

valence bond theory (VBT), associated with the names of Heitler, London, Slater 

and Pauling; and the molecular orbital theory (MOT) associated with the names of 

Hund, Mulliken and Lennard-Jones. Compare and contrast these theories briefly. 


= (2J + 1). What is the 


. Calculate the radius of the nuélide ;,A1". 


of the nuclides ;He and iH 


203 undergoes the following three types of decay: a-emission, 


positron emission, and electron capture. Write equations showing each type of 


decay. 
um and mesonium? Also write the formula 


of the mesonic molecule ion in which proton and a deuteron are held together by à 


negative meson. 


The half-life of a radioactive nucleus is 100sec. What is its disintegration constant? 
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Acetic acid, 751 
Acetylides, 625 


Acids and bases, Arrhenius theory of, 212 


Lewis theory of, 216 
Lowry-Bronsted theory of, 214 
strength of, 215 
Activated complex, 377 
Activation energy, 389 
Activity, 193 
Addition reaction, of aldehydes, 766 
of alkenes, 761-763 
of ketones, 766-768 
Adenine, 821-822 
Adenosine triphosphate, 792 
Alcohols, 750, 753-759 
Aldehydes, 751, 764-769 
Aliphatic compounds, 771 
Alkali elements, 594-602 
boiling points, 595 
diatomic molecules, 595 
hydration energies, 595 
jonic radii, 595 
ionization energy, 595 
melting points, 595. — 
reductiontion potentials, 595 


INDEX 


Alkali halides, 598-600 
gaseous molecules, 600 
lattice energies, 599 

Alkali-metal oxides, 598 

Alkaline-earth elements, 602-611 
boiling points, 603 
halides of, 607 
hydration energies, 603 
ionization energies, 603 
melting points, 603 
occurrence and properties, 602 
oxides, 605 
reduction potentials, 603 
salts of, 608 

Alkanes, 744-750 

Alkenes, 759-764 

Alkyl radicals, 746 

Alpha-decay, 841-842 

Alpha-helix structure of proteins, 816- 

819 

Alpha-particle, 841 

Alumina, 618 

Aluminum, 611, 618-619 

Amines, 753 

Amino acids, 781, 810-820 


Ammonia, dipole moment, 519 
geometry, 510 
synthesis, 636-638 
Amphoteric behavior, 584 
Amylopectin, 805 
Amylose, 805 
Anisole, 738 
Antibonding orbital, 501, 537 
Antifluorite structure, 116 
Antimony, 636, 655 
Approximation, algebraic, 876-878 
Aromatic compounds, 771-782 
substitution reactions of, 775-779 
Arrhenius, S., theory of acids and bases, 
212 
Arsenic, 636, 655 
Atomic number determination, 420, 
428 
. Atomic orbitals, 441-450 
hybrid, 514-518 
Atomic radii, 578-580 
table, 580 
Atomic volume, 578-580 
Atomic weight, determination, 7-18 
scale, 14 
variations, 4 
ATP, see Adenosine triphosphate 
Auric ion, 714 
Aurous ion, 714 
Avogadro, A., number, 18, 104, 863- 
865 
principle of, 9-11, 23 
Azeotrope, 164 


Balmer spectrum, 425 

Barium, 602-611 

Barometer, 34 

Bases, see Acids and bases 

Battery, 291-294 

B;, molecular orbitals of, 542 

Benzene, electronic structure, 565 
substitution reactions, 775-779 

Beryllium, 602-611 

Beta-decay, 839-841 

Bimolecular process, 373 

Bismuth, 636, 655 

Body-centered cubic lattice, 111 

Bohr, N., atomic model, 425-428 


INDEX 


Boiling-point elevation constants 
derivation of, 153-155 
table, 155 

Boiling temperature, 143 
elevation of, 152-155, 347 

Boltzmann, L., constant of, 55 
distribution law, 61-64 
factor of, 62, 139 

Bond angle(s), 477-479 
table of, 477, 478 

Bond energy(ies), 472-475 
table of, 472, 474 

Bond lengths, 475-477 
table of, 475, 476, 477 

Bonds, energy-rich, 793 

Boranes, 614 

Borates, 613 

Borax, 613 

Borohydride ion, 617 

Boron, 611-617 
atomic weight variation, 4 

Boyle, R., law of, 35, 48-54 

Bragg, W. L., diffraction equation of, 

102, 133, 429 

Bravais lattices, 107 

Bromate ion, 676 

Bromic acid, 675-676 

Bromine, 669-680 

Brownian motion, 131 

Buffer solutions, 228-233 

Butane, 547 

1, 3-butadiene, electronic structure of, 

565 


C2, molecular orbitals of, 542 
Cadmium, 714-716 
Cage effect, 399 
Calcium, 602-611 
Calculus, fundamental operations of, 
869-875 

Cannizzaro, S., 10-12 
Carbides, 625 
Carbohydrate, 802-810 
Carbon, 620-625 

dating, 857 

dioxide, 624 

monoxide, 623 
Carbonate ion, 243-250, 624 


Carbonic acid, 243-250, 624 
Carbonium ion, 758, 762 
Carbonyl compounds, inorganic, 735- 
737 
organic, 764-769 
Carboxyl group, 751 
Catalyst, 400-406 
Cathode rays, 412 
Cell, biological, 790-792 
nucleus of, 792 
Cellulose, 804 
Cesium, 594-602 
Cesium-chloride lattice; 495 
Chain reactions, 383-385 
Charles’ law, 38-40 
Chelate, 718 
Chlorate ion, 676 
Chloric acid, 676 
Chlorine, 668-680 
dioxide, 674 
heptoxide, 674 
hexoxide, 674 
monoxide, 674 
Chlorous acid, 675 
Chromate ion, 698 
Chromic ion, 679-680 
Chromium, 686, 696-699 
Chromium subgroup, 696-699 
Chromous ion, 699 
Citric-acid cycle, 802, 808-810 
Closest-packed structures, 108-112 
octahedral site in, 112, 115 
structures related to, 112 
tetrahedral sites in, 112, 115 
Coal, 782-784 
Cobalt, 703, 706 
Coenzyme A, 800-802 
Colligative properties, 345-349 
Collisions, rate of, 387-389 
Complex ions, bonding in, 722-735 
equilibria among, 250 
nomenclature, 721-722 
stereochemistry, 717-721 
Compressibility factor, 67 
Concentration, units of, 148-150 
Concentration cell, 279 
Coordinate-covalent bond, 717 
Coordination, number, 110, 717 
sphere, 717 


Copper, 686, 709-712 
Copper subgroup, 709-714 
Corrosion, 289-291 
Coulomb barrier, 833 
Covalent bonds, 496-528 
coordinate, 717 
multicenter, 525-528 
multiple, 522-525 
Crystal-field theory, 723-730 
CrystaHattice geometry, 492-496 
Crystals, covalent network, 94-95 
ionic, 91-93, 485-496 
metallic, 95-96 
molecular, 93-94 
sizes and shapes, 88-90 
Cubic closest packing, 109 
Cupric ion, 710-711 
Cuprous ion, 710-711 


Cytoplasm, 792 
Cytosine, 821 


Dalton, J., atomic theory, 2-10 
Law of Partial Pressures, 44 
rule of greatest simplicity, 8 
DeBroglie, L., and wave-particle duality, 
430 
Defects in solids, 119-122 
Definite Proportions, Law of, 3 
Deoxyribose, 721 
Derivatives, table of, 871 
Detailed balancing, 387 
Diagonal relationship in periodic table, 
1 572, 633 
Diamagnetism, 726 
Diamond, 621-622 
Diamond-crystal lattice, 94 
Dichromate ion, 698 
Diffusion of gases, 57-59, 74-77 
Diffusion-controlled reactions, 398-399 
Dinitrogen pentoxide, 643 
tetroxide, 642 
trioxide, 642 
Dipole moments, 518-520 
table of, 519 
Displacement reactions, 755-757 


INDEX 


Disproportionation reaction, 266 

Dissociation constants of acids, 216 

Dissociation energy of diatomic molecules, 

table, 472 

Distillation, 161 

DNA, see Nucleic acids 

Double bond, carbon-carbon, 523, 760 
carbon-oxygen, 764 

Dulong and Petit law, 12-13, 122, 126 


Effusion, 57-59 
Einstein, A., theory of heat 
capacities, 123 
mass-energy relation, 835 
and photoelectric effect, 424 
Electrical nature of matter, 412-417 
Electrolysis, 287-289 
Electromagnetic waves, 96-100, 421 
Electron 
capture, 839-884 
charge, 416 
charge-to-mass ratio, 412-416 
configuration of atoms, 452-459 
mass, 417 
table of, 454 
Electron affinities, 466, 574-576 
table of, 466 
Electron-dot structures, 506 
Electronegativity(ies), 575 
table of, 576 
Elementary process, 373-375 
Elements, allotropy, 573 
electrical properties, 573 
structural properties, 572 
Elimination reaction, 753 
of alcohols, 758 
Embden-Meyerhof pathway, 808-810 
Enantiomorphs, 780 
Endothermic reactions, 309 
Energy, conservation of, 306 
conversion factors, 865 
and first law of thermodynamics, 306- 
308 
influence on equilibria, 142 
Energy levels, of a diatomic molecule, 
479-484 
of hydrogen atom, 427, 439, 449 
of lithium atom, 451 
of many-electron atoms, 451-454 


"INDEX 


Engines, 349-352 
Carnot, 349 
Cheat, 349 
Enthalpy, change, 137, 309 
of formation, 313-315 
of fusion, 138 
standard state for, 311 
of sublimation, 137 
temperature dependence of, 316-318 
of vaporization, 137 
Entropy, 142, 322-333 
of elements and compounds, 331 
influence on equilibria, 142 
and molecular chaos, 142, 327-329 
temperature dependence, 326-328 
Enzymes, 402 
Equation of state, 34 
ideal gas, 41-44 
van der waals, 67 
virial, 71 
Equilibrium, chemical, 174-179 
liquid-vapor, 139, 175 
Equilibrium constant, 179-188, 194-200 
and cell potentials, 279-282 
and free energy, 338 
temperature dependence, 343-345 
Equilibrium state, 136, 140-142, 175-179 
Equivalent Proportions, Law of, 6 
Esters, 752 
Ethane, 746 
Ethanol, 751 
Ethers, 752 
Ethyl formate, 752 
Ethyl radical, 746, 749 
Ethylene, electronic structure, 524 
geometry of, 524, 760 
Electron affinities, 466, 574-576 
Ethylene diamine, tetra-acetic acid, 719 
Eutectic temperature, 169 
Exothermic reactions, 309 


Face-centered cubic lattice, 109-112 
FAD, 795 


- Faraday constant, 288 


Fats, 798-802 

Fatty acids, 798 
oxidation of, 800-802 

Ferrate ion, 705 

Ferric ion, 705 


Ferricyanide ion, 705 
Ferrocene, 740 
Ferrocyanide ion, 705 
Ferromagnetism, 726 
Ferrous ion, 704-705 
Fission, 845-846 
Fluorine, 669 
monoxide, 674 
Fluorite structure, 116 
Force constant, 482 
Formality, 150 
Formic acid, 751 
Formula, empirical, 23 
molecular, 27 
Formula weight, 19 
Free energy, see Gibbs free energy 
Freezing point, 145 
depression of, 156, 347 
Frenkel defect, 119 
Frequency of electromagnetic radiation, 
98 
Fuel cell, 291-294 
Functional groups, 750-751 
Functional isomers, 779 
Fusion, nuclear, 849 


Gallium, 611, 619 
Galvanic cell, 266-276 
Gamma emission, 842-843 
Gas constant, R, 43 
Gas electrode, 267 
Gas laws, 34-47 
Gases, kinetic theory of, 47-59 
Gay-Lussac, J., law of combining 
volumes, 8 
law of volume and temperature, 
38 
Genetic code, 829-830 
Geometrical isomers, 779 
Geometry of molecules, 508 
Germanium, 621, 630 
Gibbs free energy, 333-341 
and electrical work, 341 
and equilibrium constants, 335-341 
of formation, 335 
standard, 335 
Glucose, 803-810 
Glyceraldehyde, 781 
Glycerides, 799 


Glycogen, 804-810 
Glycosidic link, 804 
Gold, 709, 714 
Graphite, 622 

crystal lattice of, 94 
Grignard reagent, 767 
Group I elements, 594 
Group II elements, 602 
Group III elements, 611 
Group IV elements, 620 
Group V elements, 635 
Group VI elements, 656 
Group VII elements, 668 
Group VIII elements, 703-707 
Guanine, 821 


AH, see Enthalpy 
H5, molecular orbitals, 548 
Hafnium, 691-693 
Half-life, 855 
Half-reactions, 259-261 
Halides, of hydrogen, 671-673 

of metallic elements, 670 

of nonmetallic elements, 670 
Heat, 302-306 
Heat capacity, 315 

of gases, 64-66 

of solids, 123-127 
Hemoglobin, 816 
Hess' law of heat summation, 312 
Heterogeneous reactions, 401 
Hexagonal closest packing, 109-111 
Hybrid atomic orbitals, 514 
Hydride ion, 587 
Hydrides, enthalpies of formation, 

586 

and the periodic table, 586-590 
Hydrocarbons, 744-750, 784-786 
Hydrogen atom, orbitals, 441-450 

quantum numbers, 439 

wave functions, 441-450 
Hydrogen bond, 162, 588-590 
Hydrogen halides, 671-673 

crystal structures, 110 
Hydrogen molecule, 502-503 
Hydrogen molecule-ion, 497-502 
Hydrogen peroxide, 658-659 
Hydrogen sulfide, 661 
Hydrolysis, 226-228. 


INDEX 


Hydrolysis constant, 226 
Hydronium ion, 213 
Hypobromous acid, 675 
Hypochlorous acid, 675 
Hypoiodous acid, 675 
Hypophosphorous acid, 652 


Ideal gas, 41 

Ideal solutions, 147-161 

Imperfect gases, 67-72 

Indicators, acid-base, 233 
table of , 234 

Indium, 611, 619 

Insulin structure, 816 

Integrals, table of, 876 

Interhalogen compounds, 678- 

680 

Intermolecular forces, 68-72 

Todate ion, 678 

Iodic acid, 676 

Iodine, 668-680 

Iodine pentoxide, 673—675 

Ionic bonding, 484—496 

Ionic radius, 117, 492-496 
of lanthanides, table, 581 
as a periodic property, 580 
table, 493 

Ionization energy, 459—466 
and periodic table, 462-466 
table, 460 

Iridium, 707-709 

Iron, 686, 703-706 

Iron oxides, 703-704 

Iron triad, 703-707 

Irreversible process, 319-326 

Isobutane, 749 

Isomer, functional, 779 
geometrical, 721, 760, 779 
optical, 721, 780 
positional, 747, 779 
structural, 719 

Isopropanol, 751, 759 

Isotherms, pressure-volume, 36 

Isotope, masses of, 17, 833 


Joule, J., 305 
joule, energy unit, 868 


INDEX 


K-capture, see Electron capture 

Ketone, 751, 764-769 

Kinetic theory, of gases, 47-68 
of liquids, 131-136 

Krebs cycle, 802, 808-810 


Lanthanide elements, 689-690 
Lanthanum, 689 
Lattice energies, 485-496 
table of, 494 
Laws of electrolysis, 288, 412 
LCAO-MO, 536-542 
Lead, 621, 631 
Le Chatelier’s principle, and chemical 
equilibria, 188-193 
and liquid-vapor equilibria, 166 
and solubility, 207 
statement of, 166 
Lennard-Jones, J., intermolecular 
potential-energy function, 72 
Lewis, G. N., theory of acids and bases, 
216 
Ligand, 717 
Ligand-field theory, 732-735 
Lipids, 798-802 
Liquids, atomic distribution in, 134 
kinetic theory of, 131-136 
superheating of, 143 
vapor pressures of, 143 
Lithium, 594-602 
Lithium borohydride, 617 
Lowry-Brénsted acid-base theory, 214 
Lysosomes, 792 


Madelung constant, 489 
Magnesium, 602-611 
Magnetite, 704 
Manganate ion, 701 
Manganese, 686, 699-702 

dioxide, 701 

subgroup, 699-703 
Manganic ion, 700-701 
Manganous ion, 700 
Markovnikov's rule, 762 
Mass spectrograph, 16 
Max well-Boltzmann speed distribution, 

59-64, 388-390 

Mean free path, 74-79 


Mechanism of reaction, 373 
and rate law, 375-383 
Mendeleey, 13 2 
Mercuric ion, 716 
Mercurous ion, 716 
Mercury, 714-717 
Metallic bond, 528-532 
Metallic elements, 528, 572-574 
crystal structures, 111 
and periodic table, 572-574 
Metal-organic compounds, 738-741 
Methane, 745 
Methanol, 751 
Methyl, acetate, 752 
radical, 746 
Methylamine, 753 
Methylene, molecular orbitals, 549-553 
Michaelis-Menten equation, 404 
Microscopic reversibility, 387 
Mitochondria, 792 
Molality, 149 
Molar volume of gases, 42 
Molarity, 149 
Mole, 18-29 
Mole fraction, 44, 149 
Molecular chaos, 141, 177 
Molecular formulas, 7-19 
Molecular orbitals, antibonding, 501 
bonding, 501 
in complex ions, 722-741 
description, 501 
in diatomic molecules, 535-546 
in H5, 497 
and ionic bond, 546 
in triatomic molecules, 546-554 
Molecular speed, average, 56, 60 
distribution of, 59-64 
most probable, 60 
root-mean-square, 56, 60 
Molecular weights, 9-12, 15 
Molecularity, of a reaction, 373-375 
and order, 375 
Molybdenum, 696, 699 
Moment of inertia, 480 
Moseley, H.G.S., 429 
Multiple bonds, 522-525 
Multiple Proportions, Law of, 5 
Myoglobin, 816, 819 


NAD*, 795 
Naphthalene, 773 
Nernst equation, and cell voltages, 276- ° 
279 
derived, 342 
Nickel, 686, 703, 706-707 
Niobium, 693, 695-696 
Nitrate ion, electronic Structure, 560- 
563 
geometry, 644 
Nitric acid, 644 
oxide, 641 
Nitrides, 639 
Nitrobenzene, 776 . 
Nitrogen, 636-649 
‘electronic structure, 542 
fixation, 638 
oxides of, 640-644 
Nitrogen dioxide, 642 
Nitronium ion, 644 
electronic structure of, 557 
Nitrosonium ion, 641 
Nitrosyl halides, 648 
Nitrous acid, 645 
Nitrous oxide, 640 
Nitryl halides, 648 
Noble-gas compounds, 680-682 
Nomenclature, of complex ions, 721-722 
of organic compounds, 749 
Nonstoichiometric compounds, 4 
Normality, 150 
Nuclear reactions, 845-854 
Nuclgic acids, 792, 820-830 
Nucleon, 832 
Nucleoside, 822 
Nucleotide, 822 
Nucleus, forces therein, 836-838 
mass, 835 
radius, 833-834 
shape, 834-835 


O2, molecular orbitals of, 543 
Octet rule, 506 
Oil, 782-786 
Olefins, see Alkenes 
Orbitals, atomic, 441-450 
in many-electron atoms, 450-459 
molecular, 497-506, 535-569 


Order of a reaction, 367 - Phosphorous oxide, 650 
determination of, 371 Phosphorus, 636, 649-655 
of elementary processes, 374 halides, 653 
Osmium, 707-709 pentoxide, 650 
Osmotic pressure, 158-160, 348 Phosphoryl chloride, 654 
Overlap integral, 536 Photoelectric effect, 423-425 
Oxalic acid, 751 Photons, 424 
Oxidation, 256 pH scale, 218 
of alcohols, 758 Physical constants, 865 
of aldehydes, 768 pK, definition of, 218 
of alkenes, 763-764 Planck's constant, h, 422 
in biochemical systems, 794-798 Planck's quantum hypothesis, 423 
of ketones, 768 Platinum, 707-709 
Oxidation state, assignment of, 257-259 Platinum metals, 707-709 
definition of, 257 pOH, definition, 218 
and periodic table, 576-578 Polypeptide, 811 
Oxides, 582 Positron, 840 
acid-base properties, 583-585 £ Positron-decay, 840-841 
bonding in, 585-586 Potassium, 594-602 
free energy of formation, 582 Precipitation of salts, 210-212 
and periodic table, 582-586 Pressure, measurement, 34 
Oxidizing agent, 257 units of, 35 
Oxygen, 656-660 Proteins, 810-820 
Ozone, 658 synthesis, 828-829 
electronic structure, 559 Purine bases, 821 
Pyrimidine bases, 821 
Palladium, 707-709 
Paraffin hydrocarbons, 744 Quantum mechanics, 430-438 
Paramagnetism, 726 Quantum numbers for hydrogen atom, 439 
Partial Pressures, Law of, 44 Quantum theory, 421-438 
Particle in a box, 433-438 Quartz, 626 
Pauli Exclusion Principle, 450 Quasistatic process, 319 
role in chemical bonding, 502 r 
tole ja molecular geometry, 509 Radial distribution function, 134, 141 
Peptide bond, 811 Radiation, wave theory of, 421 
Perchloric acid, 676 Radioactivation analysis, 858 
Periodic table, 13, 569-572 Radioactive decay constant, 855 
and atomic structure, 454-466 Radioactivity, 838-843 
Permanganate ion, 702 Radium, 602-604 
Peroxydisulfuric acid, 664 j Raoult's law, 151 
Perxenate ion, 681 deviations from, 163 
Phase changes, 136 Rate constant, 368 
Phase diagrams, 144-147 bimolecular, 393 
two component, 167-171 Rate-determining step, 375 
Phase rule, 170 Rate law, differential, 366 
Phosphoric acid, 651 integral, 368-371 
Phosphorous acid, 652 and reaction mechanisms, 372-383 
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Rate of reaction, 366-368  ' 
in condensed phases, 397-400 
dependence on temperature, 394-397 
and equilibrium, 385-394 
Reduced mass, 480 
Reducing agent, 257 
Reduction-potential diagram, 646 
Representative elements, 571 
Resonance, 526-528 
Reversibility, 319 
Rhenium, 700, 702-703 
Rhodium, 707-709 
Ribonuclease, 816 
Ribose, 821, 823 
Ribosomes, 792 
RNA, see Nucleic acids 
Rock-salt lattice, 115 
Rubidium, 594-602 
Ruthenium, 707-709 
Rutherford's scattering experiment, 418- 
421 


Saccharides, 803-810 
Salt bridge, 259 
Scandium, 686, 689 
Schottky defect, 119 
Schródinger equation, 433 
Second law of thermodynamics, 323 
Selenium, 656, 667 
Silanes, 626 
Silicates, 627-633 
Silicon, 621, 625-630 
Silicon dioxide, 626 
Silicones, 627-630 
Silver, 709, 712-714 
Sodium, 594-602 
Sodium-chloride crystal structure, 93, 
115 
Solids, amorphous, 86, 88 
crystalline, 86, 88 
Solubility, of ideal solutes, 164-167 
product, 205 
of slightly soluble salts, 204-212 
Solute, definition of, 148 
Solutions, 147-167 
ideal, 151-162 
boiling points of, 152 


freezing points of, 152 
vapor pressures of, 152 
nonideal, 162-164 
solid, 148 
Solvay process, 610 
Solvent, 148 
Specific heat, 12 
Spectra, atomic, 425-430 
molecular, 479-484 
x-ray, 428 
Spectrochemical series, 726 
Spectrograph, 425 
Speed distribution, Maxwell-Boltzmann, 
59-64 
Spontaneous processes, 318-322 
Standard atmosphere, 34 
Standard cell potential, 271 
and equilibrium constant, 279 
sign convention for, 272 
Standard half-cell potentials, 269-276 
conventions for use of, 274 
definition and measurement, 269- 
276 
and standard free-energy change, 
table of, 275 
Standard temperature and pressure (STP), 
23,42 
Starch, 804-810 
State function, 301 
State of a system, macroscopic, 327 
microscopic, 328 
Statistical mechanics, 332, 352-358 
Steady-state approximation, 379-383 
Stereochemistry, of complex ions, 717 
of organic molecules, 779 
Steric factor, 392 
Strontium, 602-611 
Sublimation temperature, 147 
Sulfanes, 662 
Sulfite ion, 664 
Sulfur, 656, 660-667 
dioxide, 662 
electronic structure, 527 
hexafluoride, 666 
trioxide, 663 
—— electronic structure, 527, 560 


~ Sulfuric acid, 663 


INDEX 


Titrations, acid-base, 239-243 
oxidation-reduction, 282-287 
Torr, 35 
Transition elements, 571, 685-744 
atomic radii, 686 
electrode potentials, 686 
electron configurations, 686 
Transport phenomena in gases, 73-79 
Triple-point temperature, 145 
Tungsten, 699 


Uncertainty Principle of Heisenberg, 432 
Unimolecular process, 373 

Unit cell, 105 

Units and conversion factors, 866-869 
Uracil, 821 


Valence, 471 
Valence-bond theory of complex ions, 
730-732 

Vanadium, 686, 693-695 

Vanadium subgroup, 693-696 

Van der Waals equation, 67 

Vapor pressure, 139-147 
dependence on temperature, 142-144 
of a solid, 144 

Virial, coefficient, 71 
equation of state, 71, 79-81 
theorem, 52-54, 498 

Viscosity of gases, 74-79 


Water, self-ionization of, 218 
Wave function, 433 
for one-electron atoms, 441-449 
for particles in a box, 434 
Wavelength, 97. 
Wavelength-momentum relation, 431 
Wave-particle duality, 430 
Waves, electromagnetic, 96 
interference of, 98-100 
Work, 302-306 
Work-heat equivalence, 305 


Xenon, fluorides, 680-682 
oxides, 680-682 
X-rays, and chemical analysis, 104 
and crystal structure, 96-104 
diffraction by crystals, 100-103 
and electron density, 103 
and liquid structure, 132-134 
X-ray spectra, 428-430 


Yttrium, 689 


Zinc, 686, 714-717 

Zinc blende structure, 116 
Zinc subgroup, 714-717 
Zirconium, 692-693 
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x BIOCHEMISTRY 
e ' @ Zubay 1986 85015—81-3 Forthcoming 


Biochemistry represents a unique achievement in which the efforts of 23 
authors have been carefully coordinated Each chapter was reviewed by 
i additional experts to insure authoritative quality.. Further reviews of 
—_—--* "chapter and sections were conducted to produce a textbook that is both 
readable and teachable. Finally, coordinating author Geoffrey Zubay, 
| 1+ reviewed the entire book to insure smoothness of presentation and balance 
of coverage. The final result is a biochemistry text with the most up-to-date 
information possible, treated in proper perspective and surpassing other 

books in both its thoroughness and accuracy. 3 3 


& PHYSICAL CHEMISTRY. 
Lh. Gilbert Castellen 1985 85015-59-7 Rs. 125.00 


This introductory. physical chemistry textbook describes physiochemical 

_ systems in terms of fundamental physical principles. An integrated view 
of each of the broad areas of thermodynamics, structure, and rate processes 
is presented. The first eighteen chapters on thermodynamics have been 
upgraded by the addition of more topics and additional explanations. The 
treatment of spectroscopy has been expanded and reorganised, as well as 
the sections on electro-chemical kinetics and photochemical kinetics. 
There are chapters and questions, 327 new problems (for a total of 750), 
more worked out examples, and SI units used throughout, 


:RECOMBINANT DNA TECHNIQUES 
An Introduction 


Raymond L. Rodriguez and Robert C. Tait 1985 
85015- 62-7 Rs.295.00 


T j This introductory student manual teaches concepts and techniques involved 

s in mbinant DNA research using relatively simple equipment and 

~ reai s. Organisms necessary for the experiments are exempt from 

` NIH guidelines on recombinant DNA. The manual should be useful not 

only for laboratory instruction but also as a source book for research 
Scientists. eg A 
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